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The  f oUowing  Papers  were  read : — 


I.  **A  Magnetic  Survey  of  the  Fortieth  Parallel  in  North 
America  between  the  Atlantic  Ocean  and  the  Great  Salt 
Lake,  Utah/'  By  T,  E,  Thorpe,  Ph.D^  F.R.S.,  Professor  of 
Chemistry,  Yorkshire  College,  Leeds.  Received  March  25, 
1879. 

(Abstract.) 

This  communication  contains  the  results  of  a  series  of  observations 
of  the  three  magnetic  elements — dip,  intensity,  and  declination — made 
TOL.  XXIX.  B  , 
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along  the  40th  parallel  in  North  America  between  the  Atlantic  Ocean 
and  Salt  Lake  City.  Magnetic  observations  have  been  made,  with 
more  or  less  assiduity,  at  different  places  in  the  eastern  States  for 
many  years  past ;  bnt  of  the  immense  tract  of  country  lying  between 
the  Mississippi  and  the  Pacific  Ocean  there  is  only  a  single  determina- 
tion of  one  of  the  three  elements  indicated  on  Sir  Edward  Sabine'R 
maps,  viz.,  a  determination  of  declination  at  Salt  Lake  City.  A  series 
of  observations  was  made  some  years  since  by  United  States'  officers 
along  the  Mexican  frontier,  and  a  similar  .series  was  carried  ont  by 
the  English  and  American  officers  employed  on  the  North  American 
Boundary  Commission.  The  present  set  of  observations  was  made, 
therefore,  along  the  district  which  lies  midway  between  the  line  of 
observations  already  run  along  the  northern  and  southern  boundaries 
of  the  United  States'  territory. 

The  instruments  employed  formed  part  of  the  admirable  magnetic 
equipment  belonging  to  Owens  College,  Manchester,  and  were  kindly 
placed  at  the  disposal  of  the  author  by  the  Council  of  the  College.  At 
the  commencement  and  end  of  the  survey  a  complete  series  of  observa- 
tions was  made  at  Kew,  which  was  adopted  as  a  base  station ;  and  a 
similar  set  was  made  at  Washington  in  the  magnetic  observatory  be- 
longing to  Mr.  Charles  A.  Schott,  of  the  United  States'  Coast  Survey 
Department,  with  a  view  of  obtaining  an  independent  check  on  the 
indications  of  the  instruments.  The  author  learned  from  Mr.  Schott 
that  the  Coast  Survey  Department  is  gradually  accumulating  data  for  a 
discussion  of  the  magnetic  history  of  the  American  continent.  It  has 
already  published  a  map  of  declination  for  1870,  from  which  it  is 
evident  that  much  has  been  done  in  the  determination  of  this  par- 
ticular element  since  the  date  of  Sir  E.  Sabine's  memoirs,  more 
especially  along  the  Pacific  slope,  and  in  the  regions  to  the  west  and 
south-west  of  the  Great  Salt  Lake.  As  yet,  however,  no  observations 
have  been  published  relating  to  any  of  the  districts  west  of  the  Missis- 
sippi visited  by  the  author. 


II.  "  On  certain  Definite  Integrals  occurring  in  Spherical  Har- 
monic Analysis,  and  on  the  Expansion  in  Series  of  the 
Potentials  of  the  Ellipsoid  and  of  the  Ellipse."  By  W.  D. 
NiVEN,  M.A.,  Fellow  of  Trinity  College,  Cambridge.  Com- 
mimicated  by  J.  W.  L.  Glaisher,  M.A.,  F.R.S.  Received 
April  3,  1879. 

(Abstract.) 

1.  The  object  of  this  paper  is  to  explain  a  general  method  of  cal- 
culating a  class  of  integrals  connected  with  the  expansion  of  functions 
in  spherical  harmonic  series. 
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The  basis  of  tlie  metliod  is  expressed  by  tbe  evalaation   of  the 

integral 


li' 


taken  over  the  surface  of  a  sphere  of  radins  R,  whose  centre  is  the 
origin  of  co-ordinates.     This  is  easily  shown  to  be 

Hence  it  follows  that,  if  V  be  any  function  which  can  bs  expressed 
symbolically  in  the  form 


,d  .d  ,d 


where  the  differential   coefficients   of  V   belong    to   the  origin,  and 
(aj,  y,  z)  is  any  point  within  the  sphere,  then 

JJ  o2i'\-l^\dx    dy     dzJ  ^  ^ 

If  we  next  consider  a  circle  in  the  plane  of  a?,  y,  whose  centre  is  the 
origin,  and  whose  radius  is  R,  we  find,  in  like  manner, 

taken  round  the  perimeter,  equal  to 

27rR2-^LL(^+^Vo (2). 

^2H\i\dx    dy/  ^  ^ 

The  theorems  (1)  and  (2)  are  applied  in  a  variety  of  cases,  of  which 
we  will  quote  two  results : — 

Let  P»  (fi)  be  the  zonal  harmonic  of  the  nth  degree,  having  its  pole 
in  the  axis  of  z,  and  let  m  and  n  be  integers,  then 

2wH-2n  +  l!       m—nln\nl 


(1)   iT(i-^»)»F»ds=(-i>^   ,^  .  ^  .-"^"'"".'"TT'^B'^ 


provided  m  be  not  less  than  n.   In  all  other  cases  the  integral  vanishes, 
tbe  cases  where  the  harmonic  is  of  odd  degree  included. 


(2)     n(l-/)«-*P2„^S= 


r\      ^      /     i\«         2m!2n!2w!2n— 2?/i!         o-ioi 
(a)  n>m,  (-1)  22...n^-H^,n-m!m!m!n!;n^"^^- 

/o\      ^       f     i\M  21711 2m\  2n\  m—n\  ^  o^. 
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In  the  "  Proceedings  of  the  Rojal  Society,"  vol.  xxvii,  pp.  63 — 71, 
Professor  J.  G.  Adams  has  found  the  valne  of  the  integral 


w 


P^?^P,4S. 

Mr.  Ferrers  had  also  independently  succeeded  in  the  eyalnation, 
and  had  published  the  result  in  his  **  Treatise  on  Spherical  Harmonics." 
In  the  paper  of  which  this  is  an  abstract,  the  same  integral  is  dis- 
cussed, and  an  attempt  is  made  to  extend  the  result  to  the  cases  of  three 
tesseral  harmonics,  and  of  four  zonals  with  coincident  poles,  but  with 
only  partial  success. 

2.  K  we  seek  to  apply  the  same  methods  to  ellipsoids  and  ellipses, 
we  find  that 


w 


VixiS, 


taken  over  the  surface  of  the  ellipsoid  of  semi-axes  a,  6,  c,  where  p  is 
the  perpendicular  from  the  centre  upon  ciS,  is  equal  to 


_  .    dx        dy        dz) 
4Ta6c2 g^pn '^^ 


and  that 


I 


]      \    daj        dy        dz) 


^  o2^^-3  2i+l! 

As  a  particular  case,  let  us  consider  Y  as  the  potential  due  to  unit 
matter  at  the  point  (/,  g,  h)  outside  of  the  ellipsoid.     Then,  since 

and  therefore 

d    1 ^_d    1 
~dx  PQ        (if  PQ' 

dx  PQ        df  PQ'        ' 

it  follows  that  we  may  take  x,  y,  z,  zero  before  differentiation,  and 
write  the  two  results : — 


i{E^^^ahcki'''%'-''Vh)  1 


<^^/  1  /ox 

PQ  •  2i+T!  Vf^+g'  +  h^ ^  ^ 

a  relation  giving  the  potential   of  an  ordinary  ellipsoidal   shell    in 
spherical  harmonics ; 
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[[[dx^dz^^:^    3     V   df^    dg       dh)  1 

JJJ     PQ  o2»+3  2i+ll  /^q:^l^'---W 

where  M  is  the  mass  of  the  ellipsoid.  Equation  (4)  gives  the  har- 
monic expansion  of  a  solid  ellipsoid  of  unit  density ;  and  it  will  be 
observed  that,  in  that  form,  it  gives  a  very  simple  proof  of  Maclanrin's 
theorem,  since  the  operator 

is  unaffected  by  the  addition  of  the  terms 


•i 


df     dg     dh) 


By  means  of  (4)  it  is  easy  to  find  what  Thomson  and  Tait  have 
called  the  exhanstion  of  potential  energy,  due  to  the  mntnal  action  of 
two  solid  ellipsoids,  and  then  by  spherical  harmonic  analysis,  to  deter* 
mine  approximately  the  nature  of  the  forces  acting  between  them. 

Pursuing  the  same  method,  we  next  find  that  the  potential  at  an 
outside  point  (/,  g,  h)  due  to  an  ellipse  of  density  1,  with  its  axes 
2a,  26,  in  the  axes  of  co-ordinates  cb,  y,  is 


i40 


2wabl^Jl  ..  .^^; 


2«+^t!M!^/jfM7+^ ^^^' 

From  (5)  it  is  easy  to  pass  to  the  potential  of  a  magnetic  pole 
^^  ff  gy  K  <^^o  to  ^uiit  current  circulating  in  the  boundary  of  the 
ellipse,  and  thence  to  the  expansion  in  harmonics  for  the  mutual 
potential  energy  of  the  currents  in  two  elliptic  circuits  in  any  positions. 
Eesnlts  similar  to  (4)  and  (5)  can  also  be  easUy  found  for  solid 
parallelopipeds  and  for  rectangular  circuits. 

The  series  here  found  cease  to  be  convergent  within  certain  regions 
including  the  origin.  The  expansion  of  the  potential  in  those  regions 
must  be  found  by  an  independent  investigation. 

It  may  be  remarked  that  the  harmonics  in  the  form  of  differential 
coeflicients,  given  in  (8),  (4),  and  (5),  may  easily  be  expressed  in 
terms  of  the  corresponding  surface  harmonics,  according  to  the  follow- 
ing theorem : — 

Let  r  be  the  radius  vector  from  the  origin  O  to  any  point  P,  and  let 

/i — ,  — ,  _  \  be  any  homogeneous  operator  of  the  ith  degree  operating 
upon  the  reciprocal  of  r,  then 
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where  Q*  is  the  biaxal  harmonic  of  the  ith  degree,  whose  pole  is  in  OP, 
and  which  maj  therefore  be  expressed  in  the  nsnal  way,  according  to 
Laplace's  addition  formula.  The  differentiations  are  then  easily 
performed. 


III.  "  On  the  Origin  of  the  Parallel  Roads  of  Lochaber,  and  their 
bearing  on  other  Phenomena  of  the  Glacial  Period."  By 
Joseph  Prestwich,  M.A.,  F.R.S.,  F.G.S.,  &c.,  Professor  of 
Geology  in  the  University  of  Oxford.  Received  March  27, 
1879. 

(Abstract.) 

Of  the  various  hypotheses  that  have  been  brought  forward  since  the 
time  of  Maccnlloch  and  Dick-Lander  to  account  for  the  origin  of  the 
Parallel  Roads  of  Glen  Roy,  the  one  so  ably  propounded  by 
Mr.  Jamieson,  in  1863,  has  been  most  generally  received  and  adopted. 
It  is  a  modification  of  the  views  originally  expressed  by  Agassiz,  to 
the  efEect  that  l^e  barriers  of  the  lakes, — ^to  the  shore  action  of  which 
both  the  above-named  geologists  attributed  the  *'  roads/*  but  were  at 
a  loss  to  account  both  for  the  formation  and  removal  of  barriers, — 
had  been  formed  during  the  glacial  period  by  glaciers  issuing  from 
Glen  Treig  and  Glen  Arkaig,  supplemented  by  others  from  Ben  Nevis. 
The  subsequent  determination,  by  the  Scotch  geologists,  of  an  inter- 
mediate  milder  period  succeeded  by  a  second  cold  period,  led 
Mr.  Jamieson,  with  whom  the  preglacial  and  glacial  deposits  of 
Scotland  had  been  a  subject  of  especial  investigation,  to  conclude  that 
the  extension  of  these  two  glaciers  took  place  during  the  second  cold 
period,  which  he  thinks  was  of  little  less  intensity  than  the  first,  and 
that,  while  the  glacier  from  Olen  Arkaig  blocked  up  Glen  Qluoy,  the 
glacier  from  Glen  Treig  formed  a  barrier  to  Glen  Roy.  He  observes, 
*'  Grant,  then,  these  two  ice-streams,  one  in  the  Great  Caledonian 
Valley  and  the  other  at  Glen  Treig,  and  the  problem  of  the  Parallel 
Roads  can  be  solved,  provided  we  allow  that  glaciers  have  the  power 
to  dam  such  deep  bodies  of  water  as  must  have  occupied  Glen  Glnoy 
and  Glen  Roy.'* 

Mr.  Jamieson,  in  support  of  this  view,  adduces  the  extensive  glacia- 
tion  apparent  at  the  entrance  both  of  Glen  Arkaig  and  of  Glen  Treig, 
and  shows  that  near  the  entrance  of  Glen  Gluoy  there  are  ice  striae, 
pointing  W.  5°  N.,  or  in  the  direction  that  a  glacier  coming  from  Glen 
Arkaig  would  take,  and  that,  in  the  Spean  Valley,  opposite  Glen 
Treig,  the  ice  striae  are  transverse  to  the  valley,  or  in  the  direction  of 
the  axis  of  Loch  Treig,  while  on  either  side  they  point  respectively  np 
and  down   Glen  Spean.     He  infers,  consequently,  that  the  central 
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portion  of  the  glacier  ascended  the  opposite  hill  to  the  Col  of  Glen 
Giaster,  while  anoilier  portion  passed  down  the  valley  blocking  Glen 
Boj,  and  a  third  portion  travelled  np  the  valley  eastward  to  the  Pass 
of  Makonl,  and  thence  into  the  valley  of  the  Spey. 

The  ** roads*' were,  he  considers,  formed  by  long-continaed  shore 
action  at  each  snccessive  level  of  the  lake,  that  level  being  determined 
by  the  height  of  the  cols  over  which  the  lake  waters  escaped.  In 
proof  of  the  long  duration  of  the  lakes,  Mr.  Jamieson  refers  to  the 
dimensions  of  the  "  roads,"  and  the  large  size  of  the  moands  at  the 
junction  of  Glen  Turret  and  Glen  Roy,  and  of  that  at  the  entrance  of 
the  Gnlban  in  Glen  Spean,  which  mounds  he  considers  to  be  deltas 
formed  by  the  respective  streams  flowing  into  the  old  lakes. 

To  these  views  it  has  been  objected,  by  Mr.  Milne-Home  and  others, 
that  it  is  difficult  to  conceive  the  glens  to  the  north  of  the  Spean 
Valley  to  have  been  filled  with  water  while  at  the  same  time  those  on 
the  south  were  filled  with  ice,  and  he  advocates  a  detrital  barrier 
formed  of  clay,  sand,  and  gravel,  by  marine  origin,  when  the  sea  stood 
some  3,000  feet  higher  than  at  present.  There  is,  however,  a  want  of 
evidence  of  marine  action,  and  it  is  difficult  to  imagine  that  beds 
of  loose  clay,  sand,  and  gravel,  formed  in  this  way,  could  be  water- 
tight, while  there  is  a  further  difficulty  in  accounting  for  the  origin  of 
the  materials  and  the  subsequent  removal  of  such  vast  barriers. 

Professor  Nicol,  also,  has  pointed  out  that,  had  lakes  existed  in  Glen 
Gluoy,  Glen  Boy,  and  Glen  Spean  for  the  length  of  time  required  to 
form  the  "  roads"  by  erosion,  and  to  accumulate  the  deltas,  the  cols  by 
which  their  surplus  waters  escaped  during  those  periods  must  have 
cut  a  channel  in  the  rocks  in  the  same  way  that  the  rivers  (which  now 
represent  the  same  drainage,  or  probably  less)  have  since  excavated 
their  channels  in  the  present  vsdleys ;  whereas,  although  there  are 
indicaticHis  of  water-wear  in  the  passes,  nothing  like  a  defined  river 
channel  exists.  Professor  Nicol  has  attempted  to  explain  the  facts 
on  the  theory  of  the  *'  roads  "  being  sea  beaches.  But  the  absence  of 
corresponding  beaches  outside  those  glens — the  limitation  of  the 
highest  "  road  "  to  Glen  Gluoy — and  of  the  second  and  third  to  Glen 
Roy,  and  the  want  of  corroboratiou  by  marine  remains  in  any  of  the 
various  drift  beds,  renders  the  marine  hypothesis  inadmissible. 

Sir  John  Lubbock,  looking  at  the  form  of  the  "  roads  "  which  has 
been  described  by  Macculloch  as  parallel  layers  applied  in  succession 
to  the  sides  of  the  hills,  contends  that  such  a  form  is  incompatible 
either  with  the  heaping  up  of  materials  on  a  shore  line,  or  with  their 
removal  by  erosion,  as  in  the  one  case  a  notch  and  in  the  other  a  pro- 
jecting ledge  in  the  hill  side  would  be  formed,  whereas,  with  one 
exception  of  a  superior  talus  pointed  out  by  Macculloch,  no  such 
structure  exists.  Sir  John  points  out  that  a  parallelism  between  the 
slopes  may,  however,  have  been  formed  by  wavelet  action,  in  con- 
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seqnence  of  the  detrital  matter  taking,  as  it  sacoesBivelj  f ell  and^ 
removed,  the  same  angle  of  repose  as  that  which  the  detrital  slopes 
originally  had,  that  angle  being  the  same  in  water  as  in  air.  But  the 
angle  of  the  slopes  varies  from  25°  to  35°,  whereas,  the  angle  of  repose 
of  such  loose  materials  as  would  fsMi  down  the  slopes  is  as  high  as 
88°  to  40°. 

Besides  these  objections  to  Mr.  Jamieson's  hypothesis,  which  the 
anthor  considers  valid,  he  points  ont  the  difficulty  of  conceiving  that 
the  Arkaig  glacier,  which  was  fed  by  mountains  not  more  than  2,000 
or  3,240  feet  high,  and  had  to  travel,  not  down  a  steep  gradient,  but 
along  a  level  lake  basin  12  miles  long,  then  to  traverse  Loch  Loohy, 
457  feet  deep,  could  have  ascended  the  hills  at  the  entrance  of  Olen 
Oluoy  to  a  height  of  not  less  than  1,200  feet,  while  at  the  same  time  a 
pass  existed  at  the  head  of  the  glen  only  500  feet  high,  which  presented 
a  ready  outlet  to  the  west  coast.  Or,  if  prevented  from  taking  that 
course,  why  should  not  the  Arkaig  glacier,  when  it  issued  into  the 
Qreat  Glen,  have  taken  the  line  of  least  resistance  and  passed  either  up 
or  down  the  Great  Glen,  where  the  gradients  are  so  small  ? 

It  is  a  question  also  whether  active  glaciers  such  as  Mr.  Jamieflon 
requires,  could  have  formed  permanent  dams  to  the  large  bodies  of 
water  pent  up  in  Glen  Gluoy  and  Glen  Roy.  Glacier  lakes  are 
occasioiially  formed  in  the  Alps,  as  in  the  instance  of  the  Margelen 
See,  by  glaciers  when  below  the  snow  line,  passing  lateral  glens  whose 
streams  they  dam  back,  but  they  are  much  more  common  in  the 
Himalayas.  These  lakes,  however,  never  last  many  seasons.  The 
glacier  is  constantly  on  the  move,  and  so  long  as  it  presents  an 
unbroken  front  to  the  lake,  so  long  is  the  barrier  efficient,  but  when 
in  the  progress  of  the  glacier  a  fissured  mass  of  ice  comes  forward, 
the  water  at  once  escapes  with  greater  or  lesser  rapidity,  and  cannot 
again  accumulate  until  the  defective  ice  has  travelled  past  or  the 
leak  is  repaired  by  winter  frosts. 

In  the  known  recent  instances  of  such  glacier  lakes,  they  are  so 
small  compared  to  the  great  mass  of  the  glaciers,  that  the  latter  are 
not  affected  by  the  escape  of  the  lakes— the  fissures  only  are 
enlarged ;  but  with  the  great  size  of  the  Glen  Boy  and  Glen  Spean 
lakes,  and  the  enormous  pressure  exercised  by  columns  of  water  500 
to  800  feet  deep,  would  the  preservation  of  the  barriers  and  the 
restoration  of  the  lake  be  possible  ? 

Equally  difficult  is  it  to  imagine  the  existence  of  such  vast  glaciers 
as  those  of  Glen  Arkaig  and  Glen  Treig,  while  the  opposite  glens  of 
the  Gluoy  and  Roy  remained  free  from  ice.  For  the  hills  aronnd 
Glen  Arkaig  are  but  Httle  higher  than  those  around  Glen  Gluoy,  and 
not  so  high  as  those  around  Glen  Roy ;  those  to  the  eastward  of  the 
latter  valley  are  in  fact  nearly  equal  in  height  to  the  range  on  the 
south  of  the  Spean  with  the  single  exception  of  Ben  Nevis  and  the 
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adjiioent  Ben  Aonadu  The  difEerenoe  is  too  slight  to  allow  of  so  gp?eat 
a  Tariation  in  the  leyel  of  the  snow  line,  and  the  cause  suggested  by 
Mr.  Jamieson,  viz.,  a  great  difference  in  the  rainfall  such  as  it  now 
obtains  in  this  district,  can  scarcely  be  maintained,  for  although  the 
annual  fall  at  Fort  William  is  86  inches,  and  at  Laggan  46  inches,  the 
rainfall  at  Boy  Bridge  has  now  been  found  to  be  as  much  as  62  inches. 
Further,  for  the  argument  to  be  of  any  value,  it  should  be  shown  that 
in  the  country  further  eastward  where  the  rainfall  is  much  less,  there 
was  the  like  absence  of  glaciers  during  the  second  period,  whereas 
Chambers  and  other  geolog^ts,  including  Mr.  Jamieson  himself,  have 
shown  that  during  that  period  local  glaciers  descended  from  eveiy 
mountain  range,  approaching  or  exceeding  3,000  feet  in  height — a 
height  attained  as  already  remarked  by  the  hills  to  the  north  as  well 
as  by  those  to  the  south  of  the  Spean. 

With  respect  to  the  so-called  "  deltas  "  of  the  Turret  in  Glen  Boy, 
and  of  the  Gulban  in  Glen  Spean,  which  are  supposed  to  have  accumu- 
lated during  the  long  time  that  the  lakes  filled  the  valleys,  the  author 
shows  that  the  structure  of  the  former  is  not  in  accordance  with  the 
bedded  structure  of  deltas,  but  on  the  contrary  that  it  is  formed  of 
unstratified  moraine  debrU  50  to  80  feet  thick,  with  a  thin  coating  of 
gravel  water- worn  and  reconstructed  from  the  underlying  mass,  and 
that  the  angle  of  terminal  slope  is  not  that  of  original  deposition,  but 
is  dne  to  wearing  back  of  the  terrace  by  the  Boy,  and  the  fall  of  the 
debris  by  weathering. 

The  forf^oing  are  the  objections  raised  by  the  author  to  the  hypo- 
thesis of  Mr.  Jamieson,  but  while  objecting  to  this  exposition  of  the 
glacial  theory,  he  considers  that  that  theory  affords  the  most  satis- 
&ctory  solution  of  the  problem,  only  that  he  would  suggest  a  different 
interpretation  in  explanation  of  the  phenomena,  the  description  of 
which  he  does  not  think  it  necessary  to  repeat. 

Views  of  the  Author, 

Dismissing  the  hypothesis  of  local  glaciers  of  the  second  period  of 
glaciation,  the  author  falls  back  upon  the  original  idea  of  Agassufi  with 
the  development  acquired  by  more  recent  research,  and  assigns  the 
Lochaber  lakes  to  the  close  of  the  first  period  of  great  glaciation.  He 
considers  the  phenomena  are  due  to  the  peculiar  physiographical  con- 
ditions of  the  district,  and  shows  that  owing  to  the  configuration  of 
the  country,  the  drainage  of  the  Ben  Nevis  range  instead  of  flowing  off 
from  the  centre  to  two  or  more  sides,  is  all  diverted  northward  into 
the  lower  part  of  the  Spean  Valley  and  the  Great  Glen  near  Fort 
William.  These  conditions  which  now  g^ve  this  area  an  excess  of 
water  drainage,  must  in  the  like  manner,  during  the  glacial  period, 
have  there  led  to  an  exoeptional  accumulation  of  ice. 
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The  observations  of  MacLaren,  Chambers,  Milne-Home,  Jamieson, 
James  Geikie  and  others,  sufficiently  prove  the  great  thickness  of  the 
ice  covering  in  this  part  of  Scotland  during  the  first  period  of  intense 
glaciation.  On  the  flanks  of  the  Ben  Nevis  range,  glacial  strisd  extend 
to  a  height  of  more  than  2,000  feet,  while  on  the  hills  facing  this 
range,  and  on  the  opposite  side  of  the  Spean  Valley,  snch  strias  have 
been  traced  to  nearly  the  same  height,  as  for  example  to  nearly  the 
summit  of  Craig  Dhn  near  the  entrance  of  Glen  Boy,  and  on  the  hills 
above  the  Rough  Burn  by  Mr.  Milne-Home  to  a  height  of  1,600  feet. 
Everywhere,  the  rocks  in  the  lower  parts  of  Glen  Spean  are  intensely 
glaciated,  as  are  also  those  at  the  head  of  Glen  Boy  and  around  the 
Cols  of  Glen  Glaster  and  Makoul.  At  the  same  time,  the  erratic 
blocks  with  those  beds  of  sand  and  gravel  of  foreign  origin  which  have 
been  found  widely  distributed  over  the  hills  around  Xxlen  Boy  to 
heights  of  from  800  to  2,100  feet,  afford  confirmatory  testimony  of 
the  depth  of  the  land  ice  which  then  covered  the  country.  There  can 
be  little  doubt  therefore  of  the  vast  extent  and  general  spread  of  the 
ice-sheet  at  the  first  period  of  glaciation. 

With  the  incoming  of  this  glacial  period,  local  glaciers  must  have 
descended  from  every  mountain  range,  and  so  long  as  the  glacier  of 
one  steep  glen  became  confluent  with  another  of  the  same  chain  flow- 
ing in  the  same  general  direction,  so  long  would  their  oourse  be 
uninterrupted,  and  the  propelling  and  abrading  force  maintained,  as 
in  the  Alps  at  the  present  day ;  but  when,  emerging  from  these  glens 
into  valleys  of  small  gradients  dividing  the  several  mountain  chains, 
they  met  with  glaciers  descending  from  these  other  ranges,  their  pro- 
gress was  not  only  subject  to  be  checked,  and  their  forces  neutralised, 
but  their  course  diverted,  for  if  the  lines  of  natural  drainage 
were  barred,  the  ice  took  those  of  least  resistance,  although  such 
might  be  up-hill  and  against  the  lines  of  drainage.  This,  however, 
could  not  be  effected  without  excessive  pressure  and  heaping  up  of 
the  ice  at  the  points  of  junction. 

These  interferences  must  have  been  especially  frequent  in  the  valley 
of  the  Spean.  On  the  one  side,  the  glaciers  descending  the  steep 
ravines  of  Lang  Leachach,  the  Cour  and  others  on  the  northern 
flank  of  the  Ben  Nevis  range,  issued  into  Glen  Spean  and  projected 
across  it  to  the  Glen  Boy  hills  opposite.  Below  to  the  west,  the  great 
Nevis  Glen  glacier  emerged  into  the  valley  of  the  Lochy,  while 
above  to  the  east  the  great  glacier  from  Glen  Treig  turned  down 
Glen  Spean,  but,  meeting  with  the  aforesaid  group  of  glaciers  from 
Ben  Nevis,  was  partly  diverted  over  the  flanks  of  Craig  Dhu,  and 
upon  the  entrance  to  Glen  Boy. 

While  the  glaciers  from  this  system  of  mountains  were  becoming 
confluent  in  and  filling  Glen  Spean,  those  from  the  opposite  range 
of    hills    were    descending   Glen  Boy,    Glen    Feitheil,  the    Bough 
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Bnm,  and  the  other  ravines  of  that  chain,  and  coming  into  collision 
with  those  of  the  Ben  Nevis  range.  In  the  same  way,  the  valley  of 
Loch  Eil,  Glen  Nevis,  Glen  Mhnilinn,  Glen  Loy,  and  others  were 
focussing  their  glaciers  npon  the  end  of  the  Great  Glen  north  of  Ben 
Nevis,  barring  in  that  direction  the  passage  of  the  ice  dovfrn  Glen 
Spean,  and  diverting  it  northward  towards  Loch  Lochy  and  Loch 
Oich. 

The  ice  therefore  descending  Glen  Spean,  in  consequence  of  these 
obstractions,  accomalated  in  mass  in  the  lower  part  of  that  valley 
opposite  Glen  Boy,  nntil  overcoming  farther  resistance  and  confluent 
with  the  Ben  Nevis  glaciers  it  wheeled  ronnd  into  the  Great  Glen  at 
Loch  Lochy,  where  the  united  stream  found  not  only  a  more  con- 
tracted passage,  but  met  also  at  right  angles  the  glacier  issuing  from 
Glen  Arkaig,  by  which  it  was  forced  against  and  up  the  entrance  to 
Glen  Gluoy  opposite. 

This  direction  of  the  flow  is  in  accordance  with  ice  stri»  noticed  by 
Mr.  Jamieson  on  l^e  flank  of  Strone-y-Yaa,  and  by  Mr.  J.  Campbell, 
of  Islay,  to  the  west  of  Spean  Bridge ;  but  it  is  not  so  readily  recon- 
cileable  with  those  at  the  entrance  of  Glen  Gluoy.  It  may  be  a 
question,  however,  whether  the  strise,  in  the  Spean  Valley,  facing  and 
flanking  the  entrance  to  Glen  Treig,  are  all  to  be  interpreted  in  the 
way  suggested  by  Mr.  Jamieson.  There  is  no  doubt  from  the  direction 
of  the  striffi,  and  the  position  of  the  transported  boulders,  that  the 
mass  of  the  Treig  glacier  struck  across  the  valley  of  the  Spean,  and 
turned  down  its  channel  westward ;  but  that  a  part  ascended  to  the 
Col  of  Glen  Glaster,  and  another  passed  up  the  Spean  Valley  is 
doubtful.  It  is  more  probable  that  this  glacier  after  traversing  Strath 
Spean,  met  with  glaciers  coming  down  Glen  Feitheil  and  the  Bough 
Bum,  which  caused  it  \o  turn  down  the  Spean  Valley,  while  it  barred 
the  passage  of  these  other  glaciers  and  diverted  them  up  the  valley 
in  the  direction  of  Loch  Laggan  and  over  the  Pass  of  Makoxd.  The 
direction  of  the  striae  observed  by  the  author  between  the  Rough  Bum 
and  Moy,  points,  he  considers,  to  ice  coming  down  from  the  hills  on 
the  north  and  joining  the  main  east  stream. 

The  effects  of  these  great  conflicting  ice  streams  were  not  confined 
to  the  piling  up  and  accumxdation  of  the  ice  only.  Although  glaciers 
confined  by  the  walls  of  narrow  glens,  and  descending  steep  slopes 
ezeitnse  great  abrading  power,  the  observations  of  Charpentier  and 
others  show  that  when  they  emerge  into  broader  and  flatter  valleys,  they 
may  pass  over  beds  of  loose  detritus  without  disturbance  except  that  of 
pressure.  The  terminal  moraines  of  the  many  glaciers  emerging  into 
Glen  Spean  may,  according  to  the  varying  conditions  of  the  ice,  have 
been  pushed  forward  or  rolled  over  by  the  ice,  while  the  meeting  of 
conflicting  glaciers  must  have  led  to  the  deposition  and  heaping  up  of 
the  gkcial  ddhrU  at  the  points  of  junction.     The  many  checks  and 
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blocks  that  must  have  occurred  during  the  growth  of  the  great  ice- 
sheei^the  neutralisation  of  the  ice-force  in  one  place,  and  the 
centralisation  of  it  in  others — will  ser^e  to  explain  much  that  is 
peculiar  in  the  distribution  of  this  sub-glacial  dihris  or  Till,  not  only 
in  Lochaber,  but  in  other  parts  of  the  country,  and  at  all  levels. 

The  author  then  points  out  the  many  mounds  and  terraces  in  the 
Spean  Valley  formed  of  moraine  detritus,  though  since  levelled  and 
often  masked  by  a  covering  of  gravel  due  to  subsequent  water  action. 
To  this  cause  also  he  attributes  the  large  accumulation  of  cUbris  at  the 
entrance  to  Glen  Roy,  between  Bohuntine  and  Glen  Glaster,  where  he 
shows  it  to  be  in  places  200  to  300  feet  deep,  and  to  consist  of  a  light 
gi-ey  argillaceous  unstratified  matrix  with  angular  fragments  of  the  local 
rocks  capped  by  stratified  gravel.  The  mass  rises  nearly  to  the  level 
of  the  lower  parallel  road.  Mr.  Milne-Home  has  pointed  out  a  similar 
deposit  at  the  entrance  to  Glen  Collarig,  while  the  large  mass  at  the 
entrance  of  Glen  Spean,  and  now  forming  Unachan  Hill,  rising  to  a 
height  of  613  feet,  has  been  often  described.  The  importance  of  these 
great  deposits  in  the  position  occupied  by  the  main  ice  barriers  cannot 
be  overlooked,  for  though  river  action  and  denudation  has  removed 
much  of  them,  the  portions  which  remain  show  how  materially  they 
may  have  contributed  with  the  ice  in  forming  the  great  lake  barriers. 

The  next  question  discussed  is  the  height  of  the  land  in  relation  to 
the  sea  at  the  period  of  the  great  glaciation,  as  it  is  not  possible  to 
suppose  that  with  the  great  changes  of  level  which  took  place  sub- 
sequently, there  is  now  a  return  to  the  stcUus  quo  ante  of  the  earlier 
period;  and  the  author  sees  reason  to  conclude  that  the  land  then 
stood  at  not  lees  than  from  1,000  to  1,500  feet  higher  than  at  present^ 
so  that  the  Irish  Channel  was  then  above  the  sea  level,  and  land 
extended  a  considerable  distance  westward  from  the  present  coast  of 
Scotland. 

This  was  followed  by  a  submergence  of  not  less  than  1,200  to 
1,500  feet  in  central  and  northern  England,  Wales,  and  Ireland,  and 
of  600  feet  in  the  southern  part  of  Scotland,  as  proved  by  the  occur- 
rence of  marine  shells  at  those  heights.  There  is  no  similar  evidence, 
however,  to  show  that  it  was  more  than  300  feet  in  Aberdeenshire,  or 
175  feet  ofiE  the  north-west  coast.  Still,  it  is  not  to  be  concluded  on 
negative  evidence  alone  of  the  absence  of  marine  shells  that  the  sea 
reached  no  higher  over  the  north  of  Scotland.  Assuming  there  at  all 
events  a  submergence  of  4iOO  to  500  feet  below  the  present  level,  this, 
added  to  the  previous  el  )vation  of  1,000  to  1,500  feet,  would  establish 
a  difference  of  1,500  to  2,000  feet  between  the  period  of  great  glacia- 
tion and  the  succeeding  period  of  submergence. 

This  difference  of  level  would  produce  a  twofold  effect  upon  the 
climate — the  one  resulting  from  altitude  which  would  be  equal  to  a 
rise  in  the  mean  temperature  of  from  4°  to  6°  F.,  and  that  caused  by 
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the  conversion  of  a  continental  area  into  an  arcbipelago,  for  then  in 
conseqnence  of  the  submergence,  the  Highlands  of  Scotland  became 
surrounded  bj  an  open  sea  with  onlj  the  higher  peaks  of  England, 
Wales,  and  Ireland  above  the  waters,  and  the  warm  currents  of  the 
Atlantic  reached  the  foot  of  the  Scottish  mountains.  The  effects  of 
the  two  causes  could  not  be  less  than  from  12*  to  16**  F.,  which  is 
about  equivalent  to  the  difference  of  climate  between  Paris  and  St. 
Petersburg.  There  is  also  to  be  taken  into  account  the  probable 
increase  of  heat  consequent  on  the  gp*adual  diminution  of  those  con- 
ditions, whatever  they  were,  to  which  was  owing  the  cold  of  the  glacial 
period. 

The  effect  of  those  clumges  was  to  produce  a  thaw  which  gradually 
led  to  the  destruction  of  the  great  ice-sheet,  though  subsequently  other 
changes  brought  for  a  time  a  return  of  cold  sufficient  to  maintain  local 
glaciers  in  the  higher  mountain  ranges.  The  conditions  under  which 
the  ice-sheet  would  be  placed  during  this  period  would  be  similar  to 
that  of  glaciers  where  they  extend  below  the  snow  line.  In  Europe 
the  glacier  gradients  are  usually  so  steep  and  the  ice  is  so  fissured,  that 
even  in  such  positions  water  rarely  lodges  on  the  sur^e  ;  still  it  does 
at  some  places  giv^e  rise  to  small  pools  and  streams,  but  in  the  Hima- 
layas, where  glaciers  descend  into  wide  valleys  with  small  gradients, 
and  the  summer  heat  is  considerable,  the  glaciers  oflen  become 
covered  with  tarns  and  small  lakes.  They  have  been  nojticed  by 
Sir  J.  D.  Hooker  and  more  lately  by  Colonel  Gk)dw  in- Austen,  who 
describes  in  the  middle  of  one  of  these  glaciers,  a  series  of  such  lakes, 
some  being  500  yards  in  length  and  200  to  300  in  breadth,  and  of 
great  depth.  As  intervening  barriers  give  way,  these  lakes  descend 
in  course  of  time  from  lower  to  lower  levels,  and  finally  escape. 

In  the  same  way  the  old  ice-sheet  must  have  become  covered  with 
pools  and  lakes,  for  owing  to  the  irregular  surface  of  the  ice,  and  the 
inevitable  absence  of  all  channels  of  drainage,  the  water  must  every- 
where have  lodged,  until  channels  were  formed,  and  a  means  of  escape 
established.  The  extent  of  these  bodies  of  water  would  depend  upon 
the  height  and  permanence  of  the  obstructions.  In  the  Lochaber 
district  they  were,  owing  to  the  causes  before  named,  of  great  size 
and  permanence,  such  as  to  form  high  harriers  at  the  entrance  to 
Glen  Roy,  Glen  Spean,  and  Glen  Gluoy,  behind  which  the  waters 
accumulated  and  rose  until  they  found  a  channel  of  escape  over  the  cols 
at  lower  levels,  when  a  permanent  water-level  would  be  established 
80  long  as  the  main  barriers  existed. 

It  is  well  known  that  the  Parallel  Roads  are  terraces  composed  of 
perfectly  angular  ^gments  of  the  local  rocks  wiih  a  few  rounded 
pebbles  both  local  and  foreign  to  the  district.  The  former  show  an 
entire  absence  of  any  prolonged  beach  wear.  The  wear  of  the  latter 
is  due  to  other  causes.     There  is  also  an  e9tire  absence  of  any  notch 
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or  cliff  line  snch  as  would  be  dae  to  the  wearing  back  of  a  shore  line, 
and  of  any  projecting  ledge  such  as  would  resnlt  from  the  throwing 
forward  of  the  shore  debris.  The  slope  of  the  hills  above  and  below 
the  "  roads  "  varies  from  25**  to  40^  and  the  inclination  with  the 
horizon  of  the  "  roads  "  themselves,  which  are  from  50  to  70  feet 
wide,  varies  within  the  limits  of  from  5®  to  30**. 

Of  the  internal  stmctare  of  the  "roads"  very  little  is  known. 
The  only  published  section  is  the  one  given  by  the  Rev.  Thomas  Brown 
in  his  paper  on  the  "  Parallel  Roads."  This  shows  a  thick  substratum 
of  about  20  feet  of  sandy  clay  with  angular  debris  and  boulders,  covered 
by  a  thick  seam  of  stratified  clay,  and  then  by  2  to  3  feet  of  clay  with 
stones.  There  is  no  appearance  in  this  section  nor  in  another  un- 
published section  of  Mr.  Brown's,  of  any  such  structure  as  would 
result  from  successive  additions  to  the  ledge  by  the  tipping  over  of 
debris  removed  from  the  shore. 

Although  therefore  the  "roads"  indicate  a  line  of  water-level, 
there  is  nothing  in  their  form  or  structure  to  show  that  they  have 
been  formed  by  the  long-continued  action  of  lake  waters  on  a  shore 
line.     To  what  then  are  they  to  be  ascribed  ? 

The  first  or  highest  "road  "  is  oonfined  to  Glen  Gluoy,  the  second 
and  third  to  Glen  Roy,  and  the  fourth  or  lowest  to  Glen  Roy  and 
Glen  Spean.  What  the  conditions  were  immediately  antecedent  to  the 
formation  of  the  first,  second,  and  fourth  road,  is  not  shown,  but  in  the 
case  of  the  third  road,  the  conditions  preceding  its  formation  are  to  be 
traced  uninterruptedly  from  the  conclusion  of  No.  2  "  Road."  When 
the  lake  stood  at  the  level  of  "Road  "  No.  2,  its  waters  escaped  by  the 
col  leading  to  Glen  Spey,  while  when  they  stood  at  the  level  of  No.  3 
"  Road,"  they  escaped  by  the  Glen  Glaster  Col.  Now  as  there  is  a 
difference  of  76  feet  between  the  height  of  the  two  cols,  it  is  evident 
that  a  barrier  must  have  existed  on  the  latter  col  during  the  time  the 
lake  stood  at  the  higher  level.  Whether  the  barrier  was  detrital  or 
ice-formed  is  immaterial  for  the  argument.  In  both  cases,  either  by 
gradnal  weathering  or  melting,  the  time  would  come  when  the  barrier 
would  be  lowered  in  some  place  to  the  level  of  the  lake. 

Now,  it  is  well  known  to  engineers  that  a  breach  once  established  in 
a  detrital  barrier  becomes  so  rapidly  enlarged  that,  if  not  at  once 
fltopped,  nothing  can  stay  the  rapid  destruction  of  the  barrier,  as,  in 
the  case  of  the  Holmfirth,  Crinan,  and  other  fioods.  Nor  is  evidence 
wanting  of  similar  catastrophes  in  connexion  with  glacier  lakes.  In  the 
notable  case  of  the  Gietroz  Glacier  barring  the  valley  of  the  Drance,  a 
lake  was  formed  which  attained  a  length  of  nearly  2  miles,  and  a 
depth  at  the  barred  end  of  200  feet.  So  rapid  was  the  discharge  when 
the  barrier  yielded  that  the  lake  was  drained  in  twenty  minutes.  The 
still  greater  flood  recorded  by  Vigne,  which  descended  a  branch  of  the 
Indus  in  one  day  for  a  distance  of  125  miles,  has  since  been  shown  by 
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Mr.  Drew  to  have  been  cansed  by  the  bursting  of  a  detrital  barrier 
formed  by  a  landslip.  In  consequence  of  this  a  lake  had  been  formed, 
which  he  estimates  to  have  been  35  miles  long  by  1  mile  broad  and 
300  feet  deep  at  its  lower  end.     The  whole  was  drained  in  a  day. 

In  the  same  way,  it  is  to  be  assumed  that  the  Glen  Glaster  barrier, 
which  was  probably  formed  by  a  remnant  of  the  glaciers  descending 
from  the  mountain  ranges  (2,994  feet)  at  the  head  of  the  glen,  at  last 
gave  way  with  great  suddenness,  and  caused  the  rapid  fall  of  the 
waters  from  the  level  of  the  higher  "road  "  in  Glen  Roy  to  that  of 
that  glen's  second  "  road,"  at  the  height  of  the  Glen  Glaster  Col,  when 
the  escape  of  the  waters  was  stopped. 

Now,  it  must  be  borne  in  mind  that,  at  this  time,  the  great  mantle 
of  snow  and  ice  which  had  so  long  covered  the  country,  was  passing 
away,  leaving  the  surface  of  the  hills  in  Glen  Roy  covered  with 
a  thick  coating  of  angular  local  debris  mixed  with  sand  and  clay,  the 
result  of  the  intense  cold  and  of  the  decomposition  of  the  underlying 
schistose  and  granitic  rocks.  This  and  the  glacial  debris  must  have 
long  remained  bare  and  unprotected  by  vegetation ;  at  all  events,  that 
below  the  water-line  was  so.  Now,  the  angle  of  repose  of  purely 
angular  and  subangular  debris  varies  within  the  limits  of  from  35^  to 
48°,  but  that  of  clayey  sands,  which  when  dry  is  from  21°  to  37°, 
becomes,  when  saturated  with  water,  as  low  as  14°  to  22°.  The  angle 
of  repose  of  the  hill-side  debris  would,  therefore,  depend  on  the  relative 
proportion  of  the  angular  materials  and  their  matrix,  and  on  the  extent 
of  saturation.  The  slopes  of  the  hills  being  on  the  whole  greater  than 
that  of  the  angle  of  repose  of  the  saturated  under- water  rubble,  this 
latter,  easily  set  in  motion  on  to  the  settlement  of  its  constituent 
parts  as  the  water  drained  from  it,  would  as  the  level  of  the  lake 
water  fell,  tend  to  slip  or  slide  down  with  the  falling  water,  and  this 
slide  would  continue  until  the  disturbing  cause  ceased,  and  the 
momentum  of  the  mass  was  checked  by  the  inertia  of  the  water* 
gradually  coming  to  rest  on  reaching  the  level  of  the  col  of  escape. 
The  eflfect  of  the  arrested  slide,  combined  with  the  state  of  maximum 
saturation  of  the  mass,  would  be  to  project  it  more  horizontally 
forward,  and  form  a  ledge.  This  ledge,  modified  slightly  by  subse- 
quent subaerial  action  and  weathering,  and  by  the  dressing  of  its  slope 
on  the  occasion  of  the  next  fall  of  the  lake,  constitutes  the  "  road." 

As  the  results  are  alike  in  the  case  of  the  other  "  roads,''  although 
the  causes  which  led  to  them  must  have  been  the  same,  there  is 
not  the  same  evidence  of  a  minor  col-barrier ;  and  it  is  shown 
that  there  is  nothing  incompatible  in  the  features  of  the  ground 
with  the  existence  of  such  barriers,  or  rather  that  there  is  some 
evidence  in  each  glen,  however  slight,  of  water  lines  at  levels  higher 
than  the  "roads."  There  are  difficulties  in  the  way  of  the  lower 
*  Eren  now  after  heavy  rains  large  slides  take  place  on  the  steeper  slopes. 
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**  road,"  No.  4,  which  extends  through  Glen  Roy  and  Glen  Spean,  that 
need  discussion,  hut  they  are  not  considered  more  serious  than  these 
which  attend  the  other  hypothesis. 

The  theoretical  inferences  of  structure  agree  fairly  well  with  the 
facts  so  far  as  they  are  known.  Mr.  Brown's  *'  clay  with  boulders 
indistinctly  stratified  with  thin  (lenticular)  layers  of  sand,"  repre- 
sents the  sHding  detrital  mass, — the  finely  stratified  sand  and  clay ; 
the  sediment  which  subsided  from  the  muddy  lake  waters  after  their 
fall ;  and  the  2  to  d  feet  of  stones  with  clay, — the  subaerial  isM  of  debris 
from  the  slopes  above.  In  the  substratum  and  overlying  sediment, 
Mr.  Brown  found  four  species  of  fresh-water  diatoms,  while  he  found 
none  in  the  upper  bed.  This  fact  serves  to  confirm  the  subaqueous 
origin  of  the  body  of  the  ledge,  while  it  tends  further  to  disprove  the 
marine  hypothesis. 

It  has  been  before  observed  that,  in  all  the  cols,  there  is  an  entire 
absence  of  f^  defined  water  channel,  such  as  would  be  worn  by  the 
long-continued  flow  of  a  river,  but  in  all  of  them  there  are  traces  of 
strong  water  action,  such  as  might  result  from  the  temporary  passage 
of  a  large  and  rapid  body  of  water. 

With  respect  to  the  main  barriers  acting  as  dams  to  Glen  Glnoy, 
Glen  Boy,  and  Glen  Spean,  they  were  due,  as  already  pointed  out,  to 
the  circumstance  of  an  accumulation  of  ice  at  these  spots  so  excessive 
and  80  high  as  to  last  long  after  the  ice  generally  in  the  lower  tracks 
had  given  way.  Not,  however,  that  any  ice  barrier  could  have  been 
permanent  for  a  great  period  of  time,  but  this  the  author's  hypothesis 
does  not  require.  In  any  case,  an  ice-barrier  in  a  state  of  rest  will 
form  a  more  effective  barrier  than  when  in  motion. 

Passing  over  the  barrier  at  the  entrance  to  Glen  Gluoy,  it  is  shown 
that  the  point  where  the  Glen  Boy  barrier  existed  is  that  where  a 
glacier  coming  down  Glen  Boy  would  meet  in  opposition  the  ice  from 
Ben  Nevis  and  the  Spean  Valley ;  and  that  this  glen  was  occupied  by 
a  glacier  is  proved  by  the  occurrence  of  glacial  strisB  on  the  rocks 
forming  the  bed  of  the  valley  near  Dalriach,  and  of  Till,  or  boulder 
clay,  lower  down  the  valley,  nearer  Achavady.  But  the  great  mass 
of  the  latter  lies  precisely  on  the  spot  where  the  Ordnance  Survey 
have  placed  the  line  of  barrier ;  it  was  there  heaped  up  by  tiie  same 
conflicting  causes  that  produced  the  barrier  of  ice.  That  it  was 
originally  larger  and  higher  is  proved  by  its  occurring  on  the  two  sides 
of  the  valley,  the  river  having  worn  a  channel  through  it,  and  by  the 
presence  upon  it  of  thick  beds  of  water- worn  and  water-strewn  gravel, 
the  materials  of  which  have  been  derived  from  the  underlying  deposit, 
and  which  was  formed,  in  all  probability,  by  the  rush  of  the  waters 
on  the  bursting  of  tiie  barrier,  for,  in  many  places,  the  gravel  is 
thrown  back  and  over,  as  though  by  downward  and  outward  pressure 
of  water  in  motion.    This  detrital  mass  extends  for  a  length  of  2  miles 
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or  more,  and  attains  at  one  point  where  the  carriage  road  crosses  it,  a 
height  of  752  feet,  that  of  the  lower  Parallel  Boad  just  above  it  being 
860  feet. 

The  great  barrier  needed  at  the  entrance  of  Glen  Spean  presents 
more  difficnltj  on  acconnt  of  the  width  and  depth  of  the  vallej.  The 
river  is  here  200  feet  above  the  sea  level,  and  the  length  of  barrier 
required,  4  miles  in  extent.  It  is,  however,  precisely  on  this  gronnd 
that  the  great  glaciers  of  Ben  Nevis  met  the  ice  stream  coming  down 
Strathspean.  The  gronnd  rises,  also,  rather  rapidly  on  both  sides  of 
the  river,  and  from  behind  the  line  of  barrier  marked  by  the  Ordnance 
Survey  the  rise  is  continnons  to  the  summit  of  Unachan  Hill,  613  feet 
high.  Now,  this  hill  and  the  rising  ground  on  the  flanks  of  the  valley 
consist  of  a  thick  substratum  of  till  or  boulder  clay,  wifch  a  covering  of 
gravel,  the  latter  formed  in  greater  part,  if  not  entirely,  from  the 
destruction  of  the  former,  so  that  there  is  little  doubt  that  the  detrital 
barrier  here  also  was  at  one  time  much  more  important.  Still,  although 
the  detrital  matter  formed  a  considerable  element,  the  author  believes 
that  the  great  mass  of  ice  constituted  the  essential  element  in  the 
barriers. 

The  Till,  although  accumulated  in  larger  masses  in  the  above-named 
sites,  is  found  in  places  all  up  the  valley,  generally  in  the  form  of 
terraces  covered  by  gravel,  as  at  Inverroy,  Murlaggan,  Inverlaire,  and 
elsewhere.  There  is  one  feature  common  throughout,  namely,  the 
levelling  and  terracing  of  this  glacial  ddhris  by  subsequent  water- 
action,  which  could  not  have  been  effected  in  the  still  waters  of  a  lake 
bed,  bat  probably  took  place  on  the  bursting  of  the  main  barriers  and 
during  the  rapid  outflow  of  the  waters.  To  this  cause  may,  also,  be 
owing  the  terraces  of  the  Turret,  Gulban,  and  others,  for  it  is  to  be 
remembered  that  the  same  glens  which  subsequently  furnished  the 
streams,  had  previously  furnished  glaciers.  Though  these  happened 
to  be  at  the  mouth  of  streams  to  which  their  origin  has  been  ascribed, 
similar  terraces  occur  elsewhere  where  there  are  no  streams,  and  where 
the  structure  is  the  same.  The  levelling  of  the  original  glacial 
mounds  having  been  effected  at  the  time  of  the  drainage  of  the  lakes, 
and  having  been  tlien  covered  and  masked  by  gravel,  the  terminal  slopes 
were  either  formed  at  the  same  time  by  the  outpouring  waters  as  they 
fell  to  a  lower  level,  or  subsequently  by  wearing  back  by  the  present 
streams.  Some  of  the  terraces  ascribed  by  Chambers  to  sea  margins 
may  be  due  to  these  causes,  at  the  same  time  it  is  possible  that  some 
of  his  lower  terraces  outside  the  Spean  Valley,  at  levels  of  70  to 
200  feet,  may  be  due  to  later  marine  action,  and  correspond  with  the  . 
raised  beaches  of  Jura  and  the  coast  further  north,  at  levels  extending 
from  40  to  160  feet  or  more. 

An  objection  may  occur  to  the  hypothesis  here  suggested  for 
tihe  formation  of  the    Parallel    Boads,  in    that,  with  elements  so 
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variable  as  the  problem  has  to  deal  with,  the  panJlelism  of  the 
"roads"  with  the  horizon,  which  has  been  remarked  on  by  all 
observers  from  Maoculloch  downwards,  conld  not  have  been  main- 
tained For  the  detritus  of  the  hill  sides  varies,  however  slightly, 
in  the  relative  proportions  of  rock  fragments  and  soil,  while  the  slopes 
above  and  below  the  "roads"  also  vary  in  their  angle,  so  that, 
as  these  conditions  varied,  so  would  the  momentum  of  the  sliding 
mass  vary,  whilst  the  resisting  force  of  inertia  would  remain  the 
same.  The  consequence  would  necessarily  be,  that  the  slide  would 
continue  at  some  places  to  a  lower  level  than  at  others,  and  the  line 
of  the  "  roads  "  could  not  be  throughout  parallel  with  the  horizon. 

There  is  no  doubt  that,  to  all  appearances,  the  "roads"  are  perfectly 
level,  and  such  was  the  opinion  of  the  author  when  standing  on  them 
and  while  working  with  the  excellent  1-inch  map  of  the  Survey ;  but 
afterwards,  on  referring  to  the  elaborate  6-inch  maps,  he  found  the 
levels  there  given  clearly  show  that  the  "  roads  "  are  neither  at  the 
exact  height  of  the  cols  nor  are  they  perfectly  parallel  with  the 
horizon,  after  allowing  for  the  variable  inclination  of  the  "  roads, " 
and  for  the  observations  being  made  in  their  centre. 

Instead  of  a  perfect  level  water  line,  the  "  roads  "  are  really  slightly 
waved,  the  difference  between  the  highest  and  lowest  point  being  in 
the  four  "roads"  taken  in  descending  order,  15, 11, 15,  and  12  feet;  and 
while  the  level  of  the  higher  "  roads  "  is  in  most  instances  helow  those 
of  the  several  cols  of  escape,  that  of  the  lower  "  road  "  is  in  all  instances 
aibcve  it.  Thus  in  Glen  Gluoy,  the  "  road  "  which  is  never  more  than 
1  foot  above  the  level  of  the  Turret  Col,  is  in  places  14  feet  below  it. 
The  Glen  Boy  "  roads,"  Nos.  2  and  3,  rise  2  and  4  feet  above  the  col 
of  the  Spey,  and  sink  7  and  13  feet  below  it,  whereas  No.  4  "  Road  " 
is  never  less  either  in  Glen  Roy  or  Glen  Spean  than  2  feet,  and  rises 
at  places  to  10  and  14  feet,  above  the  Pass  of  Makoul.  Further,  as  the 
curves  formed  differ  for  each  "  road,"  the  variations  cannot  be  due  to 
a  common  cause,  such  as  subsequent  movements  of  the  g^und,  bat 
must  be  owing  to  differing  conditions  in  each  case  local.  Nor  do  the 
levels  on  the  two  sides  of  the  valleys  correspond ;  they  often  vary  as 
much  as  7  or  8  feet.  It  is  therefore  not  possible  to  reconcOe  these 
variations  with  the  hypothesis  of  the  "roads"  being  lines  of  water 
level  due  to  shore  action ;  nor  is  the  very  variable  inclination  of  the 
"  roads  "  themselves  compatible  with  that  view,  for  on  a  strand  where 
the  slopes  do  not  differ  more  than  in  these  glens,  there  could  not  be 
that  irregularity  of  surface  which  exists  in  the  "roads." 

In  the  instances  of  the  higher  "  roads,"  the  lower  level  of  the  curve 
is  possibly  due  to  the  steeper  slopes,  whilst  the  fact  that  the  lower 
"  road,"  No.  4,  remains  above  the  level  of  the  Pass  of  Makoul,  may  be 
due  to  the  circumstance  either  of  the  slopes  being  less,  or  more 
probably  to  the  fact  of  the  lake  having  been  so  very  much  larger,  the 
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escape  of  the  waters  was  oonseqnentlj  more  prolonged,  and  the  fall 
slower. 

Yarions  phenomena  in  connexion  with  the  great  ice-sheet  in 
Lochaber  and  their  connexion  with  the  general  question,  are  next 
considered.  The  author  objects  to  the  term  of  moraine  profonde  to 
describe  the  drift  of  sub-glacial  origin,  as  apt  to  lead  to  misunder- 
standing, although  Hogard  and  other  geolog^ists  have  used  it  in  the 
wider  sense.  It  is  evident  that  the  old  ice-sheet  acted  under  very 
different  conditions  to  an  ordinary  glacier,  and  it  is  better  to  use  such 
terms  as  moraine  detritus  or  sub-glacial  detritus  for  the  sum  total  of 
sub-glacial  products  of  the  former,  than  employ  a  term  which  was 
originally  and  still  is  generally  restricted  to  a  single  and  comparatively 
small  product  of  the  former. 

Besides  this  sub-glacial  dSbris,  there  is  the  large  quantity  of  debris 
that  must  have  been  scattered  over  the  surface  of  the  ice  during  itft 
melting  by  streams  and  rivulets,  or  spread  out  in  the  temporary  lakes 
which  were  formed  at  all  levels,  and  may  have  given  rise  in  many 
instances  to  sand  and  gravel  terraces  of  variable  extent.  But  though 
true  beaches  are  formed  in  certain  glacial  lakes,  for  ledges  or 
shelves,  such  as  constitute  the  Parallel  Roads  to  be  formed,  a  number 
of  conditions  must  have  concurred — such  as  sufficient  slopes,  a  detrital 
covering,  barriers  at  the  mouih  of  the  glens,  and  cols  of  escape  at  their 
upper  end. 

As  the  barrier  ridges  on  the  old  ice-sheet  melted,  or  burst,  the 
waters  escaped  to  lower  levels,  carrying  with  them  on  or  beneath 
the  ice,  a  large  portion  of  the  surface  detritus.  Formed  at  all  levels 
up  to  2,000  feet  or  more,  these  glacial  lake  waters  in  descending  to 
lower  levels  met  with  other  large  bodies  of  water,  and  the  transporting 
forces  increased  in  power  till  the  last  stage  was  reached  and  open 
channels  formed  in  the  distant  plains,  leaving  as  marks  of  their 
passage  down  the  valleys — here  great  banks  of  gravel — ^there  deep 
beds  of  sand,  according  to  the  distance  from  the  point  of  outburst.  To 
these  floods,  combined  with  river  inundations  and  the  modifications 
since  brought  about  by  fluviatile  action,  are  due  the  various  forms  of 
escars,  terraces,  and  other  less  defined  detrital  accumulations. 

Conclusions. 

The  general  conclusions  drawn  by  the  author  from  the  phenomena 
in  Lochaber  and  surrounding  district,  are : — 

1st.  That  at  the  period  of  the  first  great  glaciation  of  Scotland, 
ihe  ice-sheet  in  Lochaber  attained  a  thickness  of  not  less  than  2,000 
to  2,500  feet,  but  that  in  consequence  of  the  peculiar  physiographical 
conditions  of  the  district,  the  large  ice-currents  from  Ben  Nevis  so 
clashed  with  others  in  the  Spean  and  Lochy  Valleys,  that  a  block 
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ensaed  which  led  to  an  exoeptional  heaping  np  and  accnmnlation  of 
the  ice  in  front  of  Glen  Roy  and  Glen  Glnoy. 

2nd.  In  consequence  of  the  lowering  and  partial  submergence  of 
the  land  and  its  conversion  from  a  continental  area  to  an  archipelago, 
combined  possibly  with  some  other  more  general  cause,  an  ameliora- 
tion of  the  climate  took  place  attended  by  a  gradual  melting  of  the 
ice-sheet  in  all  the  lower  tracts.  The  snow  and  ice  wasted  from  the 
valleys  and  from  the  lower  mountain  summits,  and  in  the  absence  of 
any  established  water-courses,  the  hollows  and  depressions  in  the  ice, 
when  not  fissured,  were  converted  into  pools  and  tarns,  until  the  con- 
tinued liquefaction  opened  out  surface  channels  or  interior  fissures, 
by  which  the  water  could  ultimately  escape. 

3rd.  That  pending  the  establishment  of  natural  lines  of  drainage, 
and  in  presence  at  places  of  unusual  obstruction,  the  water  accu- 
mulated in  some  valleys  in  larger  bodies  or  lakes ;  and  if  in  those 
cases,  the  mouth  of  the  valleys  being  closed  by  the  main  ice- barriers, 
other  channels  of  escape  such  as  cols  or  passes  communicating  with 
adjacent  glens  or  valleys  presented  themselves,  the  water  overfowed 
-through  these  channels  as  soon  as  it  rose  to  the  height  of  such  cols  or 
passes.  Or  should  the  cols  have  been  also  barred  by  ice,  that  ice 
would  have  given  way  as  soon  as  the  increasing  height  and  pressure 
of  the  water  proved  sufiicient.  When  this  happened,  the  water  would 
at  once  fall  to  the  fixed  level  regulated  by  the  col,  and  thus  no  record, 
such  as  we  have  in  Lochaber,  might  be  left  of  the  presence  of  the 
original  bodies  of  water. 

4th.  In  the  Lochaber  district,  while  the  exceptional  accumulation 
of  ice  in  the  Spean  Valley  barred  the  entrance  of  the  glens  on  the 
north  side  of  that  valley,  their  passes  were  also  blocked  by  remnants 
of  the  great  ice-sheet ;  and  the  formation  of  the  detrital  shelves  is  due 
to  the  sudden  bursting  of  these  minor  barriers,  when  the  waters  of  the 
lake  were  discharged  with  great  rapidity,  until  they  fell  to  the  level 
of  the  col.  Under  these  circumstances,  the  mass  of  loose  debris 
covering  the  hill  sides  below  the  line  of  water  level,  gave  way  and 
elid  after  the  retreating  waters,  until  stayed  with  greater  or  lesser 
abruptness,  according  to  the  angle  of  slope  and  the  volume  of  the 
mass,  on  the  discharge  ceasing  and  the  waters  coming  to  rest.  The 
shelves  so  formed,  modified  slightly  by  subsequent  subaerial  action, 
constitute  the  "  roads." 

6th.  The  moraine  detritus  in  places  where  the  glaciers  clashed,  and 
where  their  progress  consequently  became  checked  or  delayed,  tended 
also  to  accumulate  or  heap  up,  and  in  this  way  in  the  Lochaber  glens 
added  to  the  strength  and  permanence  of  the  ice-barriers. 

6th,  While  the  moraine  detritus  was  irregularly  distributed  under 
the  ice,  or  massed  in  particular  places,  the  dSbris  projected  on  the 
surface  of  the  ice-stream  and  contained  in  its  body,  was  either  left  in 
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n^  on  its  liqaefaction,  or  else  was,  as  the  result  of  the  great  floods 
conseqiieiit  upon  the  bursting  of  lake  barriers,  carried  snccessivelj  to 
lower  levels,  leaving  here  and  there  banks  of  sand  and  gravel  at 
various  heights  on  the  hill  sides.  These  destrnctive  floods  combined 
with  the  incessant  river  inundations  due  to  the  same  general  thaw  of 
the  great  ice-sheet,  carried  down  and  spread  out  in  the  valleys  and 
plains  the  great  beds  of  gravel  and  sand,  which,  with  the  modifications 
since  brought  about  by  long  continued  fluviatile  action,  have  given 
rise  to  various  forms  of  escars,  terraces,  and  other  less  defined 
accumulations  of  these  detrital  materials. 


May  8,  1879. 

,THE  PRESIDENT  (foUowed  by  Lord  LINDSAY,  Vice-President) 

in  the  Chair. 

The  Presents  received  were  laid  on  the  table,  and  thanks  ordered  for 
them. 

The  following  Papers  were  read : — 

L  **0n  the  Sensitive  State  of  Electrical  Discharges  through 
Rarefied  Gases."  By  William  Spottiswoode,  P.R.S.,  and 
S.  Fletcher  Moulton,  late  Fellow  of  Christ's  College, 
Cambridge.    Received  April  2,  1879. 

(Abstract.) 

It  has  firequentlj  been  remarked  that  the  luminous  column  pro- 
duced by  electric  discharges  in  vacuum  tubes  sometimes  displays  great 
Hensitiveness  on  the  approach  of  the  finger,  or  other  conductor,  to  the 
tube.  This  is  notably  the  case  when  with  an  induction  coil  a  very 
rapid  break  is  used,  or  when  with  any  constant  source  of  electricity 
an  air-spark  is  interposed  in  the  circuit  leading  to  the  tube.  The 
striking  character  of  the  phenomena,  and  the  opportunity  which  they 
showed  for  atfecting  the  discharge  from  the  outside  during  its  passage, 
led  the  authors  of  this  paper  to  consider  that  a  special  examination  of 
tills  sensitive  state  would  be  desirable. 

All  the  circumstances  under  which  sensitiveness  is  produced  appear 
to  agree  in  requiring,  first,  that  there  should  be  a  rapid  intermittence 
in  ihe  current  leading  to  the  tube ;  and  secondly,  that  the  individual 
intermittent  discharges  should  be  small  in  quantity  and  extremely 
brief,  if  not  instantaneous,  in  duration.  Both  these  requirements  are 
fulfilled  by  the  methods  used  in  the  present  investigation,  viz.,   a 
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Holtz  machine  with  a  suitable  air-spark  between  the  machine  and 
the  tube,  and  a  small  coil  with  a  rapid  break. 

If  a  conductor  be  made  to  approach  a  tube  convejing  a  sensitive 
discharge,  due  to  an  air-spark  in  the  positive  branch  of  the  circuit, 
a  series  of  effects  is  produced,  of  which  the  feeblest  and  ihe 
strongest  are  the  most  pronounced.  The  transition  from  one  to 
the  other  is  so  rapid  that  the  intermediate  phases  may  be  easily  over- 
looked. In  the  first  case,  the  luminous  column  is  repelled  by  the  con- 
ductor ;  in  the  second  it  is  broken  into  two  parts  which  stretch  out  in 
two  tongues  towards  the  point  on  the  tube  nearest  the  conductor, 
while  a  negative  halo  appears  between  them. 

That  these  effects  are  due  to  the  inductive  action  of  the  conductor, 
or  more  particularly  to  re-distributions  of  electricity  in  it,  co-periodic 
with  the  air-spark,  and  not  to  any  permanent  charge,  is  shown  by  the 
following  experiments.  A  non-conductor,  whether  charged  or  not,  is 
without  effect.  The  effect  of  a  conductor  increases  with  its  size  or 
capacitji  and  with  its  proximity  to  the  tube,  until  the  fallest  effect 
(viz.,  that  given  by  an  earth  connexion)  is  produced.  That  the  effects 
are  not  due  to  electro-dynamic,  or  to  magnetic  action,  is  shown  by  the 
fact  that  a  coil  of  wire  produces  the  same  result,  whether  the  ends  be 
joined  or  not.  The  effects  of  an  iron  core  and  helix  with  open  ends 
are  often  comparable  with,  and  sometimes  equal  to,  those  when  the  ends, 
being  connected  with  a  battery,  the  whole  becomes  an  electro-magnet. 
The  effect  upon  the  interior  is,  in  fact,  due  to  the  reUef  given  by 
the  conductor  to  the  electric  tension  on  the  outer  surface  of  the  tube 
and  the  space  around  it,  caused  by  the  individual  discharges. 

Instead,  however,  of  connecting  a  point  on  the  tube  with  a  large 
conductor  or  with  earth,  we  may  connect  it  with  one  or  other  ter- 
minal of  the  tube.  And  a  further  study  of  the  subject  shows  that  all 
the  phenomena  due  to  action  from  without  may  be  produced  by  means 
of  one  or  other  of  these  connexions.  Connexion  with  the  non-air- 
spark  terminal  gives  the  relief  effects  described  above ;  connexion  with 
the  air-spark  terminal  gives  another  set  of  effects.  Of  these  the 
feeblest  has'  the  appearance  of  attraction,  while  the  strongest  shows 
an  abrupt  termination  of  the  positive  column  in  the  neighbourhood  of 
the  point,  followed  by  a  negative  halo,  and  then  by  a  recommence- 
ment of  the  positive  column  in  the  direction  of  the  negative  terminal. 
Each  ot  these  sectional  discharges  is  in  fact  independent  and  complete 
in  itself,  and  they  are  due  to  impulses  of  positive  electricity  thrown 
into  the  tube  from  the  air-spark.  At  the  positive  terminal  these 
impulses  are  thrown  directly  in ;  at  the  points  of  connexion  they  are 
due  to  inductien,  ah  extra.  The  negative  part  of  what  was  origimJly 
neutral  meets  the  positive  column,  and  satisfies  it  as  it  arrives,  while 
the  positive  leaps  forward  to  meet  the  negative  due  from  the  negative 
terminal. 
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The  effects  above  described  need  not  be  confined  to  a  single  patcb 
or  ring  of  condncting  material  placed  npon  the  tube ;  but  thej  may 
be  produced  many  times  over  in  the  same  tube  by  a  series  of  rings 
arranged  at  suitable  distances.  By  this  means  the  column  may  be 
Inoken  into  a  series  of  sections,  all  terminating  with  well-defined  con- 
figurations towards  the  negative  end,  and  having  greater  or  less 
length,  according  to  the  position  of  the  rings.  In  the  paper  itself, 
arguments  are  there  brought  forward  showing  that  these  sectional 
discharges  represent  striiB  not  merely  in  their  appearance,  but  also 
in  their  function  and  structure.  But  the  discussion  could  hardly  be 
produced  within  the  limits  of  an  abstract. 

Betuming  from  the  digression  about  striae,  the  authors  next  give 
evidence,  denved  mainly  from  the  revolving  mirror,  and  from  the 
discharges  of  a  partially  charged  Leyden  jar,  for  the  following  con- 
clusion :  That  the  passage  of  the  discharge  occupies  a  time  sufficiently 
short  in  comparison  with  the  interval  between  the  discharges  to 
prevent  any  interference  between  successive  pulses.  Certain  experi- 
ments are  then  described  which  indicate  that  the  discharge  is  effected, 
under  ordinary  circumstances,  hj  the  passage  through  the  tube  from  the 
air-spark  terminal  of  free  electricity,  of  the  same  name  as  the 
electricity  at  that  terminal.  In  the  case  of  an  induction  coil,  where 
the  air-spark  must  be  considered  as  existing  at  both  terminals,  there 
is  evidence  of  a  neutral  zone,  where  the  sensitiveness  disappears.  The 
position  of  this  zone  may  be  altered  by  damping  the  impulses  at  either 
terminal;  or  it  may  be  abolished  by  connecting  one  terminal  with 
earth.  The  impulses  may  even  be  so  distributed  as  to  divide 
electrically  a  siugle  tube  into  three  sections,  the  two  extremes  pre- 
senting visible  discharges,  with  a  dark  section  between  them. 

Looking  at  all  these  phenomena  from  an  opposite  point  of  view, 
we  may,  by  means  of  the  relief  effects,  determine  the  terminal  from 
which  a  discharge  proceeds,  and  the  distance  to  which  it  reaches 
without  provoking  a  response  from  the  other.  And  through  these 
considerations,  together  with  others  detailed  in  the  paper,  the  authors 
are  led  to  the  conclusion  that  the  discharges  at  the  two  terminals  of  a 
tube  are  in  the  main  independent,  and  that  they  are  each  determined 
primarily  by  the  conditions  at  their  own  terminal,  and  only  in  a 
secondary  degree  by  those  at  the  opposite  terminal. 

In  illustration  of  this  view,  an  account  is  then  given  of  the  pro- 
duction of  unipolar,  positive,  or  negative  discharges  in  a  tube.  In 
such  cases,  the  discharge  being  insufficient  of  itself  to  pass  through 
the  tube,  returns  by  the  way  by  which  it  entered. 

This  closes  a  series  of  experiments,  the  result  of  which  is  that  the 
discharges  from  the  two  terminals  can  be  made  of  equal  intensity,  or 
of  any  required  degree  of  inequality ;  or  the  discharge  can  be  made 
to  issue  from  one  terminal  only,  the  other  acting  only  receptively ;  or 
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it  can  be  made  to  retam  into  its  own  terminal,  while  the  other  takes 
no  part  in  the  discharge ;  or,  finally,  the  two  terminals  can  be  made 
to  pour  out  independent  discharges  of  the  same  name,  each  of  which 
returns  to  its  own  terminal. 

Having  traced  the  relation  between  the  two  parts  of  the  dis- 
charge, and  having  found  means  for  controlling  their  range  and 
influence,  the  authors  were  led  to  inquire  whether  there  be  any 
experimental  evidence  of  the  state  of  the  tube  during  the  occurrence 
of  the  discharge.  Some  experiments  with  two  pieces  of  tinfoil  of 
unequal  size  placed  near  the  ends  of  the  tube  and  metallically  con- 
nected ;  and  others  with  a  strip  of  tinfoil  placed  along  the  tube,  all 
gave  effects  showing  that  the  discharge  cannot  be  simultaneous 
throughout  the  tube.  The  phenomena  appear  to  require  for  their 
interpretation  that,  in  front  of  the  pulse  coming  from  the  (positive) 
air-spark  terminal,  there  is,  duriug  the  interval  between  the  pulses,  a 
rising  negative  potential.  This  is  entirely  swept  out  by  the  pulse  as 
it  advances  along  the  tube ;  after  which  the  process  is  repeated.  The 
condition  of  things  behind  the  pulse  is  more  difficult  to  determine ; 
but  an  experiment  with  the  telephone  gives  reason  to  think  that  parts 
of  the  tube  nearer  to  the  non-air-spark  end  are  in  a  condition  to 
demand  relief,  before  those  nearer  to  the  air-spark  terminal  have 
ceased  to  require  it.  And  on  this  account  the  discharge  may,  perhaps, 
be  more  nearly  represented  by  a  lazy  tongs  than  by  a  bullet. 

How  far  the  results  obtained  from  the  sensitive  state  are  applicable 
to  ordinary  discharges  is  a  question  which  cannot  yet  be  definitively 
answered.  But  the  marked  similarities  in  the  phenomena,  and  the 
predisposing  circumstances  of  striation  or  non-striation,  as  well  as  in 
the  terminal  peculiarities  of  the  two  kinds  of  discharge,  point  strongly 
to  the  conclusions  that  all  vacuum  discharges  are  disruptive ;  and  that 
sensitive  differ  from  non-sensitive  discharges  mainly  in  the  scale  of  the 
discontinuity  due  to  the  disruptiveness,  causing  a  difference  between 
the  two  classes  of  phenomena  analogous  to  that  between  impulsive 
and  continuous  forces  in  dynamics. 


II.  "  On  the  Action  of  Solid  Nuclei."    By  Charles  Tomlinson, 
F.R.S.    Received  April  22,  1879. 

It  is  stated  in  my  second  paper  on  supersaturated  saline  solutions 
("Phil.  Trans.,'*  1870,  p.  53),  that  among  nuclear  bodies  "are  per- 
manently  porous  substances,  such  as  charcoal,  coke,  pumice,  meer- 
schaum," also  that  "certain  liquids  act  as  nuclei  by  separating 
water  instead  of  salt  from  supersaturated  solutions.  Absolute  alcohol 
acts  in  this  way." 
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Some  eminent  observers  have  denied  the  accnracj  of  these  state- 
ments. Thus,  M.  Yiollette  concludes  from  his  experiments  that 
poroas  bodies,  such  as  pumice,  calcined  baryta,  lime,  and  gypsum,  and 
bodies  greedy  of  water,  and  capable  of  being  hydrated,  sach  as  cal- 
cined sulphate  of  iron  and  of  copper,  have  no  influence  on  supersatu- 
rated solutions. 

This  observer,  believing,  as  he  did,  that  the  only  nucleus  is  a  salt  of 
the  same  kind  as  that  in  solution,  or  one  isomeric  therewith,  and  that 
such  nuclei  are  generally  floating  in  the  atmosphere,  so  ingeniously 
arranged  his  apparatus  as  to  exclude  the  action  of  the  air,  and  hence 
his  results  were  of  a  negative  character. 

Mr.  Inversidge  ("Proceedings,"  vol.  xx),  actuated  by  the  same 
idea,  conducted  his  experiments  on  a  similar  principle,  namely,  that 
of  excluding  the  air,  and  he  also  arrived  at  negative  results.  He 
employed  several  solid  dehydrating  substances,  such  as  freshly  ignited 
quicklime,  and  placed  them  in  thin  glass  bulbs,  which,  being  sealed, 
were  heated  nearly  to  redness,  and  dropped  into  the  supersaturated 
solutions.  The  flasks  were  plugged  with  cotton  wool,  through  which 
a  glass  rod  was  passed,  and  were  then  boiled  up  and  allowed  to  cool 
during  some  hours ;  when  quite  cold,  the  bulb  was  broken  by  means 
of  the  glass  rod,  and  its  contents  were  set  free,  but  in  no  case  with  any 
result.  He  also  foand  by  his  mode  of  experimenting  that  porous 
bodies  and  absolute  alcohol  are  inactive. 

In  the  "  Proceedings  "  vol.  xxvii,  p.  122,  some  account  is  given  by 
me  of  a  series  of  observations,  extending  over  several  months,  on  the 
action  of  essential  oils  on  a  supersaturated  solution  of  sodic  sulphate. 
It  was  found  that  when  the  wind  at  Highgate  was  in  a  southerly  or 
westerly  quarter,  the  oils  were  inactive ;  but  that  they  quickly  became 
active  when  the  wind  was  northerly  or  easterly. 

A  similar  course  of  observations,  though  not  extending  over  so 
long  a  time,  has  led  to  a  similar  conclusion  respecting  solid  porous, 
and  dehydrating  bodies. 

The  solutions  chiefly  employed  in  the  experiments  that  led  me  to 
this  conclusion  were  those  of  sodic  sulphate,  sodic  acetate,  and  alum, 
of  various  degrees  of  sapersaturation.  The  solid  nuclei  employed 
were  chiefly  pumice  and  plaster  of  Paris ;  but  others  were  also  used, 
such  as  meerschaum,  marble,  lime  from  marble  and  chalk,  coke, 
charcoal,  and  bread. 

The  flasks  containing  the  solutions  were  sometimes  carried  into  the 
open  air  of  my  garden  before  being  uncovered.  The  plaster  of  Paris 
was  taken  out  of  a  bottle  by  means  of  a  small,  clean,  platinum  spoon, 
and  a  fragment  of  pumice,  about  the  size  of  a  pea,  was  taken  up  with 
forceps,  and  thus  dropped  into  the  solution,  the  cover  being  imme- 
diately restored  to  the  flask. 

The  active  solid  nuclei  could  be  immediately  rendered  inactive  by 
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exposing  them  for  a  sliort  time  to  the  heat  of  the  kitchen  oven  or  to 
the  flame  of  a  spirit  lamp,  or  even  to  the  temperature  of  boiling  water. 
For  this  last  purpose  a  test-tube  was  thrust  through  a  flat  cork,  rest- 
ing on  the  mouth  of  a  large  flask  containing  water,  which  was  kept 
bailing.  The  bottom  of  the  tube  containing  the  plaster,  <fcc.,  did  not 
pass  beyond  the  centre  of  the  flask.  In  about  ten  minutes  the  nuclei 
were  thus  rendered  inactive,  and  they  did  not  recover  their  activity 
in  atmospheres  of  carbonic  acid,  nitrogen,  hydrogen,  and  nitrous 
oxide,  after  several  days  or  even  weeks.  But  they  frequently  became 
active  in  oxygen,  and  generally  so  in  oxygen  or  air  ozonised  by  the 
action  of  phosphorus,  and  always  so  by  a  short  exposure  to  the  outer 
air,  when  the  wind  was  northerly  or  easterly.  Inactive  plaster  of 
Paris  has  been  exposed  all  night  to  the  air  of  my  garden  during^ 
a  south-west  wind,  without  becoming  active.  Fragments  of  pundoe  ex- 
posed to  the  air  of  my  laboratory  for  days  together,  without  becoming 
active,  have  regained  their  activity  within  ten  minutes  on  being 
exposed  to  the  open  air  during  a  northerly  wind.  Snow  was  also 
found  to  be  active. 

The  details  of  a  few  experiments  may  not  here  be  out  of  place. 
The  wind  at  Highgate,  from  the  28th  March  to  the  8th  April,  was 
southerly  and  westerly.  During  all  this  time  some  plaster  of  Pans, 
rendered  inactive  by  heat,  was  freely  exposed  on  a  flat  glass  plate 
to  the  open  air  of  my  garden,  and  remained  inactive.  On  the  9th 
the  wind  passed  round  to  the  east,  and  remained  so  during  some  hours, 
gently  blowing ;  the  plaster  became  active  on  solutions  of  sodic  sul- 
phate and  sodic  acetate. 

Fragments  of  pumice,  meerschaum,  and  coke,  rendered  inactive  by 
the  heat  of  the  oven,  were  put  into  carbonic  acid  on  the  28th  March, 
where  they  remained  until  the  9th  April,  when  they  were  still  found 
to  be  inactive  on  solutions  of  sodic  sulphate.  They  were  exposed 
to  the  air  of  my  garden,  and  became  active  in  rather  more  than  two 
hours. 

A  similar  result  was  obtained  with  inactive  fragments  that  had  been 
kept  in  nitrous  oxide. 

Mr.  Qrenfell  ("  Chemical  News,*'  xxxix,  16)  is  of  opinion  that  the 
action  of  nuclei  in  bringing  about  the  solidification  of  these  solutions 
is  entirely  due  to  absorption.  In  one  of  his  ingenious  experiments, 
filtering  paper,  folded  a  number  of  times  into  a  long  spill,  is  passed 
down  the  neck  of  the  flask  so  as  to  touch  the  solution,  the  effect  being 
to  render  it  solid  either  at  once  or  after  some  time. 

I  repeated  this  experiment,  with  this  modification,  namely,  that  of 
placing  the  spills  in  the  kitchen  oven  for  about  a  quarter  of  an  hour ; 
they  were  then  passed  down  the  narrow  necks  of  some  flasks  which 
they  fitted  with  friction,  and  the  ends  were  made  to  dip  just  below  the 
surface  of  a  solution  of  sodic  acetate  (3  to  1).     One  of  the  flasks  was 
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immediately  coTered  with  a  jar  of  nitrogen  and  the  other  with  a  jar  of 
air.  After  three  days  the  solmtiona  were  still  liquid.  The  spills  were 
then  removed,  and  fresh  ones,  not  previonsly  heated,  were  introduced, 
when  one  solution  immediately  became  solid,  and  the  other  some  time 
after. 

If  the  filtering  paper,  pnmice,  plaster,  &c.,  acted  by  absorption, 
then  the  effect  of  heat  would  be  to  increase  the  absorptive  power,  and 
consequently  their  activity  as  nuclei;  whereas  the  contrary  result 
IB  obtained,  so  that  absorption  does  not  seem  to  be  a  vera  cavsa. 

When  it  is  stated  that  the  nuclei  became  active  on  being  exposed  to 
certain  winds  in  preference  to  others,  the  locality  in  which  the  experi- 
ments were  conducted  must  be  taken  into  account ;  for,  as  Professor 
Stokes  suggested  at  the  reading  of  my  former  paper,  a  westerly  or 
southerly  wind  might  be  equally  active  in  another  place.  I  found  this 
to  be  the  case  at  Eastbourne,  where  a  westerly  wind  produced,  in  the 
course  of  ten  minutes,  a  deep  orange-brown  stain  on  ozone  test-paper, 
and  made  the  oils  singularly  active  after  a  few  minutes'  exposure.  For 
example,  on  the  10th  of  June  oil  of  lemons  was  inactive  in  the  house, 
but  on  being  exposed  to  a  strong  south-west  wind  from  the  sea,  about 
a  mile  away  from  the  town,  it  became  viscid  in  the  course  of  a  few 
minutes*  exposure,  so  that  it  dropped  very  slowly.  The  solutions,  on 
contact  with  this  oil,  immediately  became  solid.  On  the  11th,  a 
limpid  paraffin  oil,  od 'being  redistilled,  was  inactive  within  doors.  It 
was  taken  to  the  end  of  the  pier,  1,012  feet  from  the  shore,  and 
exposed  in  drops  to  a  strong  westerly  wind  for  about  three  minutes, 
when  it  became  powerfully  active.  On  the  13th  there  was  scarcely 
any  wind,  but  what  there  was  was  west  south-west.  Freshly  dis- 
tilled oil  of  cajuput  was  inactive  within  doors,  but,  on  being  exposed 
to  the  outer  air  for  about  fifteen  minutes,  it  became  active. 

In  July,  at  Bournemouth,  the  weather  was  sultry ;  ozone  test-paper 
was  scarcely  acted  on,  even  after  an  exposure  of  some  hours,  and 
inactive  oils  did  not  become  active  under  the  influence  of  the  air. 

In  September,  at  Denchworth,  near  Wantage,  ozone  was  abundant, 
judging  from  its  action  on  test-paper.  Some  inactive  turpentine  oils 
thickened  on  being  exposed  to  the  air  (wind  north  and  south-east), 
and  i^e  effect  on  the  solutions  was  decisive. 

Before  concluding  I  must  refer  to  the  nuclear  action  of  alcohol .  In 
order  to  test  this  once  more,  a  day  was  selected  when  the  wind  was  in 
the  east,  when  rain  had  fallen  during  some  hours,  and  continued  to 
fall  aU  the  time  the  experiments  were  being  conducted  in  the  open 
air  of  my  garden.  About  ten  flasks  of  sodic  sulphate  (8  to  1),  and 
about  the  same  number  of  potash  alum  (4  to  8)  were  prepared.  In 
fiUing  the  belly  of  the  flasks  about  hsM  full,  a  small  funnel  with  a  long 
stem  was  used,  and  was  dipped  into  warm  water  afber  each  filling,  so 
as  not  to  soil  the  necks  of  Uie  flasks ;  and  in  rebelling,  each  flask  was 
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placed  at  an  angle  of  abont  45^,  so  that  if  any  spitting  occnrred  it 
would  be  against  the  belly  of  the  flask  and  not  into  the  neck.  The 
necks  were  coTered  with  small  beakers,  taken  out  of  water,  and  the 
flasks  were  thus  conveyed  to  the  outer  air  and  left  to  cool,  the  tem- 
perature being  4>0°.  When  cold,  some  absolute  alcohol  in  a  small 
clean  beaker  was  taken  up  by  means  of  a  clean  dropping  tube,  and  a 
single  drop  or  a  number  of  drops  was  delivered  to  the  surface  of  each 
solution  withoat  contact  with  the  interior  of  the  neck,  the  covering 
beaker,  in  each  case,  being  lifted  a  little  on  one  side  so  as  not  com* 
pletely  to  uncover  the  mouth  of  the  flask  or  admit  the  rain.  The 
sodic  sulphate  solution  in  several  cases  became  solid  directly  the 
alcohol  reached  it ;  in  other  cases  after  some  minutes ;  in  two  flasks 
the  alcohol  acted  by  determining  a  copious  deposit  of  the  modified 
salt,*  but  the  solution  in  one  of  them  became  solid  on  gently  shaking  it, 
and  in  the  other  equally  so  on  adding  a  few  more  drops  of  alcohol.  In 
the  case  of  the  alam  solution  the  resalts  were  similar.  As  soon  as  the 
alcohol  reached  the  sur&<;e  there  was  a  sort  of  trembling  motion,  as 
if  the  sarface  tension  had  been  disturbed,  and  also  a  kind  of  viscous 
disturbance  in  the  solution  (phenomena  equally  applicable  to  the  sodic 
sulphate  solutions),  when  suddenly  a  single  octohedral  crystal  would 
start  into  existence  just  below  the  surface  ;  or,  if  a  number  of  drops 
of  alcohol  had  been  added,  a  multitude  of  minute  octohedra  would  all 
at  once  appear  at  the  surface  plane  between  the  two  liquids ;  or, 
thirdly,  the  action  would  begin  from  the  bottom,  and  a  large  crys- 
talline mass  be  foi*med,  while  heat  currents  rapidly  ascended;  or, 
fourthly,  on  gently  shaking  the  flask,  an  immense  assemblage  of 
chalky- white  points  filled  the  solution  and  made  it  opaque.  In  no 
case  did  the  alcohol  fail  to  exert  a  nuclear  action. 

By  way  of  contrast  with  the  above  results,  the  experiments  were 
repeated  on  another  wet  day,  when  the  wind  was  veering  between 
south-east  and  south-west.  The  alcohol  was  now  inactive  so  far  as 
the  solidification  of  the  solations  was  concerned,  but  active  in  throw- 
ing down  a  large  quantity  of  the  modified  salt.  The  day  after  this 
the  wind  blew  steadily  from  the  north,  and  alcohol,  ether,  naphtha, 
and  wood  spirit  were  all  active  on  solutions  of  sodic  sulphate  and 
potash  alam,  the  former  becoming  solid  immediately,  and  the  latter 
within  two  or  three  minutes. 

Now,  if  it  be  still  asserted  that  whenever  these  solutions  become 

*  Ldwel,  in  his  first  memoir,  says  that  if  alcohol  be  introduced  into  a  supersatu- 
rated solution  of  sodic  sulphate,  it  immediately  produces  the  ten-atom  or  normal 
salt  with  soUilification  of  the  solution ;  but  if  a  large  quantity  of  alcohol,  at  36^  to 
40'  0.,  be  introduced,  crystallization  does  not  take  place  on  cooling.  If  now  the 
flask  be  left  to  repose,  the  alcohol  takes  water  from  the  solution,  concentrates  it,  and 
in  two  or  three  days  produces  the  seven-atom  or  modified  salt  in  fine  ciystals  <m 
the  surface  of  the  liquid  in  contact  with  the  aloohoL 
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solid,  a  salt  of  tlie  same  kind  is  the  naclens,  and  that  such  a  nnclens  is 
present  in  the  air,  I  must  leave  the  proof  of  the  assertion  to  those  who 
make  it  or  defend  it.  I  cannot  imagine  what  can  be  the  source  of  the 
alnm  nnclens,  for  example,  in  the  above  experiments,  limited  as  thej 
were  by  such  well-defined  conditions.  M.  Qemez  can  only  account 
for  the  existence  of  alum  in  the  air  on  the  supposition  that  as  a  good 
deal  of  that  salt  is  used  in  dye-works,  it  must  escape  into  the  air  from 
such  a  source.  Until  it  can  be  proved  that  on  a  wet  day  and  while 
rain  is  still  falling  there  is  alum  in  the  open  air,  I  must  continue  to 
maintain  my  original  statement  that  alcohol  is,  under  proper  oondi-> 
tions,  capable  of  determining  the  solidification  of  these  solutions . 

I  have  several  times  noticed  the  persistence  of  nuclear  action  on  the 
part  of  a  dense  charcoal,  such  as  that  made  from  box-wood.  A  small 
piece  of  such  charcoal  was  boiled  in  a  solution  of  potash  alum  (4  to  8). 
When  cold,  a  large  crystalline  mass  was  found  attached  to  the  char- 
coal. The  flask  was  reboiled  five  times  in  the  course  of  a  week,  and 
each  time  the  same  result  appeared  when  the  flask  had  become  cold. 

I  have  referred  to  bread  as  a  nucleus,  and  the  action  is  curious. 
New  bread  is  not  nuclear ;  but  if  stale  bread,  such  as  a  second  day's 
loaf,  be  cut  open  with  a  clean  knife,  and  bits  of  the  crumb  be  dug  out, 
they  act  powerfully  as  nuclei  on  solutions  of  sodic  sulphate  and  alum. 
If  such  bread  be  slowly  toasted  before  the  fire,  it  becomes  inactive  ; 
bat  if  it  contain  alum,  it  is  active  on  solutions  of  potash  or  ammonia 
alum  (about  1  to  1),  whether  the  bread  be  new  or  stale,  toasted  or 
not.  Treated  by  this  test,  I  have  found  the  bread  of  Highgate  to 
contain  alum ;  bat  some  bread  from  Drury  Lane  gave  most  decided 
evidence  of  its  presence. 


III.  **  On  the  Results  of  the  Magnetieal  Observations  made  by 
the  OflScers  of  the  Arctic  Expedition,  1875-76."  By  Staff- 
Commander  E.  W.  Creak,  K.N.,  attached  to  the  Admiralty 
CompasB  Department.  Commimicated  by  Captain  F.  J.  0. 
Evans,  C.B.,  F.R.S.,  Hydrographer  of  the  Admiralty.  Re- 
ceived April  25,  1879. 

The  following  narrative  and  results  form  the  sequel  to  the  "  Memo- 
randum on  Terrestrial  Magnetism,**  prepared  by  Professor  J.  C. 
Adams,  M.A.,  F.R.S.,  and  Captain  F.  J.  Evans,  R.N.,  F.R.S.,  pub- 
lished in  the  "  Manual  and  Instructions  for  the  Arctic  Expedition, 
1876,"  suggested  by  the  Arctic  Committee  of  the  Royal  Society. 

The  "  Alert  '*  and  **  Discovery  **  left  Portsmouth  on  the  29th  May, 
1875,  and  on  arrival  at  Godhavn,  in  Disko,  the  first  magnetic  obser- 
vations were  made.     The  values  of  the  declination  and  inclination 
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observed-  at  yarioas  stations  round  the  barbonr  of  Gt>dliayn,  showed 
considerable  differences,  evidently  caused  bj  local  magnetic  dis- 
turbance. 

Proceeding  northward  to  winter  quarters  a  few  results  in  declina- 
tion were  obtained  at  intermediate  stations. 

On  the  Ist  September,  1875,  the  "  Alert  "  reached  her  winter 
quarters  at  Floeberg  Beach,  latitude  82°  27'  N.,  longitude  ei**  22'  W. 
The  magnetic  observatory,  constructed  entirely  of  snow,  was  situated 
at  a  distance  of  200  yards  from  the  ship.  It  was  divided  into  three 
distinct  houses  27  feet  apart,  and  in  these  the  horizontal  force  mag- 
netometer, Barrow's  dip-circle,  and  the  differential  declination  mag- 
netometer were  secured  to  snow  pedestals.  As  no  stove  was  used  the 
range  of  the  thermometer  registered  was  from  —  10°  to  -h  4°. 

Here  the  series  of  observations,  the  results  of  which  are  given  in 
the  following  pages,  were  made  during  the  winter.  The  mean  values 
of  the  several  elements  obtained  are : — 

o         / 

Absolute  dedinstion 97    57  W. 

'  „        incliiiation 84    42  N. 

„        horizontal  force  (unifilar) 1*187  ....  Total  force  » 12*309 

Total  force  (Lloyd's  needles) « 12*258 

Horizontal  force  (ditto) 1*184 

In  his  sledging  journey  to  the  extreme  northerly  position  attained 
in  the  expedition  (lat.  83®  20'  26"  N.),  Commander  Markham  made 
observations  of  the  declination,  and  with  the  Fox  circle. 

The  **  Discovery "  took  up  wintier  quarters  at  Discovery  Bay,  53 
miles  S.W.  of  the  "  Alert,''  in  latitude  81®  44'  N.,  longitude  65°  3'  W., 
on  the  26th  August,  1875. 

The  magnetic  observatory  house  was  constructed  of  wood,  and  stood 
on  the  shore  197  yards  from  the  ship,  and  the  pedestals  formed  of  the 
ship's  binnacles  sunk  into  the  ground  were  found  to  be  very  firm. 
For  the  differential  declination  magnetometer  an  ice-house  was  built 
on  the  ice-floe  90  yards  from  the  ship,  the  magnetometer  being  frozen 
on  to  a  pedestal  of  ice.  The  mean  value  of  the  several  elements  ob- 
served at  this  station  are : — 

o  / 

Absolute  declination. 101    44  W. 

„        inclination 84    50  N. 

„        horizontal  force  (unifilar) 1*181  ....  Total  force  « 12*559 

Total  force  (Lloyd's  needles) -=12-225 

Horizontal  force  (ditto) 1*107 

One  of  the  chief  subjects  of  interest  in  the  magnetical  results  of  the 
observations  at  the  winter  quarters  observatories  is  that  of  the  diurnal 
variation  or  inequality  of  the  declination,  and  frequent  magnetic  die- 
turbances,  the  latter  especially,  as  the  ships  wintered  in  a  region 
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remarkable,  as  it  proved,  for  an  absence  of  brilliant  anroras,  and  in 
wbicb  no  connexion  was  observed  between  the  appearances  of  that 
phenomenon  and  movements  of  the  declinometer  magnet. 

Hourly  observations  were  made  with  the  differential  declination 
magnetometers,  and  on  all  occasions  of  great  disturbance  special 
observations  at  frequent  intervals.  At  Floeberg  Beach  continuous 
hourly  seale  readings  were  taken  during  portions  of  December,  1875, 
and  January  and  February,  1876— in  all  37  days ;  and  &t  Discovery 
Bay  from  the  23rd  October,  1875,  to  the  28th  March,  1876,  with  only 
a  break  of  two  days  in  November,  and  a  few  hours  in  February. 

The  greatest  range  of  the  declination  was  observed  on  the  19th 
February,  1876,  about  the  same  hours,  a^  Floeberg  Beach  and  Dis- 
covery Bay,  reaching  5°  9' '4  and  6°  47' "9  respectively.  The  smallest 
range  was  observed  on  the  12th  January,  when  only  0°  4'  was  recorded 
at  the  first-named  station,  and  0°  6' '9  at  the  last.  On  an  average, 
about  every  eighth  day  the  higher  values  of  the  daily  range  were 
attained,  and  comparing  the  highest  with  the  lowesfc  scale  reading 
during  the  whole  period,  it  shows  that  the  magnet  moved  over  8®  of 
arc. 

The  mean  daily  ranges  for  the  several  months  or  the  square  root  of 
the  mean  of  the  squares  of  the  daily  ranges  for  each  month  expressed 
in  arc,  are : — 

Floeberg  Baach.  Discovery  Bay, 

1875.  December «  71*4  1876.  October -  93-3 

1876.  January «-  68'5  „      November -  902 

„      February — 110*9  „      December =  69'6 

1876.  January «  72*3 

„      February   -  937 

„      March ,.  -1082 

At  Discovery  Bay,  therefore,  the  mean  daily  range  gradually  de- 
clined in  value  from  October  to  December,  when  the  minimum  range 
was  reached,  but  again  increased  during  the  subsequent  months  of 
observation. 

Comparing  the  results  of  the  mean  daily  range  during  the  whole 
period  with  those  obtained  at  Floeberg  Beach  and  Van  Rensselaer 
Harbour* — stations  where. the  inclination  and  horizontal  force  differ 
BO  little  from  the  same  elements  at  Discovery  Bay — it  is  found  that 
the  mean  daily  range  at  Van  Rensselaer  Harbour  was  2°  28' '6  ;  Floe- 
berg Beach,  1**  31'-5;  Discovery  Bay,  1°  28' 0. 

The  hours  of  the  greatest  easterly  and  westerly  deflection  of  the 
declinometer  magnet  in  its  mean  daily  departure  from  the  normal, 
difEered  considerably  from  those  of  the  middle  northern  latitudes, 
where  8  a.m.  and  1  to  2  p.m.  are  the  well-established  hours. 

•  Van  Rensselaer  Harbour  lies  S.  17*  W.  196  miles  from  Discoirery  Bay.  See 
''Smitluonian  Contributions  to  Knowledge/*  toI.  x,  1858. 
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Tlie  extreme  deflections  of  the  magnet  (always  regarding  the  mean 
position  of  the  north  end  as  being  the  magnetic  north)  took  place,  at 


Westerly  \^^^^^^  1^  a.m.,  ^^^^^    r  December  1  A.M., 

extreme.  \  J*°^^'J'  °oo°'  extreme,  i  J^'^^'y*  ^  ^•^•'  , 

L  February,  1  p.m.  I  February,  midmgl 


Discovery  Bay. 

'  October,  11  A.M., 

October,  11  P.M., 

November,  10  a.m.. 

November,  11  P.M. 

Westerly  , 

December,  10  a.m.,            Easterly 

December,  midnight, 

extreme. 

January,  1  p^M.,                 extreme. ' 

•  January,  10  p.m.. 

February,  noon. 

February,  11  P.M., 

^  March,  noon. 

March,  midnight. 

As  Van  Rensselaer  Harbour  and  Port  Bowen,  as  well  as  Floeberg 
Beach  and  Discovery  Bay,  happen  to  lie  in  a  region  within  which 
observers  hitherto  report  their  inability  to  discover  any  connexion 
between  appearances  of  the  aurora  and  magnetic  disturbances,  the 
mean  hours  of  extreme  deflection  of  the  magnet  for  the  whole  period 
are  here  given  for  comparison : — 

{Noon Yan  Bensselaer  Harbour. .  2  a.m.  ■\ 

Noon Floeberg  Beach Midnight  I  Easterly 

10  A.M Discovery  Bay 11  P.M.  [extreme. 

11*49  A.M...  Port  Bowen lo  p.m.  J 

As  it  is  probable  that  magnetic  disturbances  have  had  a  certain 
degree  of  control  ever  the  determination  of  these  hours  of  extreme 
deflection,  it  now  becomes  necessary  to  give  results  freed  from  such 
distnrbance. 

The  metljod  of  eliminating  disturbances  adopted  in  the  discussion 
of  these  observations,  has  been  to  select  certain  days  of  principal  dis- 
turbance, and  to  reject  the  observations  of  the  whole  of  such  days 
from  the  mean. 

The  observing  officers  recorded  32  days  of  undoubted  disturbance. 

An  examination  of  the  hourly  scale  readings  on  these  days  shows 
that  the  motions  of  the  magnet  were  very  irregular  from  hour  to  hour, 
and  that  there  were  other  occasions  when  similar  movements  took 
place  and  might  likewise  be  considered  days  of  distnrbance.  Thus 
from  the  37  days  of  observation  at  Floeberg  Beach,  18  days  were 
rejected  as  disturbed,  and  at  Discovery  Bay  69  days  out  of  156. 

But  another  method,  which  consists  in  deciding  npon  a  separating 
value  and  rejecting  all  hourly  observations  exceeding  that  value,  may 
also  be  said  to  have  been  satisfied,  for  out  of  2,088  hourly  scale  read* 
ings  at  Discovery  Bay,  all  those  that  exceeded  the  mean  hourly  value 
for  the  whole  month  by  30'  of  arc  have  been  rejected,  with  the  excep- 
tion of  16  which  differed  40'  of  arc. 
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October,  9  p.m., 
Norember,  3  a.m., 
December,  midnight, 
January,  3*30  a.m., 
Febroarj,  4  a.m., 
March,  9  p.m. 
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A  separating  value  of  30'  at  a  station  where  the  absolute  horizontal 
force  is  113,  and  the  inclination  84°  50',  may  be  considered  sufficient, 
when  compared  with  those  adopted  by  Sir  Edward  Sabine,  viz.,  at 
Point  Barrow,  22''87,  with  a  horizontal  force  equal  1*88,  and  dip 
=  81°  36',  at  Port  Kennedy,  70'  with  horizontal  force  equal  035,  and 
dip  =  88°  27'.* 

After  rejecting  days  of  assumed  disturbance  the  hours  of  extreme 
deflection  are : — 

Floeberg  Bmtch^ 
Westerly  r?*'*^***'^  ^  ^•^•»  Easterly  f^^^^ber.  1  a.m., 

extreme.  1  f.^^*^'  V*^»  extreme. \  ^^^^  ^^  ^•''•' 

I  February,  a  p.m.  I  February,  2  a.m. 

Discovery  Bay. 
"  October,  11  A.M., 
Norember,  noon, 
Westerly  ^    December,  11  A.M.,  Easterly  ^ 

extreme.       January,  noon,  extreme. 

February,  11  a.m., 
^  March,  2  p.m. 

The  mean  values  for  the  whole  period  are . — 

We.teriyfl '''••••••; Van Ken^laer  Harbour   2  a.m.      ^j^^^^ 

extreme.  IJ"^''"^  I'''-    Fl.oeb«K  Beach 1  a^m        \^^^^l 

1 11  A.M DiBcovery  Bay Midmght  J 

The  general  effect,  therefore^  of  disturbance  is  to  accelerate  the 
arrival  of  the  magnet  at  its  points  of  extreme  deflection  bj  one  hour, 
in  addition  to  producing  a  much  larger  range  in  the  diurnal  variation. 
Thus,  with  disturbances  included,  the  range  is  35'*6 ;  with  their  re- 
jection it  is  only  16' '3  at  Discovery  Bay. 

The  erection  of  the  declinometer  houses  of  both  ships  on  the  ice- 
floe (which  rose  and  fell  with  the  tide),  renders  the  observed  motions 
of  the  magnet  open  to  the  suspicion  of  disturbances  other  than  those 
produced  by  magnetical  causes. 

Chiefly  for  this  reason  no  further  analysis  has  been  made  of  the 
disturbances  at  Floeberg  Beach. 

In  the  case  of  the  '^*  Discovery,"  comparisons  were  made  between 
the  declinometer  on  the  floe  and  the  unifilar  magnetometer  on  shore 
during  times  of  disturbances^  and  the  magnets  moved  alike,  with  two 
exceptions.  On  February  2iid,  the  magnet  on  shore  was  much  dis- 
turbed, that  on  the  ice  very  steady ;  at  midaight  of  February  28tli, 
the  reverse  took  place,  the  declinometer  being  disturbed  in  a  peculiar 
maimer,  whilst  the  unifllar  magnetometer  remained  nearly  steady. 

Analysis  of  Disturbances, 
For  computing  the  mean  hourly  values  of  the  disturbances  of  the 

•  See  "Phil.  Trans.,"  1863,  p.  656. 
VOL.  XXIX.  D 
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declination,  tlie  formula  nsed  by  Oaptain  (now  Sif  J.  H.)  Lefiroy,  in 
the  published  volume  of  his  "  Magnetical  and  Mefteorological  Obser- 
T^tions  at  Lake  Athabasca,^*  Jbc.,  "mis  adopted.  This  renders  the 
several  results  directly  comparable  with  other  series  obtained  at 
numerous  stations  on  the  I^rth  American  oontinent,  and  Van 
Rensselaer  Harbour,  Greenland. 

The  formula  for  a  whole  month  or  longer  period  is, 


\4 


^{^h-^hy. 


In  this  -iffh  represents  the  hourly  scale  readings,  yfth  the  monthly  mean 
at  the  same  hour,  N  the  total  number  of  the  observations,  IS^  ihe  sum 
of  all  the  squares. 

From  the  Values  of  the  mean  hourly  disturbanoe  without  regard  to 
sign,  it  is  found  that  the  disturbing  force  never  ceases,  and  that  in  the 
mean  monthly  values  it  decreases  as  the  winter  solstice  is  approached, 
and  increases  rapidly  towards  the  equinox.  This  points  to  an  accord- 
ance with  the  investigations  by  Mr.  Broun,  F.R.S.,  of  the  disturbances 
-of  declination  in  high  northern  latitudes,  '*  that  there  are  maizuna  at 
the  equinoxes  and  minima  at  the  8olstice8.'**t 

In  the  hourly  values  the  maximum  mean  disturbance  occurs  betwecH 
the  hours  of  9  a.m.  and  3  p.m.,  and  again  from  9  b.m.  to  2  a.m.  ;  the 
minimum  from  6  to  9  p.m.  and  3  to  8  a.m.  Comparing  the  results  for 
the  whole  period  at  Van  Rensselaer  Harbour  and  Discovery  Bay,  a 
marked  difference  is  apparent. 

At  the  first-named  place  the  disturbing  force  was  greatest  during 
the  night  and  least  during  the  day  :  at  Discovery  Bay  the  disturbing 
force  was  considerably  greater  during  the  day  than  the  night. 

Another  result  which  also  deserves  attention  is  that  of  the  meaa 
■maximum  disturbance  about  noon,  being  preceded  and  followed  hy 
smaller  values.  This  is  in  accordance  with  the  results  obtained  at 
Van  Rensselaer  Harbour,  Lake  Athabasca,  Toronto,  and  Sitka.  At 
Discovery  Bay  there  is  also  a  very  marked  disturbance  at  II  p. it. 

Having  considered  the  mean  disturbance  without  regard  to  -sign,  it 
yet  remains  to  be  seen  what  was  the  direction  of  the  distua:^aDces 
during  the  several  hours  of  the  twenty-four.  The  computed  values 
show  that  the  easterly  disturbances  prevail  over  the  westerly  during 
the  night  from  about  7  p-M.  to  7  a.m.,  and  during  the  remaining  hours 
of  the  day  the  westerly  disturbances  predominate. 

Talking  tlie  difference  between  the  mean  easterly  and  mean  westerly 
disturbances,  it  is  found  that  the  easterly  disturbance  is  both  moderate 
in  amount  and  monthly  change  when  compared  with  the  westerlv. 

Thus  the  ratio  of  the  excess  of  westerly  disturbance  in  December 
•  See  '*  Irregular  Fluctuations/*  &c.,  pages  74-75  of  that  work, 
t  See  "  Trans.  Boy.  Soc.  Edinburgh/*  vol.  xxyii,  Part  IV,  page  686. 
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to  tbat  in  March  is  3*25,  but  the  ratio  of  the  easterly  excess  in  the 
same  months  is  1*32;  the  mean  actual  values  being  —117  and  — 38*1; 
-h  8-5  and  +11-2. 

Among  the  peculiarities  of  the  disturbances  at  Discovery  Bay,  are 
two  which  exhibit  their  semi- American,  semi-Asiatic  character. 

At  Pekin,  Nertschinsk,  and  DiscoTery  Bay  the  aggregate  values  of 
the  westerly  deflections  decidedly  predominate,  the  contrary  obtains 
in  America.  In  North  America  "  the  conical  form  (of  the  curves) 
characterizes  the  easterly  deflections."*  The  same  occurs  at  Discovery 
Bay,  but  the  double  maximum — ^which  is  observed  in  the  easterly 
deflections  at  Pekin  and  Nert^chiusk,  and  the  westerly  in  North 
Americft— is  common  to  both  easterly  and  westerly  deflections. 

Objections  may  possibly  be  raised  to  a  comfparison  being  made 
between  the  observations  of  a  fefw  months  with  those  of  as  many 
years.  The  period  of  observation,  however,  includes  one  solstice  and 
the  subsequent  equinox ;  it  is,  therefore,  considered  that  according  to 
Mr.  Broun's  investigations  in  high  latitudes,  all  the  broad  features  of 
the  disturbances  have  been  rendered  prominent. 

Before  concluding  this  analysis,  the  question  of  how  far  the 
observed  and  assumed  da3r8  of  disturbance  at  Discavery  Bay  coincided 
with  those  at  Kew  Observatory  seems  worthy  of  exammation. 

The  period  embraced  by  these  observaJtions  was  one  of  great  dis- 
turbance, especially  towards  the  end  of  Pebmary  and  the  greater  part 
of  March,  the  declinometers  at  both  stations  being  for  the  most  part 
affected  on  the  same  days.  At  Kew  Observatory,  Mr.  Whipple 
noted  57  days  of  principal  disturbance,  while  at  Discovery  Bay  there 
were  72. 

The  two  greatest  disturbances  or  "  magnetic  storms,''  occurred  on 
the  19th  February  and  the  25th  March,  and  the  time  limits  at  the  two 
stations  agree  fidrly  in  "absolute  time,'*t  fchus :  the  principal  dis- 
turbances— 

Kew.  JHtcovery  Baif. 

19th  February,  r  Commenced  at  4  to  6  t.m.  I  Commenced  at  4  p.m. 

1875.  \  Ended  at  2  p.m.  of  2Uth     |  Ended  between  1  and  2  p.m.  of  20th. 

25th  to  26th     f  Commenced  at  11*45  a.m.  [  Abont  noon. 
March,  1875.  t  Ended  at  3*30  a.m.,  26th    I  Indeterminate. 

The  hours  of  disturbance  at  Floeberg  Beach  were  about  the  same 
(in  February)  as  at  Discovery  Bay. 

During  the  second  storm  of  the  25-26th  March  at  Discovery  Bay, 
the  magnet  kept  continuously  to  the  westward  of  the  normal  from 
ite  commencement  to  10.20  p.m.  (absolute),  and  at  6.50  p.m.  (absolute) 
it  had  deviated  4°  15'  from  the  mean  hourly  position,  whilst  at  Kew  it 
was  often  to  the  eastward  as  well  as  to  the  westward,  18'  being  the 

•  See  "  Phil.  Trans.  Roy.  Soc.,"  1863,  page  282. 
t  Or  mean  time  at  Greenwich. 
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greatest  decrease  in  the  declination ;  and  at  6.50  p.m.  it  was  12'  to 
the  eastward  of  the  normal. 

Finally,  it  may  be  stated  that  the  comparison  of  the  disturbances 
at  Kew  and  the  two  winter  quarters  observatories  of  the  Arctic  Expe- 
dition, 1875-76,  appear  to  confirm  Qanss's  conclusion,  that  "  the 
synchronons  disturbances  of  the  same  element  not  only  differ  widely 
in  amount,  but  occasionally  appear  to  be  even  reversed  in  direction." 

Auroras, 

The  appearances  of  auroras  and  the  synchronous  movements  of  the 
declinometer  magnet,  were  subjects  of  special  observation  during  the 
stay  of  the  "  Alert "  and  "  Discovery  *'  at  their  winter  quarters.  On 
all  occasions  they  were  observed  to  be-  faint,  with  none  of  those 
brilliant  manifestations-  which  are  described  by  our  own  officers  as 
seen  at  Point  Barrow,*  and  by  the  Anstro-Hungarian  Expedition  in 
Franz  Josef  Land,t  where  the  magnetical  instruments  were  so  sensibly 
disturbed. 

These  phenomena  were  not  observed  either  in  the  "  Alert "  or 
"  Discovery,"  especially  no  connexion  between  magnetical  disturbances 
and  the  appearances  of  am*ora8  could  be  traced. 

This  is  quite  in  accordance  with  the  remarks  of  previous  observers 
within  the  region  comprehended  between  the  meridians  of  60°  and 
90°  W.,  and  north  of  the  parallel  of  73°  N.  For  examples,  see  the 
remarks  of  Captain  Parry  and  Lieutenant  Foster  in  the  discussion  of 
their  magnetical  observations  at  Port  Bowen,  in  the  "  Phil.  Trans.," 
1826,  Part  IV,  page  7&.  Also  Mr.  A.  Schott's  discussion  of  Dr.  Kane's 
observations  at  Van  Rensselaer  Harbour, "  Smithsonian  Contributions," 
vol.  X,  1858. 

The  following  description  of  the  aurora  observed  on  21st  November, 
1875,  is  given  by  Commander  Markham  and  Lieutenant  Giffard  in 
their  abstract  of  observations  at  Floeberg  Beach  : — 

"Between  10  and  11  p.m.  bright  broad  streamers  of  the  aurora 
appeared  10°  or  15®  above  the  north  horizon,  stretching  through  the 
zenith,  and  terminating  in  an  irregular  curve  about  25**  above  the 
south  horizon,  bearing  S.S.W.  During  the  aurora's  greatest  brilliancy 
the  magnet  was  observed  during  five  minutes  to  be  undisturbed." 

The  aurora  was  visible  on  49  days  between  the  22nd  October,  187of 
and  the  27th  February,  1876. 

The  observations  from  which  the  foregoing  magnetical  results  have 
been  obtained  were  made  by  Commander  (now  Captain)  A.  H.  Mark- 
ham  and  Lieatenant  G.  A.  GifEard,  of  the  *^  Alert,"  Lieutenants  R. 
H.  Archer  and  R.  B.  Fulford,  of  the  "  Discovery." 

The  results  in  greater  detail  will  be  found  in  a  Parliamentary  paper 

•  See  "  PhU.  Tians.  Boy.  Soc.,"  1857,  page  408. 

t  See  "  AuBtarian  Arctic  Voyage,"  1872-74,  pages  827-328. 
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entitled  "  Arctic  Expedition,"  "  Results  derived  from  the  Arctic  Expe- 
dition, 1875-76,"  presented  to  the  Hoohcs  of  Parliament  in  the  session 
pf  1879. 

H.M.S. '' Alertr 

Declination, 

Oodhavn,  Disko, 

1875.  o  / 

9  July. .   7.0 P.M.. .    (Flagstaff)  Lat.  69°  \2f  56"  N. Long.  63°  43f  W.  67  128  W. 

13    „     (Maodougall  Island) 68  79  „ 

Ritenhenk. 
16    „   . .  t6.40  P.M.     Lat.  69°  46'  23"  N.  Long.  51°  r  46"  W 69    8-5   „ 

Proven.* 
W.     „    ..    4.20p.m.     Lat  72°  22^  N.  Long.  56°  45' W 75  320  „ 

Scut  Carey  Islands. 

.27    „   ...    8.401..M.     Lat.  76°  42^  K.  Long.  72' 25' W 105  20-7   „ 

Fori  Foulke. 

28     „   ..    5.40  p.m.     Reindeer  Point 110    40  „ 

Lat.  78°  19'  N.  Long.  72°  55|'  W. 

"Onice  ^ 110  492   „ 

109  14-5   „ 

Off  Eait  Cape  of  Pierce  Franklin  Bay HI  18*2   „ 

Lat.  79°  25'  N.  Long.  75°  3'  15"  W. 


9 Aug...    5.40p.m. 
11     „   ..    6.15  p.m. 


Dobbin  Bay. 

14    „   ..    6.30  P.M.     Lat.  79°  40^  y.  Long.  73°  6' 16"  W 107  252  „ 

•On  Ice  off  Hayes  Point. 

16     „   ..10.40  i.M.     Lat.  79°  ge' N.  Long.  72°  24' W Ill  230  „ 

Winter  (garters  Observatory. 

10  Sep.. .  10-5  iL.M.. .    Lat.  82"  27'  2"  N.  Long.  61°  22'  W. 98  16*9  „ 

„     „    ..   4.16P.M 97  57-6   „ 

11  „    ..    5.30p.m.. 97  480,, 

December  mean  from  Declinometer  (for  differential  obserrations)  97  46*6  „ 

1876.  January            „                            „                            „  98  01-8  „ 

February          „                           «,                           >,  97  51-7  „ 


*  On  a  smali  hill  just  left  of  Flagstaff.    JL  rock  at  the  place  where  the  rariation 
was  obserred  bad  tbe  marks  cut  into  it — 
xxi 
July 
1876 

H.M.S. 

Alert. 
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1875. 
May . . . 


July. 


Inclination, 

o         / 

Kew  Observatory  (depaiture) 67  47*54  N. 

Godhavfty  Ditho. 
Lat.  69^  IS' 5r  N.  Long.  53**  42^  W 8143-7     „ 

Winter  Quarters  Observatortf. 

NoTember Lat.  82°  27' 02"  N.  Long.  6^  22' W. .......... .  8443-4     „ 

l>eoembor    „  „ 84i44?4.    „ 

1876. 

January „  „  84  40*5     .,. 

February „  „ 84  39"^    „ 

March „.  „ 84  39-9     ,,. 

1877. 

2  Feb.  .. 2.80  P.M.     Kew  Obaerratory  (return) 67  43-9     « 

3  „     ..  11.30  A.M.   Kew  Ob8erFat<Mry   ., 67  44*2     „ 


1875. 
Miy... 


November   . 
December  . . 

1876. 
January  . . . 
February. . . 
March 

1877. 
January  . . . 


Horiz&iitcd  Forcft, 

Kew  Obson-atory  (departure) X— 3'8762»  . .  .^..-j   ^  ^^ 

Winter  Quurttrt  Observatltnf, 

Lat.  82°  27' 02^^  N.  Long.  61^  22^  W.  ..    „  -M33 -631^6^ 

„-1137o.,.  ....  -6374* 

„  -^140 -6370* 

„  ->1140 -6371 

M  -1140 -6376 


Kew  Obserratoiy  (return)^ „  «*3*< 


-626*' 


At  the  Winter  Qaarters  Obssn'atory  the  mean  valaes  of  P  or  co-. 
efficient  of  maj^etic  distiibation  for  the  uiiifilar  magnetometer  were 
at  distances  I'l  to  1-3  feet— 0212 ;  at  distances  1*2  to  1*4  feet— -0161. 
With  the  temperature  at  -f  4°  F.,  log  v^  Ar=l-66177. 

Assnming  the  mean  inclination  =^84^  42'  N;  during  the  period  when 
the  horizontal  force  was  observed  as  above,  the  total  force  =»  12*309  at 
Winter  Quarters  Observatory. 

Total  Foroe. 

(Observed  with  Lloyd's  needles  on  Barrow-s  Circle.) 
1875. 

July GKjdhavn,  Disko  (Flagstaff  Station) 12*530 X  — 1-805 

Lat.  69^  13'  56"  N.  Long.  53^  42'  W. 

Winter  Quart  erg  Observatory, 

November  . .    Lat.  82*  27'  02"  N.  Long.  61**  22'  W 12215  . . 

December  ..  „  „  12'19S.. 


n  -1122 
„  -1119 
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1876. 

January  ....   Lat.  82^  2r  02"  N.  Long.  6^  2ar  W.. . . . ...  12-303 X -1143 

Febnutfy....  „  ^  12*260 ,,-11^ 

March „  „.  12*316 ,,-1145 

1877. 
Febmaiy....   £0w  Observatory  |r«iuni) 10*273 „  -«3*891 

In  computing  the  horiaontal  from  the  total  force  the  yalaes-  of  the 
inclination  have  been  takan  from  those  ebserved  at  the  time  ^f  the 
total  force  obsencadons. 

ObeervaUons  of  Declination  made  with  Sledge  Cbmpasa  near  the  Extreme 
Northerly  Position  attaint  m  the-  Expedition, 

1876.  6May Lat  88"  16i' N.  Long.  62»  40^' W 102*»W. 

H       8    „      ......  Lat.  88**  17i'N- Long.  62**  401' W 98°  W. 

Resulte  of  Odservaitione  fnade  with  Fox^s  Circles. 

Inclination, 
1875.  o     . 

9lol8July..   GhxlhaTn,  Disko  (FlagBtaflF  Statioi^  Circle,  Na  28. .   81  66  K. 

Lat.  60"  18'  66f'  N.  Long,.63?  42f  W.    ..       „      No.  2  ..   81  44  „ 

laJnly    Bitenbenk: 

Lat.69°46'N.  Long.6r06rW „      No.  28..   82  00,, 

21     „       ....    ProTen : 

Lat.  72°  22' N.  Long.  66**  46' W „  „  82  48,, 

1876. 

8  May Northern  Jooraey „      No.  2. 

IjUi.  83°  17' N.  Long.  62°  40^  W „  „  84  89,, 

(Approx. 

llMay IjUi.  83°  19' N.  Long.  62°  39' W „  „  85  20,, 

(Approx.) 

Intensity, 

1826. 

9  to.  13  July. ..  OodhaTn,  Disko  (Flagstaff  Station)  ....   Oirde,  No.  28. .   12*561 

Lat.  69°  18' 66"  N.  Long.  6af  42f  W.   ..       ^  „     ..   12*678 

H.lfjSv  "" Discowry^/,*^ 
Deelination, 

1876.  8  July....     6a.m...  Oodharn, Disko 68    7*^;^. 

„     9    „   ....    10  ▲.K...   Oppoeite  aids  of  harbour  to  Flagstaff  .»     68    8  ,^ 
„   12    „    ....    3.80P.ii.   Lat.  60°  14' N.  Long.  63?  42' W 68  46  ,^ 

C<fr«y  Itlands, 
„  27    „    ....   6.10a.m.   Lat  76°  48' N.  Long.  72!°  26' W. 105    7  „ 

Cape  Sakine, 
„  81    „   ....   4.0  p.m.     Lat  78*  48' N.  Long.  74"  20^  W 107  69  „ 
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On  Ice. 


1876.  7  Aug.... 

.    2.45  P.M.    Lat.  79°  16'  N.  Long.  74**  IC  W.  . . . 
Cape  Freecott, 

...    110  18     ^ 

W. 

>»     °    „    . .  •  • 

8.0  B.M.     Lat.  79°  26'  N.  Long.  74°  45'  W.  ... 

...    110  59 

>» 

„  11  

5.40  P,M. 

Dohlin  Baif. 

...    109  38 

»» 

„    14     

4.0  p.m.     Lat.  79°  41' N.  Long.  72°  58' W.  ... 
On  loe  {near  C,  CoUimony 

...    108  14 

»» 

,,  ai   

4.0  p.m.     Lat.  SOf'd'N.  Long.  70°  22'  W 

Hannah  Island, 

. ..    106     1 

f» 

„    --4     „    . . . . 

0.46  P.M.   Lat.  81°  7'  N.  Long.  68**  58'  W 

...     97  46* 

>f 

„     9Nov 

10.0  A.M.    Lat.  81°  44'  N.  Long.  65°  8'  14"  W. . 

...    101  43 

t» 

6.45  p.m.                 ^ 

...    101  13 

»♦ 

^,   28  Deo..... 

5.80  p.m. 

...    101  49 

„ 

6.80  p.m. 

...    101  44 

»» 

1876.  2lJan.   .. 

5.80  p.m. 

...    101  26 

»» 

„     KTFeb.   ., 

5.80  p.m.                 ^.                       ^ 

. . .    101  14 

»» 

..     17    „     .. 

7.0  P.M. 

. ..    101  50 

>» 

v,     22    ,.      .. 

Noon  ..                 „ 

...    101  63 

„ 

1  March 

4.80  p.m. 

...102    7 

*> 

jy      22     „      .. 

4.80  p.m. 

...    101  33 

»> 

3  July    • 

...    101  47 

1876.  October    " 

MeanfromDeclinometer  (for  difPerentialobBerrati 

Lons)  102  02-5 

,, 

„    November 

»»                       'ft                      ^ 

101  49-5 

»• 

„    December 

>»                       »»                       »» 

101  47*5 

„ 

1876.  January 

»»                       '»>                       »» 

101  44-4 

»» 

„     February 

iy                             •^                               >» 

101  40-2 

»» 

„     March. .^ 

■*»                               »>                               »i 
Cape  Frazer, 

101  40-7 

" 

,.     24  Aug.  . 

.    10.40  a.m.    Lat.  79°  47i' N.  Long.  71°  lO' W.  . 
(Near)  C.  Louie  Napoleon, 

...   108  59 

»» 

„      26    ,.      . 

.    10.80  a.m.    Lat.  79°  40' N.  Long.  72°  5' W.  . .  . 
Dobbin  !Bay, 

...    109  46 

" 

„      29     „      . 

.   10.4  a.m.     Lat.  79°  41' N.  Long.  72°  53' W.   . 
Walms  Island  (on  Ice). 

...109     1 

>f 

„        9  Sept.  . 

.   O.BO  P.M.     Lat.  79°  24'  N.  Long.  74°  45'  W.  . 

...    Ill  12 

>» 

.,     27    „      . 

.    11.45  JL.M.   Lat.  69°  14' Long.  58°  42' W 

...     68  20 

>» 

•  Doubtful  result. 
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JEgedesfmmde, 
1876.  29  Sept.  ..   0.16  p.m.     Lat.  68°  43' N.  Long.  62°  64' W 67    2  W. 

Inclination, 
, Kew  Obseiratory  (departure)    67  47'6  N. 


1875. 
Maj.. 


Godhatm,  DUho, 
Julj Lat.  69°  14'  N.  Long.  63°  42'  W. 


81  48-2 


Winter  Quarteri  Ohtervatoty, 

September Lat.  81°  44' N.  Long.  65°  8' 14"  W 84  49*9  „ 

8445-6  „ 

8447-9,, 

84  49-9,, 


October  . 

Korember 

December 

1876. 

January.. 
Febroary 
March    .. 

April  •  • . . 

June  .  • 

July 

21  Aug... 

9.0  P.M. 

29    „    .. 

6.0  P.M. 

29  Sept. 

1.0  P.M. 

1877. 

14  Feb.. .  11.0  A.M. 

1876. 


84  60-2,, 

8460-8,, 

84  58-7  „ 

8448-2,, 

„ 84  56-9  „ 

■9,                84  53*6  „ 

RawUne  Bay. 

Lat.  80°  21' 5"  N.  Long.  70°  0' W 86    6-6  „ 

Dohhin  Bay. 

Lat.  79°  41' N.  Long.  72°  63' W 85  149  „ 

Egedesmmnde. 

Lat.  68°  43' N.  Long.  62°  64' W 82    02  „ 

Kew  Obeenratoiy  (return) 67  44*7  „ 

Horigontcd  Force, 


May Kew  Observatoiy  (departure) X=3-878  ••  {^"J^^* 


Winter  Quartert  Oheervatory. 

October....    Lat.  81°  44' N.  Long.  65°  3' 14"  W „  -1188 

Korember..  „  „  ,,-1132 

December  . .  „  „  „  -1*121 

1876. 

Januaiy „  „  „  -1117 

Febnuu7    ••  »»  »»  „  -1146 

Jttly    »  »  ,,  -1128 

1877. 

14  Feb 3.5  P.M.  to  4.24  P.M. . .  Kew  Observatoiy  (return)  „  -3.917 
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Assuming  the  mean  inclination  =  S^**  50'  N.  daring  the  period  when 
the  horizontal  force  was  observed  as  above  at  Winter  Quarters  Obser- 
vatory, the  total  force  =  12*559. 

At  Winter  Quarters  Observatory  the  mean  values  of  P  or  coefficient 
of  magnetic  distribution  for  the  unifilar  magnetometer  were  at  dis- 
tances 1'3  to  1*6  feet  +  '0515  from  the  observations  in  October, 
November,  December,  and  -h  "0270  during  the  last  three  months. 
With  a  mean  temperature  of  +  25**,  log  sr^  A;  =  1*656981. 

Tdtal  Force, 

(Observed  with  Lloyd's  needles  on  Barrow's  Dip  Circle.) 

1876. 
12  July. ...    ]i2  to  1  P.H.. .   Godhtt^ai»  Disko  (on  opposite  aide  of    12*387  Z*  1*770 

harbour  to  flagstaff.) 
Lat..69°  14'  N.  Long..63*»  42'  W. 

Winter  Quartert  Ohservatofy. 

October Lat.  81**  44'  K  Long.  65**  8'  14"  W.     12180  „  -1108 

November „  „  12*269  „  =«  1113 

December „  „  12*227  „«  1101 

In  computing  the  horizonibal  from  the  total  force  the  values  of  the 
inclination  have  been*  taken  from  those  observed  about  the  time  of  the 
force  observations. 

Besidte  cf  Observations  made  with  Fox's  Ovrde, 

Inclination, 
1875.  ,     , 

8tol2Jaly QodhsTii,  Disko. Circle  No.  29. .   81  56  N. 

(StBiion  OH)  opposite  side  of  harbour  to 
Flagstaff  Station  of  "  Alert.") 
Lat.  69°  14'  N.  Long.  58?  42'  W. 

21  „      Pnoven ...., „  ..    83    4  „ 

Lat  72**  22'  N.     \  .  ««^««.*f^ 
Long.  56^45' W.;^PP~"^*"- 

22  „. Upemiyick... „  .,8812^ 

Ut.72r>4rN.     l^p^^i,,^ 
Long.,«6°  3' N.    / -»*P"'"««*«*' 

Ihiensity, 

ltol2    „      .,..   Godhavn,  Disko „  .,    12*514 

(Station  on.  opposite  side  of  harbour  to 
Flagstaff  Station  of  "  Alert.") 
Lat.  69°  14'  N.  Long.  58°  42'  W. 
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IV.  "  On  the  Relation  between  the  Diurnal  Range  of  Magnetic 
DecUnation  and  Horizontal  Force,  as  observed  at  the  Royal 
Observatory,  Greenwich,  during  the  years  1841  to  1877, 
and  the  Period  of  Solar  Spot  Frequency."  By  William 
Ellis,  F.R.A.S.,  Superintendent  of  thd  Magnetical  and 
Meteorological  Department,  Royal  Observatory,  Greenwich. 
Commuinicated  by  Sir  George  AiRT,  K.C.B.,  F.R.S.,  Astro- 
nomer Royal     Received  April  23,  1879. 

(Abstract.) 

In  this  paper  the  anthor  dt^aws  attention  to  the  long  Beries^  of  mag. 
ne^ical  observations  which  liave  been  made  at  the  Royal  Observatory, 
under  the  direction  of  Sir  George  B»  Airy,  K.C.R,  Astronomer  Royal. 
Commencing  ia  the  year  1841,  the  observations  for  a  few  yean  con- 
sisted of  eye  readings  of  the  various  instruments,  made^  every  two 
hours;  since  the  year  Ii84i8  the  motions  of  the  magnets  have  been 
registered  by  photography,,  according  to  a  plan  arranged  by  Mr. 
ChaFlee  Brooke.. 

Attention  is  briefly  drawn  to  the  qpestion  of  magpietio  variations, 
and  to  the  circnmstaaice  thai  examination  o£  the  GreeuTvich  records 
shows  that,  in  addition  to  the  ordinary  diornal  and  annual  changes, 
there  appears  to  exist,  in  the  magnetic  dinrual  ranges,  an;  ineqpality  of 
marked  charactar,  and  of  longer  period,  resembling  in  its  features  the 
w^-eetafclished  eleven-year  sun-spot  period. 

?t  is  remarked  that  this  is  not,  by  any  means,  the  first  time  that 
such  relation  has  been  discussed,  it  being,  by  some  investigators, 
eoDsidered  to  be  already  sufficiently  well  proved.  Blit  it  appeared 
to  the  author  that  the  long  series  of  Ghreenwich  observations  might  be 
well  applied  as;  an  independent  test  of  the  accuracy  of  the  supposed 
reltition.  For  (as  regards  the  resnlt-s  actually  employed)  tiie  observa- 
tions have  been  throaghont  made  on  the  same  general  plan^  and  with 
the  same  instruments.  Tbe«  conclusion,  arrived  at  should  therefore 
be- one- worthy  of  some  confidence. 

The  results  for  declination  and  horizontal  force-  only  are  used, 
because,  the  vertical  force  instrument  having  been  more  than  once 
changed,  the  strict  conMnuity^of  the  record  bf  the  latter  instrument  is 
somewhat  broken. 

The  monthly  mean  dinmal  range  of  declination,  or  of  horizontal 
force,  is  taken  to  represent  the  magnetic  energy  of  the  montli  rela- 
tively to  other  months.  Two  series  of  numbers  are  thus  formed,  each 
series  being  treated  independently.  Days  of  xmusual  magnetic  dis- 
turbance are  omitted. 

Before  the  numbers  can  be  compared  with  sun-spot  numbers,  it  is 
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necessary,  in  order  to  estimate  progressive  change,  to  treat  them 
in  some  way  that  will  eliminate  the  actual  annual  inequality.  This  is 
done,  both  for  declination  and  horizontal  force,  by  taking  the  mean  of 
each  twelve  consecutive  monthly  values,  and  aguin  the  mean  of  each 
two  consecutive  values,  giving  a  series  of  annual  or  smoothed  means, 
the  mean  epochs  of  which  differ  by  one*  month. 

In  the  forty-third  volume  of  the  **  Memoirs  of  the  Royal  Astro- 
nomical Society,"  Dr.  Rudolf  Wolf,  of  Zurich,  gives  a  table  of  relative 
solar  spot  values,  found  by  treating  actual  monthly  numbers  (for  the 
purpose  of  removing  accidental  irregularities),  exactly  in  the  same 
way  in  which  the  monthly  magnetic  numbers  were  treated. 

The  magnetic  numbers  and  Dr.  Wolf's  san-spot  numbers  are  thus 
strictly  comparative,  and  from  these  numbers  •carves  are  drawn  which 
show  a  remarkable  similarity.  Not  only  do  the  epochs  of  minimum, 
and  maximum  accord,  but  smaller  changes  are  also  seen  to  appear  in 
all  three  curves. 

The  epochs  of  mininmm  and  maximum  being  tabulated,  it  is  found 
that,  on  the  average,  the  mean  magnetic  epoch  fellows  the  sun-spot 
epoch  by  0*27  of -a  year.  By  another  method  of  tabulation  the  differ- 
ence becomes  reduced  to  O'lO  of  a  year.  Some  other  interesting 
details  are  here  added. 

The  general  circumstance  that  the  diurnal  ranges  of  magnetic 
elements  are  subject  to  an  eleven-year  period,  similar  to  that  of 
snn-spots,  being  considered  to  be  satisfactorily  established,  it  seemed 
desirable  to  ascertain  whether  the  more  iitful  changes  of  the  pheno- 
mena in  any  way  also  correspond.  In  order  to  make  this  comparison, 
the  magnetic  numbers,  instead  of  being  soHKithed,  as  before  described, 
were  now  cleared  only  of  the  coverage  annual  inequality,  and  compared 
with  the  actual  moniJbly  sun-s^t  n ambers  (not  the  smoothed  num- 
bers as  before).  Curves  are  given,  founded  on  these  numbers,  and 
they  show  some  very  remarkable  correspondences  between  the  more 
rapid  sun-spot  and  magnetic  variations,  especially  between  the  years 
1869  and  1873.  It  is  remarked  that  the  magnetic  results  appear 
to  be  sensibly  improved  since  the  instruments  were  placed  (in  the 
year  1864)  in  an  underground  apartment  in  which  the  diurnal  range 
of  temperature  is  less  than  1^. 

Further  inquiry  seems  to  point  to  a  variation  in  the  annual  in- 
equalities of  magnetic  diarnal  range.  This  question  is  discussed  in 
some  detail,  and  the  numbers  and  diagrams  given  appear  to  show  that 
such  variation  really  exists,  the  inequalities  being  increased  at  the 
time  of  a  sun-spot  maximum,  and  diminished  at  the  time  of  a  sun-spot 
minimum. 

The  following  are  the  general  conclusions  supposed  to  be  derived 
from  the  whole  inquiry : 

1.  That  the  diurnal  ranges  of  the  magnetic  elements  of  declination 
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and  horizontal  force  are  subject  to  a  periodical  variation,  the  duration 
of  which  is  equal  to  that  of  the  known  eleven-year  sun-spot  period. 

2.  That  the  epochs  of  minimum  and  maximum  of  ma^etic  and 
snn-spot  effect  are  neariy  coincident;  the  magnetic  epochs,  on  the  whole, 
occurring  somewhat  later  than  the  corresponding  sun-spot  epochs. 
The  variations  of  duration  in  different  periods  appear  to  be  similar  for 
both  phenomena. 

3.  That  the  occasional  more  sudden  outbursts  of  magnetic  and  sun- 
spot  energy,  extending  sometimes  over  periods  of  several  months, 
appear  to  occur  nearly  simultaneously,  and  progress  collaterally. 

4.  That  it  seems  probable  that  the  annual  inequalities  of  magnetic 
diurnal  range  are  subject  also  to  periodical  variation,  being  increased 
at  the  time  of  a  sun-spot  maximum,  when  the  mean  diurnal  range  in 
increased,  and  diminished  at  the  time  c^  a  sun-spot  minimum,  when 
the  mean  diurnal  range  is  diminished. 

Conclusions  lios.  1,  2,  and  3  appear  ta  be  sufficienjtly  certain,  but 
the  evidence  in  favour  of  I^o.  4  is  not  so  decisive. 


May  15,  1879^. 

THE  PRESIDENT  in  the  Chair. 

The  Presents  received  were  laid  on  the  table  and  thanks  ordered  for 
them. 

The  following  Papers  were  read : — 

I.  "  Note  on  a  recent  Commimication  by  Messrer.  Liveing  and 
Dewar."  By  J.  NoRMAN  LOCKYER,  F.R.S.  Received 
April  30,  1879. 

In  my  paper  of  last  December*  I  called  attention  to  the  importance 
of  discussing  Young's  observations  of  the  chromospheric  lines  in  con- 
nexion with  the  spectra  of  the  metallic  elements.  In  subsequent 
communications  I  have  given  preliminary  results  of  this  discussion  so 
far  as  it  has  already  proceeded. 

Since  my  paper  was  read  Messrs.  Liveing  and  Dewar  have,  in  a 
paper  printed  in  the  last  number  of  the  "  Proceedings,"  given  a  table 
which  professes  to  state  the  number  of  times  various  lines  in  certain 
metals  were  seen  by  Young  in  connexion  with  certain  reversal  pheno- 
mena observed  by  themselves. 

The  statements,  however,  made  in  this  table  with  regard  to  the 
•  "  Proceedings,*'  toL  xxriii,  p.  172. 
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visibility  of  certain  lines  in  the  chromcsphere  do  not  appear  to  be  in 
accordance  with  Yoanf2^*s  published  tables,  and  as  Messrs.  Liyeing  and 
Dewar  have  in  a  still  later  paper  drawn  theoretical  conclnsions  from 
these  statements,  I  think  it  desirable  to  call  attention  to  the  fact,  in 
order  to  prevent  any  confusion  which  might  otherwise  arise. 
It  will  be  sufficient  to  refer  to  two  cases : — 

I.  Messrs.  Liveing  and  Dewar  state  that  two  lines  of  alominiom, 
the  wave-lengths  of  which  they  give  as  6245  and  6237,  have  each 
been  seen  by  Young  eight  times. 

According  to  Thal^n's  measurements,  which  are  the  be^  that  we 
possess,  there  are  no  lines  of  aluminium  in  these  positions.  He  gives, 
however,  lines  at  6244*0  and  6234* 0. 

Young,  moreover,  states  that  he  «aw  reversed  a  strong  line  (clearly 
shown  in  Angstrom's  map  to  be  an  iron  line)  at  6245*4,  and  a  line 
which  he  does  not  ascribe  to  any  element  at  6237*3,  which  is  more 
than  three  divisions  of  the  scale  from  the  position  of  the  aluminium 
line. 

II.  In  the  case  of  potassium,  Messrs.  Liveing  and  Dewar  give  two 
lines  at  wave-lengths  4044  and  4042  as  having  been  seen  by  Young 
three  times.  I  know  *of  no  potassium  lines  at  the  places  given; 
Young  moreover  has  recorded  the  reversal  of  no  potassium  line  in 
this  region.  What  Young  distinctly  states  he  saw,  was  the  reversal 
of  the  iron  line  at  4045*0,  which  is  one  of  the  most  marked  iron  lines 
in  the  spectrum  of  the  son.  To  this  reversal  I  i-eferred  in  my  paper  of 
December  12th.* 

It  is  perfectly  true  that  there  are  two  potassium  lines  in  this  region ; 
they  were  not  mapped  by  Thalen,  and  they  were  only  seen  as  a  single 
line  by  Lecoq  de  Boisbaudranf  and  the  wave-length,  given  as  4045,  as 
his  dispersion  was  limited,  did  not  enable  us  to  determine  its  true 
position  with  reference  to  the  Fraunhofer  lines.  Last  year,  however, 
I  not  only  stated  the  double  nature  of  this  line  on  photographic  evi- 
dence,^ and  pointed  out  that  both  components  were  absent  from  the 
spectre  normal,  but  I  gave  their  wave-lengths  as  4042*75  and  4046*28 
(positions  which  will  only  find  the  last  place  of  decimals  altered,  even 
if  it  be  altered,  in  the  revision  of  the  map  now  being  proceeded  with), 
and  on  the  strength  of  them  announced  the  existence  of  potassium 
in  the  sun.  Messrs.  Liveing  and  Dewar  do  not  state  whence  their 
wave-lengths  were  derived,  neither  do  they  refer  to  my  communication. 
It  would  appear  therefore  not  only  that  the  reference  to  Young's  work 
in  many  cases  is  founded  upon  some  misunderstanding,  but  that  a 
higher  degree  of  accuracy  than  that  employed  by  Messrs.  Liveing  and 
Dewar  is  necessary  to  determine  such  coincidences.  I  may  state 
generally  that  my  eleven  years*  work  on  this  special  branch  han  led 

•  "  Proceedings/'  vol.  iiTiii,  p.  172.  f  "  Spectres  Lumineux,"  texte,  p.  48. 

J  "  Proceedings,**  toI.  xxTii,  p.  280. 
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me  to  tlie  conclusion  that  all  statements  of  coincidences  between 
metallic  and  solar  lines  with  a  lower  degree  of  aocuracy  than  that 
employed  by  Thal^n  and  Young  are  to  be  avoided  when  possible  as 
they  may  be  worse  than  useless,  they  may  mislead.  Indeed,  though 
the  map  on  which  I  am  working  is  on  twelve  times  the  scale  of 
Angstrom's,  it  would  be  better  if  it  were  larger ;  and  when  I  say  this 
I  must  add  my  tribute  of  admiration  of  the  accuracy  of  the  work  of 
those  who  have  preceded  me,  notably  Angstrom,  Thalen,  Comu,  and 
Young,  with  whose  work  I  am  more  familiar,  as  it  is  expressed  in 
wave-lengths. 


IL  "  S«r  la  Limite  TTltraviolette  du  Spectre  Solaire."  Par 
MonB.  A.  'CoRNU.  Communicated  by  the  President.  Re- 
ceived May  15,  1879. 

Je  me  suis  propose  Aepuis  plusieurs  anuses  d*obtenir  la  limite 
extreme  du  spectre  solaire  xlu  c6t4  ultraviolet,  c'est-^dire,  du  c6t^ 
des  courtes  longueurs  d'onde.  La  connaissance  exacte  de  la  limite 
de  ce  spectre  on  plut6t  de  ^a  loi  suivant  laquelle  d^crert  IHntensit^  du 
spectre  continu  id^al  de  la  photosphere,  apporterait  sur  la  difficile  qpies- 
tien  de  la  temp^ture  du  soleil  des  donn6es  au  moins  aussi  impor- 
tantes  que  Jes  mesures  thermiques,  correspondant  aax  radiations  k 
grande  longueur  d'onde. 

Malheureusement,  comme  on  va  le  voir,  Fatmosphere  terrestpe  exerce 
sur  les  radiations  k  courte  longueur  d'onde  une  absorption  si  6ner- 
gi^ne  que  la  majeure  partde  du  spectre  solaire  ultraviolet  est  inter- 
cepts d'une  maniere  complete;  T^tude  que  je  m'^tais  propos^e  est 
done  actnellement  impossible  sous  la  forme  simple  <}ue  j'avais  ima- 
ginee ;  n^anmoins  les  r6sultats  obtenus  en  vue  de  ces  recherches  pre- 
sentent  qnelque  int^r^t,  m^me  au  point  de  vue  auquel  je  m'6tais 
primitivement  plac^;  ils  jettent,  en  to«8  cas,  un  certain  jonr  sur 
Failure  probable  de  Tabsorption  atmosph^rique  k  Tantre  extr^mit^  du 
spectre  moins  facile  ^  ^tudier,  et  montrent  cpie  le  ph^nomene  thermique 
est  plus  complexe  que  ne  le  suppose  le  mode  experimental  g^n^rale- 
ment  adopte  pour  revaluation  de  la  temperature  du  soleil. 

Pour  rester  dans  le  domaine  des  faits  et  de  leurs  consequences  les 
plus  immediates,  je  me  bomerai  ici  k  donner  un  resume  succinct  des 
experiences  k  Taide  des  quelles  j*ai  cherche  k  obtenir  photographique- 
ment  la  limite  extreme  ultraviolette  du  spectre  solaire  et  Tanalyse  des 
conditions  qui  permettraient  de  reculer  un  pen  cette  limite. 

Mode  d*  Ohservatiath, 

Le  spectroscope  dont  je  me  sers  generalement  est  compose  d'un 
coUimateur  et  d'une  lunette,  dont  les  objectifs  sont  respectivemcnt 
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formes  par  nne  lentille  plan  convexe  de  quartz  (d'environ  0"'26  de 
longnenr  focale  ponr  la  raie  D)  ;  le  prisme  est  en  Spath  d*Islande ; 
on  ntilise  le  rayon  ordinaire  dont  la  dispersion  est  assez  grande. 
Comme  les  objectifs  ne  sont  pas  achromatiqaes,  la  mise  au  point 
est  variable  avec  la  refrangibilit^  des  rayons ;  nne  table  constmite 
exp6rimentalement  donne  les  variations  de  tirage  de  la  lunette  et  du 
collimatenr  ponr  Tobservation  des  rayons  de  cbaqne  refrangibilit^. 

Qnoiqne  le  Spath  d'Islande  ne  soit  pas  anssi  transparent  qne  le 
quartz,  n^anmoins,  pour  Tobservation  du  spectre  solaire,  Tappareil  est 
parfaitement  convenable,  car  Tabsorption  par  le  Spath  d'Islande  ne 
commence  a  devenir  appreciable  que  pour  les  tres  courtes  longueurs 
d'onde  (X=210  millionemes  do  millimetre)  ;  or  les  demieres  radiations 
solaires  qu^on  puisse  observer  n'atteignent  pas  \=290.  Des  expe- 
riences comparatives  faites  avec  des  prismes  de  quartz  et  de  Spath 
d'Islande  en  prenant  pour  source  nne  ^tincelle  d'induction  oht  montre 
la  complete  ^galit^  de  transparence  des  deux  substances  entre  les 
limites  indiqu^es ;  Tavantage  reste  toutefois  au  Spath  dont  les  rajons 
sont  plus  s6pares  et  plus  disperses. 

Au  foyer  de  la  lunette  on  place  nne  plaque  fluorescente  de  verre 
d*urane  pour  la  verification  approch^e  des  r^glages,  et  finalement  una 
petite  glace  sensibilis6e  par  du  collodion  humide.  La  dur6e  d'ex- 
position  varie,  suivant  les  besoins,  de  2^  ^  6  minutes,  pour  obtenir  la 
limite  extreme  du  spectre. 

A  Taide  d'un  h^liostat  dont  le  miroir  est  remplacee  par  un  prisme 
reflecteur  en  quartz  on  concentre  lo  faisceau  du  lumiere  sur  la  fenie 
du  collimatenr  k  Taide  d'une  lentille  de  quartz.  La  limite  du  spectre 
est  variable  suivant  r6tat  de  I'atmosphere,  la  nature  du  collodion 
employ^,  et  la  dur6e  d'exposition ;  mais  en  choisissant  les  plus  belles 
jonmees,  en  adoptant  un  collodion  de  composition  constante,  et  une 
duree  d'exposition  toujours  la  meme,  on  obtient  des  series  tres  com- 
parables.     Voici  un  exemple  d^observation : — 

11  Septembre,  1878.     Observation  fait  k  Courtenay  (Loiret).    Lati- 
tude  48°  2'  20".      Dur6e   d'exposition,  2-»^— cliches  renforc^s  une 

fois. 

h.  m. 
D6but  de  rexp^rience     10  30  a.m.  Limits  \=295*5 

0  2  p.M 2950 

1  18     295  5 

1  50    2970 

3    9     2990 

3  40     3020 

4  17     304-5 

4  38     307-0 

5  2 3120 

5  14    3150? 
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Remarque, — Les  raies  d'absorption  dans  Torang^,  voisines  de  la  raie 
D,  sont  notablement  plus  faibles  que  de  coutnme. 

La  limite  dn  spectre  est  exprim^e  en  longueur  d'onde,  par  com- 
paraison  avec  la  carte  que  j'ai  construite  d'apres  les  observations  faites 
pendant  I'^t^  de  1877. 

On  voit  que  T^tendue  du  spectre  diminue  avec  la  hauteur  du  solell, 
ce  qui  tend  k  prouver  que  c*est  k  Pabsorptiou  de  Tatmosphere  qu'est 
due  cette  limitation. 

Apres  divers  essais  faits  d'apres  cette  mani^re  de  voir,  j'ai  6t6  con- 
duit k  repr^senter  par  la  courbe  suivante  les  r^sultats  des  observations; 
on  porte  oomme  abscisse  la  lotigueur  d*onde,  limite  observ^,  et 
comme  ordon^^  le  hgarithme  d^  sinus  de  la  hauteur  du  soleil  (on  sait 
que  les  ^paisseurs  atmosph^riques  travers^es  par  les  rayons  solaires 
sont  sensiblement  en  raison  inverrse  du  sinus  de  la  hauteuT  du  soleil). 
L'ensemble  des  points  aiusi  d6finis  so  trouvent  pour  une  m^me  ioum6e 
repartis  sur  une  courbe  ifort  peu  pres  rectiligne,  les  variations  corres- 
pondant  k  des  alterations  momentan^s  de  la  transparence  de  Tatmo- 
sphere.  Dans  les  belles  joum^  les  limites  du  spectre  sont  sensiblement 
les  m^mes  pour  les  m^mes  hauteurs  du  soleil.  Dans  les  joum^ 
l^gerement  brumeuses  les  limites  observ^es  sont  un  pen  moins  6ten- 
dnes,  de  sorte  que  le  d^faut  de  transparence  se  traduit  par  un  deplace- 
ment  de  la  ligne  parallhlentent  a  eUe-viSme.  La  transparence  de  Tatmo- 
sphere  pour  les  radiations  ultraviolet tes  parait  augmenter  au  raois  de 
Septembre  et  Octobre,  et  se  continuer  m^me  en  hiver  en  D^cembre  et 
Janvier ;  malheureusement  les  belles  journ^s  sont  rares  en  hiver,  et 
il  est  difficile  de  decider  si  cette  augmentation  de  transparence  est 
sp^ciale  aux  temps  froids,  ou  si  elle  provient  de  ce  qu*on  ne  choisit,  en 
hiver,  que  les  joum^es  ou  le  ciel  pr^sente  la  transparence  maximum. 

La  construction  de  plus  d'une  centaine  d'observations  aux  diverses 
heares  de  la  joumee  m'a  conduit  k  adopter  comme  ligne  mojenne  la 
droite  qui  passe  par  le  point 

«in  7t=     0*49> 
X=300, 

et  parallele  k  la  direction  d^finie  par  les  deux  points 

sinA=     075,  «mA=     O'SO, 

X=295,  X=306 

(relev^  sur  un  courbe  dont  les  ordonn^  repr^sentaient  les  ^us  des 
hauteurs  vraies  du  soleil  au  debut  de  Tobservation).  On  en  deduit 
r^uation  empirique 

sin  Ae=  0-49  lO-o^^^Bfx-aoo)^ 

ou  si  Ton  calcule  avec  logarithmes  superieurs, 
sinA=0-49  e-0"08330(x-3oo), 

VOL.  XXIX.  B 
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La  limite  la  plus  eloIgn6e  que  j'ai  pn  obtenir  correepond  k  la 
longneur  d'onde  293;  elle  a  6te  atteinte  aveo  certitude  deux  fois 
seulement,  le  24  Juin  et  le  18  AoM  1878,  aux  environs  de  midi. 
Les  radiations  X=294  k  295  ont  6t6  atteinte  bien  des  fois  de  Mai  k 
Septembre,  1877  et  1878,  et  r^cemment  lo  5  Mai  1879. 

Malgr6  les  nombreux  essais  faits  dans  les  meilleures  conditions  aoit 
k  Paris,  soit  k  la  oampagne,  il  m*a  6t6  impossible  d'aller  pins  loin. 

Examen  des  Causes  d^Brrenrs. 

Cette  recberebe  d*une  limite  de  visibility  comporte  ividemment,  a 
an  point  de  vue  absolu,  bien  des  causes  d'erreurs,  dont  les  denx  prin- 
cipales  sont : — 

1°.  Les  ui^galit^s  de  transparence  de  Tatmospbere ; 

2°.  L*inegalit6  des  effets  pbotograpbiqnes  provenant  de  la  Rensibilite 
specifique  du  collodion  employ^  et  de  la  duree  de  I'exposition. 

1°.  Inegalite  de  Transparence  de  V Atmosphere,  — Cette  cause  d'errenr 
etant  inevitable,  on  ne  peat  en  att^nuer  les  efFets  que  par  nne  longne 
f^ine  d'observations ;  il  est  k  remarqner  que  si  Ton  prend  soin  de 
choisir  des  jours  sans  nuage  ni  brume,  les.  in6galit6s  se  rMnisent  k 
bien  pen  de  chose,  et  soni/  de  Tordre  des.erreurs  que  les  accidents  de  la 
manipulation  photograpbique  pen  vent  introduire. 

2°.  InegalitS  des  Effete  Photographiques. — La  seoonde  cause  d'errenr 
est,  an  point  de  vue  pratique,  bien  moins  grave  qa'bn  ne  ponrrait  le 
snpposer  au  premier  abord  par  suite  de  di verses  circonstances  qne  je 
vais  brievement  rapporter. 

Les  collodions  bumides  de  composition  diverses  (iodures  et  bromnres 
de  cadmium  et  d'ammouium)  ne  paraissent  difP6rer  qne  fort  pen  rela- 
tivement  k  ]*action  quMls  6pronvent  sous  Tinflnence  des  radiations  tr^ 
refrangibles,  en  ce  sens,  qn'ils  ne  presentent  pas  de  maximum  on  de 
minimum  pour  certaines  radiations,*  c'est  ce  qn'on  pent  constater  en 
photograph iant  des  spectres  d'etincelles  d*induction  ;  ces  intensity 
relatives  des  raiea  conservent  la  m^me  valenr,  mSme  bien  an-del4  de  la 
region  des  radiations  extremes  observ^es  dans  le  spectre  solaire.  La 
sensibility  plus  on  moins  grande  se  tradnit  seulement  par  la  dnr6e  du 
temps  d'exposition  n^cessaire  pour  obtenir  le  m^me  effet  pbotogra- 
phique,  c'est-^dire,  la  m^me  intensity  dn  clich6. 

II  ne  reste  done  que  Tinfluence  de  la  dur^  d'exposition  qui  puisse 
introduire  des  causes  d'erreurs  dans  Tappreciation  de  la  limite  du 
spectre;  or  il  se  pr^sente  nne  circonstance  extremement  favorable, 
c'est  que  TefEet  photograpbique  se  produit  pour  ainsi  dire  dans  les 
premiere  instants,  de  sorte  que  la  prolongation  de  Texposition  n'ajoute 
que  pen  a  Tetendue  des  radiations  agissantes.     C'est  ce  que  i'ai  ^tabli 

•  Dans  le  spectre  Tiiible  il  n'en  e<»t  pas  de  m^me  notamment  dans  le  voiainage  de 
laraie  G. 
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par  une  s^rie  in6tliocliqTie  d'experiences  panni  lesqnelles  je  citerai  la 
snivant  en  comme  typique : — 

16  Oct.,  1878.         Dur^e  de  rexposition.  Longnenr  de  Tonde. 

h.     m.  Sur  un  m^me  olicli6.         Limite  du  c^te  ultraviolet. 

11     47  T.M.  f     1  aeconde  X=306  i 

L  20  298-5/^''  I 

100  297-5  /  ^'^ 

Ainsi  lefl  durees  d'expositiou  variant  a  peu  pres  en  progression 
g6ometrique,  les  variations  de  la  limite  perceptible  diminuent  trfes 
rapidement ;  d'apres  la  loi  que  suivent  les  differences,  pour  reculer  la 
limite  seulement  d'une  demi-unit^,  il  faudrait  plus  que  quadrupler  la 
dnr6e  d'exposition,  et  la  porter  k  500  au  600  seoendes,  on  10  minutes, 
Anssi  Texperience  a-t-elle  montr6  qu*il  6tait  k  pen  pres  indifferent  de 
d^passer  2^3  minutes  pour  la  dur^e  de  Texposition  lorsque  le  temps 
est  bien  pur ;  lorsqu'on  Ton  craint  le  passage  de  brumes  legeres,  il  est 
plus  prudent  de  prolonger  cette  dur^  jusques  i  6  minutes  afin  d'aug- 
menter  les  ebances  d'^laircie. 

La  composition  du  collodion  que  j'ai  toujoura  employ^  de  pr^f^rence 
est  la  suivante : — 

Pyroxyle ^ . , 1  grm. 

Alcool .  ^ ,  40  cc. 

Ether 60  cc. 

lodure  de  cadmium    1  grm. 

Bromure  de  cadmium  ....  0'-25  grm. 

Le  r6v61ateur  est  f orm6  de-— 

Eau  distill^e 1000  cc. 

Sulfate  de  fer.  ...**..,,..         40  grm. 

Alcool. 30  cc. 

Acide  ac6tique  cryst 80  cc. 

Le  bain  d*argent  sensibilisateur  contient  8  pour  cent  de  nitrate 
d'argent. 

Pour  renf  orcer  le  clicb6  on  ajoute  quelques  gouttes  d'un  baiu  d'argent 
a  2  pour  cent  au  r^v^lateur. 

Analyse  des  Gonditions  qui  permettrcUent  de  reculer  la  Limite  d' Observa- 
tion, 

La  limitation  du  spectre  ultraviolet  paraissant  due  a  Tabsorption 
atmospberique,  pent- on  esp^rer  en  se  pla^ant  dans  des  conditions  plus 
favorables  reculer  notablement  la  limite  de  visibility  ?     Nous  allons 

E  2  i 
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voir  par  Fanaljse  des  conditions  de  I'exp^rienoe  qne  d'apres  les  f aits 
observes  on  ne  doit  pas  attendre  nne  amelioration  bien  considerable  on 
da  moins  en  rapport  avec  les  difficnlt^s  mat^rielles  qu*il  faudrait 
affronter. 

Exprimons,  llntensite,  P,  de  rimpression  photographique  en  fonc- 
tion  des  Elements  qni  la  determinent.  Nons  admettrons  qve  Tinten- 
site,  P,  est,  ponr  des  yalenrs  tres  petites  (les  scales  snr  lesqnelles  nons 
ayions  ici  a  raisonner)  est  proportionnelle  a  i'intensite,  Ja,  de  la  radia- 
de  long^er  d'onde,  X,  et  k  nne  fonction  partkmliere  de  X  et  dn  temps,  L 

P=J;,F(<,\)i 

Cette  fonction  F  repr^sente  la  sendhilitSde  la  concbe  impreissionnable. 
Si  la  radiation  avant  d^agir  est  transmise  par  nne  milien  d'6paissetLr 
6  ayant  le  ponvoir  de  transmission  a\  ponr  la  radiation,  X,  Tintensite 
devient: — 

lx^\Jax^    a<l. 

Le  milien  absorbant  ^tant  limite  par  nne  snrface  semblement  plane, 
la  direction  de  transmission  faisant  nn  angle,  A,  avec  le  plan,  on  a 

I 
sin  h 

I  etant  Tepaissenr  normale  dn  milien  absorbant  snppos^  homogene :  s'il 
n^est  pas  homoge&e,  mais  form6  de  conches  paralleles  de  density  variable 
6, 1  repr^sente  la  bantenr  6qnivalente  calcul6e  par  la  formnle 


«0=j' 


d  etant  la  density  correspondant  i  r^paissenr  z,  et  t^  etant  la  den^ite 
choisie  ponr  I'evalnation  de  la  hauteur  reduite,  car  c'est  la  qnantib6  de 
matiere  traversee  et  non  sa  repartition  qni  prodnit  Tabsorption. 
Snbstitnant  dans  la  valenr  de  P 

P=JxF(<,XK^ (1). 

II  y  a  trois  fonctions  inconnues  de  X,  k  savoir,  J,  F,  et  ax ;  la  forme 
particnliere  sons  laqnelle  elles  se  presentent  permettent  de  les  eiiminer 
k  Taide  de  Teqnation  empiriqne  fonmie  par  les  observations  dont  il 
a  ete  'question  plus  hant.  En  efEet  on  a  determine  poor  nn  m^me  lieu 
(l=li)  la  loi  qui  lie  les  hanteurs  h  dn  soleil  k  la  longaenr  d'onde  limite 
X  observe,  c*est-i^-dire  k  celle  qni  donne  Timpression  photographique 
limite  P=us  w  est  alors  une  constante,  la  m^me  pour  toutes  les  valenrs 
de  X.  Prenant  le  logarithme  des  deux  membres  de  Tequation  prece- 
dent od  P=w,  ^=T  duree  constante  de  Texposit-ion 

log  w=:=log  Ja +log  F(T,X)  +-4^ log  ax, 

smA 
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qui  se  r^nit  k  la  forme 

pnisqne  Ja  est  nne  foBction  d^  X  ( Jx  repr^sente  la  variation  de  Tinten-* 
sit^  des  radiations  avec  la  longnonr  d'ende  da  spectre  continu  ideal  de 
la  photosphere). 

Mais  rexp^rience  a  montr^  que  daos  le  m^me  lien  (2=Zi)  ponr  nne 
dnr^e  depose  constante  (T= const.)  la  limite  dlmpression  (ir= const.) 
6tait  donn6e  par  la  loi 

sin  A=0-49  e-<«)8830(A-8oor^ 
on  de  la  forme 

sin  /^ = Me"  "^^"^o^ 

Snbstitnant  cette  valenr  de  sin  A  et  de  2,  il  vient 

de  soit  qne  la  formnle  g^n^rale  devient 

sin  A_  Me  -<a-ao)^ 

— JT         ''♦'..  kiy 

Si  Pon  se  reporfce  k  la  formnle  primitiTe  (l)^  on  voit  qne  Tabsorption 
est  d*antant  moindre  qne  la  hantenr  solaire  est  pins  grande,  et  qne 
r^paissenr  I  est  plus  petite.  On  pent  done  esperer  en  diminnant 
Tepaissenr  atmosph^riqne  c*est-^dire  en  angmentant  Taltitnde,  £,  da 
lien  d'observatioB  etendre  la  limite  do  visibility  dn  spectre. 

Le  resnltat  precedent  donne  pr6cisement  la  loi  ch^rch^e,  c'est-i-dire 
r^tendne  gagn^e  avec  Taltitnde.  En  effet^  la  qnantit^  Z  est  ^  nne 
constante  pros  represent^  par  le  poids  d'nne  colonne  atmosph^riqne 
ajant  Tnnit^  de  base  comme  section  ;.  si  done  on  d^igne  par  p  la  pres- 
sion  barometriqne,  on  anca 

Z=Ap. 

Or  la  loi  de  d^croissance  de  la  jn^ession  avec  I'altitnde  esfc  donn6  par 
nne  expression  de  la.  forme 

Zq  etant  la  constante  barometriqne  18336^x0-43429.  II  vient  finale^ 
ment 


sin  ^=Me 


.(A-A)-(f=£L) 


formnle  qni  donne  la  loi  approch^  qni  existe  entre  la  longnenr  d'onde 
de  la  ra^tion  dn  spectre  solaire  k  la  limito  de  visibility  ponr  nne 
hantenr  donn6e,  h^  dn  soleil,  et  Taltitnde,  s^,  dn  lien  d'observation. 
Nons  ponvons  maintenant  savoir  ce  qn'o;D  gagne  par  Taccroissement 
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de  Taltitude  k  hanteur  6gale  de  soleil,  il  suffit  d*ecrire  que  le  second 
membre  est  constant,  ce  qui  donne  la  condition 

+m(X— X^)  +?Zi=const, 

on  m\+ — H- const =0, 

la  longtietir  d'onde  de  la  radiation  limito  et  Taltitnde  sont  li6es  par  nne 
f  onction  lin6aire ;  de  sorte  que  lenrs  variations  finies  on  infiniment 
petites  sont  proportionnelles  le   co-efficient  de   proportionnalit6  est 

dz=i—mzfft\,  c&=— 663-3"(iX, 

en  8nbstit*ant  Zq:*796S'^    et    m=0-0833. 

Ainsi  on  recnle  la  limite  de  visibility  des  radiations  d*nne  qoantite 
correspondant  k  nne  nnit^  (millioneme  de  millimetre)  dans  la  longnenr 
d'onde  lorsqn'on  8*61eve  663' 3  en  altitude. 

Ce  gain  est,  relativement  k  la  longueur  du  spectre  que  donnent  les 
^tincelles  d'induction  on  Tare  electrique,  extr^mement  faible.  Si  Ton 
songe  que  Ton  ne  pent  qu'en  faire  d'observations  r6gulieres  an  dessus 
de  4,000  metres  d*altitude,  on  voit  qae  le  gain  calculi  n'atteint  que 
6  unites  on  environ  la  moiti6  de  la  difference  qui  se  presente  de  Thiver 
a  V6i6,  le  r^suTtat  obtenu  serait  done  encore  bien  loin  de  correspondre 
auz  efforts  k  d^penset  pour  aller  installer  des  appareils  k  une  idtitude 
aussi  grande. 

II  esc  vtai  que  Ton  aurait  quelque  espoir  d*aller  un  pen  plus  loin 
que  Ih  fotmnle  ne  Tindique,  car  les  co-efficients  numeriques  sont  em- 
prunt^B  k  des  experiences  faites  k  de  faibles  altitudes  (an  dessous  de 
200*"),  c*est-^-dire  dans  les  parties  basses  de  ra>tmo8phere  dont  le  pou- 
voir  de  transmission  sp^cifique  est  probablement  plus  faible  que  celui 
des  hautes  regions  k  cause  des  brumes  et  poussieres  qui  sont  toujonrs 
en  suspension. 

On  pourrait  aussi  esperer  que  la  formule  empirique  fondee  sur 
Tobservation  d*une  tres  petite  6tendue  du  spectre,  et  employee  ici 
par  extrapolation,  ne  donne  des  resultats  errones  dans  un  sens  d^favor- 
able  en  dehors  des  limites  oil  elle  k  4fte  ^tablie ;  quoi  qu*il  soit  impos- 
sible de  rien  affirmer  avec  certitude  sous  ce  rapport,  il  n*est  pas  sans 
interSt  de  signaler  un  fait  qni  parait  donmer  une  grande  probability 
sinon  k  la  valeur  exacte  des  x^odfficietnts  "du  moibs  a  Tallure  de  la  loi 
empirique  propos^e. 

En  effe^  poussons  Textrapolation  k  Textr^me  et  cberchons,  puisquo 
le  pouvorr  absorbant  de  Tatmosphere  parait  grandir  d'une  maniere 
aussi  rapide  avec  la  refrangibilit^  des  radiations,  quelle  est  la  longueur 
d'onde  de  la  radiation  (ayant  une  intensity  comparable  k  la  radiation 
correspondante  du  soleil)  qui  donnerait  la  limite  d'impresaion  photo- 
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graphiqne  apres  avoir  travers6  nn  metre  d^atmospliere  k  0"'760  de 
pression.  G*est  k  pea  pres  la  longueur  reduite  d'an  spectroscope :  o'est 
done  la  limite  possible  d'^tendae  des  spectres  observables  an  spectro- 
scope, les  radiations  pins  r^frangibles  (§tant  absorb^es  par  I'atmosph^re 
et  les  appareils. 

Nous  prendrons  la  formnle  (2)  sons  la  forme — 

h  sin  Jt=:Ma"*<*"^, 

le  rapport  -1,  represente  le  rapport  de  ^paissenrs  r^dnltes  on  le  rapport 

des  pressions  correspondant  k  ces  ^paissenrs:   on  pent  adopter  ici 

^^- ,  pnisqne  T^l^vation  de  Im  correspond  k  pen  pr^  k  nn  dixieme 

de  millimetre  dabaissement  dn  barometre :  on  posera  sin  A  =1,  la  trans- 
mission 6tadt  normale  et  Ton  anra  a  r^ondre  Teqnation  nnmeriqne 

7(500  ' 

■on  =0-49 10^-<»^i76(A-soo)^ 

on  tronve  \=184'2. 

Comme  on  a  pris  nn  pen  arbitrairement  1  metre  on  ponrrait  croire 
qn'en  choisissant  nne  antre  valenr  la  limite  changerait  beanconp ;  il 
n'en  est  rien  la  limite  change  eztremement  pen,  car  en  diminnant  T^pais- 
senr  travers^e  h  de  moitie  on  tronve  X=173,  la  longnenr  rednite  d'nn 
spectroscope  est  evidemment  comprise  entre  ces  limites. 

Or  lorsqn'on  examine  nn  spectroscope  constrnit  tont  en  qnartz  on 
tont  en  Spatb  flnor,  par  ^flnorescence,  on  par  pbotogr&pbie,  les  spectres 
des  6tincelles  d'indnction,  en  lear  donnant  tonte  Tenergie  qne  donnent 
nne  forte  pile  et  nne  bobine  de  grande  dimension,  on  n*arrive  gn^re  k 
depasser  la  r^frangibilit^  de  la  raie  No.  32  de  Talnmininm  dont  la 
longnenr  d*onde  est  184  environ,  ainsi  qne  je  Tai  mesnr6e  directement 
h  Taide  d'nn  resean. 

Je  me  snis  assnr6  en  ontre  qn'en  pla^ant  Tetincelle  k  4  metres  de 
Tappareil,  dans  des  circonstances  telles  qne  l'6clat  des  raies  moins 
r^frangibles  No.  30  et  No.  31  (notations  de  M.  Soret)  soit  k  peine 
diminn^,  la  raie  32  disparait.  On  ne  pent  done  gn^re  attribner  ce  fait 
qu'k  rab8oq)tion  atmospheriqae. 

Done  la  formnle  empiriqne  d6termin6e  pins  haat,  ne  doit  pas  ^ti-e 
tres  erronee  lorsqn'on  Vemploie  par  extrapolation  dans  le  voisinage  des 
limites  on  elle  a  6te  etablie ;  par  consequent  les  chances  d*extension  de 
nos  connaissances  snr  la  partie  nltraviolette  dn  spectre  solaire  avec 
Taltitnde  an  de  \k  de  ce  qn'indiqae  cette  formnle  ne  sont  pas  tres 
considerables. 
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III.  "  On  an  Induction-Currents  Balance,  and  Experimental  Re- 
searches made  therewith."  By  Professor  D.  E.  Hughes. 
Communicated  by  Professor  Huxley,  See.  R.S.  Received 
May  5,  1879. 

Immediately  upon  the  annomicement  of  Arago*8  discovery  of  the 
influence  of  rotating  plates  of  metal  upon  a  magnetic  needle  (1824), 
and  Faraday's  important  discovery  of  voltaic  and  magneto-induction 
(1831),  it  became  evident  that  the  indniced  currents,  circulating  in  a 
metallic  mass,  might  be  so  acted  upon  either  by  voltaic  or  induced 
currents  as  to  bring  some  new  hght  to  bear  on  the  molecular  construe^ 
tion  of  metallic  bodies.. 

The  question  was  particularly  studied  by  Babbage,  Sir  John  Herschel^ 
and  by  M.  Dove*  who  constructed  an  induction  balance,  wherdn. 
two  separate  induction  coils,  each  having  its  primary  and  secondary 
coils,  were  joined  together  in  such  a  manner  that  the  induced  current 
in  one  coil  was  made  to  neutralize  the  induced  current  in  the  opposite 
coil,  thus  forming  an  induction  balance,  to  which  he  gave  the  nam^ 
of  differential  inductor.  In  those  days  physicists  did  not  possess  the 
exquisitely  sensitive  galvanometers  and  other  means  of  research  tiuUi 
we  possess  at  the  present  day,  but  sufficiently  important  results  were 
obtained  to  prove  that  a  vast  field  of  research  would  be  opened  if  a 
perfect  induction  balance  could  be  found,  together  with  a  means  of 
correctly  estimating  the  results  obtained.  In  experimenting  with  the 
microphone  I  had  ample  occasion  to  appreciate  the  exquisite  sensitive- 
ness of  the  telephone  to  minute  induced  currents.  This  led  me  to 
study  the  question  of  induction  by  aid  of  the  telephone  and  micror 
phone.     The  results  of  those  researches  have  been  already  published^f 

Continuing  this  line  of  inquiry,.  I  thought  I  might  again  attempt 
to  investigate  the  molecular  construction  of  metals  and  alloys,  and 
with  this  object  I  have  obtained,  after  numerous  comparative  failures, 
a  perfect  induction  balance  which  is  not  only  exquisitely  sensitive 
and  exact,  but  allows  us  to  obtain  direct  comparative  measures  of  the 
force  or  disturbances  produced  by  the  introduction  of  any  metal  or 
conductor. 

The  instrument  which  I  have  the  honour  to  present  to  the  Boyal 
Society  this  evening,  consists,  1st,  of  the  new  induction-currents 
balance ;  2nd,  microphone,  with  a  clock  as  a  source  of  soxmd ;  Srd, 
electric  sonometer,  or  absolute  sound  measurer,  a  late  invention  of  my 
own;  4th,  a  receiving  telephone  and  three  elements  of  Daniells' 
battery. 

•  Pe  la  Rive,  "  Treatise  on  Electricity,"  toI.  i,  chap.  t.    London,  1858. 
t  *'  Comptes  Beudus,*'  December  80,  1878,  and  January  20, 1879 ;  Society  of 
Telegraph  Engineers,  March  12, 1879. 
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In  order  to  have  a  perfect  induction-currents  balance  suitable  for 
physical  research,  all  its  coils  as  well  as  the  size  and  amount  of  wire 
should  be  equal.  The  primary  and  secondary  coils  should  be  separate 
and  not  superposed.  The  exterior  diameter  of  the  coils  presented  this 
evening  is  5^  centims.,  having  an  interior  vacant  circular  space  of 
3^  centims. ;  the  depth  of  this  flat  coil  or  spool  is  7  millims. 

Upon  this  box-wood  spool  are  wound  100  metres  of  No.  32  silk- 
covered  copper  wire.  I  use  four  of  such  coils,  formed  into  two  pairs,  the 
secondary  eoil  being  fixed  pennanently,  or  by  means  of  an  adjustable 
slide,  at  a  distance  of  5  millims.  fr^m  its  primary ;  on  the  second 
similar  pair  there  is  a  fine  micrometer  screw,  allowing  me  to  adjust 
'  the  balance  to  the  degree  of  perfection  required^ 

These  two  pair  of  coik  should  be  placed  at  a  distance  not.  less  than 
1  metre  from  each  other,  so  that  no  disturbing  catise  should  exist  from 
their  proximity. 

The  two  primary  coils  are  joined  in  series  to- the  battery,  the  eircuit 
also  passing  through  the  microphone. 

In  place  of  the  telephone  I  have  sometimes  used  a  magnetic 
pendulum,  the  swing  of  the  arc  described  indicating  and  measuring 
the  forces.*  I  am  at  present  engaged  upon  a  very  sensitive 
voltameter  which  shall  indicate  and  measure  the  force  of  rapid  in- 
duced currents.  The  telephone,  however,  is  well  adapted  as  an 
indicator,  but  not  as  a  measurer  of  the  forces  brought  into  action. 
For  this  reason  I  have  joined  to  this  instrument  an  instrument  to 
which  I  have  given  the  name  of  electric  sonometer.  This  consists  of 
three  coils  similar  to  those  already  described,  two  of  which  are  plaeed 
horizontally  at  a  fixed  distance  of  40  centims.  apart,  and  the  com- 
munication with  the  battery  is  so  arranged  that  there  are  similar  but 
opposing  poles  in  each  coil ;  between  these  there  is  a  coil  which  can  be 
moved  on  a  marked  sliding  scale  divided  inta  millimetres  ;•  in  a  line 
with  these  two  opposing  primary  coils,  the  centre  coil  is  the  secondary 
one,  and  connected  by  means  of  a  circuit  changing  key  vnth  the 
telephone  in  place  of  the^  induction  balance.  If  this  secondary  coil  is 
near  either  primary  coil,,  we  hear  loud  tones,  due  to  its  proximity. 
The  same  effect  takes  place  if  the  secondary  coil  is  near  the  opposing 
coil,  except  that  the  induced  current  is  now  in  a  contrary  direction,  as 
a  similar  pole  of  the  primary  acts  now  on  the  opposite  side  of  the 
induction  coil ;  the  consequence  is,  that  as  we  vnthdraw  it  from  one 
coil  approaching  the  otlier,  we  must  pass  a  line  of  absolute  zero,  where 
no  current  whatever  can  be  induced,  owing  to  the  absolutely  equal 
forces  acting  equally  on  both  sides  of  the  induction  coil.  This  point 
is  in  the  exact  centre  between  the  two  coils,  no  matter  how  near  or 
distant  they  may  be.  We  thus  possess  a  sonometer  having  an  abso-* 
lute  zero  of  sound ;  each  degree  that  it  is  moved  is  accompanied  by 
•  "Telegraphic  Joumal,"  December  16, 1878. 
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its  relative  de;2;ree  of  increase ;  and  this  measure  may  be  expressed  iu 
the  degp:*ee8  of  the  millimetres  passed  through,  or  by  the  square  of  the 
distances  in  accordance  with  the  curve  of  electro-magnetic  action. 

If  we  place  in  the  coils  of  the  induction  balance  a  piece  of  metal, 
say  copper,  bismuth,  or  iron,  we  at  once  produce  a  disturbance  of  the 
balance,  and  it  will  g^ve  out  sounds  more  or  less  intense  on  the  tele- 
phone according  to  the  mass,  or  if  of  similar  sizes,  according  to  the 
molecular  structure  of  the  metal.  The  volume  and  intensity  of  sound 
is  invariably  the  same  for  a  similar  metal.  If  hj  means  of  the  switch- 
ing key  the  telephone  is  instantly  transferred  to  the  sonometer,  and 
if  its  coil  be  at  zero,  we  should  hear  sounds  when  key  is  up  or  in  con- 
nection with  the  induction  balance,  and  no  sounds  or  silence  wh^i 
the  key  is  down  or  in  connexion  with  the  sonometer.  If  the  soncK 
meter  coil  was  moved  through  several  degrees,  or  through  more  than 
the  required  amount,  we  should  find  that  the  sounds  increase  when 
the  key  is  depressed ;  but  when  the  coil  is  moved  to  a  degree  where 
there  is  absolute  equality,  if  key  is  up  or  down,  then  the  degree  om 
scale  should  give  the  true  value  of  the  disturbance  produced  in  the 
induction  balance ;  and  this  is  so  exadt  that  if  we  put,  say  a  silver  coin 
whose  valae  is  115°,  no  other  degree  will  produce  equality.  Once 
knowing,  therefore,  the  value  of  any  metal  or  alloy,  it  is  not  necessary 
to  know  in  advance  what  the  metal  is,  for  if  its  equality  is  115^,  it  is 
silver  coin;  if  52,  iron;  if  40,  lead;  if  10,  bismuth;  and  as  there  is 
a  very  wide  limit  between  each  metal,  the  reading  of  the  value  of  each 
is  very  rapid,  a  few  seconds  sufficing  to  give  the  exact  sound  value  of 
any  metal  or  alloy. 

During  the  course  of  these  experiments  with  this  instrument  I 
noticed  that  my  own  hearing  powers  varied  very  much  with  state  of 
health,  weather,  <S^.,  that  different  individuals  had  wide  differences  of 
hearing,  and  that  nearly  in  all  cases  one  ear  was  more  sensitive  than 
the  other ;  thus  whilst  my  degree  of  hearing  was  10°,  another  might 
be  60  in  one  ear  and  15  in  the  other.* 

Dr.  Richardson,  F.R.S.,  who  upon  my  invitation  investigated  this 
subject,  became  so  impressed  with  the  value  of  the  instrument  as  an 
absolute  measure  of  our  hearing  powers,  and  its  capabilities  of  throw- 
ing much  light  upon  its  relation  with  health,  that  he  has  undertaken  a 
series  of  researches  which  will  extend  over  some  time,  and  which  I 
think  from  some  facts  already  gained  will  be  of  great  value  to  the 
medical  profession.  These  experiments  are  now  in  his  very  able 
hands,  and  he  will  in  due  time  announce  the  results  to  the  Royal 
Society. 

If  an  observer's  hearing  is  limited  to  10°,  how  can  we  hear  results 
below  this  line  ?     I  should  have  stated  that  when  used  to  measure  the 

*  To  this  portion  of  mj  instrument  when  used  as  a  measurer  of  our  hearing 
powers,  we  haye  giyen  the  name  of  audiometer. 
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hearing  power,  we  determine  on  a  constant  standard  of  force  such  as 
one  element  Daniell,  but  if  we  increase  the  number  of  elements 
we  in  same  ratio  increase  the  inductive  disturbance,  and  thus  by  a 
large  increase  of  force  bring  within  our  range  results  too  feeble  to  be 
heard  without  its  aid,  the  sonometer  constantly,  however,  giving  the 
same  degree  for  equality  as  the  increased  force  is  also  used  on  this 
instrument.  Thus  in  our  measurements  we  can  entirely  neglect  the 
amount  of  battery,  as  its  comparative  results  remain  a  constant. 

As  a  rule  three  Daniell  elements  will  be  found  quite  sufficient,  and 
even  this  weak  force  is  so  exquisitely  sensitive  that  it  will  find  out 
the  smallest  fraction  of  difference  in  weight  or  structure  of  metals. 
Thus  two  silver  coins  such  as  a  shilling,  both  quite  new,  and  both 
apparently  of  the  same  weight,  will  be  found  to  possess  a  difference  of 
weight  which  the  instrument  at  once  indicates. 

The  following  experiments  will  show  its  exceeding  sensitiveness 
and  its  wide  field  of  usefulness  as  an  instrument  of  research. 

I.  If  we  introduce  into  one  pair  of  the  induction  coils  any  conduct- 
ing body,  such  as  silver,  copper,  iron,  &c,,  there  are  set  up  in  these 
bodies  electric  currents  which  react  both  upon  the  primary  and 
secondary  coils,  producing  extra  currents  whose  force  will  be  pro- 
portional to  the  mass,  and  to  its  specific  conducting  powers.  A  mili- 
gramme  of  copper  on  a  fine  iron  wire,  finer  than  the  human  hair,  can 
be  loudly  heard  and  appreciated  by  direct  measurement,  and  its  exact 
value  ascertained.  We  can  thus  weigh  to  an  almost  infiniiiesimal 
degree  the  mass  of  the  metal  under  examination  ;  for  instance,  if  we 
take  two  English  shilling  pieces  fresh  from  the  Mint,  and  if  they  are 
absolutely  identical  in  form,  weight,  and  material,  they  will  be  com- 
pletely balanced  by  placing  one  each  in  the  two  separate  coils,  pro- 
vided that  for  these  experiments  there  is  an  adjustable  resting  place 
in  each  pair  of  coils,  so  that  each  coin  may  lie  exactly  in  the  centre  of 
the  vacant  space  between  the  primary  and  secondary  coils.  If,  however, 
these  shillings  are  in  the  slightest  degree  worn,  or  have  a  different 
temperature,  we  at  once  perceive  this  difference,  and  if  desired, 
measure  it  by  the  sonometer,  or,  by  lifting  the  supposed  heaviest  coin 
at  a  slight  distance  from  the  fixed  centre  line,  the  amount  of  degrees 
that  the  heaviest  coin  is  withdrawn  will  show  its  relative  mass  or 
weight  as  compared  with  the  lightest,  I  have  thus  been  able  to  ap- 
preciate the  difference  caused  by  simply  rubbing  the  shilling  between 
the  fingers,  or  the  difference  of  temperature  by  simply  breathing  near 
the  coils,  and  in  order  to  reduce  this  sensibility  within  reasonable 
limits,  I  have  only  used  in  the  following  experiments  100  metres  of 
copper  wire  to  each  coil  and  3  cells  of  battery. 

n.  The  comparative  disturbing  value  of  disks  of  different  metals, 
all  of  the  same  sice  and  form  of  an  English  shilling,  and  measured  in 
millimetre  degrees,  by  the  sonometer,  is  the  following : — 
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Silver  (ohemicallj  pure)   ......  125 

aold          „             „        117 

Silver  (coin)  •  • . « 115 

Aluminium 112 

Copper 100 

Zino 80 

Bronze 76 

Tin 74 

Iron  (ordinary) 52 

Cherman  silver 50 


Iron  (ohemicallj  pure) 46 

Copper  (antimony  alloy) 40 

Lead 88 

Antimony 35 

Mercury 80 

Sulphur  (iron  alloy) 20 

Bismuth 10 

Zinc  (antimony  alloy) 6 

Spongy  gold  (pure) 8 

Carbon  (gas) 2 


These  nuQibers  do  not  agree  entirely  with  any  lists  of  electrical 
oondactivity  1  have  yet  met  with;  the  nnmbers  are,  however,  in- 
variably givwi  by  the"  sonometer,  and  the  divergence  may  be  due  to 
some  peculiarity  of  structure  of  the  metals  when  formed  into  disks. 
Future  investigations  with  this  instrument  will,  no  doubt,  give  more 
correct  values  than  I  have  been  able  to  obtain  with  my  limited  means 
of  research. 

III.  It  will  be  seen  from  the  above,  that  the  instrument  gives  very 
different  values  for  different  metals  or  alloys,  consequently,  we  cannot 
obtain  a  balance  by  employing  two  disks  of  different  metals,  and  the 
instrument  is  so  sensitive  to  any  variation  in  mass  or  matter,  that  it 
instantly  detects  the  difference  by  clear  loud  tones  on  the  telephone. 
If  I  place  two  gold  sovereigns  of  equal  weight  and  value,  one  in  each 
coil,  there  is  complete  silenoe,  indicating  identity  or  equality  between 
them ;  but  if  one  of  them  is  a  false  sovereign,  or  even  gold  of  a 
different  alloy,  the  fact  is  instantly  detected  by  the  electrical  balance 
being  disturbed.  .  The  instrument  thus  becomes  a  rapid  and  perfect 
coin  detectar,  and  can  assay  any  alloy,  giving  instantly  its  electrical 
value.  The  exceeding  sensitiveness  of  this  electrical  test  I  shall 
demonstrate*  by  experiment  this  evening.  Again,  as  regards  coins,  it 
resolves  an  almost  magical  problem.  Thus,  if  a  person  puts  one  or 
several  coins  into  one  pair  of  coils,  the  amount  or  nominal  value  being 
unknown  to  myself,  I  have  only  to  introduce  into  the  opposite  coils, 
different  coins  successively,,  as  I  should  weights  in  a  scale,  and  when 
perfect  balance  is  announced  by  the  silence,  the  amount  in  one  box 
will  not  only  be  the  same  nominal  value  but  of  the  same  kind  of  coin. 

rV.  We  find  by  direct  experiment  with  this  instrument,  that  the 
preceding  results  are  due  to  electric  currents,  induced  by  the  primary 
coil,  and  that  it  is  by  the  reaction  of  these  that  the  balance  is 
destroyed,  for,  if  we  take  an  insulated  spiral  disk  or  helix  of  copper 
wire,  with  its  terminal  wires  open,  there  is  no  disturbance  of  the 
balance  whatever,  notwithstanding  that  we  have  introduced  a  com- 
paratively large  amount  of  copper  wire ;  but  on  closing  the  ciromt, 
the  balance  is  at  once  very  powerftilly  disturbed. 

If  the  spiral  is  a  flat  one,  resembling  a  disk  of  metal,  and  circuit 
closed,  we  find  that  loud  tones  result  when  the  spiral  is  placed  flat,  or 
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when  its  wire  is  parallel  to  those  on  coils  but  if  it  is  held  at  right 
angles  to  these  wires,  no  sonnd  whatever  is  heard,  and  the  balance 
remains  perfect.  The  same  thing  occnrs  with  disks  of  all  non- 
magnetic metals,  and  a  disk  of  metal  placed  perpendicular  to  the  coils 
exerts  no  influence  whatever.  The  contrary  result  takes  place  with  a 
spiral  of  iron  wire  or  disk  of  iron ;  the  induced  current  circulating  in 
the  spiral  is  at  its  maximum  when  the  spiral  lies  flat  or  parallel  with 
the  coils,  being  reduced  to  nothing  when  at  right  angles,  but  the  dis- 
turbance of  the  induction  balance  is  more  than  four  times  as  great 
when  the  spiral  is  perpendicular  to  the  wires  of  the  coils  as  when 
parallel  with  the  same.  That  this  result  is  simply  due  to  the  property 
of  magnetic  bodies  of  conduction  of  magnetism,  we  shall  see  in  some 
following  experiments. 

That  the  currents  in  non-magnetic  metals  travel  in  «  circle  corre- 
sponding to  that  of  the  primary  coH,  may  be  seen  with  spongy  g^ld. 
In  its  first  extremely  divided  state  it  falls  below  our  zero  of  hearing, 
on  slightly  shaking  the  bottle  we  have  2°  as  its  value,  on  pressing 
it  its  value  rapidly  increases  with  the  pressure,  until  when  formed  into 
a  solid  disk  its  value  becomes  117^. 

V.  The  instrument  proves,  that  b  very  remarkable  difference  exists 
in  bars  of  iron  of  the  same  exacrt  form  and  size,  but  of  different 
origin  or  treated  in  a  different  manner ;  in  point  -of  fact,  no  two 
bars,  out  off  of  the  same  rod,  and  treated  alike,  are  exactly  of  the  same 
value,  or  induce  a  complete  balance. 

Mr.  Stroh,  the  eminent  instrument  maker,  has  kindly  famished  me 
with  numerous  samples,  varying  in  value  in  deg^rees  of  the  sonometer 
fpom  100  to  160. 

Chemically  pure  iron  was  found  to  be  the  best,  but  still  very 
slightly  superior  to  ordimary  iro*i,  which  had  been  diuwn  into  a  wire 
ol  the  required  thickness.  The  fibrous  condition  thus  developed  is 
highly  favourable  (if  the  iron  is  softened  by  heat)  for  the  conduction 
of  magnetism.  From  numerous  examples  I  select  a  few  indicative 
values : — 

Softemed.  Tempered. 

Chemically  pure  iron 160         130 

Forged  soft  iron 150         ......  125 

Wire-drawn  iron 156         . . .  ^ .  •  120 

Caststeel, 1^        100 

YI.  As  yet  the  instrument  has  given  no  indications  of  molecular 
change  produced  by  magnetism  in  non-magnetic  bodies,  bat  the  great 
change  which  takes  place  in  all  magnetic  bodies,  except  hard-tempered 
cast  steel,  indicates  that  a  molecular  change  of  structure,  analogous  to 
that  of  tempering,  takes  place  upon  iron,  steel,  and  nickel. 

If  we  place  a  disk  of  iron  in  one  of  the  coils,  we  find  that  the 
balance  is  destroyed,  and  that  the  iron  has  weakened  the  induction  by 
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the  absorpiion  of  work  done  in  inducing  the  circular  cnrrents.  This 
can  be  perfectly  balanced  by  placing  a  small  coin  or  disk  of  silver  or 
copper  in  opposite  coils ;  bnt  if  an  iron  wire  or  rod  is  placed  perpendi- 
cular to  the  coils,  then  increase  of  inductive  force  takes  place  in  those 
coils  by  the  conduction  of  induced  magnetism  from  primary  to  secon- 
dary, and  the  iron  can  no  longer  be  balanced  by  silver,  copper,  or  any 
non- magnetic  metal.  The  coils  must  be  either  removed  farther  apart, 
so  as  to  reduce  the  increased  force,  or  balanced  by  an  equivalent 
amount  of  iron  or  magnetic  conduction  in  opposite  coils. 

An  interesting  case  of  both  reduction  and  increase  of  force  in  the 
same  pair  of  coils  occurs  if  we  place  a  disk  of  iron,  not  in  the  (rentre 
of  coils,  but  in  the  vacant  space  between  the  coils.  We  thus  reduce 
the  force  by  150**.  If,  in  addition  to  this,  wo  place  iron  wires  per- 
pendicular and  in  the  centre,  there  is  increase  of  force,  and  if  this 
increase  is  so  proportioned  as  to  be  150"^,  we  immediately  restore 
the  balance,  and  we  have  here  in  the  same  coil  two  separate  pieces 
of  iron,  each  disturbing  the>  balance  and  giving  out  loud  tones,  but 
producing  no  effect  whatever^  when  both  are^  introduced  at  the  same 
time,  complete  silence  being  the  result. 

VII.  These  coils  prove  what  has  already  bees  long  known,  viz.,  that 
hard  steel  has  a  far  less  conducting  power  for  magnetism  than  soft 
iron,  although  the  hard  steel  has  a  far  higher  retaining  power.  This 
instrument  demonstrates  a  point,  which  I  have*  not  yet  seen  remarked, 
that  magnetism  docs  not  in  itself  change  the  conducting  power,  but 
that  it  produces  a  molecular  change  of  structure  in  iron,  analogous  to 
that  of  tempering ;  for  if  we  balance  two  soft  iron  rods  against  each 
other,  the  balance  being  made  pei'fect  by  the  addition  of  fine  iron 
wires  on  the  weakest  side,  we  find  that  on  strongly  magnetising  this 
bar,  by  drawing  it  across  a  strong  compound  magnet,  and  on  replacing 
it  in  its  coil,  it  has  lost  30  per  cent,  of  its  conducting  power ;  or  if, 
instead  of  magnetising,  we  make  this  iron  red  hot  and  plunge  it  in  cold 
water,  the  loss  of  conducting  power  will  be  very  similar — 25  to  30°. 
If  these  experiments  are  repeated  upon  various  degrees  of  iron  ap- 
proaching steel  in  character,  we  find  that  as  it  already  possesses  hard- 
ness or  temper,  it  is  less  and  less  affected  by  magnetism,  until  we 
arrive  at  hard  cast  steel,  where  magnetism  no  longer  produces  any 
change  in  its  conducting  power.  From  this  I  draw  the  conclusion 
that  the  effect  of  magnetism  is  very  similar  to  that  of  temper,  and 
shall  show,  under  the  effects  of  strain  and  torsion,  that  magnetism  pro- 
duces this  temper  or  strain  perpendicular  to  the  lines  of  magnetic 
force. 

Vni.  The  instrument  shows  that  a  remarkable  change  takes  place 
in  the  magnetic  conducting  power  of  iron  and  steel  on  subjecting  the 
wire  under  examination  to  a  longitudinal  strain ;  for  if  we  pass  an  iron 
wire  through  the  centre  of  both  coils,  half  a  millimetre  diameter  and 
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20  centims.  or  more  in  length,  so  arranged  by  a  winding  key  iJiat  we 
can  apply  a  strain  to  this  wire,  we  find  a  magnetic  conducting  value, 
unstrained,  of  100,  but  on  applying  a  slight  strain  its  value  rapidly 
increases,  being  more  than  double  at  its  breaking  point.  If  during 
this  strain  we  strike  the  wire,  we  hear  its  musical  tone,  and  no  matter 
bow  much  we  may  wind  or  unwind  it,  provided  we  do  not  pass  its 
limits  of  elasticity  and  similar  wire  is  used,  the  same  musical  tone 
will  invariably  give  the  same  magnetic  value.  Thus  the  note  A,  or 
435  complete  vibrations  per  second,  gave  always  the  magnetic  value  of 
160,  or  60  per  cent,  inor^^e  of  power  over  the  unstrained  wire.  If 
whilst  this  wire  is  strained,  giving  the  value  160,  we  magnetise  it  by 
drawing  over  it  a  strong  compound  magnet,  the  note  remains  the  same, 
showing  no  difference  of  tension,  but  its  magnetic  value  has  fallen  80°, 
being  now  80  instead  of  160 ;  and  this  wire  cau  never  again  be  brought 
by  strain  up  to  its  previous  high  conducting  powers.  Now  as  we  have 
seen  that  magnetism  produces  no  change  in  hard  tempered  steel,  but  that 
in  soft  iron  it' produces  a  change  very  analogous  to  that  of  temper ;  and 
as  the  effect  of  strdin  would  be  also  to  harden  the  fibres  by  bringing  them 
all  paraUel  to  the  line  of  mechanical  strain,  and  as. this  improves  its  con- 
ducting power,  while  magnetism  instantly  destroys  all  the  benefits  of 
the  longitudinal  mechanical  strain,  we  can  only  draw  the  conclusion 
that  magnetism  produces  a  strain  analogous  to  temper,  but  contrary  to 
that  of  the  longitudinal  mechanical  strain ;  in  other  words,  that  the 
magnetic  strain  is  produced  perpendicularly  to  its.  lines  of  force. 

This  view  is  sustained  by  the  effects  of  torsion ;  for  if,  in  place  of 
sla^ining  the  wire,  it  is  twisted,  instead  of  increasing,  it  rapidly 
decreases  in  magnetic  conductive  value,  each  turn  or  twist  diminishing 
its  power  of  conduction  in  a  remarkably  constant  line  of  decrease. 
At  80  turns  of  this  wire  there  was  a  decrease  of  65  per  cent. ;  at  85 
turns  the  wire  broke,  and  on  testing  it  to  see  if  magnetism  had  any 
decreasing  eff^  on  it,  I  found  that  it  produced  no  change  whatever  ; 
but  this  twisted  soft  iron  wire  had  now  remarkable  permanent  retain- 
ing powers  of  magnetism,  being  superior  to  tempered  cast  steel. 

Again,  if  we  take  three  similar  pieces  of  soft  iron  wire,  leave  the 
first  for  comparison  in  its  natural  condition,  strain  the  second  by  a 
longitudinal  strain  until  it  is  broken,  and  twist  the  third  by  a  torsion- 
key  until  it  also  is  broken  ;  we  find  on  magnetising  equally  these  three 
wires,  and  allowing  ten  minutes'  repose,  that  the  first  or  untouched 
wire  has  a  retaining  power  of  magnetism  of  100,  the  second  only  of 
80,  and  the  third,  or  twisted  wire,  of  300.  I  hope,  by  the  light  thus 
p;iven,  soon  to  be  able  to  produce  a  magnet  whose  force  shall  be  greatly 
in  excess  of  what  we  have  hitherto  possessed  ;  our  difficulty  at  present 
being  that  in  order  to  temper  steel,  we  must  heat  it  to  redness,  and 
this  allows  the  molecules  to  rearrange  themselves  contrary  to  the 
object  we  have  in  view. 
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IX.  There  is  a  marked  difference  of  the  rapidity  of  action  between 
all  metals,  silver  having  an  intense  rapidity  of  action.  The  induced 
currents  from  hard  steel,  or  from  iron  strongly  magnetised,  are  much 
more  rapid  than  those  from  pure  soft  iron;  the  tones  are  at  once 
recognised,  the  iron  giving  out  a  dull,  heavy  smothered  tone,  whilst 
hard  steel  has  tones  exceedingly  sharp.  If  we  desire  to  balance  iron, 
we  can  only  balance  it  by  a  solid  mass  equal  to  the  iron  to  be  balanced. 
No  amount  of  fine  wires  of  iron  can  baJance  this  mass,  as  the  time  of 
discharge  of  these  wires  is  much  quicker  than  that  of  a  larger  mass  of 
iron.  Hard  steel,  however,  can  be  easily  Ijalanced  not  only  by  steel 
but  by  fine  iron  wires,  and  the  degree  of  the  fineness  of  these  wires 
required  to  produce  a  balance  gives  a  very  fair  estimate  of  the  pro- 
portionate time  of  discharge.  The  rapidity  of  discharge  has  no  direct 
relation  with  the  electrical  conductivity  of  the  metal,  for  copper  is  much 
glower  than  zinc,  and  they  are  both  superior  to  iron. 

X.  The  instrument  shows  a  marked  difference  in  all  metals,  if  sub- 
jected to  different  temperatures.  The  value  is  reduced  in  non-mag- 
netic metals,  and  this  we  should  expect  from  the  koown  influence  of 
temperature  on  the  electrical  conductivity ;  but  in  the  case  of  iron, 
steel,  and  nickel  (as  it  haa  already  been  remarked  by  many),  the  con- 
trary takes  place,  namely,  a  far  higher  degree  of  magnetic  conductivity. 
A  bar  of  soft  iron,  whose  value  at  the  temperainre  of  the  room,  20°  C, 
was  160,  became  on  heating  it  to  200®  C.  300,  th^t  is  to  say,  its  value 
was  nearly  doubled.  A  bar  -of  pure  nickel,  whose  valu-e  at  20°  was 
150,  became  on  heating  it  to  200",  320 ;  thus,  in  ihe  case  of  nickel, 
its  value  for  magnetic  conductivity  was  mere  than  doubled,  and  at 
this  heat  it  surpassed  the  chemically  pure  iron  at  the  same  heat, 
giving  a  magnetic  value  of  -320  against  300  for  the  iron,  but  at  the 
normal  temperature  of  20°  the  iron  had  more  magpietdc  power  of  con- 
duction than  nickel.  Heating  nickel,  by  simply  plunging  it  into  boil- 
ing water,  increased  its  force  from  150  to  250;  plunging  this  same  bar 
into  ordinary  cold  wator  reduced  its  value  to  130 ;  thus  the  mere 
difference  of  the  normal  temperature  of  the  air  in  the  room  and  vrator 
which  had  been  in  this  room  some  hours  prodaced  20°  of  difference. 
In  fact,  I  found  that  the  radiant  heat  from  the  hand  would  raise  the 
magnetic  value  several  degrees,  and  thus  nickel  may  be  regarded  as  a 
magnetic  thermometer  far  more  sensitive  than  the  ordinary  mercurial 
Centigrade. 

The  instrument  also  mteasures  the  electrical  resistance  of  wires  or 
fluids.  In  order  to  make  it  do  this,  we  have  only  to  place  the  re- 
sistance to  be  measured  across  the  two  wires  of  one  induction  coil  and 
on  the  other  known  resistance  units.  In  this  way  we  can  produce  a 
perfect  balance,  for  it  then  becomes  an  induction  bridge,  the  results 
and  modes  of  testing  of  which  are  somewhat  similar  to  Wheatstone's 
bridge. 
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It  measures  also  the  electrostatic  capacity  of  Lejden  jars  or  con- 
densers, and  is  sufficiently  sensitive  to  appreciate  and  measure  a  surface 
of  tinfoil  not  larger  than  4  inches  sqnare,  the  condenser  being  simply 
placed  between  the  wires  of  one  pair  of  coils,  and  the  disturbance  pro- 
dnced  being  measured  on  the  sonometer. 

I  could  cite  many  more  interesting  experiments  in  other  branches 
of  physical  research  for  which  this  instrument  offers  a  wide  field  of 
obseryati<ni ;  but  my  object  this  evening  is  neither- to  broach  new 
theories  nor  to  correlate  at  present  the  results  obtained  with  views 
already  advanced  by  Ampere  and  others. 

My  only  desire  has  been  and  is  to  show  the  wide  field  of  research 
the  instrument  opens  to  physical  inquirers.  I  trust  that  in  more  able 
hands  it  may  serve  to  elucidate  many  physical  phenomena. 


IV.  "  Some  Researches  with  Professor  Hughes'  new  Instrument 
for  the  Measurement  of  Hearing;  the  Audiometer."  By 
Benjamin  Ward  Richardson,  M.D^  LL.D^  FJLS.  Re- 
ceived May  14,  I6l9. 

Professor  Hughes  having  done  me  the  honour  to  show  me  first  his 
newly  invented  instrument  for  the  measurement  of  hearing,  and  having 
supplied  me  with  an  instrument  for  the  purpose  of  testing  the  applica- 
tion of  it  for  physiological  and  practical  purposes,  I  have  been  enabled 
to  make  a  considerable  number  of  experiments,  on  which  I  venture  to 
submit  the  following  preliminary  report : — 

The  instrument,  as  it  has  been  used,  is  before  the  Society.  It  con- 
sists of  two  Leclanch^^s  cells  for  the  battery,  a  new  and  simple  micro- 
phonic key  connected  with  the  cells  and  with  two  fixed  primary  coils, 
and  a  secondary  or  indaction  coil  the  terminals  of  which  are  attached 
to  a  telephone.  The  induction  coil  moves  on  a  bar  between  the  two 
fixed  coils,  and  the  bar  is  graduated  into  200  parts,  by  which  the 
readings  of  sound  are  taken.  The  graduated  scale  is  divided  into 
20  centims.,  and  each  of  these  parts  is  subdivided  into  10,  so  that  the 
hearing  may  be  tested  from  the  maximum  of  200  units  to  0^— zero. 
The  fixed  coil  on  the  right  hand  contains  6  metres  of  wire ;  the  fixed 
coil  on  the  left  hand  contains  100  metres.  By  this  means  a  long  scale 
from  the  left  hand  coil  is  produced.  The  secondary  coil  contains  100 
metres  of  wire. 

In  using  the  instrument,  one  Leclanch6*s  cell  has  been  found  suffi- 
cient, as  a  general  rule,  but  two  have  been  used  in  instances  where 
the  hearing  of  the  person  under  test  has  been  very  defective.  The 
Iiecknch^  coll  was  selected  by  Professor  Hughes  as  affording  a  reliable 
current  for  the  purposes  he  had  in  view,  and  for  standard  comparisons. 
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In  -Qsing  the  instmment,  the  indnction  coil  is  moved  along  the  scale 
from  or  towards  the  larger  primary,  as  may  he  required,  and  the 
degrees  or  units  of  sound  are  read  from  the  figures  on  the  scale,  the 
sound  being  made  by  the  moyement  of  the  microphonic  key  between 
the  battery  and  the  primary  coils. 

The  person  whose  hearing  is  being  tested  should  sit  in  an  easy 
position,  and  should  not  see  the  act  of  the  observer  in  moving  the 
microphone  key.  For  good  observation,  the  room  in  which  the 
experiment  is  made  should  be  large,  and  all  external  causes  of  sound, 
such  as  the  ticking  of  clocks,  the  vibrations  of  windows  and  doors,  the 
moving  of  feet  and  the  singing  from  gas  jets,  should  be  silenced.  The 
sitter  should  close  the  ear  that  is  not  applied  to  the  telephone  while 
he  is  listening  for  minute  sounds,  and  should  give  his  full  and  calm 
attention  to  the  proceeding.  Any  excitement  is  like  to  lead  to  error 
when  refined  measurements  are  required. 

Capacity  of  the  Instrument  for  ObservcUi^on. 

The  instrument  may  be  considered  to  afford  the  most  satisfactory 
means  for  testing  the  hearing  power  of  all  persons  who  can  define 
a  sound.  The  rauge  of  sound  is  sufi&cient  at  the  maximum — ^200° — 
for  everyone  who  is  not  absolutely  deaf;  0^,  or  zero,  is  a  point  of 
positive  silence  from  the  instrument,  or  rather  from  the  sound  which 
it  produces  through  the  telephone. 

Phenomena  from  Ohservatiorm  made  on  different  Persons, 

Abrupt  Loss  of  Sound, 

One  of  the  first  facts  learned  with  the  audiometer  is  the  sudden- 
ness with  which  the  sound  is  lost  to  those  who  are  listening.  The 
sound  is  abruptly  lost  within  a  range  of  2° ;  that  is,  within  one- 
hundredth  part  of  the  entire  scale.  This  is  the  case  with  those  who 
are  very  deaf  as  well  as  with  those  who  hear  readily,  a  fact  originally 
noticed  by  Mr.  Hnghes,  and  which  I  have  corroborated  by  fifty  special 
observations  on  different  persons  presenting  powers  of  hearing  which 
varied  from  200°  £o  140°  as  the  extreme  limit  or  capacity,  to  complete 
hearing  through  the  whole  scale,  down  to  zero.  In  these  persons, 
when  the  observation  was  taken,  under  the  strictest  possible  conditions 
for  surrounding  silence,  the  point  between  distinctness  of  sound  and 
complete  loss  of  it  was  not  more  than  one-hundredth  part  of  the  scale. 

Continuous  Hearing  in  Line, 

In  testing  the  capacity  of  hearing,  it  is  noticeable  that  the  power  to 
detect  the  diminishing  sound  is  maintained  best  by  continuing  the 
reduction  in  trace  or  line  while  the  attention  is  fixed.  A  sudden  break 
may  cause  the  sound  to  be  lost  to  the  listener  long  before  his  real  inca- 
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pacity  to  hear  is  reached.  If,  for  instance,  the  sonnd  be  very  faintly 
heard  at  15^,  and  the  induction  coil  be  suddenly  moved  to  5°,  the  sound 
at  5°  may  be  quite  inaudible ;  but  if  the  coil  be  slowly  moved,  unit 
by  unit,  from  15^  to  5°,  the  sound  at  5**  may  be  distinctly  heard. 
Mr.  Maitland  Tate,  C.E.,  who  noticed  this  point  very  markedly  in  his 
own  case,  when  I  was  submitting  him  to  test,  compared  this  to  what  is 
observed  by  the  sense  of  sight  in  maloBg  surveys.  The  eye  will  follow 
a  line  to  au  extreme  point  with  comparative  readiness,  but  if  it  break 
away  irom  it^  the  object  seems  to  hav»  disappeared. 

Influence  of  Bespvraiion  an  Hearing. 

The  effect  of  filling  the  chest  and  holding  the  breath  makes  a  differ- 
ence in  listeners.  The  capacity  fbv  hearing  is  for  a  few  seconds 
increased  by  holding  the  breath.  Mr.  Tate,  who  could  hear  with  his 
right  ear  only  down  to  8**  under  ordinary  breathing,  could  hear  down 
to  5.°  when  he  held  his  breath.  Another  gentleman,  who  could  hear 
only  down  to  100°  under  ordinary  breathing,  could  hear  to  80°  when 
the  breath  was  held  with  the  chest  full.  Holding  the  breath  with  the 
chest  not  full  fails  to  produce  the  same  result. 

.  Influence  of  hahUual  Movements  of  the  Body. 

As  a  rule,  the  hearing  of  persons  who  are  right-handed  is  most  refined 
in  the  right  ear,  and  as  most  persons  arQ  right-handed,  it  is  found  that 
the  right  ear  is  the  best  ear.  This  rule  is,  however,  attended  with 
many  exceptions,  since,  for  various  reasons,  some  persons  who  u^e  the 
right  hand  exclusively,  practise  for  some  particular  purpose  the  use  of 
the  left  ear,  upon  which  that  ear  becomes  more  acute.  Thus  five  physi- 
cians, who  were  right-handed  but  who  had  accustomed  themselves  to 
use  the  stethoscope  with  the  left  ear,  could  hear  to  zero  on  that  side, 
but  had  lost  from  4°  to  5°  on  the  right  side.  Four  other  persons  who 
were  similarly  circumstanced  were  able  at  once  to  account  for  the  fact 
by  the  habit  they  had  acquired  of  listening  to  a  public  discourse  or 
sermon  from  the  left  side.  Another  point  of  interest  attaching  to  this 
observation  is,  that  the  practice  of  using  one  ear  for  special  refinement 
of  the  sense  seems  for  the  time  slightly  to  impair  the  other  ear, 
although  there  is  no  physical  evidence  of  such  impairment. 

Influence  of  some  Automatic  Adjustment  and  of  Memory,  on  Hearing. 

Connected  with  the  last-named  fact  is  another,  namely,  that  by  this 
instrument  the  deaf  are  found  to  fail  in  capacity  of  hearing  not  only 
by  reason  of  physical  defect,  but  also  by  failure  of  memory  of  sounds. 
Thus  in  a  youth  who  had  suffered  serious  defect  of  hearing  for  seven 
years  owing  to  partial  destruction  of  the  tympanum,  and  who  in  the 
right  ear  could  only  detect  sound  at  107°,  there  was  an,  inability  to 
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catch  all  the  sound  lying  between  130°  and  107°,  until  he  could 
remember  what  he  had  to  listen  for.  Bj  practising  him  then  to 
detect  the  lowest  sound  that  he  was  physically  capable  of  reoeiving,  I 
got  him  to  detect  this  one  sound  more  readily  than  those  which  came 
higher  up.  By  further  practice  all  the  intervening  sounds  became 
audible  with  equal  facility.  These  facts,  which  have  been  confirmed 
by  another  observation  on  a  different  person,  seem  to  me  to  indicate 
that  deafness  from  imperfection  of  the  tympanum  or  other  parts  of  the 
organ  of  hearing  may  be  increased,  beyonid  the  mere  physical  ^ilure, 
either  from  some  losfc  power  of  automatic  adjustment  in  the  auditory 
apparatus,  or  from  failure  of  receptive  power  in  the  cerebrum  itself) 
so  that  the  memory,  rendered  imperfect,  is  slow  to  assist  the  listener 
until  by  exercise  of  function  its  readiness  is  restored. 

Influence  of  Aimo^heric  Fresewre. 

By  use  of  the  audiometer,  the  influence  of  atmospheric  pressure  on 
hearing  is  detectable.  In  my  own  case  when  the  barometer  is  at  30 
I  can  hear  on  both  sides  close  down  to  zero  ;  but  below  80  I  fail  by 
2°  on  the  left  side  to  reach  tero.  In  another  person  a  similar  &ilure 
extends  to  a  loss  of  AT, 

Observations  on  Lower  Animals. 

I  have  tried  to  determine  in  some  of  the  lower  animals  whether 
there  is  the  same  sense  of  hearing  as  in  man.  In  most  animals  it  is 
difficult  to  obtain  sufficient  quietude  to  enable  the  observer  to  gather 
from  expression  or  movement  of  the  animal  the  information  sought  for. 
In  two  dogs,  one  a  terrier,  the  other  a  field  spaniel,  I  succeeded  in 
making  some  good  observations,  and  in  them  the  range  of  hearing 
power  seemed  to  be  distinctly  lower  than  it  is  in  the  human  subject 
who  has  perfect  hearing.  In  both  these  animals,  which  were  healthy, 
and  in  the  prime  of  life,  the  first  indication  of  the  detection  of 
sound  commenced  at  10°  on  the  scale.  The  detection  was  evidenced 
by  the  sudden  expression  of  listening,  by  a  slight  change  of  position, 
and  a  slight  dilatation  of  the  pupib.  This  detection  was  clearly  made 
on  the  instant,  as  if  the  sharp  line  of  hearing  were  the  same  in  them 
as  it  is  in  the  higher  animal. 

PuACTicAL  Memoranda. 

1.  The  audiometer  will,  I  think,  be  an  essential  in  all  physical 
examinations  of  men  who  are  undergoing  examination  as  to  their  fit- 
ness for  special  services  requiring  perfect  hearing,  such  as  soldiers, 
sentries,  railway  officials,  and  the  like. 

2.  The  instrument  will  be  of  great  use  to  the  physician  in  determin- 
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ing  the  yaJae  of  hearing  in  those  who  are  deaf,  and  in  determintug 
the  relative  Tallies  of  the  two  organs  of  hearing.  In  one  instance, 
already,  I  have  heen  ahle  bj  its  means  to  detect  in  a  person  who  was 
snj^KMsed  to  be  eqaally  deaf  on  both  sides,  that  on  one  side  the  hearing 
is  perfect  close  np  to  zero,  while  on  the  other  side  nine-tenths  of  the 
hearing  is  lost. 

3.  In  other  forms  of  diagnosis  I  have  fonnd  the  instrument  useful. 
In  a  young  person  suffering  from  acute  anaemia  the  hearing  was  so  de- 
fective that  on  the  right  side  it  failed  to  detect  sound  at  18°,  and  on 
the  left  side  at  15°.  In  ten  days,  during  which,  under  a  new  regimen, 
great  improvement  took  place  in  strength  and  general  condition,  the 
power  of  hearing  had  so  much  improved  that  the  right  ear  was  good 
down  to  12°,  and  the  left  to  8° ;  an  improvement  of  6°  on  the  right, 
and  of  12°  on  the  left  side. 

In  another  person  who  was  subject  to  repeated  vertigo,  the  giddi- 
ness occurring  three  or  four  times  a-day,  the  hearing  was  so  defective 
that  although  the  external  ear  on  each  side  was  clear  and  the  tympanum 
natural,  no  sound  could  be  heard  below  30°,  Under  complete  rest  and 
attention  to  diet,  the  vertiginous  attacks  were  in  a  few  days  removed 
altog^^er,  and  with  that  removal  there  was  gain  of  hearing,  on  both 
sides  equally,  up  to  5°  on  the  audiometrio  scale. 

4.  The  instrument  may  be  used  to  differentiate  between  dea^ess 
through  the  external  ear  and  deafness  from  closure  of  the  Eustachian 
tube, — ^throat  deafness.  In  my  0¥m  case  I  fail  to  detect  sound  by  the 
mouth  at  170°,  and  this  I  find  is  a  fair  average  in  those  who  are 
healthy.  It  represents  the  comparative  value  of  communication  by 
sound  through  the  Eustachian  oanal  and  the  external  ear. 

5.  The  instrument  promises  to  be  very  useful  in  detecting  the  effects 
in  the  body  of  those  agents  which  quicken  or  excite  the  circulation, 
such  as  alcohol  and  other  similar  chemical  substances.  I  have  some 
observations  on  these  points  in  reserve  for  a  further  report. 

6.  The  instrument  promises  to  be  of  great  service  in  determining 
the  value  of  artificial  tympanums  in  instances  of  deafness  due  to  im- 
perfection or  destruction  of  the  natural  tympanum.  The  cotton  arti- 
ficial tympanums  introduced  originally  by  the  late  Dr.  Yearsley,  and  the 
membranous  tympanums  introduced  by  the  late  J.  Toynbee,  F.B.S., 
have  proved  of  much  service  ;  and,  by  means  of  the  audiometer,  I  have 
been  able  very  accurately  to  test  their  respective  merits  and  to  com- 
pare both  with  tympanums  made  of  other  material.  The  inquiry  has 
Jed  me  to  test  different  metals  for  this  purpose,  and  to  find  in  fine 
gold  the  substance  for  making  the  most  useful  and  effective  artificial 
drum.  The  Messrs.  Ash,  of  Broad  Street,  have  made  for  me  various 
forms  of  gold  drums,  the  best  of  which,  perhaps,  is  a  little  cylinder 
which,  with  other  forms,  is  placed  before  the  Society.  With  one  of 
these  cylinders  I  was  able  to  give  to  a  young  gentleman  who  had  lost 
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hearing  on  the  right  side  up  to  110°,  from  destrnction  of  the  tympanum, 
an  instant  gain  down  to  60°,  a  gain  of  50°  on  the  andiometric  scale. 

In  this  preliminary  report  I  have  omitted  many  subjects  of  interest, 
but  I  hope  I  have  related  enough  to  show  that  the  world  of  science  in 
general,  and  the  world  of  medicine  in  particular,  is  under  a  deep  debt 
of  gratitude  to  Professor  Hughes  for  bis  simple  and  beautiful  instru- 
ment, which  I  have  christened  the  audimeter,  or  less  correctly  but 
more  euphoniously,  the  audiometer. 


V.  "  Note  on  the  Invention  of  a  Method  for  making  the  Move- 
ments of  the  Pulse  Audible  by  the  Telephone.  The 
Sphygmophone."  By  Benjamin  Ward  Richardson,  M.D., 
LL.D.,  F.R.S.    Received  May  14,  1879. 

While  experimenting  with  the  audiometer,  it  occurred  to  me  that 
I  might  get  a  secondary  or  telephonic  sound  from  tbe  movements 
of  the  pulse  at  the  wrist.  I  have  effected  this  in  a  very  simple 
manner^  by  adding  >a  microphone  to  a  Pond's  sphygmograph.  I  mount 
on  a  slip  of  talc,  glass,  wood,  or  ebonite  a  plate  of  metal  or  gas  carbon. 
I  place  tbe  slip  in  the  sphygmograph  as  if  about  to  take  a  tracing  of 
the  pulse.  I  connect  one  terminal  from  a  Leclanch6's  cell  to  tlie 
metal  or  carbon,  and  the  second  terminal  from  the  cell  to  a  terminal  of 
the  telephone.  Then  I  connect  the  other  terminal  of  the  telephone 
with  the  metal  rod  of  the  sphygmograph.  The  instrument  is  now 
ready  for  use.  It  is  placed  on  the  pulse,  in  the  ordinary  way,  and  is 
adjusted,  with  the  writing  needle  thrown  back,  until  a  good  pulsa- 
ting movement  of  the  needle  is  secured.  When  the  movement  is  in 
full  4u>tion,  the  needle  is  thrown  over  to  touch  the  platinum  plate, 
which  it  traverses  with  each  pulse-movement,  and  completes  the  con- 
nexion between  the  telephone  and  the  battery.  The  needle,  in  passing 
over  the  metal  or  carbon  plate,  causes  a  distinct  series  of  sounds  from 
the  telephone,  which  correspond  with  the  movements  of  the  pulse. 
When  all  is  neatly  adjusted,  the  sounds  heard  are  three  in  number, 
•one  long  sound  and  two  short,  corresponding  to  the  systolic  push,  the 
arterial  recoil,,  and  the  valvular  check.  The  sounds  are  singular,  as 
resembling  the  two  words,  ''bother  it."  The  sounds  can  be  made 
very  loud  by  increasing  the  battery  power. 

This  little  instrument  is  not  so  good  a  recorder  of  the  pulse  as  the 
sphygmograph,  but  it  may  be  made  very  useful  in  class,  for  illustrat- 
ing to  a  large  number  of  students,  at  one  time,  the  movements  of  the 
natural  pulse,  and  the  variations  which  occur  in  disease.  I  call  the 
invention  the  sphygmophone. 
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VI.  **  On  the  Capillary  Phenomena  of  Jets."    By  Lord  Rayleigh, 
F.R,S.     Received  May  5,  1879. 

When  water  issaes  under  high  pressure  from  a  circular  orifice  in  a 
thin  plate,  a  jet  is  formed  whose  section,  though  diminished  in  area, 
retains  the  circular  form.  But  if  the  orifice  he  not  circular,  the  section 
of  the  jet  undergoes  remarkable  transformations,  which  were  elabo- 
rately investigated  by  Bidone,*  many  years  ago.  The  peculiarities  of 
the  orifice  are  exaggerated  in  the  jet,  but  in  an  inverted  manner. 
The  following  examples  are  taken  from  Bidone's  memoir. 

Fig.  1. 


Fig.  1,  orifice  in  the  form  of  an  ellipse  (A),  of  which  the  major 
axis  is  horizontal,  and  24  lines  long ;  the  minor  axis  is  vertical,  and  17 
lines  long.     The  head  of  water  is  6  feet. 

Near  the  orifice  the  sections  of  the  vein  are  elhptical  with  major 
axis  horizontal.  The  ellipticity  gradually  diminishes  until  at  a  distance 
of  30  lines  from  the  orifice  the  section  is  circular.  Beyond  this 
point  the  vertical  axis  of  the  section  increases,  and  the  horizontal  axis 
decreases,  so  that  the  vein  reduces  itself  to  a  flat  vertical  sheet,  very 
broad  and  thin.  This  sheet  preserves  its  continuity  to  a  distance  of 
6  feet  from  the  orifice,  where  the  vein  is  penetrated  by  air. 

B  represents  the  section  at  a  distance  of  30  hues  from  the  orifice. 
It  is  a  circle  of  16  or  17  lines  diameter. 

C  is  the  section  at  a  distance  of  6  inches  from  the  orifice.     It  is  an 

*  **  Exp^rienees  Bur  la  Forme  et  sur  la  Direction  des  YeineB  et  des  Courans  d'Eau 
lanc^  par  diyerBes  OaYerlures."    Far  George  Bidone. 
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elliptical  figure,  whose  major  axis  is  22  lines  long  and  minor  axis 
14  lines  long. 

D  is  the  section  at  24  inches  from  the  orifice.  It  also  is  an  ellip- 
tical figure,  whose  vertical  axis  is  45  lines  long  and  horizontal  axis 
about  12  lines  long.  ^ 

In  fig.  2,  the  orifice  (A)  is  an  equilateral  triangle,  with  sides  2 
inches  long.  The  head  of  water  is  6  feet.  The  vein  resolves  itself 
into  three  flat  sheets  disposed  symmetrically  round  the  axis,  the  planes 

Fio.  2. 


of  the  sheets  being  perpendicular  to  the  sides  of  the  orifice.  These 
sheets  are  very  thin,  and  retain  their  transparence  and  continuity  to  a 
distance  of  42  inches,  reckoned  from  the  orifice.  The  sections  repre- 
sented by  B,  0,  D,  B  are  taken  at  distances  from  the  orifice  equal 
respectively  to  1  inch,  6  inches,  12  inches,  and  24  inches. 

Similarly,  a  vein  issuing  from  an  orifice  in  the  form  of  a  regular 
polygon,  of  any  number  of  sides,  resolves  itself  into  an  equal  number 
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of  thin  sheets,  whose  planes  are  perpendicalar  to  the  sides  of  the 
polygon. 

Bidone  explains  the  formation  of  these  sheets,  in  the  main  (as  it 
appears  to  me),  satisfactorily,  by  reference  to  simpler  oases  of  meeting 
streams.  Thus  eqnal  jets,  moving  in  the  same  straight  line,  with  eqaal 
and  opposite  velocities,  flatt^i  themselves  into  a  disk,  situated  in  the 
perpendicalar  plane.  If  the  axes  of  the  jets  intersect  obliquely,  a 
sheet  is  formed  symmetrically  in  the  plane  perpendicular  to  that  of  the 
impinging  jets.  Those  portions  of  a  jet  which  prooeed  from  the  out- 
lying parts  of  an  unsymmeiriQal  orifice  are  considered  to  behave,  in 
some  degree,  like  iiMlependent  meeting  streams. 

In  many  cases,  more  especially  when  the  orifices  are  small  and  the 
heads  of  water  low,  the  extension  of  the  sheets  in  directions  perpen- 
dicular to  the  jet  reaches  a  limits  Sections  taken  at  greater  distuices 
from  the  orifice  show  a  gradual  shortenii^  of  the  sheets,  until  a  com- 
pact form  is  attained,  similar  to  that  at  the  first  contaraotion.  Beyomd 
this  point,  if  the  jet  retains  its  coherence,  sheets  are  gradually  thrown 
out  again,  but  in  directions  bisecting  the  angles  between  the  directicms 
of  the  former  sheets.  These  sheets  may,  in  their  turn,  reach  a  limit 
€i  development,  again  contract,  and  so  on.  The  forms  assumed  in 
the  case  of  orifices  of  various  shapes^  including  the  rectangle,  the 
equilateral  triangle,  and  the  square,  have  been  carefully  investigated 
and  figured  by  Magnus.*  Phenomena  of  this  kind  are  of  every-day 
occurrence,  and  may  generally  be  observed  whenever  liquid  &lls  from 
the  lip  of  a  moderately  elevated  vessel. 

Admitting  the  substantial  accuracy  of  Bidone*s  explanation  of  the 
formation  and  primary  expansion  of  the  sheets  or  excrescences,  we 
have  to  inquire  into  the  cause  of  the  subsequent  contraction.  Bidone 
attributes  it  to  the  viscosity  of  the  fluid,  which  may  certainly  be  put 
out  of  the  question.  In  Magnus^a  view  the  cause  is  **^  cohesion  ;^  but 
he  does  not  explain  what  is  to  be  understood  under  this  designation, 
and  it  is  doubtful  whei^r  he  had  a  clear  idea  upon  the  subject.  The 
true  explanation  appears  to  have  been  first  given  by  Buff,t  who  refers 
the  phenomenon  distinctly  to  the  eapillary  force.  Under  the  operation 
of  i^is  force  the  fluid  behaves  as  if  enclosed  in  an  envelope  of  constant 
tension,  and  the  recurrent  form  of  the  jet  is  due  to  vibrations  of  the 
fluid  column  about  the  circular  figure  of  equilibrium,  superposed  upon 
the  general  progressive  motion.  Since  the  phase  of  vibration  depends 
upon  the  time  elapsed,  it  is  always  the  same  at  the  same  point  in  space, 
and  thus  the  motion  is  steady  in  the  hydro-dynamical  sense,  and  the 
boundaiy  of  the  jet  is  a  fixed  surface. 

In  so  far  as  the  vibrations  may  be  considered  to  be  isochronous,  the 


•  "  Hydiaulische  Untersuchungen."     "  Pogg.  Ann.,"  xct,  1855. 
t  "  Pogg.  Ann.,"  Bd.  c,  1857. 
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distance  between  consecutive  corresponding  points  of  tlie  recurrent 
figure,  or,  as  it  may  be  called,  the  wa/vO'length  of  the  figure,  is  directly 
proportional  to  the  velocity  of  the  jet,  i.e.,  to  the  square  root  of  the  head 
of  water.  This  elongation  of  wave-length  with  increasing  pressure 
was  observed  by  Bidone  and  by  Magnus,  but  no  definite  law  was 
arrived  at.  As  a  jet  falls  under  the  action  of  gravity,  its  velocity 
increases,  and  thus  an  augmentation  of  wave-length  might  be  ex- 
pected ;  but,  as  will  appear  later,  most  of  this  augmentation  is  com- 
pensated by  a  change  in  the  frequency  of  vibration  due  to  the 
attenuation  which  is  the  necessary  concomitant  of  the  increased  velo- 
city. Consequently  but  little  variation  in  the  magnitudes  of  successive 
wave-lengths  is  to  be  noticed,  even  in  the  case  of  jets  falling  vertically 
with  small  initial  velocity.  In  the  following  experiments  the  jets 
issued  horizontally  from  orifices  in  thin  plates,  usuaUy  adapted  to  a 
large  stonevrare  bottle,  which  served  as  reservoir  or  cistern.  The 
plates  were  of  tin,  soldered  to  the  ends  of  short  brass  tubes  rather 
more  than  an  inch  in  diameter,  by  the  aid  of  which  they  could  be 
conveniently  fitted  to  a  tubulure  in  the  lower  part  of  the  bottle.  The 
pressure  at  any  moment  of  the  outflow  could  be  measared  by  a  water 
manometer  read  with  a  scale  of  millimetres.  Some  little  uncertainty 
necessarily  attended  the  determination  of  the  zero  point;  it  was 
usually  taken  to  be  the  reading  of  the  scale  at  which  the  jet  ceased  to 
clear  itself  from  the  plate  on  the  running  out  of  the  water.  At  the 
beginning  of  an  experime'nt,  the  orifice  was  plugged  with  a  small  roll 
of  clean  paper,  and  the  bottle  wfks  filled  from  an  india-rubber  tube  in 
connexion  with  a  tap.  After  a  sufficient  time  had  elapsed  for  the 
water  in  the  bottle  to  come  sensibly  to  rest,  the  plug  was  withdrawn, 
and  the  observations  were  commenced.  The  jet  is  exceedingly  sensi- 
tive to  disturbances  in  the  reservoir,  and  no  arrangement  hitherto 
tried  for  maintaining  the  level  of  the  water  has  been  successful.  The 
measurements  of  wave-length  (\)  were  made  with  the  aid  of  a  pair  of 
dividers  adjusted  so  as  to  include  one  or  more  wave-lengths ;  and  as 
nearly  as  possible  at  the  same  moment  the  manometer  was  read.  The 
distance  between  the  points  of  the  dividers  was  afterwards  taken  from 
a  scale  of  millimetres.  The  facility,  and  in  some  cases  the  success,  of 
the  operation  of  observing  the  wave-length  depends  very  mnch  upon 
the  suitability  of  the  illumiliation. 

The  first  set  of  observations  here  given  refers  to  a  somewhat  elon- 
gated orifice  of  rectangular  form.  The  pressures  and  wave-lengths 
are  measured  in  millimetres.  The  third  column  contains  numbers 
proportional  to  the  square  roots  of  the  pressures. 
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Table  I.— November  11,  1878. 


enure. 

Ware-length. 

v'(Preiiui 

263 

104          

91 

216 

91          

84 

178 

81         

76 

144 

70        

69 

113*       . .  . 

61»       

61* 

83 

61        

52 

68 

42        

43 

39 

33        

3« 

21 

24        

26 

The  agreement  of  the  second  and  third  columns  is  pretty  good  on 
the  whole.  Small  discrepancies  at  the  bottom  of  the  table  may  be 
due  to  the  uncertainty  attaching  to  the  zero  point  of  pressure,  and 
also  to  another  cause,  which  will  be  referred  to  later.  At  the  higher 
pressures  the  observed  wave-lengths  have  a  marked  tendency  to  in- 
crease more  rapidly  than  the  velocity  of  the  jet.  This  result,  which 
was  confirmed  by  other  observations,  points  to  a  departure  from  the 
law  of  isochronous  vibration.  Strict  isochronism  is  only  to  be  expected 
when  vibrations  are  infinitely  small,  that  is>  in  the  present  application 
when  the  section  of  the  jet  never  deviates  more  than  infinitesimally 
from  the  circular  form.  During  the  vibrations  with  which  Table  I  is 
concerned,  however,  the  departures  from  circularity  are  very  con- 
siderable, and  there  is  no  reason  for  supposing  that  sach  vibrations 
will  be  executed  in  exactly  the  same  time  as  vibrations  of  infinitely 
small  amplitude.  Nevertheless,  this  consideration  would  not  lead  to 
an  explanation  of  the  discrepancies  in  Table  I,  unless  it  were  the  fact 
that  the  amplitude  of  vibration  increased  with  the  pressure  under 
which  the  jet  issues. 

As  a  matter  of  observation  the  increase  of  amplitude  is  very  ap- 
parent, and  was  noticed  by  Magnus.  It  is  also  a  direct  consequence 
of  theory,  inasmuch  as  the  lateral  velocities  to  which  the  vibrations 
are  due  vary  in  direct  proportion  to  the  longitudinal  velocity  of  the 
jet.  Consequently  the  amplitude  varies  approximately  as  the  square 
root  of  the  pressure,  or  as  the  wave-length.  The  amplitude  here 
spoken  of  is  measured,  of  course,  by  the  departwre  from  circularity, 
and  not  by  the  value  of  the  maximum  radius  itself. 

The  law  of  the  square  root  of  the  pressure  thus  applies  only  to  small 
amplitudes,  and  unfortunately  it  is  precisely  these  small  amplitudes 
which  it  is  difficult  to  experiment  upon.  Still  it  is  possible  to  approach 
theoretical  requirements  more  nearly  than  in  the  experiments  of 
Table  I. 

The  next  set  of  measurements  (Table  II)  refer  to  an  aperture  in  the 
form  of  an  ellipse  of  moderate  eccentricity.    Two  wave-lengths  were 
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inclnded  in  tlie  measnrements ;  in  other  respects  the  arrangements 
were  as  before. 

Table  11.— November  12. 
Pretsore.  Waye-length.  -v/(PpeMure.) 

262         40^         40 

208        36i        35i 

182        34  33i 

158        31  31 

129        28i        28 

107^      25i*      25i» 

86        22^        23 

69        20         ' 20J 

56        18 18i 

42'       15  16 

34        ]3i        14i 

27        12^        13 

21        10  ........         Hi 

In  this  case  the  law  is  fullj  verified,  the  discrepancies  being  de* 
cidedly  within  the  limits  of  experimental  error. 

On  the  other  hand,  the  discrepancies  may  be  exaggerated  by  the 
use  of  higher  pressures.  Table  III  relates  to  the  same  orifice  f  as 
Table  I.     Instead  of  the  stoneware  bottle,  a  tall  wooden  box  was  used 


as  reservoir. 

Prewure. 
757 

Table 

III.— December  20. 
WnTv-length. 

200          

184        

.     171     ....;. 

152        

141        

123       

106        

93        

79        

70        

62        

68        

63»      

48        

44*      

high  presKures  very 
ressures  according  tc 

f  haye  changed  a  little  in 

^/(PreMare). 
155 

672 

587 



145 
136 

497 
442 
365 

125 
118 
107 

289 

95^ 

86 
77 

234 

189 

154 

70 

123 

107 

•  •  •  .   • 

62 
58 

89*      . 

53* 

74 
61 

48 
44 

The  wave-lengths  at  the 
calculated  from  the  lower  pi 
small  vibrations. 

t  Its  condition  ma] 

greatly  exceed  those 
» the  law  applicable  to 

the  interraL 
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It  18  possible,  however,  to  observe  in  oases  where  the  amplitude  is 
so  small,  that  the  discrepancies  are  moderate  even  at  higher  pressares 
than  those  recorded  in  Table  III.  The  measurements  in  Table  lY  are 
of  a  jet  from  an  elliptical  aperture  of  small  eccentricity.  The  ratio  of 
axes  is  about  5 :  6.  The  wooden  box  was  used.  Two  wave-lengths 
were  measured. 


Preesure. 

1287 

1195 

1117 

1023 

947 

852 

770 

695 

620 

532 

451 

371 

290^ 

248 

192 

158 

133 

111 

94 

85 


Table  IV.— December  18. 
Waye-length. 


79t 

82 

79i 

73 

701 

66f 

&4 

6H 

58 

54^ 

48i 

45i 

39i* 

36J 

3H 

28f 

24 
24J 
21| 
•^1 


v/(PreMure). 
88^ 
80 
17\ 
74^ 
7H 
68 
64^ 
61 
58 
53i 
49J 
44| 
39i* 
36i 
32 
29i 
26i 
24^ 
221 
2H 


The  following  experiments  relate  to  on  orifice  in  the  form  of  an 
equilateral  triangle,  witli  slightly  rounded  comers.  The  side  measures 
about  3  millims.  In  this  case  the  peculiarities  of  the  contour  are  re- 
peated three  times  in  passing  round  the  circumference.  Two  waTe> 
lengths  were  measured. 


Prewure. 

215 

166 

127 

92* 

66 

43 

27 


Table  V.— November  16. 
■WiiTe-lengtb. 

36    

31i    

27     

23*    , 

19    ..... 


14i 
IH 


-v/ (Pressure). 
35 
31 
27 
23* 
19i 
15i 
12i 


t  This  is,  doubtless,  an  error.    At  these  high  pressures  the  obserration  is  difficult. 
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Here  again  we  observe  the  tendency  of  the  wave-length  to  increase 
more  rapidly  than  the  square  root  of  the  pressure. 

At  higher  pressures  the  difference  is  naturally  still  more  marked. 
With  the  same  aperture,  and  the  wooden  box  cus  reservoir,  the  results 
were: — 

Table  VI.— December  17. 

Pressure.  Waye-length.  v^  (Pressure). 

1072  102         80-4 

992  94        77-5 

888  89        73-2 

827  86  .....^..  70  7 

762  81        67-8 

702  77        66-0 

619  70        611 

539  66        570 

468  59i      531 

415  54      50-0 

337  47        44-6 

292  42        42  0 

251  38i      38-9 

213  34^      35-8 

189 33  33-7 

163  31  81-3 

140  28i  291 

111  24|  25-9 

90  22J  23-3 

70  19f  20-6 

67  I7i  18-5 

45  l4  16*5 

The  wave-lengths  down  to  34^  are  immediate  measurements  ;  those 
below  are  deduced  from  measurements  of  two  wave-lengths. 

Similar  experiments  were  made  with  jets  from  a  square  hole  (side  = 
2  millims.),  the  peculiarities  of  which  are  repeated  four  times  in  pass- 
ing round  the  circumference.     Two  wave-lengths  were  measured. 

Table  YII.— December  14. 

Pressure.                 Ware-length.  v^  (Pressure) .                   Corrected. 

447  32  30-2    29  9 

377  29i  27-7    27  4 

812  27  25-2    24  9 

269  24^  23-4    23  1 

247  23  22-5    22  1 

218  21i  211    20-7 
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Pressure.                 Wave-length.                  V^(PrefleuPB).  Corrected. 

192  20  19-8  19-3 

167*  18i*  18  -S*  18  0 

136  l4  16-6  16  1 

107  14  14-8  14-2 

87  13  13-3  12-7 

65  lOf  11-6  10-8 

47  8i  9-8  8-9 

The  third  colnmn  contains  numbers  proportional  to  the  square  roots 
of  the  pressures.  In  the  fourth  column  a  correction  is  introduced, 
the  significance  of  which  will  be  explained  later. 

The  value  of  X,  other  things  being  the  same,  depends  upon  the 
nature  of  the  fluid.  Thus  methylated  alcohol  gave  a  wave-length 
about  twice  as  great  as  tap  water.  This  is  a  consequence  of  the 
smaller  capillarity. 

If  a  water  jet  be  touched  by  a  fragment  of  wood  moistened  with 
oil,  the  waves  in  front  of  the  place  of  contact  are  considerably  drawn 
out ;  but  no  sensible  effect  appears  to  be  propagated  up  the  stream. 

If  a  jet  of  mercury  discharging  into  dilute  sulphuric  acid  be 
polarized  by  an  electric  current,  the  change  in  the  capillary  constant 
discovered  by  Lipmann  shows  itself  by  alterations  in  the  length  of 
the  wave. 

When  the  wave-length  is  considerable  in  comparison  with  the 
diameter  of  the  jet,  the  vibrations  about  the  circular  form  take  place 
practically  in  two  dimensions,  and  are  easily  calculated  mathematically. 
The  more  general  case,  in  which  there  is  no  limitation  upon  the  mag- 
nitude of  the  diameter,  involves  the  use  of  Bessel's  functions.  The 
investigation  will  be  found  in  Appendix  I.  For  the  present  we  will 
confine  ourselves  to  a  statement  of  the  results  for  vibrations  in  two 
dimensions. 

Let  us  suppose  that  the  polar  equation  of  the  section  is 

r=ao -ho,  cos  n^ (1), 

8o  that  the  curve  is  an  undulating  one,  repeating  itself  n  times  over 
the  circumference.  The  mean  radius  is  a, ;  and,  since  the  deviation 
from  the  circular  form  is  small,  a»  is  a  small  quantity  in  comparison 
-with  Otf.  The  vibration  is  expressed  by  the  variation  of  a»  as  a  har- 
monic function  of  the  time.  Thus  if  a«  a  cos  (pt—e),  it  may  be  proved 
that 

^=,r»TV"»A-«y(n3-n) (2). 

In  this  equation  T  is  the  superficial  tension,  p  the  density,  A  the  area 

of  the  section  (equal  to  wa©"),  and  the  frequency  of  vibration  isp-j-27r. 

For  a  jet  of  given  fluid  and  of  given,  area,  the  frequency  of  vibration 

varies  as  ^(n^—n)  or   v  (w  — l)»(?i-|-l).      The  case  of  n=l  oorre- 
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spends  to  a  displacement  of  the  jet  as  a  whole,  without  alteration  in 
the  form  of  the  boundaiy.  Accordingly  there  is  no  potential  energy, 
and  the  frequency  of  vibration  is  zero.  For  w=2  the  boundary  is 
elliptical,  for  n=3  triangular  with  rounded  comers,  and  so  on.  With, 
most  forms  of  orifice  the  jet  is  subject  to  more  than  one  kind  of 
vibration  at  the  same  time.  Thus  with  a  square  orifice  vibrations 
would  occur  corresponding  to  n=4,  n=8,  ti=12,  Ac.  However,  the 
higher  modes  of  vibrations  are  quite  subordinate,  and  may  usually  be 
neglected.  The  values  of  ^^(n^—n)  for  various  values  of  n  are  shown 
below. 

71=  2,        p^y/6  =v/6x    1 

n=:  3,  p=y6Xv/  4«=v/6x  2 
»=  4,  |)=y6Xv/  10=v/6x  316 
n=  5,  ^=v/6Xv/  20=y6x  4*47 
w=  6,  |>=v/6x  v/ 35fi=v^6x  6-92 
w=  7,  p=y6Xv/  56=y6x  7-48 
«=  8,  ^=y6Xv/  84=y6x  9-17 
«=  9,  p=  v/6  X  ^/1203a  v/6  X  1 0  -95 
n=12,        pa=  ye  X  v^286a=:  ye  X 16  95 

It  appears  that  the  frequency  for  ?i=3  is  just  double  that  for  n=2  ; 
so  that  the  wave-length  for  a  triangular  jet  should  be  the  half  of  that 
of  an  elliptical  jet  of  equal  area,  the  other  circumstances  being  the 
same. 

For  a  given  fluid  and  mode  of  vibration  (n),  the  frequency  varies 
as  A"',  the  thicker  jet  having  the  longer  time  of  vibration.  If  t;  be  the 
velocity  of  the  jet,  X=2  irvp~^.  If  the  jet  convey  a  given  volume 
of  fluid,  V  oc  A~',  and  thus  X  oc  A"*.  Accordingly  in  the  case  of  a 
jet  falling  vertically,  the  increase  of  X  due  to  velocity  is  in  great 
measure  compensated  by  the  decrease  due  to  diminishing  area  of 
section. 

The  law  of  variation  of  p  for  a  given  mode  of  vibration  with  the 
nature  of  the  fluid,  and  the  area  of  the  section,  may  be  found  by  con- 
siderations of  dimensions,  T  is  a  force  divided  by  a  line,  so  that  its 
dimensions  are  1  in  mass,  0  in  length,  and  —2  in  time.  The  volume 
density  ^  is  of  1  dimension  in  mass,  —3  in  length,  and  0  in.  time.  A 
is  of  course  of  2  dimensions  in  length,  and  0  in  mass  and  time.  Thus 
the  only  combination  of  T,  f».  A,  capable  of  representing  a  frequency, 
is  TV-*A-». 

The  above  reasoning  proceeds  upon  the  assumption  of  the  applica- 
bility of  the  law  of  isochronism.  In  the  case  of  large  vibrations,  for 
which  the  law  would  not  be  true,  we  may  still  obtain  a  good  deal  of 
information  by  the  method  of  dimensions.  The  shape  of  the  orifice 
being  given,  let  us  inquire  into  the  nature  of  the  dependence  of  X 
upon  T,  />,  A,  and  P,  the  pressure  under  which  the  jet  escapes.     The 
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dimensions  of  P,  a  force  divided  by  an  area,  are  1  in  mass,  —1  in 
length,  and  —2  in  time.     Assume 

XaT'^A'P"; 

then   bj  the  method  of  dimensions  we  have  the  following  relations 
among  the  exponents — 

aj-|-y+tt=0,  -3y+22-tt=0,  —2a;— 2^=0, 

whence  «*=—«,  y=0,  «=J(1— »). 


Thus  \aT'A*-**P-' oc 


-Q' 


The  exponent  x  is  undetermined;  and  since  any  number  of  terms 
with  difEerent  values  of  x  may  occur  together,  all  that  we  can  infer  is 
that  X  is  of  the  form 

where /is  an  arbitrary  function,  or  if  we  prefer  it 

where  P  is  equally  arbitrary.  Thus  for  a  given  liquid  and  shape  of 
orifice,  there  is  complete  dynamical  similarity  if  the  pressure  be  taken 
inversely  proportional  to  the  linear  dimension,  and  this  whether  the 
deviation  from  the  circular  form  be  great  or  small. 

In  the  case  of  water  Quincke  found  T=81  on  the  C.G.S.  system 
of  units.  On  the  same  system  />=1 ;  and  thus  we  get  for  the  frequency 
of  the  gravest  vibration  (n=2), 

^=3-61a-*=8-28A-*    ....     (3). 
23r  ^  ^ 

Yov  a  sectional  area  of  one  square  centimetre,  there  are  thus  8*28 
vibrations  per  second.  To  obtain  the  pitch  of  middle  G  (c'=256) 
we  should  require  a  diameter 


HIS)"="»- 


or  rather  more  than  a  millimetre. 
For  the  general  value  of  n,  we  have 

|^=l-43a-i-v/(n8-n)=8-38A-V(n8-n)  .     .     (4). 
2^ 

If  ^  be  the  head  of  water  to  which  the  velociiy  of  the  jet  is  due, 

3-38v^(n>-n) ^*^- 

YOL.  XXXL.  0 
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In  applying  this  formnla  it  mnst  be  remembered  that  A  is  the  area 
of  the  section  of  the  jet,  and  not  the  area  of  the  aperture. 
We  might  indeed  deduce  the  value  of  A  from  the  area  of  the 
aperture  by  introduction  of  a  coefficient  of  contraction  (about  '62)  \ 
but  the  area  of  the  aperture  itself  is  not  very  easily  measured. 
It  is  much  better  to  calculate  A  from  an  observation  of  the 
quantity  of  fluid  (V),  discharged  under  a  measured  head  (A'),  com- 
parable in  magnitude  with  that  prevailing  when  X  is  measured.  Thus 
A=V  (2gh'yK  In  the  following  calculations  the  C.a.S.  system  of 
units  is  employed. 

In  the  case  of  the  elliptical  aperture  of  Table  II,  the  value  of  A 
was  found  in  this  way  to  be  '0696.  Hence  at  a  head  of  10*7  the  wave- 
length should  be 

X.^  y(^9  X 10-7)  X  ('0695)«,Q.^y 
3-38v/6 

the  value  of  g  being  taken  at  981.     The  corresponding  observed  valne 
of  X  is  2-55. 

Again,  in  the  case  of  the  experiments  recorded  in  Table  IV,  it  was 
found  that  A=-0660.  Hence  for  7t=290  the  value  of  the  wave- 
length  should  be  given  by 

^  _(2<y  X  29-0)  X  ('066Q)>,o.yg 
3-38x-v/6 

The  corresponding  observed  value  is  3*95. 

We  will  next  take  the  triangular  orifice  of  Table  V.  The  value  of 
A  was  found  to  be  '164.  Hence  for  a  head  of  9*2  the  value  of  X, 
calculated  ^  priori,  is 

.^v/(2(yx9'2)xC154)>,,go 
3-38Xv/24 

as  compared  with  2*3  found  by  direct  observation. 

For  the  square  orifice  of  Table  VII,  we  have  A=*153.  Henoe»  if 
h=l6'7, 

^^^/(2(yxl67)xC153)»,,Hn 
^ 3-38xv^60 ^  ^^' 

as  compared  with  1*85  by  observation. 

It  will  be  remarked  that  in  every  case  the  observed  value  of  X 
somewhat  exceeds  the  calculated  value.  The  discrepancies  are  to  be 
attributed,  'not  so  much,  I  imagine,  to  errors  of  observation  as  to 
excessive  amplitude  of  vibration,  involving  a  departure  from  the 
frequency  proper  to  infinitely  small  amplitudes.  The  closest  agree- 
ment is  in  the  case  of  Table  IV,  where  the  amplitude  of  vibration  was 
smallest.      It  is  also  possible   that  the    capillary  tension  actually 
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operaidve  in  these  experiments  was  somewhat  less  than  that  deter- 
mined by  Qaincke  for  distilled  water. 

When  th^  pressures  are  small,  the  waye-lengths  are  no  longer  con- 
siderable  in  comparison  with  the  diameter  of  the  jet.,  and  the  vibra- 
tions cannot  be  supposed  to  take  place  sensibly  in  two  dimensions. 
The  frequency  of  vibration  then  becomes  itself  a  function  of  the 
wave-length.  This  question  is  investigated  mathematically  in 
Appendix  I.     Por  the  case  of  n=4,  it  is  proved  that  approximately 


^-^ 


1  +  ^:^^ 

/iS8\      3ox;»  /• 

Hence  for  the  aperture  of  Table  VII, 

Xocy^(l--088X-2), 

X  being  expressed  in  centimetres.     The  numbers  in  the  fourth  column 
of  the  table  are  calculated  according  to  this  formula. 

On  the  other  hand  at  high  pressures  the  frequency  becomes  a 
function  of  the  pressure.  Since  frequency  is  always  an  even  function 
of  amplitude,  and  in  the  present  application,  the  square  of  the 
amplitude  varies  as  %,  the  wave-length  is  given  approximately  by  an 
expression  of  the  form  Vh  (M-|-N^),  where  M  and  N  are  constants. 
It  appears  from  experiment,  and  might,  I  think,  have  been  expected, 
that  frequency  diminishes  as  amplitude  increases,  so  that  N  is  positive. 

When  the  aperture  has  the  form  of  an  exact  circle,  and  when  the 
flow  of  fluid  in  its  neighbourhood  is  unimpeded  by  obstacles,  there  is 
a  perfect  balance  of  lateral  motions  and  pressures,  and  consequently 
nothing  to  render  the  jet  in  its  future  course  unsymmetrical.  Even  in 
this  case,  however,  the  phenomena  are  profoundly  modified  by  the 
operation  of  the  capillary  force.  Far  from  retaining  the  cylindrical 
form  unimpaired,  the  jet  rapidly  resolves  itself  in  a  more  or  less 
regular  manner  into  detached  masses.  It  has,  in  fact,  been  shown  by 
Plateau,*  both  from  theory  and  experiment,  that  in  consequence  of 
sur&ce-tension  the  cylinder  is  an  unstable  form  of  equilibrium,  when 
its  length  exceeds  its  circumference. 

The  circumstances  attending  the  resolution  of  a  cylindrical  jet  into 
drops  have  been  admirably  examined  and  described  by  Savart,t  and. 
for  the  most  part  explained  with  great  sagacity  by  Plateau.  There 
are,  however,  a  few  points  which  appear  not  to  have  been  adequately 
treated  hitherto ;   and  in  order  to  explain  myself  more  effectually 

*  "  Staiique  Exp^rimentale  et  Th^rique  des  Liquides  soumis  aux  seules  Forces 
MoL^colaires."    Paris,  1873. 

t  '*  M^moiie  stir  la  Constitution  des  Yeines  Liquides  lancto  par  des  Orifices 
CHroulaires  en  mince  paroi."    Ann.  d.  Chim.,  t.  liii,  1883. 
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I  propose  to  pass  in  review  the  leading  features  of  Plat<ean'8  theory, 
imparting,  where  I  am  able,  additional  precision. 

Let  ns  conceive,  then,  an  infinitely  long  circular  cylinder  of  liquid, 
at  rest,*  and  inquire  under  what  circumstances  it  is  stable,  or  unstable, 
for  small  displacements,  symmetrical  about  the  axis  of  figure. 

Whatever  the  deformation  of  the  originally  straight  boundary  of 
the  axial  section  may  be,  it  can  be  resolved  by  Fourier's  theorem  into 
deformations  of  the  harmonic  type.  These  component  deformations 
are  in  general  infinite  in  number,  of  every  wave-length,  and  of 
arbitraiy  phase ;  but  in  the  first  stages  of  the  motion,  with  which 
alone  we  are  at  present  concerned,  each  produces  its  effect  indepen- 
dently of  every  other,  and  may  be  considered  by  itself.  Suppose, 
therefore,  that  the  equation  of  the  boundary  is 

r=a+«  cos  A»?, (6), 

where  a  is  a  small  quantity,  the  axis  of  z  being  that  of  symmetry. 
The  wave-length  of  the  disturbance  may  be  called  X,  and  is  connected 
with  Tz  by  the  equation  A;=2irX~'.  The  capillary  tension  endeavours 
to  contract  the  surface  of  the  fluid ;  so  that  the  stability,  or  instability, 
of  the  cylindrical  form  of  equilibrium  depends  upon  whether  the 
surface  (enclosing  a  given  volume)  be  greater  or  less  respectively 
after  the  displacement  than  before.  It  has  been  proved  by  Plateau 
(see  also  Appendix  I)  that  the  surface  is  greater  than  before  dis- 
placement  if  ha>\^  that  is,  if  \<2ira\  but  less,  if  ka<\,  or  X>2ira. 
Accordingly,  the  equilibrium  is  stable,  if  X  be  less  than  the  circum- 
ference ;  but  unstable,  if  \  be  greater  than  the  circumference  of  the 
cylinder.  Disturbances  of  the  former  kind,  like  those  considered  in 
the  earlier  part  of  this  paper,  lead  to  vihroMons  of  harmonic  type, 
whose  amplitudes  always  remain  small;  but  disturbances,  whose 
wave-length  exceeds  the  circumference,  result  in  a  grater  and  greater 
departure  from  the  cylindrical  figure.  The  analytical  expression  for 
the  motion  in  the  latter  case  involves  exponential  terms,  one  of  which 
(except  in  case  of  a  particular  relation  between  the  initial  displace- 
ments and  velocities)  increases  rapidly,  being  equally  multiplied  in 
equal  times.  The  coefficient  (g)  of  the  time  in  the  exponential  term 
(et^)  may  be  considered  to  measure  the  degree  of  dynamical  in- 
stability;  its  reciprocal  gr— '  is  the  time  in  which  the  disturbance  is 
multiplied  in  the  ratio  1 :  e. 

The  degree  of  instability,  as  measured  by  g,  is  not  to  be  deter- 
mined from  statical  considerations  only ;  otherwise  there  would  be  no 
limit  to  the  increasing  efficiency  of  the  longer  wave-lengths.  The 
joint  operation  of  superficial  tension  and  ifierHa  in  fixing  the  wave- 

•  A  motion  common  to  eTeiy  part  of  the  fluid  is  neoeesarily  without  influenoe 
upon  the  itability,  and  may  therefore  be  left  out  of  account  for  oonTenience  of  con- 
ception and  expression. 
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length  of  maximum  instability  was,  I  believe,  first  considered  in  a 
communication  to  the  Mathematical  Society,*  on  the  "  Instability  of 
JetB.'*     It  appears  that  the  valne  of  q  may  be  expressed  in  the  form 

a=y(l,)   .Y(M) (7). 

where,  as  before,  T  is  the  superficial  tension,  />  the  density,  and  F  is 
given  by  the  following  table : — 


h^a\ 

F(*«). 

Jc^<fi, 

F(Ara). 

•06 

•1536 

•4 

•8382 

•1 

•2108 

•5 

•3482 

•2 

•2794 

•6 

•8344 

•3 

•3182 

•8 

•2701 

•9 

•2015 

The  greatest  value  of  F  thus  corresponds,  not  to  a  zero  value  of 
A*o',  but  approximately  to  A;'a*='4858,  or  to  X=4'508x2a.  Hence 
the  maximum  instability  occurs  when  the  wave-length  of  disturbance 
is  about  half  as  great  again  as  that  at  which  instability  first  com- 
mences. 

Taking  for  water,  in  C.G.S.  units,  T=81,  />=!,  we  get  for  the  case 
of  maximum  instability, 


if  d  be  the  diameter  of  the  cylinder.  Thus,  if  cZ=l,  2"*= '115;  or 
for  a  diameter  of  one  centimetre  the  disturbance  is  multiplied  2*7 
times  in  about  one-ninth  of  a  second.  If  the  distarbanoe  be  mul- 
tiplied 1000  fold  in  time  U  qt=S  loge  10=69,  so  that  t='79dl.  For 
example,  if  the  diameter  be  one  millimetre,  the  disturbance  is  mul- 
tiplied 1000  fold  in  about  one-fortieth  of  a  second.  In  view  of  these 
estimates  the  rapid  disintegration  of  a  fine  jet  of  water  will  not  cause 
surprise. 

The  relative  importance  of  two  harmonic  disturbances  depends  upon 
their  initial  magnitudes,  and  upon  the  rate  at  which  they  grow.  When 
the  initial  values  are  very  small,  the  latter  consideration  is  much  the 
more  important ;  for,  if  the  disturbances  be  represented  by  a^e^i',  o^e?*', 

in  which  qi  exceeds  jg,  their  ratio  is  ^e"*^i"?i^' ;  and  this  ratio  de- 

creases  without  limit  with  the  time,  whatever  be  the  initial  (finite) 
ratio  a^i  a^'  If  the  initial  disturbances  are  small  enough,  that  one  is 
ultimately  preponderant,   for  which   the    measure   of    instability   is 

*  "  Math.  Soc.  Proc,"  Kovember,  1878.    See  also  Appendix  I. 
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greatest.  The  smaller  the  causes  by  which  the  original  equilibrium  is 
upset,  the  more  will  the  cylindrical  mass  tend  to  divide  itself  regularly 
into  portions  whose  length  is  equal  to  4' 5  times  the  diameter.  But  a 
disturbance  of  less  favourable  wave-length  may  gain  the  preponder- 
ance in  case  its  magnitude  be  sufficient  fco  produce  disintegration  in  a 
less  time  than  that  required  by  the  other  disturbances  present. 

The  application  of  these  results  to  actual  jets  presents  no  great 
difficulty.  The  disturbances,  by  which  equilibrium  is  upset,  are  im- 
pressed upon  the  fluid  as  it  leaves  the  aperture,  and  the  continuous 
portion  of  the  jet  represents  the  distance  travelled  during  the  time 
necessary  to  produce  disintegration.  Thus  the  length  of  the  continuous 
portion  necessarily  depends  upon  the  character  of  the  disturbances  in 
respect  of  amplitude  and  wave-length.  It  may  be  increased  consider- 
ably, as  Savart  showed,  by  a  suitable  isolation  of  the  reservoir  from 
tremors,  whether  due  to  external  sources  or  to  the  impact  of  the  jet 
itself  in  the  vessel  placed  to  receive  it.  Nevertheless  it  does  not  appear 
to  be  possible  to  carry  the  prolongation  very  far.  Whether  the  resi- 
duajy  disturbances  are  of  external  origin,  or  are  due  to  friction,  or  to 
some  peculiarity  of  the  fluid  motion  within  the  reservoir,  has  not  been 
satisfactorily  determined.  On  this  point  Plateau's  explanations  are  not 
very  dear,  and  he  sometimes  expresses  himself  as  if  the  time  of  dis- 
integration depended  only  upon  the  capillary  tension,  without  reference 
to  initial  disturbances  at  all. 

Two  laws  were  formulated  by  Savart  with  respect  to  the  length  of 
the  continuous  portion  of  a  jet,  and  have  been  to  a  certain  extent 
explained  by  Plateau.  For  a  given  fluid  and  a  given  orifice  the  length 
is  approximately  proportional  to  the  square  root  of  the  head.  This 
follows  at  once  from  theory,  if  it  can  be  assumed  that  the  disturbances 
remain  always  of  the  same  character,  so  that  the  time  of  disintegration 
is  constant.*  When  the  head  is  given,  Savart  found  the  length  to  bo 
proportional  to  the  diameter  of  the  orifice.  From  (8)  it  appears  that 
the  time  m  which  a  disturbance  is  multiplied  in  a  given  ratio  varies, 
not  as  d,  but  as  c2l.  Again,  when  the  fluid  is  changed,  the  time  varies 
^  />i  T~^.  But  it  may  be  doubted,  I  think,  whether  the  length  of  the 
continuous  portion  obeys  any  very  simple  laws,  even  when  external 
disturbances  are  avoided  as  far  as  possible. 

When  the  circumstances  of  the  experiment  are  such  that  the  reser- 
voir is  influenced  by  the  shocks  due  to  the  impact  of  the  jet,  the  dis- 
integration usually  establishes  itself  with  complete  regularity,  and  is 
attended  by  a  musical  note  (Savart).  The  unpact  of  the  regular 
series  of  drops  which  is  at  any  moment  striking  the  sink  (or  vessel 
receiving  the  water),  determines  the  rupture  into  similar  drops  of  the 
portion  of  the  jet  at  the  same  moment  passing  the  orifice.     The  pitch 

*  For  the  sake  of  simpUcitj,  I  neglect  the  action  of  grarity  upon  the  jet  when 
formed.    The  question  has  been  farther  discussed  by  Plateau. 
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of  the  note,  though  not  absolutely  definite,  cannot  differ  much  from 
that  which  corresponds  to  the  division  of  the  jet  into  waye-lengths  of 
maximum  instability ;  and,  in  fact,  Savart  found  that  the  frequency 
was  directly  as  the  square  root  of  the  head,  inversely  as  the  diameter 
of  the  orifice,  and  independent  of  the  nature  of  the  fluid — laws  which 
follow  immediately  from  Plateau's  theory. 

From  the  pitch  of  the  note  due  to  a  jet  of  g^ven  diameter,  and  issuing 
under  a  given  head,  the  wave-length  of  the  nascent  divisions  can  be  at 
once  deduced.  Reasoning  from  some  observations  of  Savart,  Plateau 
finds  in  this  way  4*38  as  the  ratio  of  the  length  of  a  division  to  the 
diameter  of  the  jet.  The  diameter  of  the  orifice  was  3  millims.,  from 
which  that  of  the  jet  is  deduced  by  the  introduction  of  the  coeffi- 
cient  '8.  Now  that  the  length  of  a  division  has  been  estimated  a  priori, 
it  is  perhaps  preferable  to  reverse  Plateau's  calculation,  and  to  exhibit 
the  frequency  of  vibration  in  terms  of  the  other  data  of  the  problem. 
Thus 


'-^'^'^^-i^ («)• 


But  the  most  certain  method  of  obtaining  complete  regularity  of 
resolution  is  to  bring  the  reservoir  under  the  influence  of  an  external 
Tibrator,  whose  pitch  is  approximately  the  same  as  that  proper  to  the 
jet.  Magnus*  employed  a  Neef 's  hammer,  attached  to  the  wooden  frame 
which  supported  the  reservoir.  Perhaps  an  electrically  maintained 
tuning-fork  is  still  better.  Magnus  showed  that  the  most  important 
part  of  the  effect  is  due  to  the  forced  vibration  of  that  side  of  the 
vessel  which  contains  the  orifice,  and  that  but  little  of  it  is  propagated 
through  the  air.  With  respect  to  the  limits  of  pitch,  Savart  found 
that  the  note  might  be  a  fifth  above,  and  more  than  an  octave  below, 
that  proper  to  the  jet.  According  to  theory,  there  would  be  no  well- 
defined  lower  limit ;  on  the  other  side,  the  external  vibration  cannot 
be  eflicient  if  it  tends  to  produce  divisions  whose  length  is  less  than 
the  circumference  of  the  jet.  This  would  give  for  the  interval  defining 
the  upper  limit  v  :  4' 508,  which  is  very  nearly  a  fifth.  In  the  case  of 
Plateau's  numbers  («-  :  4*38}  the  discrepancy  is  a  little  greater. 

The  detached  masses  into  which  a  jet  is  resolved  do  not  at  once 
assume  and  retain  a  spherical  form,  but  execute  a  series  of  vibrations, 
being  alternately  compressed  and  elongated  in  the  direction  of  the  axis 
of  symmetry.  When  the  resolution  is  effected  in  a  perfectly  periodic 
manner,  each  drop  is  in  the  same  phase  of  its  vibration  as  it  passes 
through  a  given  point  of  space;  and  thence  arises  the  remarkable 
appearance  of  alternate  swellings  and  contractions  described  by  Savart. 
llie  interval  from  one  swelling  to  the  next  is  the  space  described  by 

•  "Pogg.  Ann.,"  bd.  <m,  1869. 
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tbe  drop  during  one  oomplete  vibration,  and  is  therefore  (as  Plateau 
shows)  proportional  cceteris  parihtis  to  the  square  root  of  the  head. 

The  time  of  vibration  is  of  course  itself  a  function  of  the  nature  of 
the  fluid  and  of  the  size  of  the  drop.  By  the  method  of  dimensions 
alone  it  may  be  seen  that  the  time  of  infinitely  small  vibrations  varies 
directly  as  the  square  root  of  the  mass  of  the  sphere  and  inversely  as 
the  square  root  of  the  capillary  tension ;  and  in  Appendix  II  it  is 
proved  that  its  expression  is 

^ (10). 

y  being  the  volume  of  the  vibrating  mass. 

In  an  experiment  arranged  to  determine  the  time  of  vibration,  a 
stream  of  19*  7  cub.  centims.  per  second  was  broken  up  under  the 
action  of  a  fork  making  128  vibrations  per  second.  Neglecting  the 
mass  of  the  small  spherules  (of  which  more  will  be  said  presently),  we 
get  for  the  mass  of  each  sphere  19*  7 -^  128,  or  '164i  grm. ;  and  thence 
by  (10),  tiiking  as  before  T=81, 

T='0473  second. 

The  distance  between  the  first  and  second  swellings  was  by  measure- 
ment 16*5  centims.  The  level  of  the  contraction  midway  between  the 
two  swellings  was  86*8  centims.  below  the  surface  of  the  liquid  in  the 
reservoir,  corresponding  to  a  velocity  of  1 75  centims.  per  second.  These 
data  give  for  the  time  of  vibration, 

T=16-5-T-36-8=-0612  second. 

The  discrepancy  between  the  two  values  of  t,  which  is  greater  than 
I  had  expected,  is  doubtless  due  in  part  to  excessive  amplitude, 
rendering  the  vibration  slower  than  that  calculated  for  infinitely  small 
amplitudes. 

A  rough  estimate  of  the  degree  of  flattening  to  be  expected  at  the 
first  swelling  may  be  arrived  at  by  calculating  the  eccentricity  of  the 
ohlatum^  which  has  the  same  volume  and  surface  as  those  appertaining 
to  the  portion  of  fluid  in  question  when  forming  part  of  the  undis- 
turbed cylinder.  In  the  case  of  the  most  natural  mode  of  resolution, 
the  volume  of  a  drop  is  9ira',  and  its  surface  is  18ira*.  The  eccen- 
tricity of  the  ohlatum  which  has  this  volume  and  this  surface  is  '944, 
corresponding  to  a  ratio  of  principal  axes  equal  to  about  1 :  3. 

In  consequence  of  the  rapidity  of  the  motion  some  optical  device  is 
necessary  to  render  apparent  the  phenomena  attending  the  disintegra- 
tion of  a  jet.  Magnus  employed  a  rotating  mirror,  and  abo  a  rotating 
disk  from  which  a  fine  slit  was  cut  out.  The  readiest  method  of 
obtaining  instantaneous  illumination  is  the  electric  spark,  but  with 
this  Magnus  was  not  successful.  '*  The  rounded  masses  of  which  the 
swellings  consist  reflect  the  light  emanating  from  a  point  in  such  a 
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manner  that  tbe  eye  sees  only  the  single  point  of  each,  which  is  prin- 
cipally illnminated.  Hence,  when  the  stream  is  illnminated  by  the 
electric  spark,  the  swellings  appear  like  a  string  of  pearls  ;  bnt  their 
form  cannot  be  recognised,  beoaose  the  intensity  of  the  light  reflected 
from  the  remaining  portions  of  the  masses  is  too  small  to  allow  this, 
on  account  of  the  velocity  with  which  the  impression  is  lost.***  The 
electric  spark  had,  however,  been  used  snccessfally  for  this  purpose 
some  years  before  by  Baff,t  who  observed  the  shadow  of  the  jet  on  a 
white  screen.  Preferable  to  an  opaque  screen  in  my  experience  is  a 
piece  of  ground  glass,  which  allows  the  shadow  to  be  examined  from  the 
further  side.  I  have  found  also  that  the  jet  may  be  very  well  ob- 
served directly,  if  the  illumination  is  properly  managed.  For  this 
purpose  it  is  necessary  to  place  the  jet  between  the  source  of  light 
and  the  eye.  The  best  effect  is  obtained  when  the  light  of  the  spark 
is  somewhat  diffused  by  being  passed  (for  example)  through  a  piece 
of  ground  glass. 

The  spark  may  be  obtained  from  the  secondary  of  an  induction 
coil,  whose  terminals  are  in  connexion  with  the  coatings  of  a  Leyden 
jar.  By  adjustment  of  the  contact  breaker  the  series  of  sparks  may 
be  made  to  fit  more  or  less  perfectly  with  the  formation  of  the  drops. 
A  still  greater  improvement  may  be  effected  by  using  an  electri- 
cally maintained  fork,  which  performs  the  double  office  of  controlling 
the  resolution  of  the  jet  and  of  interrupting  the  primary  current  of 
the  induction  coil.  In  this  form  the  experiment  is  one  of  remarkable 
beauty.  The  jet,  illnminated  only  in  one  phase  of  transformation, 
appears  almost  perfectly  steady,  and  may  be  examined  at  leisure. 
The  fork  that  I  used  had  a  frequency  of  128,  and  communicated  its 
vibration  to  the  reservoir  through  the  table  on  which  both  were 
placed  without  any  special  provision  for  the  purpose.  The  only  weak 
point  in  the  arrangement  was  the  rather  feeble  character  of  the 
sparks,  depending  probably  upon  the  use  of  an  induction  coil  too 
lai-ge  for  the  rate  of  intermittence.  A  change  in  the  phase  under 
observation  could  be  effected  by  pressing  slightly  upon  the  reservoir, 
whereby  the  vibration  communicated  was  rendered  more  or  less 
intense. 

The  jet  issued  horizontally  from  an  orifice  of  about  half  a  centi- 
metre in  diameter,  and  almost  immediately  assumed  a  rippled  out- 
line. The  gradually  increasing  amplitude  of  the  disturbance,  the 
formation  of  the  elongated  ligament,  and  the  subsequent  trans- 
formation of  the  ligament  into  a  spherule,  could  be  examined 
with  ease.  In  consequence  of  the  transformation  being  in  a  more 
advanced  stage  at  the  forward  than  at  the  hinder  end,  the  liga- 
ment remains  for  a  moment  connected  with  the  mass  behind,  when 

•  "Phil.  Mag.,"  xviii,  1869,  p.  172. 
t  "  Liebig's  Ann.,"  Ixxviii,  1861. 
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it  haa  freed  itself  from  the  mass  in  front,  and  thos  the  resnlting 
sphemle  acquires  a  backwards  relative  velocity,  which  of  necessity 
leads  to  a  collision.  Under  ordinary  circumstances  the  spherule 
rebounds,  and  may  be  thus  reflected  backwards  and  forwards  several 
times  between  the  adjacent  masses.  But  if  the  jet  be  subject  to 
moderate  electrical  influence,  the  spherule  amalgamates  with  a  larger 
mass  at  the  first  opportunity.*  Magnus  showed  that  the  stream  of 
spherules  may  be  diverted  into  another  path  by  the  attraction  of  a 
powerfully  electrified  rod,  held  a  little  below  the  place  of  resolution. 

Very  interesting  modifications  of  these  phenomena  are  observed 
when  a  jet  from  an  orifice  in  a  thin  platef  is  directed  obliquely  up- 
wards. In  this  case  drops  which  break  away  with  different  velocities 
are  carried  under  the  action  of  gravity  into  diflerent  paths ;  and  thus 
under  ordinary  circumstances  a  jet  is  apparently  resolved  into  a  ^^  sheaf,** 
or  bundle  of  jets  all  lying  in  one  vertical  plane.  Under  the  action 
of  a  vibrator  of  suitable  periodic  time  the  resolution  is  regularised, 
and  then  each  drop,  breaking  away  under  like  conditions,  is  projected 
with  the  same  velocity,  and  therefore  follows  the  same  path.  The 
apparent  gathering  together  of  the  sheaf  into  a  fine  and  well-defined 
stream  is  an  effect  of  singular  beauty. 

In  certain  cases  where  the  tremor  to  which  the  jet  is  subjected  is 
compound,  the  single  path  is  replaced  by  two,  three,  or  even  more 
paths,  which  the  drops  follow  in  a  regular  cycle.  The  explanation  has 
been  given  with  remarkable  insight  by  Plateau.  If  for  example 
besides  the  principal  disturbance,  which  determines  the  size  of  the 
drops,  there  be  another  of  twice  the  period,  it  is  clear  that  the  alter- 
nate drops  break  away  under  different  conditions  and  therefore  with 
different  velocities.  Complete  periodicity  is  only  attained  after  the 
passage  of  a  pair  of  drops  ;  and  thus  the  odd  series  of  drops  pursues 
one  path,  and  the  even  series  another.  All  I  propose  at  present  is 
to  bring  forward  a  few  facts  connected  with  the  influence  of  elec- 
tricity, which  are  not  mentioned  in  my  former  communication.  To 
it,  however,  I  must  refer  the  reader  for  further  explanations.  The 
literature  of  the  subject  is  given  very  fully  in  Plateau's  seoond 
volume. 

When  the  jet  is  projected  upwards  at  a  moderate  obliquity,  the 
sheaf  is  (as  Savart  describes  it)  confined  to  a  vertical  plane.  Under 
these  circumstances,  there  are  few  or  no  collisions,  as  the  drops  have 
room  to  clear  one  another,  and  moderate  electrical  influence  is  without 
effect.  At  a  higher  obliquity  the  drops  begin  to  be  scattered  out  of 
the  vertical  plane,  which  is  a  sign  that  collisions  are  taking  place. 
Moderate  electrical  influence  will  now  reduce  the  scattering  again  to 

•  <<Proo.  Boj.  Soc,"  March  18,  1879.  On  the  Influence  of  Bleotricitj  on 
Colliding  Water  Dropt. 

t  Tjndall  has  ibown  that  a  pinhole  gae  burner  maj  also  be  used  with  adrantage. 
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the  vertical  plane,  by  causing  the  coalescence  of  drops  whicb  come  into 
contact.  When  the  projection  is  nearly  vertical,  the  whole  scattering 
is  due  to  collisions,  and  is  destroyed  by  electricity.  If  the  resolution 
into  drops  is  regularised  by  vibrations  of  suitable  frequency,  the 
principal  drops  follow  the  same  path,  and  unless  the  projection  is 
nearly  vertical,  there  are  no  collisions,  as  explained  in  my  former 
paper.  It  sometimes  happens  that  the  spherules  are  projected  laterally 
in  a  distinct  stream,  making  a  considerable  angle  with  the  main  stream. 
This  is  the  result  of  collisions  between  the  spherules  and  the  principal 
drops.  I  believe  that  the  former  are  often  reflected  backwards  and 
forwards  several  times,  until  at  last  they  escape  laterally.  Occasionally 
the  principal  drops  themselves  collide  in  a  regular  manner,  and  ulti- 
mately escape  in  a  double  stream.  In  all  cases  the  behaviour  under 
electrical  influence  is  a  criterion  of  the  occurrence  of  collisions.  The 
principal  phenomena  are  easily  observed  directly,  with  the  aid  of 
instantaneous  illumination. 


Appendix  I. 

The  subject  of  this  appendix  is  the  mathematical  investigation  of 
the  motion  of  frictionless  fluid  under  the  action  of  capillary  force,  the 
configuration  of  the  fluid  differing  infinitely  little  from  that  of  equi- 
librium in  the  form  of  an  infinite  circular  cylinder. 

Taking  the  axis  of  the  cylinder  as  axis  of  «,  and  polar  co-ordinate  rfi 
in  the  perpendicular  plane,  we  may  express  the  form  of  the  surface  at 
any  time  t  by  the  equation 

r=ao+/(<»,.) (11), 

in  which  /  (0^)  is  always  a  small  quantity.  By  Fouriers'  theorem, 
the  arbitrary  function  /  may  be  expanded  in  a  series  of  terms  of  the 
type  On  COB  nO  cos  kz ;  and,  as  we  shall  see  in  the  course  of  the  in- 
vestigation, each  of  these  terms  may  be  considered  independently  of 
the  others.  The  summation  extends  to  all  positive  values  of  A;,  and  to 
all  positive  integral  values  of  n,  zero  included. 

During  the  motion  the  qaantity  Oq  does  not  remain  absolutely  con- 
stant,  and  must  be  determined  by  the  condition  that  the  inclosed 
volume  is  invariable.     Now  for  the  surface. 

r=aQ+a»  cos  n^  cos  Icm (12), 

we  find 

Yo\ume^\ ffr^dOdz^f  {wa^  •¥\'^oh?  Gos^hz)dz^z(ira^ -f  Jir«»3)  . 

so  that,  if  a  denote  the  radius  of  the  section  of  the  undisturbed 
cylinder, 
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whence  approximately 

For  the  case  n=0,  (13)  is  replaced  by 

'^=<i-i) (^*)- 

We  have  now  to  calculate  the  area  of  the  surface  of  (22),  on  which 
the  potential  energy  of  displacement  depends.     We  have 


—ff{l-¥\lcW  cos'n^  sin«ib +i»««»«a-«  sin^n^  cos^A^jr  d9  dz 

so  that,  if  a  denote  the  surface  corresponding  on  the  average  to  the 
unit  of  length, 

<r=2«-a  +  Jira-H^«*+«^-l)«i.*     .     .     .     (15), 

the  value  of  a^  being  substituted  from  (13). 

The  potential  energy  P,  estimated  per  unit  length,  is  therefore  ex- 
pressed by 

P=:Jira-iT(A;V+n«-l)«.«     .     .     •     .     (16), 

T  being  the  superficial  tension. 

For  the  case  «=0,  (16)  is  replaced  by 

P=i^a-iT(^2a«-.l)«^8 (17). 

From  (16)  it  appears  that,  when  n  is  unity  or  any  greater  integer, 
the  value  of  P  is  positive,  showing  that,  for  all  displacements  of 
these  kinds,  the  original  equilibrium  is  stable.  For  the  case  of  dis- 
placements symmetrical  about  the  axis,  we  see  from  (17)  that  the 
equilibrium  is  stable  or  unstable  according  as  ita  is  greater  or  less  than 
unity,  I.e.,  according  as  the  wave-length  (2ir1er^)  is  less  or  greater 
than  the  circumference  of  the  cylinder. 

If  the  expression  for  r  in  (12)  involve  a  number  of  terms  with 
various  values  of  n  and  A;,  the  corresponding  expression  for  P  is  found 
by  simple  addition  of  the  expressions  relating  to  the  component 
terms,  and  contains  only  the  squares  (and  not  the  products)  of  the 
quantities  «. 
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The  velocity  potential  (0)  of  the  motion  of  the  fluid  satisfies  the 
equation 

rf«0  .  1^  .  JL^+^=o- 

di^     r  dr      r*  d£^     dz^ 

OTy  if  in  order  to  correspond  with  (12)  we  assume  that  the  yariahle 
part  is  proportional  to  cos  n$  cos  hz, 


^^'rt-i^^^y" — <'«■ 


The  solution  of  (18)  under  the  condition  that  there  is  no  introduc- 
tion or  abstraction  of  fluid  along  the  axis  of  symmetry  is 


0=|3»J«(t^)cosn^co8&j     ....     (19), 

in  which  »=  V(— 1),  aud  J»  is  the  symbol  of  the  Bessel's  function  of 
the  nth  order,  so  that 

J.(^)=,^(^/l+^^. J^ 


2»r(n-hl)  I       2.2n+2     2  .  4  .  2n4-2  .  2n+4 

2.4.6.2n+2.2n+4.2n+6        '     '    /    '     *     v     ^• 


+ 


The  constant  j3»  is  tiO  be  found  from  the  condition  that  the  radial 
velocity  when  r^=:a  coincides  with  that  implied  in  (12).     Thus 

»&/3.J.'(^)=%- (21). 

at 

The  kinetic  energy  of  the  motion  is,  by  Green's  theorem, 

^^ f  f  r0^"|  ^ade dz^^wf^  .  tha  .  Jn(ika)  Z^{ilca)  .  /3»« ; 
so  that,  by  (21),  if  K  denote  the  kinetic  energy  per  unit  length. 

When  n=0,  we  must  take,  instead  of  (22), 

The  most  general  value  of  K  is  to  be  found  by  simple  summation, 
with  respect  to  n  and  ky  £rom  the  particular  values  expressed  in  (22) 
and  (23).    Since  the  expressions  for  P  and  K  involve  only  the  squares^ 

and  not  the  products,  of  the  quantities  «,  -=-,    it   follows   that   the 

dc 
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motions  represented  by  (12)  take  place  in  perfect  independence  of  one 
another. 

For  the  free  motion  we  get  by  Lagrange*8  method  from  (16),  (22), 

dt^     pa?       Jn(ika) 

which  applies  without  change  to  the  case  n=0.     Thus, 
if  ««  oc  cos  (i?<— «)» 

«2=^/^^!!^^(nHA^a»--l)     •     •     •     (25), 
par     Jniika) 

giving  the  frequency  of  vibration  in  the  cajses  of  stability.  If  n=0, 
and  ka<  1,  the  solution  changes  its  form.   If  we  suppose  that  «»  oce^'. 

2^  T  tWyy^^^j^^^^     .     .     .     (26). 
pa^     Jo(Mta) 

From  this  the  table  in  the  text  was  calculated. 

When  n  is  greater  than  unity,  the  values  of  p*  in  (25)  are  usually 
in  practical  cases  nearly  the  same  as  if  X^  were  zero,  or  the  motion 
took  place  in  two  dimensions.  We  may  therefore  advantageously 
introduce  into  (25)  the  supposition  that  Jca  is  small.  In  this  way  we 
get 

or,  if  A^  be  neglected  altogether, 

j,»=(n»-n)l, (28). 

pa^ 

which  agree  with  the  formula  used  in  the  text.  When  nsl,  there  is 
no  force  of  restitution  for  the  case  of  a  displacement  in  two 
dimensions. 

Combining  in  the  usual  way  two  stationary  vibrations,  whofie 
phases  differ  by  a  quarter  of  a  period,  we  find  as  the  expression  of  a 
progressive  wave, 

r=aQ+7„  cos  nO  cob  kz  cos|)*+7»  cos  n^  sin  ^  Bin|>^ 

=aQ'\-fim  COB  nO  cos  (pt'-kz) (29). 

For  the  application  to  a  jet  the  progressive  wave  must  be  reduced 
to  steady  motion  by  the  superposition  of  a  common  velocity  (v)  equal 
and  opposite  to  that  of  the  wave's  propagation.  The  solution  then 
becomes 

r=^c^-¥ 'in  COB  nO  COB  kz       .     .     .     .     (30), 
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in  which  7*  is  an  absolnte  constant.      The  corresponding  velocity- 
potential  is 

iP=,-vz+?^^^J^  sin  Jcz COB  nO.     .     .     (31). 

It  18  instructive  to  verify  these  results  by  the  formuleB  applicable  to 
steady  motion.     The  resultant  velocity  q  at  any  point  is  approxi- 

mately  eqnal  to  -^ ;  and 
dz 

cb  tkJn(tfca) 

At  the  surface  we  have  approximately  r:=a,  aud 

iq^^i^^p  Ic  t^Try/^^,  cos  ib  cos  n^. 

Thus  by  the  hydrodynamical  equation  of  pressure,  with  use  of  (25), 
since  t;=j?A;~^, 

Pressure=const. +7«a'**T  (n*  -1+ Ai^a*)  cos  A:z  cos  n^    .     (32). 

The  pressure  due  to  superficial  tension  is  T  (Ri"i  +  R,"*i),  if  R^,  R,, 
are  the  radii  of  curvature  in  planes  parallel  and  perpendicular  to  the 
axis ;  and  from  (30) 

— Ro"^ = - -^ = —lc^^%  cos  nO  cos  hi 

Ri-i=r-i +^-=a-i +7«a-«(/i2-.l)cos  n^  COS  A;;j ; 

so  that 

Pressure = const.  +7iia"®(n^— 1  +A;^a*)oos  nO  cos  hz. 

Thus  the  pressure  due  to  velocity  is  exactly  balanced  by  the  capillary 
force,  and  the  surface  condition  of  equilibrium  is  satisfied. 


Appendk  II. 

We  will  now  investigate  in  the  same  manner  the  vibrations  of  a 
liquid  mass  about  a  spherical  figure,  confining  ourselves  for  brevity  to 
modes  of  vibrations  symmetrical  about  an  axis,  which  is  sufficient  for 
the  application  in  the  text.  These  modes  require  for  their  expression' 
only  Legendre's  functions  P^ ;  the  more  general  problem,  involving 
Laplace's  functions,  may  be  treated  in  the  same  way,  and  leads  to 
the  same  results. 

The  radius  r  may  be  expanded  at  any  time  t  in  the  series 

r=ao+aiPiW+     •     •    •     +«i.P«W+     •     •     (33), 


Digitized  by 


Coogk 


96  Lord  Rayleigh  on  [May  15, 

where  a^  a,  are  small  qnantities  relatively  to  a^j  and  fi  (according  to 
the  XLsaal  notation)  represents  the  cosine  of  the  colatitude  (0), 
For  the  volume  included  within  the  snrfEtce  (33)  we  have 


^^iA'^^dfi 


=i^r| W +3ao2{aiPi(^)  +  . .  -^GuPnOi)  +  . .  } 

+  3ao{aiPi(/i)+  . .  +anPn(fi)+  . .  P+  .  .W     . 

=iW\'\'^  +  3ao-22a„2P„«(/t)]c«A* 

=i^ao8[H-3ao-22(2n+l)-W, 
approximately.     If  a  be  the  radius  of  the  sphere  of  equilibrium, 
a»=V[H-3a-22(2n+l)-W]     .     •     .     (34). 
We  have  now  to  calculate  the  area  of  the  surface  S. 

S=2,rfrsin(?v/{r2+(^Y|i^=2«-[{f^+i(^Y}Bin^^^ 

For  the  first  part 

"^  r3i/i=2aoH22(2w+l)-ia»*. 


i: 


-1 
For  the  second  part 

»j(i;.i..*=j|:;a-^,[^^]V 

The  value  of  the  quantity  on  the  right  hand  side  may  be  found  with 
the  aid  of  the  formula* 

Thus 

♦i::e)»'*=»i::a-'')^-(t)'^'-     . 

=i2n(n+l)a»2pP«2d;*=2  n(n+l)(2n+l)-ia,». 

Accordingly        S=4iirao8+2ir2(2n+l)-i(nHn+2)a»2 ; 
or,  since  by  (34) 

ao>=a?-22(2n+l)-W, 
S=4xa8+2ir2(n-l)(n+2)(2n  +  l)-ia»3     .     .     (36). 

•  Todhunter's  "  Laplmoe*8  Functions,**  §  62. 
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If  T  be  the  cohesive  tension,  the  potential  energy  is 

P=2irT2(»i-l)(n  +  2)(2n+l)-'W     .     .     (36). 

We  have  now  to  calcnlate  the  kinetic  energy  of  the  motion.  The 
velocity-potential  0  may  be  expanded  in  the  series 

0=/3o+^xrPi(/i)+     .     .     +/3,^P«(/*)+     .     (37); 

and  thns  for  K  we  get 

J  J     dr  J-i    dr 

But  by  comparison  of  the  value  of  ^  from  (37)  with  (33),  we  find 

dv 

and  tbns 

K=2»-/>a82(2«+l)-in-»teY     .     .     .     (38). 

Since  the  products  of  the  quantities  0%  and  ^^  do  not  o'ccur  in  the 

CM 

expressions  for  P  and  K,  the  motions  represented  by  the  various  terms 
occur  independently  of  one  another.  The  equation  for  o^  is  by 
Lagrange's  method 

^+«(n-l)(n  +  2)-I,(i,=0    .     .     (39); 
dv^  par 

so  that,  if  a«  oc  cos  (p^+e), 

p2=n(n-l)(n  +  2)-^ (40). 

par 

The  periodic  time  t  given  in  the  text  (equation  (10)  )  follows  from 
(40)  by  putting  T=2^^p-^  n=2,  V=|  wa^. 

To  find  the  radius  of  the  sphere  of  water  which  vibrates  seconds, 
put  j>=2»-,  T=81,  /»=1,  n=2.  Thus  a=2'54  centims.,  or  one  inch 
almost  exactly. 

The  Society  adjourned  over  Ascension  Day  to  Thursday,  May  29. 
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May  29,  1879. 

THE  PRESIDENT  in  the  Chair. 

The  Presents  received  were  laid  on  the  table,  and  thanks  ordered  for 
them. 

The  following  Papers  were  read : — 

I.  *'  On  the  Conduction  of  Heat  in  Ellipsoids  of  Revolution.''  By 
C.  NiVEN,  M.A.,  Professor  of  Mathematics  in  Queen's 
College,  Cork.  Communicated  by  J.  W.  L.  Glaishbr, 
F.R.S.    Received  May  7,  1879. 

(Abstract.) 

The  object  of  the  present  paper  is  to  investigate  the  expressions 
Avhich  present  themselves  in  the  mathematical  treatment  of  the  problem 
of  the  conduction  of  heat  in  an  ellipsoid  of  revolution.  The  resnlts 
obtained  constitute  a  generalisation  of  the  corresponding  solution  for 
the  sphere,  and  are  fonnd,  in  the  first  instance,  for  an  ellipsoid  whose 
major  axis  is  the  axis  of  revolution,  but  a  slight  alteration  will  render 
them  applicable  also  to  a  planetary  ellipsoid.  We  may  effect  the 
transformation  to  ellip>soidal  co-ordinates  of  the  general  equation  of 
conduction  as  follows :  the  semi-axes  of  the  ellipsoid  and  hyperboloid 
through  any  point  conf ocal  to  the  surface  being  denoted  by  c  cosIia, 
■c  sinhjt,  and  c  cos  /3,  c  sin  /3,  the  co-ordinates  of  the  point  may  be  expressed 
by  c  cos  0  sinhdc  sin  /3,  c  sin  0  sinha  sin  /3.  c  cosh^  cos  /3,  and  the  general 
equation  of  conduction  becomes 

=^(eosh2»-cos2/3)^, 

V  being  the  temperature  at  any  point. 
We  may  satisfy  this  equation  by 

V=(cosm0  or  sin7n^)e-  *''^i(/3)0;(»), 


where 
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2  being  a  constant  to  be  determined,  the  same  in  both ;  and  we  have  to 
determine  the  appropriate  solntions  of  these  equations. 

Writing  y  for  cos  fi,  and  denoting  by  Pl(i')  the  tesseral  harmoDic 

^^Z^}\^'  1)^  (^*^"(r»--l)*    .^  ^  proved  that  the  equation  in  ^  is 

(2n)!   ^  ^  di^^  ^  ^ 

satisfied  by  expression  of  the  form 

or  ^.=&oP:^i-^p:^h&,p:+s 

and  the  coefficients  (a)  and  (5)  are  related  as  follows — 
Patting 

X*c^=:€,^ ^i — 1  =/«rif  M=7W-|-2r,and  =u«if  n=m +2«+l 

(4n2-lX4.H-l»-l) 

^^g^^l.e+n(n+l)-.=0.    if    i.=m  +  2r,     and     =0,    if 

n=m  +  2*  +  l, 
we  have  the  systems 

(1)  n=TO+2r,  /*iai=--0bao>  /^«3=-^^""^  •  •  /*r+iar+i=-0f<ir— ar_i, 
6  6  e 

z  one  of  the  roots  of  <X'g^=0. 
{2)n=m  +  2*  +  l,^6i=-0o^o»/^^2=-^^— ^O»-/*r+i6r+i  =  -0A— &r-l.-- 

6  6  6 

z  one  of  the  roots  of  b^  =0 ; 

the  expressions  dividing  themselves  into  two  classes,  for  the  former  of 
which  the  values  of  0  are  symmetrically  equal,  and  for  the  latter  equal 
and  opposite,  on  opposite  sides  of  the  equator. 

The  values  of  Q  also  fall  into  two  corresponding  classes,  and  are 
expressed  most  appropriately  in  terms  of  the  function 


If  we  write  f=Xcsinha,  »^=Xccosha,  f=cosh«,  we  find  for  Q  these 
expressions : — 

Class  I.     Any  one  of  the  tliree  forms 

^a„S.(,)  +  2a,  .  (2,«+2r+l)(2»^+2r+3)  .  .  (2».+4r-l)  l\\]) 


a„P;(r)  +  l(-l)'arP'(r)- 
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Class  II.     Any  one  of  the  forms 

(,'-XV)f 

V«  ilr  7*^'  •(2m+2«+3X2m+2»+5)  . .  (2m+^+l)    -iZi./ 

■•+1  »  il+lt+l 

6oP«(r)+2(-i)'6,p».(r). 

It  is  shown  that  the  roots  of  a^=iO  are  all  real  and  definite  in  posi- 
tion, and  that  in  the  neighbourhood  of  these  roots  the  series  Or,  Or+i* 
.  .  .  rapidly  converge ;  similar  results  hold  for  the  roots  of  b^^^O, 

The  general  form  of  the  ratios  ar  :  Oq  is  ascertained,  and  the  equation 
aoe=0  written  in  the  form 

l-622^  +  e423-  ...  =0. 
where  2r  denotes  the  sum  of  the  products  of  every  r  of  the  series 

-^,  -^  ...  of  which  no  two  in  the  same  product  are  adjacent. 
0001  0109 

We  then  approximate  to  the  values  of  z  by  series  ascending  by 

powers  of  e,  and  the  expression  for  the  r+lth  root  is,  up  to  c^,  given 
by 

in  which  (/>'p  represents  the  result  of  putting  in  (f>p  a  first  approxima- 
tion to  2?,  up  to  c  given  by  0r=O,  and  0^"  the  resulting  of  substituting' 

a  second  approximation  up  to  €^  given  by  0r=«^(  -7-^  +^^^?^  \ 

\0  ,_i     0  H-i/ 

These  expressions  are  then  used  to  expand  z  in  powers  of  « ;  and, 
more  especially,  the  first  roots  of  each  equation  for  any  given  value  of 
m,  are  found.  For  the  r + 1th  root  the  term  Or  is  the  leading  term  of  the 
series,  and  expansions  are  found  for  Or+i  :  Or,  Or.i  :  Or,  Or+g  :  Or  .  .  .  . 
as  far  as  r^. 

In  the  case  of  Class  I  a  few  of  the  lower  roots  are  found  for  the 
smaller  numbers,  m=0,  1,  2,  and  the  numerical  expansions  given  for 
one  or  two  of  the  coefficients  adjacent  to  the  leading  one  to  (in  general) 
two  terms.  In  Class  II  the  numerical  calculations  have  been  performed 
for  a  few  of  the  roots  only.  These  expansions  represent  the  solution 
found  by  M.  Mathieu. 

The  values  of  \  must  be  determined  from  the  condition  satisfied  at 
the  surface  of  the  solid.     If  the  surface  be  maintained  at  constant 
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^zero)  temperature,  X  is  given  either  by  0=QL(X6)  or  0=Ql(X^i),  2a 
mid  2h  being  the  major  and  minor  axes  of  the  ellipsoid.  The  latter  is  the 

more  conyenient  for  expressing  X  in  powers  of  the  eccentriciiy  e=-. 

a 

It  is  shown  how  the  values  of  X  may  be  found,  and  in  particular  for  the 

first  root  of  w=0,  the  equation  becomes  QJ»=0,  which  gives  for  X, 

When  the  solid  cools  by  radiation  the  boundary  condition  is 


^+Jy.-e'fV=0(f=X5); 

«ndy  to  deal  with  this  condition,  it  is  necessary  to  show  that  any  func- 
tion of  y,  at  least  every  ftinction  capable  of  expansion  in  Ihe  form 

■2A«P«(y),  may  be  expanded  in  the  form  SBn^^.     The  possibility  of 

f+l 

this  depends  on  the  theorem   I    ^^i'di'=0,  z  not=«',  which  is  proved 

true. 

In  particular  the  coefficients  of  the  expansion  of  ^0^  in  this  form  are 
fully  worked  out. 

To  satisfy  all  the  conditions  of  the  problem  we  must  now  assume  for 

V  an  expression  of  the  form  (cos  m0  or  sin  m0)  e      SC^Q"" ;   and 

general  equations  are  given  whereby  both  the  values  of  X  and  the 
coefficients  (C)  are  determined.  If  we  require  the  expansion  of  X  only 
as  far  as  e*,  the  equation  which  finds  it  can  be  readily  given.  If  we 
wish  only  X  up  to  «*,  this  equation  breaks  up  into  a  system  of  the  form 

^+j,;o:'=o,  (f=\6). 

in  which  gl  are  constant  coefficients  whose  values  are  found.  The 
course  of  the  subsequent  approximation  is  free  from  difficulty. 

To  calculate  the  coefficients  which  depend  on  the  initial  state  of  the 
ellipsoid,  we  have  to  evaluate  the  integral 

in  which  v  may  be  either  Olfll,  or  SCr^QJT,  as  the  case  may  be ;  and 
to  do  so  we  must  determine  the  following  single  integ^ls : — 

V\ei)Hv,     ^yeiei;dv,     «'=or  not=;r, 

0  "0 
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These  integrals  are  given  in  the  first  three  cases,  and  the  formnla  for 
finding  the  last,  which  is  somewhat  complicated,  famished. 

Finally,  it  is  shown  that  the  resnlts  may  he  transferred  to  the  case  of 
a  planetary  ellipsoid  by  changing,  in  the  formnlae,  €  into  —  e. 


II.  "  On  a  New  Method  of  Inveetigating  the  Magnetic  Lines  of 
Force  in  Magnets,  demonstrating  the  Obliquity  of  the 
Equator  and  Axis  of  Bar  Magnets."  By  Richard  C. 
Shettle,  M.D.  Communicateji  by  Dr.  Royston-Pigott, 
F.R.S.     Received  April  24,  1879. 

It  was  not  nntil  some  thousand  observations  had  been  made  in  the 
manner  about  to  be  described,  that  I  was  rewarded  with  the  discovery 
of  the  obliquity  of  the. bar  magnetic  equator,  which  is  the  subject  of 
the  present  communication. 

On  a  former  occasion  the  Royal  Society  did  me  the  honour  of 
accepting  a  similar  research  on  the  magnetic  condition  of  arterial  and 
venous  blood. 

My  present  object  is  to  detail  the  manner  in  which  I  have  been  led 
up  to  the  resul^  now  obtained. 

It  appeared  to  me  that  the  usual  method  of  displaying  magnetic 
currents  by  means  of  the  curves  assumed  by  steel  filings  were  only 
rough  approximations. 

Long  after  I  had  been  occupied  with  those  observations  I  became 
aware,  through  the  kindness  of  Professor  Stokes,  Secretary  to  the  Royal 
Society,  that  Sir  Gteorge  Airy,  the  Astronomer  Royal,  had  in  a  short 
paper  in  the  "  Transactions,'*  investigated  (with  a  pocket  compass  fur- 
nished with  a  magnetic  inch-needle)  these  lines  of  force.  The  method 
which  I  have  adopted  is  essentially  different,  and  greatly  exceeds  in 
delicacy. 

Ist, — Inch  magnetized  steel  needles  were  suspended  and  nicely  haZaticed 
Ml  a  single  silk  fibre  6  inches  long. 

These  needles  carried  over  the  magnets  assumed  rapidly  changing 
positions,  and  readily  demonstrated,  as  in  the  paper  alluded  to,  the 
varying  force  and  direction  as  usually  portrayed  in  treatises  on  mag- 
netism. But  these  long  needles  utterly  failed  in  the  niceties  of  research 
on  which  I  was  employed. 

2n<l. — Ne&lfes  varying  from  half  an  inch  to  the  1-16^/t  of  an  inch  were 
mounted  and  snsp&nded  in  a  similar  manner, 

1  found  the  latter  thoroughly  competent  to  trace  /judden  changes  in 
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the  magnetic  forces.  And,  for  the  purpose  of  recording  the  curves 
so  traced  out,  I  covered  the  surfaces  of  some  bar-magnets  with  paper, 
and  then  ruled  lines  on  them  1-1 6th  of  an  inch  apart,  longitudinally 
as  well  as  transversely. 

The  squares  so  formed  gave  exact  co-ordinates  for  reference. 
Next,  the  position  of  the  suspended  neecfle  1-1 6th  of  an  inch  long, 
or  l-8th  if  the  curves  displayed  no  sudden  curvature,  was  carefully 
plotted  in  each  of  these  squares  by  means  of  a  hand  lens.  The  ac- 
cumulation of  all  these  plottings,  on  careful  continuation,  gave  the 
curves,  as  traced  from  pole  to  pole,  shown  in  fig.  1. 

The  equatorial  regions  adjacent  to  the  centre  of  the  magnets 
examined  were  plotted  by  dotting  down  the  exact  position  of  the 
suspended  minim  magnet  in  its  ultimate  state  of  stable  equilibrium ; 
these  dots  were  then  assiduously  joined  by  a  continuous  line. 

In  selecting  the  initial  positions  of  the  extraneous  curves,  equi- 
distant lines  were  drawn  parallel  to  the  bar,  and  points  were  simul- 
taneously elected  on  two  equidistant  lines  from  which  to  start  equa- 
torial curves,  such  as  a  and  b  in  the  fig.  3. 

In  every  case  the  peints  of  parallelism  of  the  test  needles  in  these 
equidistant  lines  upon  being  joined  by  a  straight  line  P  F,  exhibited 
obliquity. 

But  the  principal  obliquities  are  demonstrated  by  joining  the  points 
of  contact  with  the  bar  of  the  curves  fully  traced  out  from  these  eqtii- 
distant  points,  such  as  P  P'. 

These  curves  may  be  described  as  those  whose  tangents  are  parallel  to 
the  axis  of  the  bar  N  S,  at  points  equidistant  from  it  (fig.  2). 

According  to  the  curvature,  changing  slowly  or  rapidly,  a  different 
set  of  needles  is  employed,  which  are  preserved,  ready  for  use,  in 
glass  tubes. 

The  work  is  one  requiring  great  steadiness  of  manipulation.  Some 
thousands  of  observations  requii^  plotting  on  a  minute  scale.  Indeed, 
innumerable  curves  of  great  extent  and  variety  have  been  plotted 
upon  the  surface  of  magnetic  bars  covered  with  paper,  as  seen  in  fig.  1. 
Not  only  were  these  curves  traced  all  over  the  surface  of  the 
magnets,  but  they  were  also  traced  a  considerable  distance  away  from 
them  laterally. 

The  nature  of  these  extraneous  or  lateral  curves  appears  graphically 
hyperbolic.  Any  given  curve  thus  formed  is  the  position  of  the  magnetic 
needle  traced  from  point  to  point,  which  needle  is  necessarily  under 
the  influence  of  both  the  terrestrial  and  the  bar  magnetism  for  the 
time  being,  and  its  direction  is  a  restdtoMt  of  the  various  forces  bringing 
it  to  a  state  of  rest  at  the  various  points  examined. 

One  of  the  most  striking  results  of  the  investigation,  when  the 
curves  are  placed  very  near  the  centre  of  the  bar,  is  the  general  obli- 
quity of  the  magnetic  equator  of  the  bar  (fig.  2). 
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This  obliquity  of  the  magnetic  equator  of  the  bar  is  demonstrated  by 
the  coup  d^cnl  of  the  curves  traced  out  magnetically,  as  shown   in 

fig.i. 

The  magnetic  lines  are  the  outcome  of  some  thousand  observations.* 

The  oblique  convergency  of  the  magnetic  lines  towards  the  north 
and  south  poles  is  strongly  pronounced,  and  a  neutral  zone  was  disco- 
vered, which  is  indicated  in  fig.  1  by  crosses  +  + . 

The  region  of  this  neutral  zone  was  explored  by  examining  all 
those  points  where  the  suspended  magnetic  particle  of  steel  exhibited 
indifference,  either  of  its  poles  being  observed  to  be  equally  attracted. 

This  interesting  experiment  can  be  far  better  appreciated  by  actual 
observation  than  by  description,  and  is  best  shown  perhaps  by  carry- 
ing the  1.4th  inch  test-magnet  from  the  north  towards  the  south  pole 
across  the  equator.  When  over  the  north  side  of  the  equator  the 
•south  pole  dips;  if  it  be  then  allowed  to  fall  upon  the  bar,  and  is 
raised  again,  the  south  pole  wiU  leave  the  bar  last.  When  it  has  been 
carried  south  across  the  equator  the  north  pole  dips,  but  if  it  be  again 
allowed  to  fall  upon  the  bar,  and  is  once  more  raised,  the  south  pole 
will  leave  the  bar  last,  just  as  it  did  on  the  north  side  of  the  equator. 

But  this  novel  feature  of  an  oblique  zone  is  more  beautifully  dis- 
played by  examining  small  curves,  traced  out  in  the  way  indicated,  by 
the  smallest  test-magnets  near  the  geometrical  centre  of  the  bar,  for 
lines  equidistant  from  its  axis. 

The  obliquity  (measured  as  close  as  possible  to  the  bar  by  means  of 
curves  traced  out  so  as  to  enter  the  two  sides  of  the  bar)  has  a  very 
equable  value,  varying  according  to  the  nature  of  the  magnet,  as 
regards  the  intensity  of  the  magnetism,  the  quality  of  the  material, 
and  its  temper,  from  7°  to  10° ;  and  this  result  is  confirmed  by  the 
investigation  of  the  internal  curves  of  many  thousand  observations 
on  magnets  from  7^  to  18  inches  long.  Indeed,  it  was  the  invari- 
able inclination  of  the  surface  lines  which  suggested  the  equatorial 
obliquity. 


•  The  principle  of  squares  was  adopted  in  the  enlargement :  a  lens  being  em- 
ployed on  the  original  chart. 
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III.  ''Preliminary  Report  to  the  Committee  on  Solar  Phygice  on 
a  Method  of  Detecting  the  Unknown  Inequalities  of  a 
Series  of  Observations."  By  Balfour  Stewart,  F.R.S^ 
Professor  of  Natural  Philosophy  in  Owens  College,  Man- 
chester, and  WiLUAM  DODGSON.  Communicated  to  the 
Royal  Society  at  the  request  of  the  Committee.  Received 
May  15,  1879. 

1.  Our  chief  reason  for  suspecting  the  existence  of  a  connexion 
between  the  state  of  the  solar  snr&tce  (as  this  is  repealed  by  spots)  and 
the  magnetism  and  meteorology  of  the  earth  is  derived  from  the  fact 
that  our  observational  series  of  sun-spots,  on  the  one  hand,  and  of  mag- 
netical  and  meteorological  changes,  on  the  other,  are  believed  to  be  all 
subject  to  a  common  inequality,  whose  period  (about  11  years)  is 
virtually  the  same  in  all.  But  as  it  is  only  of  late  years  that  observa- 
tions of  great  accuracy  have  been  made  in  these  three  branches  of 
inquiry,  it  is  impossible  to  compare  together  more  than  a  few  series  of 
long-period  inequahtj,  and  hence  some  observers  are  stiU  inclined  to 
doubt  the  reality  of  a  true  connexion  between  the  sun  and  the  earth  of 
the  kind  above  mentioned.  We  are  thus  led  to  ask  ourselves  whether 
there  may  not  be  other  inequalities  of  shorter  period  in  these  variouK 
observations,  and  whether  we  cannot  devise  some  means  of  ascertaining 
the  exact  periodical  times  of  these  as  well  as  their  other  properties. 

We  might  thus  expect  to  decide  the  question  regarding  a  connexion 
between  these  three  branches,  for  if  solar  observations  and  those  of 
terrestrial  magnetism  and  meteorology  all  exhibit  a  series  of  inequa- 
lities that  are  essentially  the  same  in  each,  it  is  impossible  to  call  in 
question  the  reality  of  some  connexion  between  them. 

2.  The  researches  of  Broim,  Homstein,  Baxendell,  and  others  have 
indicated  the  probable  existence  of  inequalities  in  magnetism  and 
meteorology,  with  periods  of  comparatively  short  length.  Messrs.  De 
La  Rue,  Stewart,  and  Loewy  have  likewise  observed  indications  of  a 
short'period  fluctuation  in  sun-spots ;  but  we  are  not  aware  that  any 
attempt  has  yet  been  made  to  ascertain  with  great  precision  the  exact 
period  or  periods  of  unknown  inequalities  either  in  terrestrial  or  in 
sun-spot  observations. 

As  our  sun-spot  records  have  not  yet  been  rendered  sufficiently  com- 
plete, it  may  be  questioned  whether  the  time  has  yet  arrived  for 
attempting  any  such  investigation  with  respect  to  them ;  but  our 
records  of  observations  in  magnetism  and  meteorology  are  now  so 
long-continued  and  complete  as  to  render  it  desirable  in  their  case  to 
make  the  attempt.  This  we  have  done  in  the  following  preliminary 
investigation. 

ti.  We  began  first  of  all  by  making  use  of  the  records  of  the  Kew 
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Obeervatorj,  which  one  of  us  had  received  through  the  kindnefis  of  the 
Kew  Committee.  In  these  the  daily  ranges  of  the  magnetic  declina- 
tion are  given  after  excluding  disturbed  observations  by  the  process  of 
Sir  E.  Sabine.  The  daily  ranges  are  given  in  inches,  and  they  denote^ 
the  differences  between  the  greatest  and  least  values  of  each  day's 
hourly  tabxdations  from  the  curve,  disturbances  (as  already  mentioned) 
being  excluded.  These  records  extend  from  the  beginning  of  1868  to 
the  end  of  1873,  embracing  in  all  16  years*  observations. 

4.  Let  us  now  proceed  to  describe  the  method  which  we  pursued  iu 
our  search  for  the  natural  inequalities  of  magnetic  declination.  We 
may  illustrate  this  by  a  well-known  case.  Suppose  that  we  had  in  our 
possession  extensive  records  of  the  temperature  of  the  earth's  atmo- 
Hphere  at  some  one  place  in  middle  latitudes,  and  that,  independently 
of  astronomical  knowledge,  we  were  to  make  use  of  these  for  the  pur- 
pose of  investigating  the  natural  inequalities  of  terrestrial  temperature. 
We  should  begin  by  grouping  the  observations  according  to  various 
periods  taken,  say,  at  small  but  definite  time-intervals  from  each  other. 
Now,  if  our  series  of  observations  were  sufficiently  extensive,  and  if 
some  one  of  our  various  groupings  together  of  this  series  should  cor- 
respond' to  a  real  inequality,  we  should  expect  it  to  exhibit  a  well- 
defined  and  prominent  fluctuation,  whose  departures  above  and  below 
the  mean  should  be  of  considerable  amount.  Suppose,  for  instance, 
that  we  have  24  points  in  our  series,  and  that  we  group  a  long^ 
series  of  temperature  observations  in  rows  of  24  each,  the  time- 
distance  between  two  contiguous  members  of  one  row  being  one 
hour.  The  series  would  thus  represent  the  mean  solar  day,  and  we 
should  no  doubt  obtain  from  a  final  summation  of  our  rows  a  result 
exhibiting  a  prominent  temperature  fluctuation  of  a  well-defined 
character,  which  we  might  measure  by  simply  adding  together  all  the^ 
departures  of  its  various  points  from  the  mean,  whether  these  points 
lie  above  or  below ;  in  fine,  by  obtaining  the  area  of  the  curve  which  is 
the  graphical  representation  of  the  inequality  above  and  below  the 
line  of  abscissas  taken  to  represent  the  mean  of  all  the  points. 
Suppose  next  that,  still  keeping  to  rows  of  24,  we  should  make  the 
fcime  interval  between  two  contiguous  members  of  a  row  somewhat 
different  from  one  hour,  whether  greater  or  less,  we  should  now  in 
either  case  obtain  a  result  exhibiting,  when  measured  as  above,  a  much 
smaller  inequality  than  that  given  when  the  interval  was  exactly  one 
hour,  and  it  is  even  possible  that  if  our  series  of  observations  were 
sufficiently  extensive,  we  should  obtain  hardly  any  traces  of  an  inequality 
whatever.  In  fine,  when  each  row  accurately  represented  a  solar  day 
the  result  would  give  an  inequality  of  large  amount,  but  when  each 
row  represented  a  period  either  slightly  less  or  greater  than  a  day  the 
result  would  be  an  inequality  of  small  amount. 

5.  We  should  by  this  process,  after  bestowing  enormous  labour  in 
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grouping  according  to  a  great  number  of  periods  taken  at  small 
intervals  from  each  other  obtain  definite  results.  These  results  might 
be  graphically  represented  in  the  following  manner :  the  line  of 
abscissas  might  be  taken  to  denote  the  exact  values  of  the  various 
periods,  forming  a  time  scale  in  fact ;  while  the  ordinates  might  repre- 
sent th^  final  observed  inequalities  found  by  employing  these  various 
periods.  There  would  thus  be  in  the  case  now  used  for  illustration  a 
very  prominent  peak,  corresponding  to  24  hours,  which  would  fall  off 
rapidly  on  either  side. 

In  this  particular  instance,  having  obtained  as  a  result  a  period  of 
exactly  24  hours,  there  would  probably  be  no  occasion  to  do  anything 
more,  because  we  have  no  reason  to  suppose  the  existence  of  any  other 
temperature  period  very  near  24  hours  in  addition  to  the  one  exactly 
corresponding  thereto.  We  might,  therefore,  proceed  finally  to  evaluate 
the  obtained  inequality,  which  would  represent  the  mean  daily  varia- 
tion of  temperature. 

6.  It  would  be  different,  however,  should  there  prove  to  be  a  number 
of  inequalities  having  periods  very  close  to  one  another  on  the  time- 
scale.  In  this  case,  even  when  we  had  obtained  a  graphical  repre- 
sentation of  our  results  in  the  manner  just  now  mentioned,  it  might  be 
supposed  that  the  various  inequalities  to  some  extent  interfered  with 
each  other,  affecting  not  only  the  position  in  the  time-scale  of  the 
points  of  maximum  inequality,  but  also  the  extent  of  range  and  the 
form  of  these  inequalities.  We  should,  therefore,  have  next  to 
attempt  to  eliminate  the  effect  of  one  inequality  upon  another. 

The  whole  process  would  thus  consist  of  two  parts.  In  the  first 
place,  by  enormous  labour,  we  should  have  to  obtain  a  graphical  result 
showing  the  exact  positions  in  the  time-scale  of  the  points  of  observed 
maximum  inequality.  Secondly,  we  should  liave  to  eliminate  the  effect 
of  the  various  inequalities  upon  each  other,  provided  it  be  found  that 
there  are  several  such  inequalities  very  close  together.  In  the  present 
preliminary  report  we  exhibit  a  method  by  which  the  great  labour  of 
the  first  of  these  two  processes  is  materially  abridged. 

We  have  not,  however,  as  yet  advanced  sufficiently  far  in  our  accu- 
rate estimation  of  observed  maximum  periods  to  proceed  to  the  elimi- 
nation of  the  effect  of  the  various  inequalities  upon  each  other. 

7.  In  testing  our  method,  we  began  by  grouping  the  Kew  declina- 
tion ranges  in  such  a  manner  as  to  represent  a  period  of  24*25  days.  It 
is  unnecessary  to  describe  the  details  of  the  method  by  which  a  series 
of  daily  observations  may  be  grouped  so  as  to  represent  a  period  that 
is  not  an  exact  number  of  days ;  suffice  it  to  say  that  we  at  length 
obtained  a  long  series  of  upwards  of  240  rows,  each  embracing  24 
horizontal  figures.  Nor  need  we  give  the  reasons  which  induced  us  to 
select  the  precise  period  of  2425  days,  since  for  all  practical  purposes 
this  may  be  regarded  as  a  period  chosen  at  random. 
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Having  grouped  the  whole  16  years*  observations  according  to  this 
period,  we  next  broke  up  these  into  yearly  sets.  Each  of  these  sets 
might  thus  be  expected  to  be  freed  from  the  influence  of  the  well- 
known  annual  inequality  of  declination  range.  These  yearly  sets 
embraced  generally  fifteen,  but  sometimes  sixteen  rows  of  twenty ^our 
each.  Our  gtarting-point  or  epoch  in  all  these  calculations  was  January  1, 
1858,  that  is  to  say,  in  all  our  groupings  the  declination  range  for 
January  1,  1858,  formed  the  first  member  of  a  horizontal  series. 

The  next  operation  was  to  sum  up  these  15  or  16  sets  for  each  of  the 
24  horizontal  figures.  It  might  naturally  be  supposed  that  we  should 
then  divide  each  of  the  sums  so  obtained  by  15  or  16,  as  the  case  might 
be,  and  then  find  the  difference  of  each  of  the  24  quotients  from  the 
mean  of  all  the  quotients,  such  differences  when  placed  together  repre- 
senting the  inequality  for  that  year. 

There  appears  to  be,  however,  reason  to  believe  that  (leaving  aside- 
all  speculation  as  to  causes)  on  those  occasions  when  the  daily  range  of 
the  declination  magnet  is  greatest,  the  variations  of  this  daily  range 
are  greatest  likewise,  and  possibly  in  nearly  the  same  proportion  (see 
paper  by  Balfour  Stewart  on  "  The  Variations  of  the  Diurnal  Range  of 
Magnetic  Declination  as  i*ecorded  at  the  Prague  Observatory,"  "  Proc. 
Roy.  Soc,"  May  2,  1878).  We  have  thus  considered  it  as  on  the 
whole  safest  and  best  to  adopt  this  plan  with  respect  to  our  yearly 
results ;  that  is  to  say,  we  have  regarded  the  mean  of  the  24  points  for 
each  year  as  equal  to  1,000,  and  we  have  represented  each  individual 
point  upon  this  proportional  scale. 

8.  The  yearly  inequality  is,  therefore,  represented  by  the  series  made 
up  of  the  differences  of  each  of  the  24  points  from  this  normal  value. 
As  it  is  desirable  in  carrying  out  our  programme  to  represent  each 
yearly  inequality  by  means  of  a  curve,  we  have  to  some  extent  smoothed 
or  equalised  this  series  of  differences.  The  primary  series  (A)  has 
been  converted  into  another  series  (B),  also  of  24  points,  each  point 
of  (B)  being  the  mean  of  four  consecutive  points  of  (A),  and  the 
series  (B)  has  then  been  converted  by  a  similar  process  into  a  series 
(C),  each  point  of  which  is  a  mean  of  four  consecutive  points  of  (B). 
This  amount  of  equalisation,  by  getting  rid  of  what  we  may  term 
accidental  fluctuation  is  quite  sufficient  to  enable  us  to  draw  a  curve, 
well  representing  each  yearly  inequality.  The  equalised  yearly  inequa- 
lities corresponding  to  the  period  24'25  days  are  represented  in  Table  I, 
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9»  A  ghuice  at  the  sums  of  this  table  for  the  whole  16  yearn  wi|l 
suffice  to  show  that  24'25  days  does  not  correspond  to  the  exact  period 
of  any  marked  inequality.  The  snms  are  small,  and  we  conclnde  there-  • 
fore  that  we  have  not  been  fortunate  in  onr  chance  selection  of  a  period 
to  begin  with ;  but  the  peculiarity  of  our  method  is,  that  it  will  enable 
us  to  ascertain  the  true  position  in  the  time-scale  of  the  neighbouring 
prominent  inequalities  by  means  of  the  results  of  Table  I.  The  method 
of  doing  this  can  easily  be  rendered  evident.  Each  horizontal  row  of 
Table  I  consists  of  24  numbers,  and  there  are  16  years,  beginning  with 
1858.  We  may,  therefore,  call  the  numbers  of  the  first  row  (0)^8, 
(1)m»  (2)58»  Ac.,  (23)58;  those  of  the  second  row  (O)^^,  (1)59,  (2)59,  Ac., 
{23)59,  ^"^^  so  o^  ^^^  e^xih.  row. 

In  this  table,  therefore,  each  vertical  column  consists  of  similar 
numbers  for  the  various  years,  adopting  the  notation  now  mentioned. 

Suppose,  however,  that  we  displace  these  values  as  follows : — 

1868    .     .     (0)«„     (1),8,    (2)m     .     .     (21)„,  (22)«„  (23),8. 

1859  .    .     (1),„     (2)5„     (3)„    .     .     (22),,,  (23)„,    (0),,. 

1860  .     .     (2)«„     (3)^,     (4)«,     .     .     (23)«^    (0)«„    (!)«,. 


1873    .     .    (15)„,  (16)„,  (17)„     .     .     (12)7,,  (13),^  (14)„. 

Now,  if  we  add  up  the  various  vertical  columns  of  this  series  the 
sums  will  represent  an  inequality  somewhat  larger  in  period  than 
24*25  days.  For  it  is  manifest  that  if  we  have  a  regular  series  of 
waves  whose  values  we  plot  numerically  after  the  manner  of  Table  I, 
the  consequence  of  adopting  too  small  a  time  scale  will  be  to  throw  any 
salient  point  of  the  wave,  such  as  the  crest,  always  farther  and  further 
to  the  right,  and  to  correct  this  we  should  have  to  pull  the  whole 
series  a  little  to  the  left  each  time.  Now,  this  is  precisely  what  we 
have  done  in  the  above  process,  which  will  thus  give  us  the  representa- 
tion of  an  inequality  of  larger  period  than  24*25  days.  It  is  easy  to 
find  the  exact  length  of  period  which  the  above  series  represents. 
We  pull  everything  to  the  left  nearly  one  day,  but  more  accurately  the 
24th  part  of  24*25  days  in  one  year.     If,  therefore,  865*25  days  give 

24*25 

,  what  will  24*25  days  give  ?     We  find  from  this  proportion  that 

the  period  of  the  inequality  indicated  by  performing  the  above  process 

is  24*25+-^?^^—  =24*317  days.     Again,  we  may  pull  things  to  the 
24  X  365*25 

left  two,  three,  or  four  divisions  each  year,  and  thus  obtain  the  represen- 
tation of  inequalities  with  periods  of  24*384,  24*451,  or  24*518  days. 

Or  we  may  perform  the  opposite  operation  of  pushing  things  to  the 
right  one  division  each  year,  and  thus  obtain  the  representation  of  aji 
inequality,  having  a  period  of  24*183  days,  while  2, 3,  or  4  such  divisioris 
each  year  would  give  as  periods  of  24116,  24*049,  or  23-982  days. 
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10.  We  have  found  it  necassarj  to  push  things  not  merely  by  the 
multiple  of  a  whole  division — right  or  left  each  jear — but  by  the 
multiple  of  half  a  division. 

To  accomplish  this  we  must  obtain  for  every  alternate  year  a  series 
of  half-way  points,  which  is  best  done  by  converting  the  series  of 
such  years  into  curves,  and  using  these  to  give  us  the  half-way  points. 

For  instance,  should  we  wish  to  pull  things  to  the  left  half  a  division 
each  year,  we  should  adopt  the  following  arrangement. — 


18.58 
1859 
1800 
18G1 


(0i)58>    (li)58,    (2i)58  . 

(1)59,       (2)59,       (3)b9  • 

(H)^.  (^U  (3i)6o  . 

(2)ci,      (3)«i,     (4)ei  . 


(2H).,8.  (22i).8,  (23i)5,. 
(22)59,     (23)59,      (0),9. 
(22i)flo,  (23i«o).     (Oi)oo. 
(23)ai,       (0)ei,       (!)«. 


A  further  extension  of  the  same  method  would  enable  us  to  go  from 
halves  to  quarters  of  a  division,  but  we  have  not  yet  met  with  any 
inequality  that  is  not  sufficiently  well  indicated  by  half  divisions. 

11.  We  have  found  the  following  plan  very  useful  in  abridging  the 
labour  of  these  reductions. 

Sixteen  perfectly  similar  strips  of  thick  paper  are  taken,  one  for 
each  year.  Each  of  these  strips  is  divided  into  48  small  com- 
partments, a  vertical  black  line  being  ruled  at  the  beginning,  the 
middle,  and  the  end.  Upon  the  first  of  these  strips  the  inequality, 
say  for  1858,  is  written  in  duplicate,  so  that  the  second  24 
figures  are  a  repetition  of  the  first.  The  same  is  done  for  the  other 
years.  These  strips  are  then  attached  to  a  frame  which  allows  them 
to  slide  along  with  regard  to  each  other,  and  at  the  same  time  only 
exposes  24  lines  of  figures  at  a  time.  By  this  method  they  can 
easily  be  arranged  according  to  any  given  order,  and  the  sums  made 
with  very  little  trouble. 

It  is  further  desirable  to  exhibit  all  the  positive  values,  say  in  black, 
jind  all  the  negative  values  in  red,  so  that  the  eye  may  easily  distinguish 
between  them. 

The  following  will  exhibit  the  nature  of  the  arrangement — only  to 
save  space  we  take  an  inequality  consisting  of  only  four  terms. 
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The  vertical  portion  between  the  brackets  is  here  all  that  is  ex- 
posed. 

12.  Before  conclnding  this  description  of  our  method  we  ought  to 
remark  that  it  can  only  be  considered  as  correct  for  periods  not  far 
removed  on  either  side  fix>m  that  for  which  the  series  or  book  (as  we 
'^all  it)  was  originally  framed.  Thus,  in  the  present  instance,  while 
the  results  of  Table  I  will  readily  indicate  inequalities  that  lie  six 
divisions  (of  0*067  day  each)  either  to  the  right  or  left  of  the  normal 
series,  it  is  apparent  that  + 12  divisions  from  the  normal  must  neces- 
sarily exhibit  the  same  result  as  — 12  ;  it  will  not  therefore  do  to  push 
the  method  nearly  so  far. 

13.  When  this  method  is  applied  to  Table  I  we  obtain  the  following 
results : — 


Table  II. — Exhibiting  the  results  of  the  above  method  applied  to 
the  numbers  of  Table  I. 


Diviflions  from 
nonnal. 


Exact  period 
iu  days. 


-8-0  23  7133 

-7-5  23-7469 

-7-0  23  -7804 

-6-5  23  -8140 

-6  0  23  -8475 

-5-5  23  -8810 

-5  0  23-9146 

-4-5  23  -9481 

-4  0  23  -9817 

-3-5  24  0152 

-3-0  24  0487 

-2-5  24  0823 

-2  0  24  1158 

-1-5  24  1494 

-1-0  24-1829 

-0-5 24  -2165 

Normal  24  2500 

+0-5  24-2835 

+10  24-3171 

+1-5  24-3506 

+2-0  24-3842 


Magnitude  of 
inequality. 
1438 
1757 
1546 
1047 
1707 
1141 
1002 
2009 
2954 
3109 
2504 
1289 
1068 
1473 
1700 
1513 
1162 
1115 
1398 
867 
1062 


14.  The  results  of  Table  II  are  exhibited  graphically  by  means  of  a 
curve  in  Diagram  I,  fig.  I,  which  accompanies  this  paper. 

In  this  curve  the  abscissae  denote  periods,  while  the  ordinates 
represent  corresponding  inequalities.     It  will  be  noticed  that  we  have 
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indications  of  several  maximnm  points,  more  especially  of  one  corres- 
ponding very  nearly  to  24  days. 

This  has  induced  ns  to  make  a  new  book  for  24  days  in  addition  to 
the  one  for  24'25  days,  the  constraction  of  which  we  have  already 
described.     Both  have  been  treated  in  precisely  the  same  manner. 

The  results  of  this  book  are  given  in  Table  III. 

15.  When  our  method  is  applied  to  Table  III,  we  obtain  the  follow- 
ing resnlts : — 


Table  IV. — Exhibiting  the  resolts  of  the  above  method  applied  to  the 
numbers  of  Table  HI. 


DhritionB  firom 


Exact  period 


normal.  in  days. 

-7-6  23-5072 

-7  0  23-5400 

-6-5  23  -5729 

-6  0  23-6057 

-5-5  23  -6386 

-5  0  23  -6715 

-4-5  237043 

-4-0  23-7372 

-3-5  23  -7700 

-3-0  23-8029 

-2-5  23  -8357 

-2-0  23  -8686 

-1-5  23  -9014 

-1-0  23-9343 

-0-5  23-9671 

Normal  24*0000 

-I-0-5  24-0329 

+10  24  -0657 

-I-1-5  24-0986 

+2-0  24-1314 

+2-5  24  1643 

+3-0  24  1971 

+3-5  ......  24-2300 

+4-0  24-2628 

+4-5  24  -2957 

+50  24-3285 

+5-5  24-3614 

+6-0  24-3943 


Magnitude  of 
inequality. 
1310 
1280 
2568 
2710 
2128 
1070 

674 
1260 
1500 

922 
1394 
1976 
1096 
1754 
2464 
3364 
2960 
1974 
1032 
1548 
2174 
2160 
1664 
1278 
1570 
1456 

954 
1110 


16.  The  results  of  Table  lY  are  exhibited  graphically  by  means  of 
A  cnrve  in  Diagram  I,  fig.  11. 
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It  will  at  once  be  seen  from  this  curve  that  it  exhibits  very  neaiiy 
the  same  positions  for  maximum  inequalities  as  those  shown  in 
fig.  I. 

Thus,  by  selecting  at  random  the  period  24* 25  days  we  are  by  oar 
method  referred  to  nearly  the  true  positions  of  the  various  maximnm 
inequalities,  and  it  might  then  be  well  to  construct  a  separate  book  for 
each  of  these,  as  we  have  done  for  the  large  inequality  corresponding' 
to  24  days  nearly. 

17.  While  this  method  has  succeeded  in  bringing  before  us  the 
hitherto  unknown  inequalities  of  the  Kew  declination-range,  it  might 
yet  be  imagined  that  the  results  obtained  are  of  a  local  or  semi-local^ 
and  not  of  a  truly  cosmical  nature.  To  test  this  we  have  compared 
together  the  daily  declination-ranges  as  recorded  at  Trevandrum  by 
Mr.  Broun  during  the  years  1858-64,  with  the  corresponding  por- 
tions of  the  Kew  series.  Plotting  these  in  series  of  24  days  each 
we  have  obtained  by  the  method  already  described  the  foUowing^ 
results : — 


Table  V. — Comparing  together  by  the  above  method  7  years  of 
Trevandrum  and  7  years  of  Kew  Declination-range. 


DiTisioiu 

Bxact  period 

Magnitude  of  ineqiulify. 

■om  nomul. 

in  daya. 

Kew. 

TreTuidrain. 

-2  0     ... 

...     23-8686     .... 

. .        925      . 

....     1235 

-1-5     .... 

..     23-9014    .... 

..      1206     .. 

....     1301 

-10     .... 

..     23-9343    .... 

..     1633     .. 

....     1809 

-0-5     .... 

..     23-9671     .... 

..     1774    .. 

....     2245 

Normal . . . . 

..     24-0000     ... 

..      1687     .. 

....     2507 

+0-6     . . . . 

..     24-0329     ... 

...     1546    .. 

....      2448 

+10     ... 

..     24-0667     ... 

..     1425     .. 

....     2123 

+  1-5     ... 

.  . .     24  -0986    . . . 

. .     1322     . 

1662 

+  2  0-  ... 

...     24-1314     ... 

..     1085    .. 

....      1489 

The  results  of  Table  V  are  exhibited  graphically  in  Diagram  II, 
figs.  V,  VI,  No.  V  denoting  the  Kew,  and  No.  VI  the  Trevandrum 
inequality. 

18.  We  see  from  Table  V  that  the  maximum  inequality  occurs  for 
these  7  years,  both  for  Kew  and  Trevandrum,  at  points  not  far 
distant  from  24' 00  days.  There  are  thus  exhibited  signs  of  repetition 
in  this  Kew  inequality,  as  well  as  evidences  of  its  cosmical  nature, 
inasmuch  as  Trevandrum  gives  results  similar  to  Kew  as  far  as  period 
is  concerned. 

19.  We  shall  now  compare  together  the  forms  of  the  inequalities  in 
these  two  places. 


Digitized  by 


Googk 


1879.]             Report  to  the  Committee  on  Solar  PhyMcu.  119 

'(0)  (1)       (2)        (3)       (4)       (5)  (G)  (7) 

-219  -334  -357  -359  -295  -162  -48  -|-48 

Kew,  1858  J    (8)  (9)  (10)      (11)     (12)     (13)  (14)  (15) 

to  1864.      j  +158  +224  +226  +192   +128     +43  +34  +53 

(16)  (17)  (18)      (19)     (20)     (21)  (22)  (23) 

1^  +91  +149  +178  +190  +139     +80  -25  -123 


tn-  r-217  -224  -215  -206  -226  -247  -233  -213 
1,  {  -53  +158  +345  +526  +562  +539  +407  +240 
ve.     I   +91     -50     -73  -128  -158  -178  -219  -222 


In  the  above  comparison  the  inequalities  for  7  years  are  multiplied 
bj  V*  *n  order  to  bring  them  to  the  same  scale  with  that  for  16  years 
exhibited  in  Table  III. 

In  Diagram  II,  which  accompanies  this  paper,  the  Kew  declination 
inequality  for  24  days  (16  years)  is  given  in  fig.  I. 

The  Kew  declination  inequality  for  24  days  (7  years)  is  given  in 
fig.  II,  while  the  Trevandrum  declination  inequality  for  24  days  (7 
years)  is  exhibited  in  fig.  III.  It  will  be  seen  that  there  is  a  very  con- 
siderable likeness  between  all  the  three  curves  which  are  of  the  same 
type.  The  Trevandrum  inequality  is  more  marked  than  the  corres- 
ponding Kew  one — this  may  possibly  be  due  to  the  fact  that  in  the 
Kew  observations  the  disturbances  were  eliminated. 

20.  Our  method  has  hitherto  been  applied  to  magnetic  declination- 
ranges.  But  if  the  cause  of  these  inequalities  be  cosmical  and  con- 
nected with  our  luminary,  we  might  suppose  that  the  meteorological 
elements  of  the  eaith  would  also  be  affected.  We  have,  therefore, 
taken  the  Kew  diurnal  temperature  ranges — in  other  words,  the 
difference  between  the  daily  indications  of  the  maximum  and  minimum 
thermometers  for  the  same  16  years  for  which  we  have  declination, 
ranges,  and  we  have  treated  these  in  precisely  the  manner  already 
described,  that  is  to  say,  we  have  grouped  these  ranges  into  series  of 
24  days  each,  and  dealt  with  them  as  we  have  dealt  with  the  similar 
declination  sei-ies.     The  results  are  recorded  in  the  following  table  : — 
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21.  When  oar  method  is  applied  to  Table  VI  we  obtain  the  follow- 
ing results : — 

Table  VII. — Exhibiting  the  results  of  the  above  method  applied  to 
the  numbers  of  Table  VI. 


Divisions 
from  normal. 

-7-0 
-6-5 
-6  0 
-5-5 
-5  0 
-4-5 
-4  0 
-3-5 
-3  0 
-2o 
-2  0 
-1-6 
-10 
-0-5 
Normal 
+  0-5 
+  10 
+  1-5 
+2 
+  2 
+  3- 
+3- 
+4- 
+4-0 
+  5  0 
+  5-5 
+  6-0 


•0 
•5 
•0 
•5 
•0 


Exact  period 

in  days. 

23-5400 

23 

■5729 

23 

•6057 

23 

•6386 

23 

■6715 

23 

•7043 

23 

•7372 

23 

•7700 

23 

•8029 

23 

•8357 

23 

■8686 

23 

•9014 

23 

■9343 

23 

•9671 

24 

•0000 

24 

•0329 

24 

•0657 

24 

•0986 

24 

•1314 

24 

•1643 

24 

•1971 

24 

•2300 

24 

•2628 

24 

•2957 

24 

•3286 

24 

•3614 

24 

•3943 

Magnitude  of 
inequality. 
2100 
3093 
4700 
4025 
1386 
1887 
3910 
3915 
3140 
2771 
4234 
5921 
5518 
2374 
3912 
5135 
4516 
2157 
2378 
3795 
3926 
3043 
2520 
3004 
4302 
4761 
5824 


The  results  of  the  above  table  are  graphically  represented  by  a 
curve  in  Diagram  I,  fig.  III.  It  will  be  seen  that  there  is  a  great, 
thongh  not  absolutely  exact,  coincidence  between  the  periods  recorded 
in  this  curve,  eStd  those  of  the  same  diagram  which  exhibit  the 
declination  results. 

The  form  of  the  temperature  inequality  for  24  days,  see  Table  VI, 
is  exhibited  in  Diagram  II,  fig.  IV.  It  will  be  seen  that  there  is  a 
considerable  likeness  in  form  between  the  various  curves  of  this 
diagram;  but  it  must  not  be  forgotten  that  these  curves  are  in  all 
probability  afEected  by  the  influence  of  adjacent  inequalities. 
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22.  We  have  thus  given  our  method  a  preliminary  trial,  and  the 
resnlt  is  we  think  decidedly  hopeful.  We  arc  inclined  to  believe  that 
when  more  completely  worked  out  it  may  not  only  reduce  to  certainty 
the  existence  of  periods  of  short  range  in  terrestrial  magnetism  and 
meteorology,  but  also  give  determinations  of  the  exact  lengths  of  these 
periods,  and  of  the  forms  of  the  inequalities. 

We  would  remark,  in  conclusion,  that  a  glance  at  the  yearly  in- 
equalities exhibited  in  Tables  I  and  III,  will  show  us  that  these  are 
more  marked  and  more  regular  in  those  years  which  correspond  to 
maximum  sun-spots,  than  they  are  in  years  of  minimum  sun-spots. 


Note  on  the  above  Paper.     By  ProfeBsor  G.  G.  Stokes. 

As  the  search  for  periodic  inequalities  of  unknown  period  must 
always  be  more  or  less  laborious,  it  seems  desirable  to  point  out 
another  mode  in  which  the  search  might  be  conducted,  and  which 
seems  to  offer  great  facilities  for  the  object,  assuming  the  possession 
of  the  required  instrument. 

It  seems  to  me  that  the  harmonic  analyser  of  Sir  William  Thomson 
is  singularly  well  adapted  to  this  purpose,  which,  as  I  have  ascertained 
from  him,  was  one  of  the  applications  of  his  machine  that  he  has  had 
in  view. 

If  /(O  ^  *^y  function  of  the  time  t  given  by  observation,  and 
27r-T-w  a  period  jp  assumed  at  pleasure,  then  by  plotting  if  necessary 
the  function  on  a  scale  adapted  to  the  paper  cylinder  of  the  machine, 
we  shall  get,  by  a  simple  mechaTiical  process,  the  values  of  the  in- 
tegrals 

sin  lit  dty  I  /( t)  cos  a  t  dty 


J/(0^ 


between  any  limits.     We  may  take  the  inferior  limit  for  the  origin  of 
the  time,  and  then  by  reading  off  the  cylinders  of  the  machine  for  as 
many  values  of  the  superior  limit  ^  as  we  please,  we  shall  get  the  cor- 
responding values,  as  many  as  we  like,  of  the  integrals. 
Suppose,  now,  that/(^)  contains  a  small  term  of  the  form 

csin  (w7-|-«), 

where  n  is  not  much  different  from  n,  so  that  the  period  tried  ap- 
proaches closely  to  the  period  p'  of  this  inequality.  The  corresponding- 
part  of  the  integrals  will  be — 

— -i-— sin  {(w'-n)<-|-«}-— Ji-—  sin  {(n'  +  n)^+«}. 
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taken  between  the  proper  limits.  The  terms  divided  by  n-\-n  having 
bnt  a  small  coefficient  in  the  numerator,  and  having  a  denominator 
which  is  not  small,  may  be  left  to  take  their  chance  with  casual  fluc- 
tuations; but  the  terms  divided  by  n  —n  rise  into  importance  fix>m 
the  smallness  of  the  denominator,  and  express  an  inequality  in  the 
int^rals  of  comparatively  large  amount  and  long  period. 
We  may  therefore  confine  our  attention  to  the  terms 

sin[(»  —  wJ/+«],  -— -; -C08[(»'— 7i)'  +  »]» 


occurring  in  the  indefinite  sine  integral  and  cosine  integral  respectively. 
If,  therefore,  the  values  of  these  two  integrals,  obtained  from  the 
two  cylinders  respectively,  be  plotted,  we  shall  obtain  a  periodic  fluc- 
tuation of  a  period  more  or  less  long  as  we  hit  on  a  period  more  or 
less  near  to  that  of  the  inequality  which  we  have  supposed  to  exist. 
The  zero  points  of  the  fluctuation  in  the  sine  integral  will  correspond 
to  the  maxima  and  minima  in  that  of  the  cosine  integral,  and  tnce  versa. 
Tbe  reciprocal  of  the  period  of  the  fluctuation  will  give  the  difierence 
of  the  reciprocals  of  j?  andj>',  and  thus|?'  will  be  known  from  p  provided 
only  we  know  which  of  the  two,  p^  p',  is  the  greater.  This  will  be 
shown  by  comparing  the  phases  of  the  fluctuations  of  the  two  in- 
tegrals. If  n'>ny  the  fluctuation  of  the  cosine  integral  will  be  a 
quarter  of  a  period  behind,  if  n'<n  before,  that  of  the  sine  integral. 

If /(O  be  subject  to  known  periodic  inequalities  with  approximately 
known  coefficients,  the  integrals  should  be  cleared  of  the  terms  thence 
arising,  if  of  sufficient  moment,  by  using  their  analytical  expressions, 
and  the  r^dues  only  plotted. 

Of  course  /  {t)  is  not  necessarily  a  function  of  the  time  given  by 
direct  observation;  it  might  be  a  function  deduced  from  one  so  ob- 
tained. For  example, /(^)  might  be  the  coefficient  of  the  principal 
term  in  the  daily  fluctuation  of  the  element  when  each  day's  record  is^ 
separately  subjected  to  hannonic  reduction. 

May  29,  1879. 


IV.  Researches  on  Explosives.  No.  II.  (Fired  Gunpowder.)/" 
By  Captain  NOBLE,  late  RA^  F.R.S.,  F.R.A.S.,  F.C.S.,  and 
F.  A.  Abel,  C.B.,  F.R.S.,  V.P.CS.    Received  May  21,  \il\K 

(Abstract.) 

The  authors  pre&toe  this  memoir  by  two  tables  :  one  of  these  gives 
the  results  of  some  analyses  of  products  of  explosion  of  the  three 
service  powders  of  Waltham  Abbey  manufacture,  pebble,  R.L.O.  and 
F.Q.,  which  are  required  to  complete  the  series  of  results  obtained  by 
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firing  the  charge  in  different  spaces,  which  were  given  in  their  first 
memoir  on  this  subject,  and  a  statement  of  the  mean  percentage  com- 
position by  volmne  of  the  gases  and  by  weight  of  the  solid  products 
famished  by  those  three  powders,  together  with  the  highest  and 
lowest  proportions  in  which  each  product  has  been  obtained  with  the 
three  descriptions  of  powder.  This  table  includes  the  results  of  ex- 
amination of  the  products  of  explosion  of  four  descriptions  of  powder 
differing  in  many  respects  from  the  powders  chiefly  employed  in  their 
researches.  The  other  table  gives  the  complete  results  of  the  whole 
series  of  analyses  made,  showing  the  proportion  by  weight  of  each 
solid  and  gaseous  product,  and  including  the  amount  of  water  pre- 
existent  in  the  various  specimens  operated  on. 

The  following  abstract  of  the  table  first  referred  to  includes  the 
analytical  results  of  the  products  furnished  by  the  four  special  samples 
of  powder,  and  the  highest,  lowest,  and  mean  proportions  of  the 
several  products  furnished  by  the  three  principal  powders  used.  (See 
next  page.) 

A  portion  of  this  memoir  is  devoted  to  a  discussion  of  a  few  points 
raised  in  reference  to  the  first  memoir  of  the  authors,  on  fired  gun- 
powder, by  General  Morin  and  M.  Berthelot,  who  were  appointed  by 
the  Academic  des  Sciences  as  a  Commission  to  report  on  that  memoir. 
These  points  were  specified  and  discussed  by  those  savants  in  a  joint 
report,  and  in  two  separate  memoirs  communicated  by  M.  Berthelot 
to  the  Academic. 

The  principal  points  to  which  attention  has  thus  been  drawn  are  as 
follow : — 

1 .  Potassium  hyposulphite  has  been  found  as  one  of  the  products  of 
combustion  of  gunpowder  by  every  recent  investigator.  But  ihe 
question  arises :  Is  this  product  either  wholly  or  in  part  primary  ?  or 
is  it  to  be  considered  as  secondary,  formed  from  the  primary  products 
during  the  rapid  loss  of  heat  to  which  they  are  exposed  ?  or  is  it, 
finally,  to  be  considered  only  as  formed  from  the  sulphide  by  the  ab- 
sorption of  oxygen  during  the  processes  of  removal  from  the  cylinder 
and  analysis,  and  therefore  to  be  regarded  as  an  accidental  product  ? 

2.  The  authors,  from  their  investigation  of  the  products  of  explosion 
in  gunpowder  in  close  spaces,  conclude  that  '*  any  attempt  to  express, 
even  in  a  complicated  chemical  equation,  the  nature  of  the  metamor- 
phosis which  a  gunpowder  of  average  composition  may  be  considered 
to  undergo,  would  only  be  calculated  to  convey  an  erroneous  impres- 
sion as  to  the  simplicity  or  definite  nature  of  the  chemical  results  and 
their  uniformity  under  different  conditions,  while  possessing  no  im- 
portant bearing  upon  an  elucidation  of  the  theory  of  the  explosion  of 
gunpowder." 

M.  Berthelot,  in  one  of  his  memoirs  based  upon  the  authors'  results, 
proposes  to  represent  these  results  by  a  system  of  simultaneous  eqna- 
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tions  expressing  the  chemical  metamorphosis  undergone  by  powder,  at 
least  as  &.v  as  regards  its  fundamental  products. 

3.  In  directing  attention  to  the  determination  by  the  authors  of  the 
heat  disengaged  by  the  explosion  of  powder  (the  results  of  which 
were  put  forward  by  them  with  some  reserve),  MM.  Morin  and 
Iferthelot  regard  the  figure  arrived  at  as  too  low,  partly  because  of  a 
•  deficiency  in  delicacy  of  the  apparatus,  and  partly  because  higher 
figures  have  been  arrived  at  by  M.  Tromenec  and  by  MM .  Boux  and 
Sarrau. 

In  discussing  M.  Berthelot's  views  respecting  the  objections  which 
the  authors  raise  against  the  acceptance  of  any  chemical  equation  as 
«^ving  even  a  general  idea  of  the  metamorphosis  which  a  gunpowder 
of  average  composition  may  be  considered  to  undergo  when  exploded 
in  a  confined  space,  they  disclaim  having  had  any  intention  to  convey 
the  impression,  which  indeed  they  consider  that  their  expressions  were 
not  calculated  to  convey,  that  it  was  impossible  to  put  into  some  form 
of  equation  a  representation  of  a  variety  of  reactions  which,  if  assumed 
to  take  place  simultaneously,  among  difPerent  proportions  of  the 
powder-constituents,  might  give  approximate  expression  to  the  results 
obtained  in  any  one  particular  experiment,  and  might,  thus  far,  afford 
some  approach  to  a  theoretical  representation  of  the  metamorphosis  of 
gunpowder.  What  they  desired  to  point  out  and  lay  stress  upon  was 
the  conclusive  proof,  which  is  afforded  by  the  very  great  variations  in 
composition,  of  the  solid  portions  more  particularly,  of  the  products  of 
explosion  of  samples  of  gunpowder  presenting  only  small  differences 
of  composition  (and  even  of  the  products  furnished  at  different  times 
by  one  and  the  same  sample),  that  the  reactions  which  occur  among 
the  powder-constituents  are  susceptible  of  very  considerable  variations, 
regarding  the  causes  of  which  it  appears  only  possible  to  form  con- 
jectures, and  that,  consequently,  **  no  value  whatever  can  be  attached 
to  any  attempt  to  give  a  general  chemical  expression  to  the  meta- 
morphosis of  gunpowder  of  normal  composition." 

Starting  with  the  assumption  (which  the  authors  cannot  admit  to 
be  a  correct  interpretation  of  their  view)  that  they  regard  the  varia- 
tions which  occur  in  the  principal  products  of  explosion  as  *'  opposed 
to  all  general  chemical  representation  of  the  metamorphosis  produced 
by  explosion,"  M.  Berthelot  proceeds  to  argue  that  the  formation  of 
those  products,  viz.,  of  carbon  dioxide,  carbon  oxide,  potassium  sul- 
phate, sulphide  and  carbonate  from  a  powder  of  normal  composition,  is 
simply  and  satisfactorily  accounted  for  by  assuming  the  simultaneous 
occurrence,  in  variable  proportions,  of  either  three  or  four  out  of  five 
different  theoretical  reactions,  according  as  to  whether  the  proportion 
of  sulphate  found  is  so  small  that  it  may  be  neglected,  or  amounts  to 
12  or  14  per  cent. 

After  giving  further  equations  which  apply  to  the  extreme  results 
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(in  regard  to  the  cliief  products  only)  assnmed  to  be  attainable  from 
the  introduction,  on  the  one  hand  of  excess  of  saltpetre,  on  the  other 
of  excess  of  charcoal,  into  the  composition  of  powder,  M.  Berthelot 
passes  to  what  he  terms  the  accessory  products  and,  excluding  from 
these  potassium  hyposulphite,  which  he  deals  with  separately,  he  first 
gives  tioo  equations  to  account  for  the  production  of  sulphocyanide ; 
then  two  more  to  explain  the  existence  of  ammonium  sesqui-carbonate 
(which  he  believes  to  be  formed  by  the  action  of  water  vapour  on 
potassium  cyanide) ;  the  existence  of  sulphuretted  or  free  hydrogen  is 
explained  by  two  more  equations,  and  marsh -gas  is  assumed  to  result 
from  "  the  pyrogenous  decomposition  of  the  charcoal  in  the  powder.*' 
Lastly,  an  equation  is  given  to  account  for  the  possible  formation  of 
traces  of  hyposulphite,  which  Berthelot  however  regards  entirely  as  a 
product  formed  during  the  collection  and  analytical  treatment  of  the 
solid  residue,  but  which  the  authors  nevertheless  believe  they  now 
conclusively  prove  to  be  formed  in  very  notable  quantities  before  the 
solid  residue  can^  have  undergone  alteration  from  external  causes. 

It  will  be  seen  from  the  foregoing  outline  of  M.  Berthelot's  theo- 
retical explanation  of  the  chemical  changes  involved  in  the  metamor- 
phosis of  gunpowder,  that  the  simplest  form  of  expression  which  he 
can  give  to  the  formation  of  the  products  of  explosion  consists  in  the 
incorporation  of  mne  or  ten  distinct  reactions,  occurring  simultaneously 
but  in  very  variable  proportions,  which  have  to  be  supplemented  by 
three  or  four  otJier  chemical  equations,  by  which  the  formation,  during 
the  process  of  cooling  of  certain  products  believed  to  be  secondary,  is 
explained.  Now,  although  such  speculations  as  the  above  are  un- 
questionably interesting,  and,  it  may  be  added,  of  a  nature  which 
must  occur  to  those  who  desire  to  give  some  kind  of  definite  explana- 
tion, for  purposes  of  elementary  instruction,  of  the  chemical  changes 
involved  in  the  explosion  of  powder,  the  authors  fail  to  see  that,  beyond 
this,  they  do  more  than  afford  the  strongest  confirmation  of  the  cor 
rectness  of  their  conclusion,  that ''  no  value  whatever  can  be  attached 
to  any  attempt  to  give  a  general  chemical  expression  to  the  metamor- 
phosis of  a  gunpowder  of  normal  composition." 

With  reference  to  the  potassium  hyposulphite,  which,  in  the 
analyses  of  the  solid  products  published  in  the  first  memoir,  ranged 
from  3  to  35  per  cent,  (the  monosulphide  being  generally  small  in 
amount  when  the  proportion  of  hyposulphite  was  high),  the  authorn 
reply  to  M.  Berthelot's  suggestion,  that  its  existence  may  be  only 
ascribable  to  the  oxidation  of  sulphide  during  the  operation  of 
removal  from  the  explosion-vessel  and  of  analysis,  by  pointing  out  the 
nature  of  the  precautions  taken  to  avoid  oxidation  of  sulphide  in  the 
collection  of  the  solid  residue,  and  its  preservation  for  analysis,  and 
by  admitting  the  formation  of  some  hyposulphite  during  the  unavoid- 
able exposure  to  air  of  the  residues  while  they  were  being  removed 
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from  the  cylinder,  especially  in  some  instances  when  the  strncture  of 
the  residue  was  favourable  to  atmospheric  action,  and  when  the 
development  of  heat  afforded  proof  of  the  occurrence  of  such  oxida- 
tion. They  point  out,  on  the  other  hand,  that  no  hyposulphite  could 
be  accidentaUy  formed  from  salphide  during  the  analytical  operations 
as  carried  out  by  them,  and  they  proceed  to  show  that  the  very  con- 
siderable variations  in  the  amount  of  hyposulphite,  as  well  as  the 
large  amount  of  salphide  found  in  several  instances,  in  distinct 
operations  conducted  with  very  great  uniformity,  afford  substantial 
proof  that  accidental  atmospheric  oxidation  during  the  collection  and 
analysis  of  the  residues,  is  not  sufficient  to  account  for  all  but  the  very 
small  quantities  of  hyposulphite  which  M.  Berthelot  considers  could 
only  have  pre-existed  in  the  residue  examined  by  the  authors. 

They  furthermore  direct  attention  to  the  following  facts  given 
in  their  first  memoir,  which  appear  to  have  been  overlooked  by 
M.  Berthelot. 

1.  Separate  examinations  (conducted  precisely  alike)  of  the  upper 
and  lower  portions  of  some  of  the  residues,  showed  that  considerably 
larger  proportions  of  hyposulphite  existed  in  the  wp^er  portions.  In 
one  case,  quoted  by  them  in  their  first  memoir,  the  upper  portion  con- 
tained 17*14  per  cent,  of  hyposulphite,  while  the  lower  portion  only 
contained  434  per  cent.  At  the  same  time  there  was  only  a  difference 
of  1*27  per  cent,  in  the  proportions  of  monosulphide  existing  in  the 
two  portions  of  the  residue  (6'03  in  the  upper  part  and  7'3  in  the 
lower),  while  there  was  a  very  great  difference  in  the  amount  of  free 
sulphur  (4'88  in  the  upper  part  and  10*09  in  the  lower). 

2.  One  of  the  small  buttons  of  the  fused  solid  products,  of  which 
there  was  generally  one  found  attached  to  the  firing  plug  in  the 
cylinder,  was  examined  for  sulphide  and  hyposulphite  (it  having  been 
detached  without  fracture  and  at  once  sealed  up  in  a  small  tube).  It 
contained  the  latter,  but  none  of  the  former,  while  the  mass  of  the 
residue  of  this  particular  experiment  contained  a  somewhat  consider- 
able proportion  of  sulphide. 

3.  The  production  of  high  proportions  of  hyposulphite  was  but 
little  affected  by  any  variations  in  the  circumstances  attending  the 
several  explosions  (i.e.,  whether  the  spaces  in  which  the  powder  was 
exploded  were  great  or  small),  excepting  that  the  amount  was  high  in 
all  three  cases  when  the  powder  was  exploded  in  the  largest  space. 
The  analytical  results  given  in  the  earlier  memoir  show  abundantly, 
on  the  other  hand,  that  a  great  redaction  in  the  size  of  grain  of  the 
powder  used  had  a  great  influence  upon  the  production  of  hypo- 
sulphite. 

Although  the  authors  consider  that  the  formation  of  hyposulphite 
in  the  solid  residue,  before  the  explosion-vessel  is  opened,  and,  indeed, 
to  such  an  amount  that  it  must  be  regarded  as  an  important  product 
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(whether  primary  or  secondary)  ifl  conclusively  demonstrated  by  a 
thorough  examination  into  the  results  given  in  their  first  memoir,  they 
have  been  anxious  to  obtain,  if  possible,  some  further  decisive 
evidence  as  to  the  probable  proportions  of  hyposulphite  actually  exist- 
ing in  the  residues  furnished  by  the  explosion  of  gunpowder  in  closed 
vessels.  They,  therefore,  introduced  some  variations  in  the  methods 
of  collecting  and  preparing  the  solid  products  for  analysis,  of  which 
the  following  is  an  outline. 

In  two  experiments  with  R.L.G.  and  pebble  powders,  the  solid  pro- 
ducts, collected  as  rapidly  as  possible,  were  divided  into  two  equal 
parts,  the  one  consisting  of  the  upper,  the  other  of  the  lower,  part  of 
the  mass.  These  portions  were  again  equally  divided ;  one-half,  com- 
posed of  large  lumps,  was  as  rapidly  as  possible  (being  but  a  few 
moments  exposed  to  air)  sealed  up  in  dry  bottles  freed  from  oxygen ; 
the  other  half  of  each  was  ground  finely  and  exposed  to  the  air  for 
forty-eight  hours. 

In  both  experiments  the  lower  ground  portion  heated  very  decidedly 
more  than  the  upper  part,  the  tendency  to  heat  being  abnormally  high 
in  the  case  of  the  pebble  residue;  a  thermometer  inserted  into  the 
ground  mass  indicated  a  temperature  of  815^  C.  After  half  an  hour's 
exposure  the  deposit  cooled  very  rapidly. 

The  products  obtained  in  these  two  experiments  were  submitted  to 
partial  examination,  the  chief  object  being  to  see  to  what  extent  the 
proportions  of  hyposulphite  and  sulphide  varied  in  the  upper  and 
lower  portions  of  the  residue,  and  the  extent  to  which  they  were 
affected  by  the  great  difference  in  the  mode  of  treatment  sustained  by 
the  different  portions  of  one  and  the  same  residue. 

The  numerical  results  obtained  show  that,  in  both  experiments, 
those  portions  of  the  residue  which  were  exposed  to  the  air  only  for  a 
few  seconds,  and  of  which  but  small  surfaces  were  thus  exposed  (as 
they  were  collected  in  large  lumps)  contained  hyposulphite  ranging 
in  amount  from  5  to  8' 5  per  cent.  Those  portions  which  were 
specially  treated  for  the  purpose  of  favouring  to  the  utmost  the 
formation  of  hyposulphite  from  sulphide  through  atmospheric  agency, 
contained,  as  was  to  be  expected,  very  large  proportions  of  the  former, 
while  the  latter  had  entirely  disappeared  in  three  out  of  the  four 
portions  of  very  finely  pulverised  residue.  In  the  fourth,  however, 
even  after  its  free  exposure  to  air  for  forty-eight  hours,  there  still 
remained  nearly  3  per  cent,  of  sulphide.  Now,  as  in  no  single 
instance  in  the  entire  series  of  the  experiments  did  any  accidental 
circumstances  occur,  which  even  distantly  approached  the  special  con- 
ditions favourable  to  ■  the  oxidation  of  the  sulphide  which  were 
introduced  into  these  particular  experiments,  the  authors  consider 
themselves  justified  in  arriving  at  the  conclusion,  that  the  total 
absence  of  sulphide  in  the  residues  furnished  by  the  fine-grain  powder 
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in  experimente  40,  42,  and  47,  was  not  due  to  accident  in  the  mani- 
pulations, and  that,  in  those  residues  in  the  general  series  of  analjrses 
which  were  found  to  contain  large  quantities  of  hyposulphite  (as  in 
six  out  of  the  nineteen  experiments  with  pebble  and  R.L.G.  powder, 
and  eight  out  of  the  nine  with  F.G.  powder)  the  greater  proportion 
at  any  rate,  of  that  hyposulphite  existed  in  those  particular  residues 
before  their  removal  from  the  explosion- vessel. 

In  experiments  which  the  authors  have  instituted  with  a  sample  of 
sporting  powder  and  one  of  mining  powder,  the  following  course  of 
proceeding  was  adopted  for  the  removal  of  the  solid  residue  from  the 
explosion-vessels,  and  its  preparation  for  analysis.  Distilled  water, 
which  had  been  freed  from  air  bj  long- continued  boiling,  was  syphoned 
into  the  explosion- vessel  when  the  latter  had  cooled,  so  that  air  was 
never  allowed  to  come  into  contact  with  the  solid  residue.  When  the 
cylinder  was  thus  quite  filled  with  water  it  was  closed,  and  set  aside 
for  sufficient  time  to  allow  the  residue  to  dissolve  completely.  The 
solution  was  then  decanted  into  bottles  freed  from  oxygen,  which  were 
quite  filled  with  the  liquid  and  carefully  sealed  up  until  required  for 
analysis. 

The  residues  of  the  two  experiments  in  which  these  special  precau- 
tions were  adopted  to  guard  against  the  possible  accidental  formation 
of  hyposulphite  were  found  to  contain  respectively  4  and  6  per  cent,  of 
that  substance.  In  the  series  of  experiments  with  pebble  powder 
there  were  three,  in  that  with  R.L.G.  powder  four,  while  in  that  with 
F.G.  powder  there  was  one,  of  which  the  residues  contained  propor- 
tions closely  similar  to  those  furnished  by  these  two  special  experi- 
ments, there  being  no  peculiarity  in  those  seven  experiments  nor  any 
attendant  circumstances  which  could  be  assigned  as  a  possible  reason 
why  the  proportions  of  hyposulphite  in  those  cases  should  be  so  much 
lower  than  in  the  other  experiments  with  the  same  powders  carried 
out  under  the  same  conditions.  The  authors,  therefore,  cannot  but 
conclude  that  the  production  of  a  small  or  of  a  larger  proportioti  oi 
hyposulphite  ^whether  as  a  primary  or  secondary  product,  but  before 
the  explosion-vessel  is  iypened)  is  determined  by  some  slight  modifica- 
tion of  the  conditions  attending  the  explosion  itself. 

The  sporting  powder  (Curtis  and  Harvey,  No.  6)  used  by  the 
authors  for  the  purpose  of  comparing  the  resiilts  of  explosion  with 
those  of  the  military  powders  used  in  these  researches,  did  not  differ 
very  widely  in  composition  from  these ;  the  composition  of  the  char- 
coal which  it  contained  was  intermediate  between  those  contained  in 
the  R.F.G.  and  F.G.  powders.  No  striking  points  of  difference  were 
exhibited  between  the  proportions  of  the  gaseous  and  solid  products 
which  it  famished  and  those  obtained  with  the  four  Service  powders 
used.  With  the  mining  powder  employed  the  case  was  very  different. 
This  powder  presented  very  important  differences  in  composition  from 


Digiti 


izedbyCnOOgle 


1879.]  Researches  on  Explosives.  131 

any  of  the  other  powders  experimented  with,  as  well  as  from  those 
Tiaed  by  the  recent  experimenters  referred  to  in  the  first  memoir. 
The  proportion  of  saltpetre  was  about  11  per  cent,  lower  tbau  in  the 
military  powders,  while  the  proportions  of  charcoal  and  snlphnr  were 
higher  by  about  one-half.  The  composition  of  the  former  was  similar 
to  that  of  the  pebble  powder  charcoal.  The  carbonic  oxide  produced 
from  this  powder  was  double  the  highest  amount  furnished  by  any  of 
the  other  powders,  while  the  carbonic  anhydride,  which  in  the  three 
series  of  experiments  ranged  from  45  to  53  per  cent.,  amounted  only 
to  32  per  cent.,  the  two  gases  existing  in  about  equal  proportions. 
Marsh-gas  and  hydrogen  were  present  in  unusually  high  proportions, 
and  the  sulphuretted  hydrogen  amounted  to  7  per  cent.,  being  nearly 
double  the  highest  proportion  found  in  all  the  other  experiments. 
The  solid  residue  presented  very  interesting  points  of  difference.  The 
potajBsinm  carbonate  was,  as  might  have  been  anticipated,  compara^ 
tively  small  in  amount  (though  some  of  the  experiments  with  F.G. 
powder  gave  similar  results  in  this  respect),  but  there  was  only  0*5 
per  cent,  of  sulphate  formed,  while  the  monosulphide  amounted  to 
33  per  cent.  Federow's  experiments  are  the  only  ones  in  which  so 
high  a  percentage  of  sulphide  is  recorded;  and  among  the  several 
experiments  with  R.L.Q.  powder,  in  which  only  small  proportions  of 
sulphate  were  formed,  there  was  only  one  residue  in  which  the  free 
sulphur  was  as  high  in  amount  as  that  formed  in  the  mining  powder* 
residue.  The  hyposulphite  amounted  to  nearly  G  per  cent. — 2  per 
cent,  more  than  was  furnished  by  the  sporting  powder  under  precisely 
similar  conditions  of  experiment,  and  double  the  smallest  amount 
formed  in  any  of  the  series  of  experiments  conducted  with  the  very 
special  precautions  which  were  applied  in  dealing  with  the  residue 
of  the  powder  under  discussion.  The  ammonium  sesqui-carbonate  was 
considerably  higher  in  amount  than  in  any  other  experiments,  and  the 
potassium  sulphocyanide  amounted  to  3  per  cent.,  or  about  five  times 
the  amount  found  in  any  other  experiment  excepting  that  of  Link. 
Lastly,  there  was  a  much  more  considerable  amount  of  residual  char- 
coal in  this  experiment  than  in  any  other. 

The  very  distinctive  peculiarities  shown  by  the  composition  of  the 
solid  and  gaseous  products  of  this  powder  are  generally  such  as  would 
have  been  predicted  from  the  comparatively  smaU  proportion  borne  by 
the  oxidising  agent  to  the  oxidisable  constituents  in  the  mining  powder. 

The  experiments  made  with  mining  powder  presented  other  features 
of  great  interest  in  addition  to  those  elicited  by  the  chemical  examina- 
tion of  the  products  of  explosion.  In  concluding  their  observations 
on  these,  the  authors  point  out  that  fresh  confirmation  is  afforded  by 
this  experiment  of  the  fact  that  hyposulphite  must  be  classed  among 
the  invariable  and  more  important  products  of  explosion  of  gunpowder 
in  dosed  spaces. 
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A  comparative  examination  of  the  highest,  lowest,  and  mean  pro- 
portioDS  of  solid  products  furnished  by  the  fonr  military  powders  with 
which  complete  series  of  experiments  (with  charges  ranging  in  gravi- 
metric density  from  01  to  0'9)-  were  made,  elicits  various  points  of 
interest,  for  which  reference  must  be  made  to  the  complete  memoir. 

Before  quitting  this  portion  of  the  subject  the  authors  refer  to 
a  statement  appended  to  their  memoir,  in  which  they  have  given  the 
results  of  the  following  calculations : — 

(1.)  The  amount  of  gaseous  products,  calculated  from  the  data  fnr- 
nished  by  the  analysis  of  the  solid  products. 

(2.)  The  amount  of  solid  products,  calculated  from  the  data  fur- 
nished by  the  analysis  of  the  gaseous  products. 

(3.)  A  comparison  between  the  weights  of  the  elementary  sub- 
stances found  in  the  products  of  combustion  and  the  weights  of  the 
same  elements  found  in  the  powder  prior  to  ignition. 

(4.)  The  weight  of  oxygen  contained  in  the  total  quantity  of  hypo- 
sulphite found. 

An  examination  of  this  statement  will  show  how  closely  accordant 
the  various  analyses,  as  a  whole,  are. 

A  review  of  the  comparison  between  the  weight  of  oxygen  origin- 
ally in  the  powder  and  that  found  in  the  products  after  explosion, 
appears  to  show  that  there  is  in  the  latter,  on  the  average,  an  appre- 
ciable excess  of  oxygen.  Hence  it  may  pretty  fairly  be  concluded 
that  a  portion  of  the  hyposxdphite  found  is  due  to  the  oxidation  of  the 
monosulphide  after  removal  from  the  explosion-vessel. 

On  the  other  hand,  a  reference  to  those  analyses  in  which  hypo- 
sulphite exists  in  large  proportions  shows  that,  were  the  whole  of  the 
hyposxdphite  assumed  to  be  formed  after  the  removal  of  the  products 
from  the  cylinders,  there  would  exist  a  large  deficiency  in  oxygen, 
and  very  much  larger  than  the  existing  excess.  Hence  it  may  be 
equally  fairly  concluded  from  this  line  of  argument  that  it  is  im- 
possible to  attribute  to  accidental  causes  the  formation  of  the  whole 
of  the  hyposulphite,  and  that  a  large  proportion  of  it  mttst  be  looked 
on  either  as  a  primary  or  secondary  product. 

In  passing  to  a  consideration  of  the  heat  generated  by  the  explosion 
of  gunpowder,  the  authors  point  out  that,  in  their  first  memoir,  they 
themselves  called  attention  to  the  inconvenience  and  to  the  errors  likely 
to  arise  from  the  employment  of  the  particular  form  of  apparatus  used, 
and  that  they  were  at  the  outset  fully  alive  to  the  great  advantages,  in 
regard  to  saving  of  time  and  labour,  as  well  as  in  respect  of  accuracy, 
which  would  result  from  the  use  of  an  apparatus  of  the  kind  since 
employed  by  them.  But,  as  one  of  the  chief  objects  of  their  experi- 
ments was  to  ascertain  whether  the  results  of  the  metamorphosis  of 
gunpowder,  when  fired  in  considerable  quantities  and  under  tensions 
similar  to  those  developed  in  the  bores  of  guns,  were  at  all  similar  to 
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those  occurring  when  small  quantities  are  fired  under  feeble  tensions, 
the  original  explosion-apparatus  was  designedly  adopted  in  the  earlier 
stages  of  these  experiments,  so  as  to  determine  the  heat  generated 
when  guirpowder  is  fired  under  high  tensions,  for  which  purpose 
vessels  of  great  strength  and  weight,  and  therefore  not  well  suited  for 
calorimetrio  observations,  were  indispensable. 

A  farther  investigation  of  this  branch  of  the  subject  has  shown, 
however,  that  the  difference  between  the  authors'  earlier  determina- 
tions of  heat  and  those  of  other  experimenters  referred  to  by  MM. 
Morin  and  Berthelot  are  due,  not  to  errors  in  the  former,  but  to 
essential  differences  in  the  decomposition  of  different  descriptions  of 
powder. 

In  continuing  their  heat  experiments  the  authors  made  use  of  two 
explosion- vessels,  similar  in  general  form  to  the  larger  vessel  described 
in  the  first  memoir,  but  of  small  capacity  and  weight.*  The  specific 
heats  of  both  these  vessels  were  carefully  determined,  and  the  amount 
of  heat  absorbed  by  the  calorimeter  for  various  changes  of  temperature 
was  also  carefully  determined.  Thermometers  specially  made  for  the 
purpose,  and  capable  of  being  read  to  0°*01  F.  (006  C),  were  used  in 
these  experiments. 

To  determine  the  heat  generated,  a  charge  of  from  150  to  200  grs. 
(9-72  to  12-96  grms.)  in  the  smaller  cylinder,  of  400  grs.  (25-92  grms.) 
in  the  larger  cylinder  was  carefully  weighed  and  placed  in  the  explo- 
sion-vessel. The  explosion- vessel  was  then  immersed  in  the  water  of 
the  calorimeter  and  the  charge  fired  in  the  usual  way,  the  attached 
thermometer  being  read  before  the  explosion  and  afterwards,  continu- 
ously, until  the  maximum  temperature  (which  was  reached  in  from  two 
to  three  minutes)  was  attained. 

To  make  the  new  calorimetrio  determinations  as  complete  as  possi- 
ble, and  with  the  view  of  exhibiting  the  differences  in  the  heat  evolved 
due  to  differences  in  the  composition  of  the  powder,  determinations 
have  been  made  of  the  heat  given  off  by  the  three  principal  powders 
described  in  the  first  memoir,  and  of  three  other  powders  differing 
widely  in  their  composition,  and  which  have  been  made  the  subject  of 
analyses  and  experiments  in  these  researches,  viz. : — Ordinary  English 
mining,  Curtis  and  Harvey's  sporting  powder,  No.  6,  and  Spanish 
spherical  powder. 

With  the  small  explosion-vessel  the  mean  results  obtained  (Experi- 
ments 146  to  166)  were  as  follows,  the  numbers  given  below  indicating 
the  gramme-units  evolved  by  the  combustion  of  1  grm.  of  each  de- 
scription of  powder  employed. 


*  One  of  these  weighed  1,381  grms.,  harlng  a  capacity  of  82-5  grms. ;  the  oth  er 
weighed  8,430  grms.,  and  bad  a  capacity  of  118*88  grms. 
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1  gnn.  of  pebble  powder  evolved 712*6iinits. 

1     .     .,    RL.G.  „  „        7170    „ 

1    .     „    F.a.  „  „        7257    „ 

1     „     „    C.  AH.  No.  6        „  „        754-3    „ 

1     „      „    Mining  „  „         5087     „ 

'1     „      „    Spanish  „  , 7G2-4    „ 

With  the  large  explosion- vessel  the  resnlts,  Experimenis  171  to  179 
and  181  to  192,  gave— 

1  gpm.  of  pebble  powder  evolved 715*5  units. 

1     „      „    R.L.a.  „  „         718-6 


1  „  ,,  F.a. 

1  „  „  C.  A  H.  No.  6 

1  „  „  Mining 

1  „  „  Spani&h 


728-0 
756-1 
508-9 
762-3 


From  the  whole  of  these  experiments,  and  giving  to  the  second 
series,  as  probably  the  more  accurate,  twice  the  weight  of  the  first 
series,  we  arrive  at  the  conclusion  that  the  heat  generated  by  the 
combustion  of  the  powders  ds  actually  used  is  as  follows : — 

1  grm.  of  pebble  powder  generates  714*5  gramme-units. 

1     „      „  R.L.a  „  „  718-1 

1     .     „  F.G.  „  .  727-2 

1    „     „  O.  A  H.  No.  6  „  „  755*5 

1     „      „  Mining  „  „  508*8  „ 

1     .,      „  Spanish  „  .,  762*3 

From  an  examination  of  the  whole  of  the  results  it  is  obvious: 
firstly,  that  the  heat  generated  by  the  combastion  of  gunpowder  is 
subject  to  very  wide  variations,  dependent  upon  the  particular  nature 
of  the  powdor  employed  (the  Spanish  powder  for  example  generates 
just  50  per  cent,  more  heat  than  the  mining  powder)  ;  and,  secondly, 
that  the  heat  evolved  by  the  same  description  of  powder  varies  in 
different  experiments  to  a  greater  extent  than  is  to  be  accounted  for 
by  errors  of  observation.  And  this  was  indeed  to  be  expected,  since 
the  very  considerable  variations  in  the  products  of  combustion  under 
the  same  circumstances,  as  disclosed  by  the  analyses,  would  hardly  be 
supposed  to  exist  without  some  corresponding  variation  in  the  heat 
evolved. 

The  authors'  views  on  this  head  are  confirmed  by  calorimetric  deter- 
minations  in  their  researches  on  gun-cotton.  In  these  determinations, 
which  have  been  carried  on  with  precisely  the  same  apparatus,  no 
appreciable  difference  was  found  in  the  heat  evolved  in  the  various 
experiments. 

The  units  of  heat  liberated,  given  above,  are  those  furnished  by  the 
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powders  as  actaall j  used ;  but  as  these  powders  had  different  amoants 
of  moisture  in  their  composition,  and  as,  in  use,  these  amotints  of 
moisture  are  found  to  vary  considerablj,  giving  rise,  especially  when 
the  powders  are  used  in  guns,  to  very  different  pressures  and  generat- 
ing very  different  energies,  it  has  been  considered  desirable  to  correct 
the  above  figures,  the  following  being  those  that  would  have  had  place 
had  the  powders,  when  fired,  been  perfectly  free  from  moisture. 


grm.  dry  pebble 

W.A.R.L.G. 
W.A.F.G. 
C.  &  H.  No.  6 
Mining 
Spanish  pellet 


powder  generates  721*4  gramme-units. 
7257 
738-3 
764-4 
516-8 
767-3 


In  their  first  memoir  the  authors  gave  reasons  for  considering 
fallacious  a  temperature  of  explosion  deduced  (as  has  been  done  by 
some  authors)  by  dividing  the  namber  of  gramme-units  of  heat  by  the 
mean  specific  heat  of  the  exploded  powder  at  0°  C,  but  for  purposes 
of  comparison  they  give  below  the  temperature  of  each  powder  calcu- 
lated upon  the  above  hypothesis. 


Temperature  of  explosion 

of  W.A.  pebble 

powder 

3899"  C. 

>>                                                      J9 

W.A.R.L.G. 

3880"  „ 

1»                                                      5» 

W.A.F.G. 

3897°  „ 

»»                                                      »♦ 

C.  &  H.  No.  6 

4083°  „ 

»l                                                      >» 

Mining 

2896°  „ 

»»                                        n 

Spanish  pellet 

4087°  „ 

The  volume  of  the  permanent  gases  generated  by  the  explosion  of 
each  of  the  six  powders  is  as  follows  (calculated  for  700"  C.  and 
760  millims.  pressure,  and  corrected  for  the  amounts  of  moisture  they 
contained) : — 

1  granmie  W.A.  pebble    powder  generates  278-3  cub.  centims. 


W.A.R.L.G. 

»                            >» 

274-2 

W.A.F.G. 

M                            « 

2631 

C.  &  H.  No.  6       , 

5                               ?» 

2410 

Mining 

1                              »» 

360-3 

Spasish  pellet       , 

5                               ?1 

234-2 

It  is  of  high  importance  to  observe  that  the  volume  of  the  perma* 
nent  gases  generated  is  in  every  case  in  inverse  ratio  to  the  units  of 
heat  evolved,  as  is  shown  by  the  following  arrangement  of  the  results 
already  given : — 
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Nature  of  powder. 


Spanish  pellet  powder  . . . . 
Curtis  and  Harvey's  No.  6 

W.A.F.G 

W.A.R.L.a 

W.A.  Pebble 

Mining 


Units  of  heat 

per  gramme 

exploded. 


Cub.  oentims.  of 

gas  per  gramme 

exploded . 


767-3 
764-4 
738-3 
725-7 
721-4 
516-8 


234-2 
2tl-0 
263-1 
274-2 

278-3 
360-3 


The  results  given  in  this  table  are  very  striking.  Taking  the  two 
natures  of  powder  which  commence  and  close  the  list,  the  heat  gene- 
rated hj  the  Spanish  powder  is  about  50  per  cent,  higher  than  that 
generated  by  the  mining  powder,  while  the  quantity  of  permanent 
gases  evolved  by  the  latter  is  about  50  per  cent,  greater  than  that  given 
off  by  the  former. 

Thus  it  appears  that  the  great  inferiority  of  heat  developed  by  the 
mining  powder,  as  compared  with  the  Spanish  powder,  is  compensated, 
or  at  least  approximately  so,  by  the  great  superiority  in  volume  of 
]^rmanent  gases  prodaced.  A  similar  relation  is  observed  in  r^pect 
to  the  other  powders,  and  it  would  indeed  appear  that  the  pressures  at 
any  given  density  and  the  capacity  for  performing  work  of  the  various 
powders  are  not  very  materially  different. 

This  fact  has  been  entirely  verified  for  the  whole  of  the  Waltham 
Abbey  powders,  and  in  a  less  degree  for  the  three  other  powders  also. 

The  peculiarities  shown  by  the  mining  powder  are  so  interesting 
that  it  appeared  important  to  determine  its  tension  when  fired  under 
a  high  gravimetric  density.  11,560  grs.  (749  grms.)  of  this  powder 
have,  therefore,  been  fired  under  a  gravimetric  density  of  unity. 
The  pressure  developed  by  two  very  accordant  observations  was, 
when  corrected,  44  tons  on  the  square  inch  (6,706  atmospheres).  The 
pressure  obtained  under  similar  circumstances  from  Waltham  Abbey 
powder  was  43  tons  on  the  square  inch  (6,554  atmospheres). 

It  will  afterwards  be  seen  that  the  capacity  for  performing  work  of 
the  various  descriptions  of  ponder  was  also  found  to  be  not  very 
different,  a  similarity  of  result  the  more  remarkable  when  it  is  remem* 
bered  that  with,  at  all  events,  three  of  the  powders  there  were  striking 
differences  both  in  their  composition  and  in  the  decomposition  they 
experience,  and  when  in  consequence  material  variations  both  in  pres- 
sures at  different  densities  and  in  potential  energy  might  have  been 
expected. 

With  respect  to  the  great  difference  in  heat  evolved  by  the  Spanish 
and  mining  powders,  it  appears  difficult  to  resist  the  conclusion  that 
the  small  number  of  units  of  heat  evolved  by  the  latter  is  iu  great 
measure  due  to  the  quantity  of  heat  absorbed  in  placing  the  very  much 
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larger  proportion  of  the  prodacts  of  combnstion  in  the  form  of  perma- 
nent gases.  This  suggestion  would  also  appear  fully  to  explain  the 
fact  alluded  to  in  the  authors*  first  paper,  and  to  which  thej  had 
been  led  purely  bj  experiment,  namely,  "  that  the  variations  observed 
in  the  decomposition  of  gunpowder  do  not,  even  when  very  consider- 
able, materially  affect  either  its  tension  or  capacity  for  performing 
work." 

A  comparison  between  different  gunpowders,  or  a  comparison  between 
gunpowder  and  other  explosive  agents  cannot,  therefore,  as  has  been 
proposed,  be  determined  by  a  simple  measurement  of  the  correspond* 
ing  units  of  heat  they  evolve. 

Did  such  a  law  hold,  the  Spanish  powder  should  have  more  than  50 
per  cent,  advantage  over  the  mining  powder,  but,  as  a  matter  of  fact, 
although  not  very  widely  different,  the  mining  powder  had  the  advan- 
tage both  in  respect  to  the  tension  observed  in  a  close  vessel  and  to  the 
energy  developed  in  the  bore  of  a  gun. 

As  regards  the  actval  temperature  of  explosion,  the  results  of  the 
further  experiments  detailed  in  this  paper  leave  little  doubt  that  the 
temperature  named  in  the  authors'  first  memoir,  viz.,  2,200°  C,  is  not 
far  removed  from  the  truth  for  the  principal  powders  with  which  they 
then  experimented. 

The  slight  differences  or  accidents  which  appear  to  give  rise  to  not 
inconsiderable  variations  in  the  products  of  decomposition  of  gun- 
powder are  obviously  nearly  sure  to  give  rise  to  corresponding  varia- 
tions in  the  temperature  of  explosion,  and  therefore  this  temperature, 
even  in  one  and  the  same  powder,  cannot  be  supposed  to  be  always 
identical. 

The  authors  then  discuss  the  constants  in  the  equation  expressing 
the  relation  between  the  tension  of  the  products  of  explosion  and  the 
volume  these  products  occupy,  as  stated  by  them  in  their  first  memoir, 
and  give  values  of  those  constants,  corrected  from  the  analyses  and 
experiments  made  since  the  publication  of  that  memoir,  concluding 
their  remarks  upon  this  part  of  their  subject  with  a  table  which  gives 
in  terms  of  the  mean  density  of  the  powder  products  the  tensions 
which  would  exist  in  the  bores  of  guns  were  perfectly  dry  powder  of 
normal  composition  suffered  to  expand,  with  or  without  production  of 
work.  The  tensions  are  expressed  in  kilogrammes  per  square  centi- 
metre, tons  per  square  inch,  and  atmospheres. 

The  authors  call  attention  to  the  great  utility  of  a  table  (XI)  showing 
the  theoretic  work  which  a  charge  of  gunpowder  is  capable  of  effecting 
in  expanding  to  any  value,  v.  The  table  given  by  them  exhibits  the 
theoretic  work  for  all  necessary  volumes  oft;,  from  t;=l  to  t;=50,  and 
several  illustrations  of  the  use  of  the  table  are  annexed. 

They  continue :  if  it  be  desired  to  know  the  maximum  work  of  a 
given  charge  fired  in  a  gun  with  such  capacity  of  bore  that  the  charge 
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saffered  five  expansions  dnring  the  motion  of  the  projectile  in  the  gnn, 
the  gravimetric  density  of  the  charge  being  unity,  the  table  shows  that 
for  every  ponnd  or  kilogramme  in  the  charge  an  energy  of  91'4  foot- 
tons,  or  62,400  kilograrametres  will,  as  a  maximum,  be  generated. 

If  the  factor  of  effect  for  the  powder  be  known,  the  above  values, 
multiplied  by  that  factor,  will  give  the  energy  per  pound  or  kilogramme 
that  may  be  expected  to  be  realised  in  the  projectile. 

But  it  rarely  happens,  especially  with  the  very  large  charges  used  in 
the  most  recent  guns,  that  gravimetric  densities  so  high  as  unity  are 
employed;  in  such  cases  from  the  total  realisable  energy  must  be 
deducted  the  energy  which  the  powder  would  have  generated  had  it 
expanded  from  a  density  of  unity  to  that  actually  occupied  by  the 
charge. 

Thus,  in  the  instance  above  given,  if  we  suppose  the  charge,  instead 
of  a  gravimetric  density  of  unity,  to  have  a  gravimetric  density  of  '8, 
which  corresponds  to  a  volume  of  expansion  of  1*25,  we  see  from 
Table  XI  that  from  the  9 1  4  foot-tons,  or  62,400  kilogrammetres,  above 
given,  there  must  be  subtracted  19*28  foot-tons,  or  13,127*3  kilogram- 
metres,  leaving  72*17  foot-tons,  or  49,272*8  kilogrammetres,  as  the 
maximum  energy  realisable  under  the  given  conditions  per  pound,  or 
per  kilogramme,  of  the  charge. 

As  before,  these  values  must  be  multiplied  by  the  factor  of  effect  to 
obtain  the  energy  realisable  in  the  projectile. 

The  authors  then  discuss  the  causes  which  in  the  bore  of  a  gun 
affect  the  energy  realised  by  gunpowder,  and  point  out  that  this  energy 
varies  very  much  with  the  powders  employed,  being  in  this  respect 
dependent  upon  circumstances,  such  as  the  density  of  the  powder,  its 
size  of  grain,  the  amount  of  moisture,  chemical  composition,  nature  of 
charcoal  used,  Ac,  &c.y  but  that  the  energy  may  also  vary  considerably 
even  with  the  same  powder,  if  the  charges  be  not  fired  under  precisely 
the  same  circumstances.  For  example,  especially  with  slow  burning 
powders,  the  weight  of  the  shot  fired  exerts  a  very  material  influence 
npon  the  factor  of  effects  and  the  reason  is  obvious :  the  slower  the 
shot  moves  at  first,  the  earlier  in  its  passage  up  the  bore  is  the  charge 
entirely  consumed,  and  the  higher  is  the  energy  realised.  The  same 
effect,  unless  modified  by  other  circumstances,  is  produced  when  the 
charge  is  increased  with  the  sanoe  weight  of  projectile.  In  this  case 
the  projectile  has  to  traverse  a  greater  length  of  bore  before  the  same 
relief  due  to  expansion  ia  attained.  The  higher  pressures  which  con- 
sequently rule  react  upon  the  rate  of  combustion  of  the  powder,  and 
again  a  somewhat  higher  energy  is  obtained. 

Both  these  increased  effects,  of  course,  correspond  to  an  increased 
initial  tension  of  the  powder-gases,  but,  especially  with  the  smaller 
guns,  a  very  great  difference  in  the  realised  energy  may  arise  from 
other  causes. 
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Such  causes,  affecting  the  energy  realised,  are  then  discussed,  and 
in  particular  the  authors  draw  attention  to  the  effect  of  retaining  the 
shot  in  its  seat  for  a  greater  or  less  time,  thus  giving  rise  in  the  former 
case  to  a  more  perfect  and  earlier  combustion  of  the  charge.  Thej 
cite  experiments  to  show  that  from  this  cause  alone  differences  of 
energy,  in  guns  having  a  calibre  of  12  centims.  of  13  to  14  per  cent, 
have  been  obtained. 

They  add  that  in  cases  where  the  projectile  has  been  removed  for  a 
considerable  distance  from  the  charge,  that  is,  when  there  is  a  con- 
siderable air-space  between  the  charge  and  the  projectile,  it  has  been 
found  that  the  energy  developed  in  the  projectile  is  materially  higher 
than  that  due  to  the  expansion  of  the  powder-gases  through  the  space 
traversed  by  the  projectile,  and  the  cause  of  this  appears  clear ;  when 
the  charge  is  ignited  at  one  end  of  the  bore,  and  the  ignited  products 
have  to  travel  a  considerable  distance  before  striking  the  projectile, 
these  ignited  products  possess  considerable  energy,  and  a  portion  of 
this  energy  will  be  communicated  to  the  projectile  by  direct  impacts 

The  authors  then  compare  the  energies  realised  in  a  gun  by  the 
various  classes  of  powder  which  form  the  subject  of  their  memoir, 
and  remark  that  none  of  the  powders,  in  realised  effect,  vary  more 
from  that  generated  by  the  normal  Service  Waltham  Abbey  powders, 
than  do  occasional  samples  of  these  last ;  a  sufficiently  curious  result,. 
as  already  remarked,  when  the  differences  in  the  composition  and  the 
great  differences  in  the  decomposition  of  the  various  powders  are  taken 
into  account. 

It  is  then  pointed  out  that  from  the  principles  laid  down  it  is  possi- 
ble, if  the  maximum  chamber-pressure  be  known,  to  fix,  veiy  approxi^ 
mately,  the  position  of  the  shot  in  the  bore  when  the  combustion  of 
the  charge  may  practically  be  considered  to  be  effected. 

Values  of  the  "  factor  of  effect "  are  them  discussed,  and  the 
authors  conclude  the  memoir  by  observing  that  although  tho  agree- 
ment between  the  results  of  the  long  and  laborious  series  of  experi- 
ments and  calculations,  which  they  now  bring  to  a  close,  have  far 
exceeded  the  expectations  they  had  formed  when  they  commenced 
their  task,  it  would  yet  be  idle  to  suppose  that  many  of  their  deduc- 
tions, referring  as  they  do  to  temperatures  and  tensions  far  above  the 
range  of  ordinary  research,  will  not  require  son>e  subsequent  correc- 
tion. 

But,  although  certain  minor  points  may,  as  the  authors  have  said, 
require  considerable  correction,  they  have  little  doubt  that  the  main 
theories  upon  which  they  insist,  confirmed  as  they  are  by  experiments 
made,  or  facts  obtained,  under  very  great  variety  of  circumstances, 
may  be  accepted  as,  at  any  rate,  close  approximations  to  the  truth.  It 
is  satisfactory  to  find  that  the  laws  which  rule  the  tensions  and  tem- 
peratures  of  gases  under  ordinary  circumstances  do  not  lose  their 
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physical  significance,  bnt  are  still   approximately  applicable,  at  the 
high  temperatures  and  pressures  they  have  been  considering. 

At  all  events,  whether  they  are  right  or  wrong  in  taking  this  view^ 
ifc  appears  to  them  certain  that  the  rules  and  tables  they  have  laid 
down,  as  based  on  their  analyses,  experiments,  and  calculations,  may 
for  all  practical  purposes  be  accepted  as  correct,  and  may,  bearing  in 
mind  the  restrictions  to  which  they  have  referred  in  this  memoir,  be 
applied  to  nearly  every  question  of  Internal  Ballistics. 

(Received  June  4,  1879.) 

Since  the  authors  completed  their  memoir,  a  charge  of  101b.  of 
P  powder  has  been  fired  in  50  per  cent,  space.  The  solid  products 
were  collected  in  the  form  of  an  exceedingly  hard  mass,  weighing 
about  3|ib.,  the  fracture  of  which  exhibited  the  want  of  homogeneity 
frequently  alluded  to  by  the  authors.  On  the  surface  there  was  a 
deposit  of  varying  thickness,  and  of  a  pale  yellow  colour,  consisting 
chiefly  of  small  crystals.  The  chemical  examination  of  a  portion  of 
this  deposit,  rapidly  collected,  showed  it  to  contain  a  considerable 
proportion  of  potassium  hyposulphite.  This  product  was  exhibited 
to  the  Royal  Society  when  the  paper  was  read. 


V.  "  Note  on  the  Spectrum  of  Sodium."     By  J.  NoRMAN 
Lockyer,  F.R.S.    Received  May  28, 1879. 

1  have  lately  been  engaged  in  studying  the  spectrum  of  Na  under 
new  experimental  conditions. 

In  anticipation  of  a  detailed  communication,  I  take  leave  to  state 
that  the  vapour  given  off  from  the  metal  after  slow  distillation  in  a 
vacuum  for  some  time  shows  the  red  and  green  lines  without  any 
trace  whatever  of  the  yellow  one. 

Hydrogen  is  given  off  in  large  quantities,  and  at  times  the  G  line 
and  the  red  "  structure  *'  are  seen  alone. 

After  this  treatment  the  metal,  even  when  red  hot,  volatilises  with 
great  difficulty. 

The  Society  adjourned  over  the  Whitsuntide  Recess  to  Thursday, 
June  12,  the  day  appointed  for  the  election  of  Fellows. 
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Presents,  May  1, 1879. 
Transactions. 
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Lansanne : — Soci^t^  Vaudoise  des  Sciences  Natorelles.     Balletin. 
2*  S6rie.  Vol.  XVI.  No.  81.  8yo.  1879.  The  Society. 

Leipzig: — Astronomische   Qesellschaft.     Vierteljahrsscbrift.    Jahr- 
gang 13.  Heft  4.  Jahrg.  14.  Heft  1.  8vo.  1878-79. 

The  Society. 

London: — Royal  Agricultural   Society.     Journal.     Second  Series. 

Vol.  XV.  Port  1.  (No.  29.)  8vo.  1879.  The  Society. 

Munich: — Koniglich-Bayerische    Akademie    der    Wissenschaften. 

Sitzungsberichte.     Math.-phys.  Classe.  1878.   Heft  4.   Philos.- 

phibl.  Classe.  1878.  Band  II.  Heft  1-2.  8vo.  Munchen  1878. 
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Beports,  &c. 
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Proceedings  for  the  year  ended  with  the  30th   June,  1878. 

folio.  Bombay.  The  Observatory. 

London : — British  Museum.     Catalogue  of  the  Birds.  Vol.  IV.  8vo. 

1879.     Index  to  the  Collection  of  Minerals.   8vo.    1878.     A 

G-uide  to  the  First  Vase  Room.  8vo.  1879.  The  Trustees. 

Hydrographic  Office.     Wind  and  Current  Charts  for  the  Pacific, 

Atlantic,  and  Indian  Oceans,  folio.  1879.  The  Office. 

London  Hospital.     Reports  of  the  Medical,  Surgical,  and  Skin 

Department  Registrars.  8vo.  1877.  The  Hospital. 

Meteorological  Office.     Quarterly  Weather  Report.  1875.  Part  4. 

4to.  1879.     Report  of  the  Permanent  Committee  of  the  First 

Intematioiiial    Congress    at   Vienna.       Meeting    at    Utrecht, 

October,  1878.   8vo.  1879.      Hourly  Readings  at  the   Seven 

Observatories  in  connexion  with  the  Office.  February.  June  to 

December,  1878.  folio.  The  Office. 

University  of  London.     Calendar  for  the  year  1879.  8vo. 

The  University. 
University  College.      Calendar.  Session  1878-79.  8vo.  1878. 

The  College. 

Paris: — D^p6t  de  la    Marine.     Annales  Hydrographiques.    1878. 

trim.  2-3.    8vo.   1878.      Recherches  Hydrographiques   sur  le 

Regime    des    C6tes.     Cahier  8.     4to.    1878.      Annuaire  des 

Courants   de   Mar6e  de  la  Manche  pour  Tan   1879,   par  M. 
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B-eporta,  Ac.  {continued). 

GauBsin.  12mo.  Catalogue  des  Cartes,  Ac.  8vo.  1878.  In- 
struction sur  les  Cartes  pour  la  Navigation  par  I'Arc  de  (Jrand 
Cercle,  par  M.  Hilleret.  8vo.  1878.  Instructions  sur  les  C6te6 
d'Espagne  et  de  Portugal.  8vo.  1878.     Fifty  Maps  and  Plans. 

The  D6p6t. 


Presents,  May  8,  1879. 

Transactions. 

London: — Anthropological  Institute.     Journal.  Vol.  VIII.  No.  2. 

8vo.  1878.  The  Institute. 

Entomological  Society.     Transactions  for  the  year  1878.  Parts 

II-V.  8vo.  1878.  The  Society. 

Geological  Society.     Quarterly  Journal.  Vol.  XXXV,  No.  137. 

8vo.  1879.  The  Society. 

Innnean  Society.    Journal.     Zoology.    Vol,  XIV.   No.  78.    8vo. 

1878.  The  Society. 

Odontological  Society.    Transactions.  Vol.  XI.  No.  6.  8vo.  1879. 

The  Society. 
Meteorological  Society.     Quarterly  Journal.    Vol.  IV.    No.  28. 

8vo,  1878.  The  Society. 

Quekett  Microscopical  Club.  Journal.  Nos.  37^39.  8vo.  1878-79. 

The  Club. 
Royal  Medical  and  Chirurgical  Society.   Proceedings.  Vol.  VIII, 

No.  7.  8vo.  1879.  The  Society. 

Boyal  Microscopical  Society.     Journal.   Vol.  II.    Nos.  2  and  3. 

8vD.  1879.  The  Society. 

Society  of   Antiquaries.     Proceedings.    Vol.  VII.    No.  4.    8vo. 

1878.  The  Society. 
Bremen  : — Naturwissenschaftlicbe  Verein.     Abhaudlungen.     Band 

VI.  Heft  1.  8vo.  1879.  The  Verein. 

Copenhagen:— Kongelige  Danske  Videnskabemes  Selskab.     Over- 

sigt.  1878.  No.  2.  1879.  No.  1.  8vo.  The  Society. 

Paris: — Society     d' Encouragement     pour     Tlndustrie     Natiouale. 

Compte-rendu  bi-mensuel  des  S^nces.    1878.    No.  19.    1879. 

No.  1.  8vo.  The  Society, 

Society  G^ologique  de  France.     Bulletin.    T.  VII.   No.  2.  8vo. 

1879.  The  Society. 
Freiburg  i.  B. : — Naturforschende  Gesellschaft.     Berichte  iiber  die 

Verhandlungen.  Band  VII.  Heft  3.  8vo.  1878.      The  Society. 
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Reports,  Observations,  &c, 

Loudon : — Art  Union  of  London.     Report  of  Council  for  the  year 

1878.  8vo.  1878.  The  Union. 

The  Institution  of  Civil  Engineers.     Annual  Report  of  Council, 

December  17,  1878.  8vo.  1878.  The  Institution. 

The  Pharmaceutical  Society  of  Great  Britain.     Calendar.  1879. 

8vo.  1879.  The  Society. 

Oxford : — Catalogue  of   Books    added  to   the   Radcliffe    Library, 

Oxford  University  Museum,  during  the  year  1878.  4to.  1879. 

The  Trustees. 
Royal  United  Service  Institution.    Journal.  Vol.  XXII.  Nos.  97  and 

98.  8vo.  1878.  The  Institution. 

Victoria    Institute.      Journal    of    the    Transactions.      Vol.   XII. 

Nos.  47  and  48.  XIII.  No.  49.  8vo.  1878-79.       The  Institute. 
Manchester: — Geological     Society.        Transactions.       Vol.     XIV. 

Parts  20-22,  Vol.  XV.  Parts  1-2.  8vo.  1878-79, 

The  Society. 
Newcastle-upon-Tyne  : — Chemical     Society.       Proceedings.      Vol. 

IV.  Parts  2^5.  8vo.  1878-79.  The  Society. 

Warwick: — Warwickshire  Naturalists*    and    ArchsBologists'   Field 

Club.     Proceedings.  1878.  8vo.  The  Club. 

Adelaide : — South  Australian  Institute.     Annual  Report.    1877-78. 

8vo.  1878.  The  Institute. 

New  York : — American  Geographical  Society.  Bulletin.  1878.  No.  3. 

8vo,  1878,  The  Society. 

Philadelphia:— Franklin  Institute.     Journal.   Vol.  CVII.  Nos.  639 

and  640.  8vo.  1879.  The  Institute. 

Quebec: — Literary  and  Historical  Society,     Transactions.    Sessions 

1877-8-9.  8vo.  1879,  The  Society. 

Yokohama : — Asiatic  Society  of  Japan.      Transactions.     Vol.  VII. 

Parti.  8vo.  1879.  The  Society. 


Presents^  May  15,  1879. 

Transactions. 

Christiania: — Norwegischen  Meteorologischen  Instituts.  Jahrbuch 
1874-6.  Physiographiske  Forening.  Nyt  Magazin  for  Natur- 
videnskabeme.  Band  XXII.  Heft  4 ;  Band  XXIII.  Heft  1-3 ; 
Band  XXIV.  Heft  1-3.  Videnskabs-Selskab.  Forhandlinger 
1876-8.  Ibrtegnelse  over  Separat-Aftryk  af  Christiania 
Videnskabs-Selskabs  Forhandlinger,  8vo.  1878. 
Archiv  for  Mathematik  og  Naturvidenskab.  Udgivet  af  Sophus 
lie.  Worm  Miiller  og  G.  0.  Sars.  Band  I.  Heft  4;  Band  II. 
Heft  1-4;  Band  III.  Heft  1-4.     Det  Kongelige  Norsk©  Fre- 
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Transactions  (continued), 

deriks  Universitets  Aarsberetning.  1876-7.  Norges  Officielle 
Statistik.  Beretninger  om  Norges  Fiskerier.  1873-4,  samt 
Oversigter  over  Udbyttet  af  Samme  Fiskerier.  1866-74.  4to. 
Beretning  om  Norges  Fisk.  1875.  4to.  Tabeller  ved  Norges 
Sparebanker  1873-5.  4to.  1878.  Den  Norske  Statstelegrapbs 
Statistik.  1876.  4to.  Statistiske  Opgaver  ved.  det  Norske 
Postv8Bsen.  4to.  1878.  Norske  Tnristforenings  Arbog  for  1877. 
8vo. 
Blyt  (A.)  Norges  Flora  eller  Beskrivelser  af  de  i  Norge  vild- 
voxende  Karplanter  tilligemed  Angivelser  af  deres  Udbredelse. 
TilloBgsbefbe.  8vo.  Broch  (0.  J.)  Le  Royaume  de  Norvege  et 
le  Penple  Norv^gion.  8vo.  1876. 
Hoist  (E.)  OmPoncelet'sBetydningforGeometrien.  8vo.  1878. 
Kjerulf  (Theodor)  Om  Stratifikationens  Spor.  4to.  1877.  Sars 
(Gh.  0.)  Bidrag  til  Knndskaben  om  Norges  Arktiske  Fauna  I. 
MoUnsca.  8vo.  1878.  3  copies.  Siebke  (H.)  Enumeratio  In- 
sectorom  Norvegicorum.  fasc.  IV.  Catalogum  Dipterorum  Con- 
tinentem.     Ed.  J.  Sparre  Schneider.  8vo.  1877. 

The  University. 

Dublin: — Royal  Geological  Society  of  Ireland.     Journal.  1877-8. 

8vo.  1878.  The  Society. 

Hamburg: — Vereins    fur    Naturwissenschaftliche     Unterbaltung. 

Verhandlungen.  1878.  8vo.  1878.  The  Society. 

Jena  : — Medicinisch-Naturwissenschaftliche     Gesellschaft.        Zeit- 

schrift.  Band  XIII.  8vo.  1879.  The  Society. 

London: — Institution    of     Mechanical     Engineers.       Proceedings, 

January,  1879.  8vo.  1879.  The  Institution. 

Meteorological  Society.     List  of  Fellows,  May,  1879.  8vo.  1879. 

The  Society. 

Eoyal  Institution  of  Great  Britain.      Proceedings,  Nos.  69,  70. 

8vo.    1879.      Additions   to   the   Library   from  July,  1877,  to 

July  1878.     List  of  Members.  8vo.  1878.  The  Institution. 

Torino : — Reale  Accademia  delle  Scienze.     Memorie.    Ser.  2.    Tomo 

XXX.  4to.  1878.  The  Academy. 

Tromso : — ^Tromso  Museums  Aarshefter  1.  8vo.  1878. 

The  Museum. 
Throndhjem  : — Kongelige  Norske  Videnskabers  Selskabs.     Skrifter 
i  det  19-de  Aarhundrede.     Band  VIII.  Heft  4,  5. 

The  Society. 

Utrecht: — Nederlandsch  Gasthuis  voor   Ooglijders.      Negentiende 

Jaarlijksch  Verslag  bet.  De  Verpleging  en  het  Onderwijs.  8vo. 

1878.  The  Hospital. 
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Reports,  Ac. 

Wellington : — Statistics  of  the  Colony  of  New  Zealand  for  1877. 

folio.  1878.  The  Government. 


Fergnson  (J.)  Sir  Humphry  Davy.  Reprinted  from  "  Good  Words.*' 
4to.  1879.  *  The  Author 

Hooker  (Sir  J.  D.)  The  Flora  of  British  India.  Part  6.  London. 
8vo.  1879.  The  India  Office. 

Jolivart  (J.)  D^couverte  de  la  Religion  Scientifique.  L*Ontologie 
ou  la  Science  de  I'Etre.  Demonstration  Scientifique  de  la  Vie 
Etemelle.  12mo.  Brussels  1879.  The  Author. 

Philbps  (H.  Junr.)  Notes  upon  the  Collection  of  Coins  and  Medals 
now  upon  exhibition  at  the  Pennsylvania  Museum,  Philadelphia. 
Read  before  the  American  Philosophical  Society.  8vo.  PJiUadelphia 
1879.  The  Author. 


Presents,  May  29,  1879. 

Transacfcions.  ' 

Berlin : — Koniglich    Preussische     Akademie    der    Wissenschaften. 

Monatsbericht.  September-December,  1878.    Januar-Februar, 

1879.  8vo.  The  Academy. 

Bern: — ^Naturforschende   Gesellschafl.      Mittheilungen.    Nr.   923- 

936.  8vo.  1878.  The  Society. 

Brussels : — Academic  Royale  de  Belgique.     Bulletin.    48®  Ann6e. 

2«  S^rie.  Tome  XLVII.  No.  1-4.  8vo.  Brussels  1879. 

The  Academy. 
Academic  Royale  de  Medecine.     Bulletin.  Ann^e  1879.  3«  Serie. 

Tome  Xin.  No.  1-4.  8vo.  The  Academy. 

Caen: — Soci^t^   de  Medecine  de  Caen  et  du  Calvados.     L'Ann^e 

M^dicale.  Journal.   3*  Ann6e.   No.  8-12.   4*  Ann6e.    No.  1-5. 

roy.  8vo.  1878-79.  The  Society. 

Heidelberg : — Anzeige    der    Vorlesungen    im    Winter  -  Halbjahr. 

1878-9.    Ditto  im  Sommer-Halbjahr.  1879.    Karl  von  Bahder. 

Inaugural  -  Dissertation.      Der   Konig  vom  Odenwalde.     8vo. 

Vienna  1878.      Dr.   August    Bemthsen.    Habilitationsschrift. 

Zur  Kenntniss  der  Amidine  und  Thiamide  einbasischer  organi- 

scher  Sauren.   8vo.  Heidelberg  1878.     Dr.  Hermann  HadHch. 

Habilitationsschrift.      Ueber  die  feineren  Vorgange  bei  der 

Heilung  von  Lungen-  und  Pleura- Wunden.    8vo.  Berlin  1878. 

Alfred  Heusinger.    Inaugural-Dissertation.    Ueber  den  Media- 

nen  Steinschnitt.   8vo.    Heidelberg  1878.     Dr.  Otto  Karlowa. 
vol.!  XXIX.  ^  ^r    ^^^U 
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Transactions  (continued) > 

Rede  znm  Grossh.  Geburtsfeste.  Ueber  die  Reception  des  romis- 
chen  Rechts  in  Dentschland,  mit  besonderer  Riicksicht  anf  Chur- 
pfalz.  4!to.  Heidelberg  1878.  J.  B.  Kiene.  Inaugural- Disserta- 
tion. Die  Haftung  des  Erben  aus  den  Delikten  des  Erblassers 
nach  kanonischen  Recht.  8vo.  Friedrichshafen  1878.  Hermann 
Kleinschmidt.  Inaugural-Dissertation.  Das  Foenus  Nanticnm' 
und  dessen  Bedeutung  im  romischen  Rechte.  8vo.  Heidelbery 
1878.  N.  Miiller.  Die  Mythen  im  "  Bedvulf  "  in  ihrem  Ver- 
haltniss  zur  germanischen  Mythologie  beti'achtet.  8vo.  Leipzuj 
1878.  Dr.  Fritz  Neumann.  Zur  Laut-  und  Flexions-Lehre  des 
Altfranzosischen  hauptsachlich  aus  Pikardiscben  Urkunden  von 
Vermandois.  8vo.  Bonn  1878.  Richard  Neumann.  System- 
atische  Uebersicht  der  Gattungen  der  Oxyrhynchen.  Catalog 
der  Podopbthalmen  Crustaceen  des  Heidelberger  Museums. 
8vo.  Leipzig  1878.  The  University. 

London : — Entomological  Society.     Transactions  for  the  year  1879. 

Part  1.  8vo.  The  Society. 

Geological  Society.    The  Quarterly  Journal.  Vol.  XXXV.  Part  2. 

(No.  138.)  8vo.  1879.  The  Society. 

Odontological    Society.      Transactions.     New   Series.    VoL   XI. 

No.  4.  8vo.  The  Society. 

Royal  Asiatic  Society.     Journal.    New  Series.   Vol.  XI.    Part  2. 

8vo.  1879.  The  Society. 

Lund  : — Acta  Universitatis  Lundensis.  Tom.  XI.  (3  Hefte.)  1874. 
Tom  XII.  (2  Hefte.)  1875-6.  Tom  XHI.  (2  Hefte.)  1876-7. 
4to.  Universitets-Biblioteks  Accessions-Katalog.  1875.  1876. 
1877.  8vo.  The  University. 

Montpellier : — Academic  des  Sciences  et  Lettres.  M^moires  de  la 
Section  de  M6decine.  Tome  V.  Fasc.  1.  Annees  1872-6.  4to. 

1877.  The  Academy. 
Munich: — Koniglich    Bayerische    Akademie    der  Wissenschaften. 

Abhandlungen.  Hist.  Classe.  Band  XTV.  Abth.  2.  Philoso- 
phisch-Philol.  Classe.  Band  XIV.  Abth.  3.  4to.  1878.  Festrede 
von  A.  Baeyer.  4to.  1878.  The  Academy. 

Paris : — Soci^t^  Fran9aise  de  Physique.  Stances.  Jan.-Mars.  1879. 
8vo.  The  Society. 

Societe  G6ologique  de  France.  Bulletin.  3*  S^rie.  Tome  V. 
No.  12.  Tome  VI.  No.  5.  The  Society. 

Society  Philomathique.  Bulletin.  7*  S6rie.  Tome  8.  No.  2. 
1878-9.  8vo.  1879.  The  Society. 

ficole  Normale  Sup6rieure.  Annales.  2*  S6rie.  Tome  7  Supple- 
ment. Tome  8.  Nos.  2,  8.  4to.  1879.  L'ficole. 

Ecole  Polytechnique.      Journal.  Tome  XXVI II.  Cahier  45.  4to. 

1878.  L'fecole. 
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Transactions  {continued), 

Philadelphia:— Academy  of  Natural  Sciences.     Proceedings.  Part 
2.  April-Sept.  Part  3.  Sept.-Dec.  1878.  8vo.  1878-9. 

The  Academy. 

Pisa: — Societa  Toscana  di   Scienze  Naturali.     Atti.    fol.    XXV- 

LXXXVII.  roy.  8vo.  The  Society. 

Borne  : — R.  Comitato  Geologico  d'ltalia.  Bollettino.  No.  3  e  4.  8vo. 

Boma  1879.  The  Association. 

St.   Petersburg: — L'Acad^mie   Imp^riale  des   Sciences.     Bulletin. 

Tome  XXY.  No.  3.  4to.  1879.  The  Academy. 

Stockholm: — Kongl.  Vetenskaps  Akademie.      Ofversigt  af    For- 

handlingar.  Arg.  35.  No.  6-10.  8vo.  Stockholm  1878-9. 

The  Academy. 
Switzerland: — Soci^t^  Helv^tiqne  des  Sciences  Naturelles,  reonie 
a  Bex.     Compte-Rendn.  1876-7.  8vo.  Lausanne  1878. 

The  Society. 
Wurzbnrg: — Physikalisch-Medicinische    (Jesellschaft.       Verhand- 
Inngen.    Neue  Folge.  Band  XIU.  Heft  3,  4.  8vo.  1879. 

The  Society. 


BeportSy  Observations,  Ac. 

Albany  : — Astor  Library.     Annual  Report  for  1878.  8vo. 

The  Library. 
Dudley  Observatory.    Annual  Report  for  1878.  8vo.     Remarks 
on  the  Dudley  Observatory  Observations  of  the  Transit  of 
Mercury,  May  6, 1878.     By  Lewis  Boss,  Director. 

The  Observatory. 

Berlin : — Ergebnisse  der  Beobachtungsstationen  an  den  deutschen 

Kiisten  uber  die  physikalischen  Eigenschaften  der  Ostsee  und 

Nordsee  und  die  FischereL     Hefte    1-12    und    Schlussheft. 

Oblong.  1878.  The  Commission. 

Calcutta: — Scientific  Results    of    the   Second  Yarkand  Mission; 

based  upon  the  collections  and  notes  of  the  late  Ferdinand 

Stoliczka.     Six  Parts.  4to.  1878.  The  Lidia  Office. 

Cronstadt: — Compass  Observatory.      Morskoi  Sbomik.     (Marine 

Collections)  1878.  No.  6-12.  1879.  No.  1-2.  8vo. 

The  Observatory. 
Harvard : — Harvard  College  Observatory.    Annual  Report.  1877-8. 
8vo.  Cambridge  1^79. 
Harvard  College.    Annual  Reports  of  the  President  and  Treasurer. 

The  College. 
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Reports,  Ac.  (continued), 

Mannheim  : — Astronomisclie  Beobachtnngen  auf  der  Grossherzog- 
liche  Sternwarte.  Abth.  3.  4to.  Oarlsruhe  1879.  R.  Barry's 
Fizstembeobaclitnngen.  Separat-Abdmck.  8vo.  1878. 

The  Observatory. 
New  Zealand : — Reports  of  Geological  Explorations  dnring  1877-8. 
8vo.  1878.  The  Gtovemment. 

Washington :— United  States'  Coast  Survey  for  1874.     4to.  1877. 

The  Coast  Survey  OflBce, 
Instructions  for  observing  the  Total  Solar  Eclipse  of  July  29, 

1878.  4to.  1878.  The  Observatory. 
Annual  Report  of  the  Librarian   of  Congress  for  1878.     8vo. 

1879.  The  Library. 
Zi-ka-wei: — Bulletin  Mensuel  de  rObser^atoire.  4to.  1878. 

The  Observatory. 


Certcs  (A.)     Snr  une  m^thode  de  conservation  des  Infnsoires.  4to. 

The  Author. 
Cobbold  (T.  S.),  F.R.S.    Parasites ;  a  Treatise  on  the  Entozoa  of  Man 

and  Animals.  8vo.  London  1879.  The  Author. 

Cox  worthy  (F.)     Electricity  the  Sole  Agent  in  Creation.  8vo. 

The  Author. 
Doberck  (W.)     The  Inventor  of  the  Telescope.  8vo.  The  Author. 

Kdlliker  (A.),  For.  Mem.  R.S.    Entwicklungsgeschichte  des  Menschen 

und  der  hoheren  Thiere.     Zweite  Auflage.  8vo.  Leipzig  1879. 

The  Author. 
Kops  (Jan)  en  Van  Eeden  (F.  W.)      Flora  Batava.  244*  Aflevering. 

4to.  Leyden,  H.M.  The  Eang  of  the  Netherlands. 

Meldola  (R.)     On  a  Cause  for  the  Appearance  of  Bright  Lines  in  the 

Solar  Spectrum.  8vo.  Reprinted  from  the  Phil.  Mag. 

The  Author. 
Melsens  ( — .)     Quatrifeme  et  Cinquieme  Notes  sur  Les  Paratonnerres. 

Extraits.    8vo.      Notice  sur    le  Coup  de   Poudre  de  la   Gare 

d'Anvers,  du  10  Juillet,  1865.  8vo.  The  Author. 

Millar  (W.  J.)     On  the  Transmission  of  Vocal  and  other  Sounds  by 

Wires.     Reprinted  from  the  Phil.  Mag.  8vo.  The  Author. 

Morse  (E.  S.)     Traces  of  an  Early  Race  in  Japan.     Reprinted  from 

the  Popular  Science  Monthly.  8vo.  New  York  1879. 

The  Author. 
Pasqufide  (G.  A.)    Notizie  botaniche  relative  alle  provincie  meridionali 

dltaHa,  pel  1878.  4to.  Estratto.  The  Author. 
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Phillips  (J.  A.)     On  the  so-called  '*  Greenstones "   of  Central  and 

Eastern  Cornwall.    From  the  Journal  of  the  Geological  Society. 

8vo.  The  Author. 

Phillips  (H.,  Jun.)     A  hrief  account  of  the  Earthquake  at  Aix-la- 

Chapelle  (Aachen)  on  Monday,  August  26,  1878.  8vo.  1879. 

The  Author. 
Plateau  (J.)     Sur  une  loi  de  la  Persistance  des  Impressions  dans 

rCEU.  8vo.  Brussels  1878.  The  Author. 

Plateau   (F.)     Sur  les  Mouvements    et    Plnnervation    de  TOrgane 

Central   de  la  Circulation   chez   les  Animaux    Articul^.    8yo. 

Brussels  1878.  The  Author. 

Bivett-Camac  (H.)     On  Mason's  Marks  from  Old  Buildings  in  the 

North- West  Provinces  of  India.   8vo.   Bepnnted  from  the  Indian 

Antiquary.  The  Author. 

Bussell  (H.  C.)     Storms  on  the  Coast  of  New  South  Wales.  8vo. 

The  Author. 
Sabine  (R.)     Some  Electrical  Experiments  with  Crystalline  Selenium. 

From  the  Phil.  Mag.  8vo.  The  Author. 

Shadwell  (Sir  Chas.),  F.R.S.    Notes  on  Interpolation,  Mathematical 

and  Practical.  8vo.  London  1879. 

Formukd  of  Nautical  Astronomy.     Brevised  Edition.    1878. 

The  Author. 
Taylor  (A.  S.),  F.R.S.     A  Manual  of  Medical  Jurisprudence.     10th 

Edition.  8vo.  London  1879.  The  Authpr. 

Walker  (J.  F.)    On  the  Occurrence  of  Terehrattda  Morieri  in  England. 

From  the  Geological  Mag.  8yo.  The  Author. 
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R.  B.  Prosser,  Esq. 


Digitized  by 


Googk 


150 


Election  of  Fellows. 
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June  12,  1879. 

The  Annual  Meeting  for  the  election  of  Fellows  was  held  this  day. 

THE  PRESIDENT  in  the  Chair. 

The  Statutes  relating  to  the  election  of  Fellows  having  been  read. 
Dr.  T.  Graham  Balfour  and  Mr.  W.  C.  Roberts  were,  with  the  consent 
of  the  Society,  nominated  Scrutators  to  assist  the  Secretaries  in 
examining  the  lists. 

The  votes  of  the  Fellows  present  having  been  collected,  the  follow- 
ing candidates  were  declared  duly  elected  into  the  Society : — 


Prof.  John  Anderson,  M.D. 

Rev.     Miles     Joseph     Berkeley, 

F.L.S. 
Sir  Henry  Bessemer. 
Prof.    Alexander    Crum    Brown, 

M.D. 
Walter     Lawry     BuUer,     Sc.D., 

F.L.S. 
George  Howard  Darwin,  M.A. 
Prof.  Joseph  D.   Everett,  M.A., 

D.C.L. 


Prof.  Francis  Stephen  Bennet 
Fran9ois  de  Chaumont,  M.D. 

Prof.  George  Downing  Liveing, 
M.A. 

George  Matthey,  F.C.S. 

George  John  Romanes,  M.A,, 
F.Ii.S. 

Arthur  Schuster,  Ph.D.,  F.R.A.S. 

Prof.  Harry  Govier  Seeley,  F.L.S. 

Benjamin  Williamson,  M.A. 

Thomas  Wright,  M.D.,  F.G.S. 


Thanks  were  given  to  the  Scrutators, 


Jmie  19,  1879. 

THE  PRESIDENT  in  the  Chair. 

The  Presents  received  were  laid  on  the  table,  and  thanks  ordered  for 
them. 

The  Rev.  Miles  Joseph  Berkeley,  Sir  Henry  Bessemer,  Prof.  Alex- 
ander Crum  Brown,  Mr.  George  Howard  Darwin,  Prof.  Francis 
Stephen  Bennet  Fran9ois  de  Chaumont,  Prof.  George  Downing  Live- 
ing,  Mr.  George  John  Romanes,  Dr.  Arthur  Schuster,  Profl  Harry 
Govier  Seeley,  Mr.  Benjamin  Williamson,  and  Dr.  Thomas  Wright 
were  admitted  into  the  Society. 

The  following  Papers  were  read : — 
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L  **0n  the  Existence  of  Liebreich's  Protagon  in  the  Brain." 
By  Professor  Arthur  Gamgee,  M.D.,  F.R.S.,  Owens  Col- 
lege, Manchester,  and  Ernst  Blankenhorn,  Ph.D.  Re- 
ceived April  29,  1879. 

In  the  year  1865,  Dr.  Oscar  Liebreich  published  an  important 
paper*  upon  a  new  proximate  principle  which  he  had  separated  from 
the  brain.  Unlike  the  numerous  bodies,  possessed  of  ill-defined  pro- 
perties which  had,  by  different  writers,  received  the  names  of 
oerebrin,  cerebric  acid,  lecithine,  or  phosphorized  fats,  this  new  body 
eonld  be  extracted  by  an  easy  process  in  a  state  of  purity,  and 
to  it,  probably  as  indicating  it  as  the  first  definitively  ascertained 
specific  constituent  of  brain,  Liebreich  ascribed  the  name  of  Protagon 
(w-/>flrra7o«,  leading  in  advance). 

The  substance  was  obtained  by  the  following  process.  An  animal 
was  bled  to  death  from  the  carotid,  and  a  stream  of  water  was  passed 
through  the  vessels  of  the  head,  so  as  to  wash  the  blood  out.  The 
brain,  freed  from  its  membranes,  was  then  pounded  in  a  mortar  and 
shaken  in  a  flask  with  ether  and  water  at  0°  C.  It  was  allowed  to 
stand  at  a  temperature  of  0°,  until  the  ether  had  separated,  and  the 
treatment  with  ether  again  and  again  repeated. 

The  brain  matter  having  been  separated  by  filtration  from  ether 
and  water,  was  digested  with  85  per  cent,  alcohol,  at  a  temperature  of 
45°  C.  The  fluid  was  filtered  hot  and  allowed  to  cool  at  0"  C.  A 
flooculent  precipitate  then  separated,  which  was  collected  on  a  filter 
and  treated  with  cold  ether,  until  it  ceased  to  dissolve  cholesterin. 
The  insoluble  mass  was  dried  in  vacuo,  and  dissolved  in  spirit  at 
45®  C.  The  alcoholic  solution  was  filtered  and  allowed  to  cool  very 
ffraduaJly,  when  protagon  separated  in  the  form  of  microscopical 
needles,  differing  a  little  in  arrangement  and  form  according  to  the 
concentration  of  the  solution.  The  substance  thus  obtained  could  be 
recrystallized  repeatedly.  As  a  result  of  his  analyses  Liebreich 
ascribed  to  protagon  the  formula  CngH^iNO^P. 

The  following  exhibits  the  percentage  composition  of  protagon 
according  to  this- formula  and  the  mean  of  all  Liebreich's  analyses  : — 

Calculated  for 

Cn«Hj4iN4022P.  Found. 

C     67-21  6674 

H    11-59  11-74 

N    270  2-80 

P     1-50  1-23 

O     17-00  17-49 

*  Oscar  Liebreich,  "  Ueber  die  Chemische  Beschaflfenheit  der  GkhinuubBtanz/* 
*'  Annalen  der  Chemie  und  Fharmacie,"  Bd.  cxxxiy,  s.  29-44. 
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Protagon  is  soluble  with  difficulty  in  cold,  but  more  easily  in  warm 
alcohol  and  ether.  At  higher  temperatures  than  55°  C,  alcohol 
appears  to  decompose  protagon.  In  water  protagon  swells  and  pre- 
sents the  appearance  of  an  opaque  jelly,  ultimately  dissolving  so  as  to 
form  an  opaque  solution.  Liebreich  found  that  protagon  was  soluble 
in  glacial  acetic  acid,  which  deposited  it  again  in  a  crystalline  form, 
when  subjected  to  the  action  of  cold. 

When  boiled  with  a  solution  of  barium  hydrate  protagon  is 
decomposed,  yielding  glycerin — ^phosphoric  acid,  fatty  acids  of  which 
he  isolated  stearic  acid  in  a  state  of  purity,  and  a  base  to  which  he 
gave  the  name  of  neurine,  and  to  the  platinum  compound  of  which  he 
ascribed  the  formula  CgHi^NClsPt.  This  base  was  afterwards  shown 
to  be  identical  with  the  base  which  Strecker  had  separated  from  bile 
and  termed  choline. 

Although  the  absolute  accuracy  of  a  large  number  of  Liebreich's 
facts  has  been  placed  beyond  question,  the  cardinal  fact  itself — ^that 
protagon  is  a  definite  phosphorized  principle  contained  in  nervous 
matter — has  come  to  be  universally  denied. 

By  Diaconow,  Hoppe-Seyler,  and  Thudichum  it  is  denied  that  any 
such  definite  substance  exists,  and  Liebreich's  protagon  is  held  to  be 
a  mechanical  admixture  of  a  phosphorized  body  termed  leciihiny 
O44H90NPO9,  with  a  nitrogenous,  non-phosphorized,  body  termed  cere- 
hrin.  The  presence  of  phosphorus  in  protagon  is  said  to  be  due  to 
contamination  with  lecithin,  and  in  support  of  this  view  it  is  alleged 
that  by  extracting  protagon  with  ether,  the  substance  loses  more 
and  more  phosphorus ;  according  to  Diaconow  and  Hoppe-Seyler's 
admission,  the  phosphorus  does  adhere  most  obstinately  and  cannot  be 
entirely  got  rid  of,  though  Dr.  Thudichum  thinks  he  has,  by  mere 
extraction  with  ether,  obtained  cerebrin  (or  cerebrines)  quite  free  from 
phosphorus. 

It  is  not  our  intention  in  this  communication  to  enter  into  a 
full  criticism  of  the  views  of  those  who  have  preceded  us  in  tiie 
investigation  of  the  existence  or  non-existence  of  protagon,  and  we 
shall  confine  ourselves  to  a  statement  of  a  few  of  the  chief  objections 
which  appeared  to  us  as  insurmountable  obstacles  in  the  way  of 
accepting  Diaoonow's  and  Hoppe-Seyler 's  statements. 

Liebreich's  protagon  was  described  by  its  author  as  a  white  non- 
hygroscopic  substance,  which  could,  by  suitable  treatment,  be  con- 
stantly obtained  in  a  crystalline  form,  and  this  description  will  be 
shown  in  the  sequel  to  be  absolutely  correct. 

Cerebrin  is  a  body  most  imperfectly  known,  obtained  by  its  dis- 
coverer, Miiller,*  by  pounding  up  brains  with  baryta  water  to  the  con- 

*  Dr.  Wilhelm  MiiUer.  "  Ueber  die  Chemischen  Bestandtheile  des  Oehims- 
zweite  Abhandlung."^  "  Annalen  der  Chemie  und  Pharmacie.'*  Bd.  cv  (1858), 
8.  861. 
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sistence  of  a  thin  milk  and  then  boiling ;  a  precipitate  forms,  which  is 
extracted  with  boiling  alcohol.  On  cooling,  the  fluid  deposits  an 
abundant  precipitate ;  this  is  treated  with  ether,  to  separate  choles- 
terin  and  fats,  and  then  recrjstallized  from  boiling  alcohol.  Of  this 
body  Miiller  published  two  analyses,  which  led  him  to  assign  to  it  the 
formula  Cs^HjjNOg.  It  is  described  by  Hoppe-Seyler  as  a  light, 
white,  highly  hygroscopic  powder.* 

But  what  right  have  we  to  assume  that  a  body  obtained  by  boiling 
so  complex  an  organic  mixture  as  a  brain  with  caustic  baryta  is  a 
proximate  principle  of  the  brain,  i.e.,  that  it  exists  preformed  in  the 
brain  ?     The  surmise  is  as  bold  as  it  is  improbable. 

Lecithin  is  described  by  Diaconow  himself  as  a  non-pulverizable, 
yellowish-white,  highly  hygroscopic  body.f  Is  it  not  strange  that  two 
usually  amorphous  highly  hygroscopic  bodies  should,  when  mixed,  give 
rise  to  a  constantly  crystallizable  absolutely  non-hygroscopic  mixture  ? 
And  this  is  exactly  what  would  be  the  case  were  the  hypotheses  of 
Diaconow  and  Hoppe-Seyler  correct. 

According  to  Diaconow,  by  repeated  extractions  with  ether,  the  P 
contained  in  protagon  may  be  made  to  sink  to  1  per  cent.,  whereas, 
according  to  Liebreich's  formula,  it  should  contain  1*6  per  cent. 
Actually,  in  the  three  determinations  which  he  made,  Liebreich 
obtained  11,  1*1,  and  1*5,  as  the  amount  of  phosphorus  in  100  parts, 
but,  unfortunately,  he  seems  to  have  concluded  that  the  highest  number 
was  correct  and  made  it  the  basis  of  his  calculation. 

In  the  year  1877,  one  of  us,  assisted  by  Mr.  Leopold  Larmuth, 
Piatt  Physiological  Scholar,  commenced  in  the  Physiological  Laboratory 
of  Owens  College,  a  series  of  experiments  intended  to  determine  whether 
Liebreich's  protagon  existed  or  not.  This  preliminary  investigation 
showed  that  by  Liebreich's  process  there  is  always  obtained  a  body 
having  the  physical  properties  of  protagon,  and  containing  phosphorus 
in  a  proportion  suJ0Bciently  near  to  that  indicated  by  him;  it  was  found 
that  the  amount  of  phosphorus  in  specimens  of  protagon  which  had 
been  crystallized  from  alcohol  four  or  five  times,  was  not  smaller  than 
that  present  in  protagon  which  had  only  once  been  crystallized,  though 
a  thorough  treatment  with  ether  preceded  each  recrystallization. 

These  first  experiments  so  far  as  they  went,  were  perfectly  satis- 
factory. It  appeared,  however,  quite  essential,  before  forming  a 
definite  opinion,  to  extend  them  very  considerably  and  especially  to 

•  "  Auf  diese  Weise  dargestellt  bildet  daa  Corebrin  ein  leichtes  weisses  sehr  hy- 
groflcopiBches  Pulver,"  &o.  Hoppe-Seyler,  '^Handbuch  der  Fhysiologisob — und 
Pathologisch — Chemischen  Analyse."     Dritte  Auft.    S.  169. 

t  "  Das  reine  Lecithin  stellt  eine  gelblich-weisse,  wachsartige,  in  dunner  Schicht- 
ausgebreitet  seiden-glttnzende,  sehr  hygroscopische  Masse  dar."  Diaconow,  **  Ueber 
die  Chemische  Constitution  des  Lecithin."  *' Centralblatt  f.  d.  Med.  Wissen- 
•chaften,"  1868,  p.  2. 
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prove  the  definite  nature  of  protagon  by  a  large  number  of  analyses, 
indicating  not  merely  tbe  amount  of  phosphorus,  but  also  that  of  the 
other  elements  present  in  it. 

This  investigation  we  have  lately  been  able  to  carry  out  with  all 
necessary  minuteness,  and  having,  to  our  entire  satisfaction,  established 
the  real  existence  of  protagon,  we  communicate  the  results  obtained 
before  proceeding  to  a  fresh  study  of  the  products  of  decomposition  of 
that  body. 

Process  employed  in  the  preparation  of  Protagon  in  the  present  research. 

At  first  we  commenced  by  repeating  exactly  the  process  of  Liebreich 
in  all  its  details ;  one  of  the  steps  of  that  process  we  had  found  fraught 
with  peculiar  difficulty,  and  we  soon  ascertained  that  it  could  be  dis- 
pensed with  without  prejudicially  affecting  the  success  of  the  opera- 
tions. The  step  to  which  we  refer  consists  in  agitating  the  fi^shly 
pounded  brain  repeatedly  with  water  and  ether  at  0°  C,  so  long  as  the 
ether  dissolves  considerable  quantities  of  substance,  then  filtering  and 
placing  the  insoluble  matter  into  85  per  cent,  alcohol  at  45°  C.  When 
pounded  brain  is  so  treated  with  water  and  ether  it  swells  up  and  the 
separation  of  the  ether  is  most  incomplete.  The  process  of  filtration 
is  one  which  is  attended  with  great  difficulty,  even  when  carried  out 
in  the  only  way  in  which  we  found  it  possible,  viz.,  in  the  woven  bags 
sold  for  household  purposes  for  straining  jellies,  &c.  By  the  kindness 
of  Professor  Osborne  Reynolds,  F.R.S.,  a  small  model  of  a  centrifugal 
hydro-extractor,  similar  to  that  used  in  sugar  refineries,  was  con- 
structed for  us  in  the  engineering  workshop  of  the  Owens  College, 
and  was  driven  by  the  laboratory  steam-engine,  and  this  was  for 
some  time  efficiently  employed  in  separating  the  portion  of  the  brain 
insoluble  in  water  and  ether  from  these  fluids.  It  was,  however, 
obvious  that  however  prolonged  the  ether  washing,  it  never  succeeded 
in  freeing  the  brain  from  cholesterin  and  other  matters  soluble  in 
ether,  and  that  the  removal  of  these  bodies  from  protagon  was  most 
readily  effected  at  a  later  stage  of  the  operations.  As,  ultimately 
modified,  our  process  was  as  follows : — 

Perfectly  fresh  ox's  brains  were  freed  from  blood  and  from  adhering 
membranes  as  completely  as  possible,  and  were  then  digested  for 
many  hours  (18  to  24)  in  85  per  cent,  alcohol  in  a  large  incubator 
kept  constantly  at  45°  G.  The  fluid  was  filtered  whilst  hot,  and  the 
insoluble  matter  was  again  treated  with  fresh  quantities  of  spirit,  tbe 
proceeding  being  repeated  four  or  five  times,  as  long,  indeed,  as  the 
filtrate  when  cooled  to  0°  deposited  a  fair  quantity  of  white  flocculent 
precipitate.  This  precipitate  was  collected  on  a  filter,  and  being  then 
transferred  to  a  stoppered  bottle  was  thoroughly  and  repeatedly 
agitated  with  ether,  in  order  to  dissolve  cholesterin  and  other  bodies 
soluble  in  ether.     The  ether  having  been  removed,  first  by  decantation 
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and  then  by  filtration,  the  substance  left  ondissolyed  by  it  was  first  of 
aU  dried  between  sheets  of  filtering  paper  in  air,  and  afterwards  over 
snlphTiric  acid  or  phosphorus  pentozide.  The  resulting  mass,  which 
had  a  snow-white  colour,  was  reduced  to  powder,  moistened  with  a 
little  water,  and  digested  for  many  hours  with  alcohol  heated  to  45°  C. 
From  the  filtered  liquid,  if  this  be  allowed  to  cool  very  gradually^  the 
protagon  separates  in  the  form  of  microscopic  crystals,  mostly  arranged 
in  rosettes,  the  appearance  and  arrangement  of  which  differs  somewhat, 
as  Liebreich  very  exactly  pointed  out,  according  to  the  degree  of  con- 
centration of  the  solution.  The  once  crystallized  protagon  thus  ob- 
tained was  collected  on  a  filter,  washed  with  ether,  and  dried  first  of 
all  in  air  and  ultimately  over  PjOs.  It  was  then  recrystallized  as 
many  times  as  required,  the  process  always  commencing  by  pulverizing 
and  thoroughly  shaking  with  cold  ether. 

It  appeared  to  us  of  special  importance  not  merely  to  subject  to 
ultimate  analysis  several  different  samples  of  protagon,  but  specially 
to  subject  to  ultimate  analysis  protagon  after  the  second  crystalliza- 
tion, and  the  same  protagon  after  being  recrystallized  a  third  time. 

In  our  analyses  the  C  and  H  were  determined  by  combustions  made 
with  lead  chromate,  with  an  abundance  of  reduced  copper  in  the  fore 
part  of  the  combustion  tube.  The  N  determinations  were  made  by 
Dumas*  method,  the  phosphorus  was  determined  in  some  cases  by 
Carius's  method,  in  others  by  fusion  with  sodium  carbonate  and  salt- 
petre. The  results  of  every  combustion,  save  two,  in  which  unavoid- 
able accidents  occurred,  are  given  below. 

The  following  are  the  results  of  the  analyses : — 

1.  Protagon  twice  recrystallized  from  ox  brain. 
0-288  grm.  gave  0702  CO,  and  0-284  H,0. 

0-355         „  7  cub.  oentims.  of  N  (at  0°  C.  and  760  millims.). 

0-296  (treated  by  Carius's  method)  gave  00116  grm.  of  MgaPsO,. 

2.  Twice  recrystallized  protagon  froM  ox  brain  (same  sample  as  1). 

0-306  grm.  gave  0747  CO,  and  0*2955  HjO. 

0-262         „  6  cub.  centims.  of  N  (at  0°  C.  and  760  millims.). 

0-3025  (treated  by  Carius's  method)  gave  0-012  grm.  of  MgaPaOi. 

3.  Twice  crystallized  protagon  from  ox  brain  (different  sample  from 
1  and  2). 

0-284  grm.  gave  0691  grm.  of  CO,  and  0270  grm.  of  HjO. 
0-388        „  8  cub.  centims.  of  N  at  0**  C.  and  760  millims. 

0-782        „  0-0291  grm.  of  MgaPA- 

4.  Twice  crystMized  protagon  from  ox  brain  (same  sample  as  3). 

0-2968  grm.  gave  0722  CO,  and  0-288  grm.  of  HjO. 
0-5368         „  0-02  grm.  of  MgjPjO,. 


Digitized  by 


Googk 


156  On  LiehreicKs  Protagon  in  the  Brain.         [June  19, 

5.  Once  crystallized  protagon  from  dog^s  brain. 

0-305  grm.gave  0-7415  grm.  of  CO2  and  0*289  grm.of  H,0.  Neither 
P  nor  N  determined. 

6.  Chkce  crystallized  protagon  from  dog's  brain  (same  sample  as  5). 
0-25  grm.  gave  0*6103 grm.  of  COj  and  0249  grm.  H,0. 

7.  Four  times  crystallized  protagon  (prepared  in  1877  by  Mr.  Lar- 
mnth). 

0-214  grm.  gave  0*5201  grm.  CO2  and  0202  grm.  H,0. 

8.  Three  times  crystallized  protagoih  (prepared  by  recrystalliEing  the 
body  which  had  fnmished  the  samples  used  in  Analyses  3  and  4). 

0*214  grm.  gave  0*5203  grm.  CO2  and  0*2015  grm.  of  H,0. 

0-48  „         9-7  cub.  centims.  of  N  (at  0°  C.  and  760  millims.). 

0-5164     „         0019  grm.  of  Mg^^jOi. 

The  results  are  shown  in  a  tabular  form  below : — 


Protagon  once 

Protagon  twice 

Protagon  twice 

Thrice  re- 

Four  times 

recrystallized 

reoi78taIlized 

cryetallized 

TBCiyS- 

(dog). 

(ox). 

(01). 

(ox). 

stallixed 
(horw). 

f                      > 

t                   *                    1 

No.  6.     No.  6. 

No.  1.     No.  2. 

No.  3.      No.  4. 

No.  8. 

No.  7. 

c. 

..66-3      66-6 

66-46    66-58 

66-34    66-35 

66-30 

66-26 

H. 

..10-52    1106 

10-96    10-72 

10-56    10-78 

10-467 

10-48 

N. 

.  •          .  .                   .  • 

2-3        2-6 

2-40       .. 

2-29 

•  • 

P. 
0. 



1-094    1107 

1*032    1081 

1027 

•  • 

From  the  above  numbers  we  have  deduced  for  protagon  the  empirical 
formula  CigoHgosNgPOgB. 

Calculated.  Mean  found. 

C180 1920  66-45  66*39 

B^oe 3^8  10-66  10-69 

Nb 70  2-42  2-39 

P 31  107  1068 

Ogg 560  19  -40 

2889  100  00 

A  study  of  our  results  leaves  no  doubt  of  the  definite  and,  within 
certain  limits,  stable  character  of  protagon.  It  is  to  be  borne  in  mind 
that  in  no  case  were  the  solutions  containing  protagon  exposed  to  a 
higher  temperature  than  45*^  C,  as  we  have  good  reason  to  believe 
that  Liebreich  was  right  in  asserting  that  at  higher  temperatures 
protagon  undergoes  decomposition. 
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n.  **  Note  on  the  Existence  of  a  Milk-curdling  Ferment  in  the 
Pancreas."  By  William  Roberts,  M.D.,  F.R.S.,  Physician 
to  the  Manchester  Royal  Infirmary.  Received  May  10, 1879. 

In  the  coarse  of  some  observations  on  the  digestion  of  milk  by 
extract  of  pancreas,  I  found  that  the  milk  passed  through  a  more  or  less 
pronoonced  phase  of  cnrdling,  which  often  considerably  delayed  the 
complete  peptonising  of  the  casein.  As  the  property  of  curdling  milk 
has  hitherto  been  regarded  as  the  special  appanage  of  the  gastric 
ferment,  I  was  unprepared  to  find  it  also  associated  with  the  ferments 
of  the  pancreas.  There  is,  however,  no  doubt  about  the  fact,  at  least 
in  regard  to  the  pancreas  of  the  pig,  the  ox,  and  the  sheep. 

It  was  found  that  extract  of  pancreas  made  with  saturated  solution 
of  sodium  chloride  had  much  stronger  curdling  powers  than  the  glyce- 
rine extract,  whereas  the  latter  had  stronger  proteolytic  powers  than 
the  former.  This  indicates  that  the  curdling  ferment  of  the  pancreas 
is  distinct  from  the  proteolytic  ferment  (the  trypsin  of  Kiihne),  just  as 
it  has  been  recently  shown  that  the  curdling  ferment  of  the  stx>mach  is 
distinct  firom  pepsine. 

The  brine  extract  of  pancreas,  or  pancreatic  rennet,  as  it  may  be 
called,  seems  to  act  on  milk  exactly  in  the  same  way  as  rennet  made 
from  the  calf's  stomach.  It  coagulates  casein  actively,  both  in  neutral 
and  in  alkaline  milk,  and  it  may  be  assumed  as  probable — at  least  until 
further  inquiiy — that  the  curdling  agent  of  the  stomach  and  the 
cnrdling  agent  of  the  pancreas  are  one  and  the  same  ferment. 


III.  "  On  some  Recent  Improvements  made  in  the  Mountings  of 
the  Telescopes  at  Birr  Castle."  By  the  Earl  OF  ROSSE, 
D.C.L.,  LL.D.,  F.R.S. 

(Abstract  deferred.) 

IV.  **  The  Measurement  of  the  Ratio  of  Lateral  Contraction  to 
Longitudinal  Extension  in  a  Body  imder  Strain."  By  A. 
Mallock.  Communicated  by  Lord  Rayleigh,  F.R.S.  Re- 
ceived May  17,  1879. 

The  three  coefficients  which  define  the  elastic  properties  of  isotropic 
solids,  viz.,  the  simple  rigidity  (n).  Young's  modulus  (g),  and  the 
elasticity  of  volume  (^•)  are  connected  by  the  equations 
2n  (/t+l)=2=3A;  (1-2/i). 

The  quantity  ft.  or  the  ratio  of  lateral  contraction  to  longitudinal 
extension,  the  measurement  of  which  forms  the  subject  of  this  paper. 
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appears  in  many  problems  relating  to  the  flexnre  of  solids,  and  has 
besides  a  kind  of  historical  interest  in  virtue  of  Poisson*s  erroneous 
conclusion  that  it  must  be  }  for  all  bodies. 

Various  methods  have  been  employed  to  measure  the  ratio.  The 
most  obvious  perhaps  afber  direct  measurement  (which  is  obviously 
only  applicable  to  a  very  small  class  of  bodies)  is  to  compare  the 
timeR  of  longitudinal  and  torsional  vibration  of  a  wire  or  cylinder  of 
the  substance. 

Y  2 2V  ^ 

But  as  by  this  method  fi=    ^^  tt  a  "  where  V^  and  V«  are  the  velocities 

of  the  vibrations  which  depend  on  q  and  n  respectively,  it  is  easily 
«een  that  large  errors  may  appear  in  the  value  deduced  for  ^  when 
only  comparatively  small  errors  are  made  in  the  measurement  of 
Yq  and  V„,  and  besides  this  it  is  not  unlikely  that  the  q  and  n  deter- 
mined by  vibrations,  when  there  is  not  time  for  the  heat  caused  by  the 
strain  to  alter  its  distribution  by  conduction,  may  not  be  the  same  as 
when  determined  by  statical  methods.  Wertheim  made  use  of  tubes 
closed  at  one  end  and  filled  with  water,  the  surface  of  which  appeared 
in  a  capillary  tube  fixed  at  the  other  end.  The  necessary  data  were 
obtained  by  subjecting  the  tubes  to  longitudinal  strain,  and  observing 
the  extension  produced  by  it  and  the  depression  of  the  water  in  the 
capillary  tube.  KirchhofE  has  employed  an  ingenious  method  in  the 
case  of  brass  and  steel  rods. 

It  depended  on  observing  simultaneously  the  torsion  and  flexure 
produced  by  hanging  a  weight  on  an  arm  attached  in  a  horizontal 
plane  at  right  angles  to  one  end  of  the  rod,  the  other  end  of  the  rod 
being  fixed  in  a  horizontal  position. 

His  experiments  seem  to  have  been  made  with  every  precaution 
against  error,  and  the  values  he  deduces  for  fi  are  *294  for  steel  and 
-387  for  brass,  both  of  which  are  larger  than  the  values  found  in  my 
experiments  on  the  same  metals. 

This  may  be  attributed  in  part,  at  any  rate,  to  the  fact  that 
Kirchhoff  used  hardened  steel  and  drawn  brass  rods,  whereas  most  of 
my  specimens  were  annealed. 

The  method  which  I  have  employed  has  some  advantages  over  these, 
especially  in  this  that  it  is  applicable  to  almost  every  solid,  no  matter 
how  brii^le  it  may  be,  or  how  narrow  are  its  limits  of  elasticity. 

It  depends  on  the  proposition  that  when  a  rectangular  bar  with 
plane  sides  is  bent  by  opposing  couples  whose  planes  are  parallel  to 
one  pair  of  sides,  the  other  pair  become  surfaces  of  uniform  anti-elastic 

curvature,  with   principal   radii  of  curvature   R  and  -r^^  provided 

Mm 

that  B  is  large  compared  with  the  third  proportional  to  the  thickness 

and  breadth  of  the  bar.    (See  Thomson  and  Tait  "  Nat.  Phil.,"  §  716.) 

K  Bj  and  K^  sre  the  radii  of  curvature  parallel  to  the  length  and 
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breadth  of  the  bar  respectively, /i=  —  ^,  I   measnre   this    ratio    as 

follows — 

Fig.  1. 


On  one  side  of  a  rectangnlar  bar,  fig.  1,  of  the  sabstance  for  which 
/4  is  to  be  measured,  and  about  the  middle  of  its  length,  a  circle  is 
described  of  diameter  nearly  equal  to  the  breadth  of  the  bar. 
Diameters  are  drawn  in  this  circle  parallel  and  perpendicular  to  the 
length  of  the  bar,  and  at  their  extremities  fine  holes  are  drilled 
normal  to  the  surface.  (The  dimensions  of  these  holes  are  so  small 
compared  to  those  of  the  bar,  that  they  do  not  sensibly  afEect  the 
flexure.)  Four  fine  steel  wires  of  equal  length  are  planted  firmly  in 
these  holes,  and  their  free  ends  are  then  bent  together  so  that  they 
may  all  be  in  the  field  of  a  microscope  at  the  same  time.  The  bar  is 
then  placed  in  a  frame  of  which  fig.  2  is  a  section. 

Fio.  2. 


AA'  BB'  are  pairs  of  rollers  between  which  the  bar  is  held. 
A  and  A'  are  mounted  on  the  outer  frame  aa',  BB'  on  the  frame  hh' 
which  can  be  advanced  towards  AA'  by  the  screw  D  ;  this  screw  has 
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a  spherical  head  fitting  into  a  spherical  cavity  in  hh'  at  G,  and  C  is 
exactly  half-way  between  A  and  A',  and  B  and  B'.  When  the  bar  is 
bent  in  this  frame  by  turning  the  screw  D,  the  bending  is  accom- 
plished by  pure,  equal,  and  opposite  couples  ;  for  since  AA'  BB'  are 
rollers  and  free  to  turn,  there  can  be  no  tractions  along  the  face  of 
the  bar,  and  therefore  the  pressures  are  normal  to  the  surface,  and  the 
couples  are  equal  in  virtue  of  the  equality  of  the  distances  AG  A'G 
and  BG  B'G.  Thus  for  that  part  of  the  bar  between  B  and  B'  the 
radii  of  curvature  Ri  and  Rg  are  constant,  except  in  so  far  as  they  may 
be  afEected  by  the  surface  distribution  of  pressure  at  B  and  B'  which 
as  may  readily  be  seen  by  the  transverse  section  fig.  3,  would  tend 

Fio.  3. 


to  make  Rg  too  large  in  the  neighbourhood  of  the  rollers ;  but  the 
effect  produced  by  this  cause  must  be  quite  insigpuificant  towards  the 
middle  of  the  bar.  The  whole  frame  aa'  is  mounted  on  a  platform 
with  screw  motions  parallel  and  perpendicular  to  the  length  of  the 
bar,  and  the  free  ends  of  the  wires  are  focussed  in  a  fixed  microscope. 


Fig.  4. 


Let  A|,  A^,  ki,  k^y  fig.  4,  be  the  ends  of  the  wires.      The  distances 

Oh^h)  (^1^2)  resolved  parallel  and  perpendicular  to  the  length  of  the 

bar  respectively,  are  measured  by  the  screw  motions,  first,  when  the 

bar  is  unstrained,  and  again  when  it  is  bent  by  turning  the  screw  D. 

Let  hf  k,  h\  k'  be  these  distances,  then  if 

e^length  of  the  wires, 

r= radius  of  circle  drawn  on  bar, 

^= angle  made  by  the  wire  with  the  normal  to  bar, 
the  increment  of  the  distance  between  \  and  h^  when  the  bar  is  bent, 
orV-Ais  ieroo&e 
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and  the  decrement  of  the  distance  between  h^  and  A^^  or  k—k'  is 

2er  cos  0 


hence 


fe-A!'__Bi_ 


h'-h 


B, 


The  limit  to  the  smaUness  of  curvatnre  which  can  be  employed  to 
measure  ^  bj  this  method  depends  on  the  smaUness  of  the  interval 
which  can  be  satisfactorily  measured  by  the  microscope  and  micro- 
meter screw.  In  my  experiments  h'^h  varied  from  '015  to  '03  inch, 
€  being  about  8  inches  and  r  nearly  '5  inch.  These  values  would 
make  B^  vary  from  200  inches  upwards.  The  dimensions  of  the  bars 
employed  were  about  8  x  1 X  "25  inches,  so  that  the  third  proportional 
to  the  thickness,  breadth  (viz.,  4  inches),  fulfils  the  condition  of  being 
small  compared  to  B.  In  fact,  I  found  that  much  larger  curvatures 
might  be  employed  without  sensibly  altering  the  values  obtained 
for^ 

My  method  admits  of  the  determination  of  fi  for  substances  which 
are  not  isotropic.  Some  examples  of  this  are  given  in  the  table 
below  in  the  case  of  the  woods  box,  beech,  and  deal ;  /ip,  fi^  are  the 
values  of  fi  parallel  and  perpendicular  to  the  radial  plane  of  the  tree, 
I.e.,  the  plane  which  contains  the  medullary  fibres ;  ^  is  the  value  in 
the  plane  cutting  the  axis  of  the  tree  at  right  angles. 

It  will  be  noticed  that  in  all  three  cases  ft^  is  greater  than  /tp. 

Beech- wood  seems  even  to  grow  rather  less  dense  in  a  radial  direc- 
tion under  longitudinal  pressure,  but  this  is  the  only  instance  in 
which  I  found  a  value  for  fi  greater  than  *5. 


Values  of  fi  for  various  Substances. 


Substance. 

Steel 

Brass 

EST.:::::::::: 

Zinc  (rolled) 

Ditto  (cast) 

Ebonite 

Ivoiy 

Indu-mbber    • . . . 

Paraffin 

Plaster  of  Paris   . . 

Card-board  

CoA 

Box-wood 

Beech-wood 

Deal  (white  Pine) 


A*P 


A*T 


•253 

•826 

•348 

•375 

•180 

•230 

•389 

•60 

•50 

•60 

•181 

•2 

•00 


•42 
•63 
•486 


•406 
•408 
•372 


•227 
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V.  "  The  Motion  of  Two  Spheres  in  a  Fluid."  By  W.  M.  HiCKS, 
M.A.,  St.  John's  College,  Cambridge.  Communicated  by 
Professor  J.  Clerk  Maxwell,  F.R.S.,  Professor  of  Ex- 
perimental Physics  in  the  University  of  Cambridge. 
Received  May  16,  1878. 

(Abstract.) 

In  the  investigation  the  method  of  images  is  followed,  and  is  based 
on  the  following  lemma.  The  "  image  **  of  a  source  in  an  infinite  fluid 
in  presence  of  a  sphere  consists  of  a  source  at  the  inverse  point  of  the 
former,  and  a  line  sink  thence  to  the  centre  of  the  sphere.     If  the 

original  source  be  ^  at  P,  the  inside  source=-— ^  and  the  line  density 

of  the  sink=  — -,  a  being  the  radius  of  the  sphere.   For  the  analogous 
a 

case  of  fluid  within  a  sphere  we,  of  course,  reqtiire  to  have  an  equal 

source  and  sink  somewhere  within,  else  there  must   ensue   motion 

across  the  boundary.     In  this  case  the  analysis  would  give  an  infinite 

term  for  a  single  source,  which,  when  the  quantity  of  source  and  sink 

is  zero,  disappears.    The  image  for  a  source  would  be  as  before  a  source 

■  ^  a  at  the  inverse  point  of  P,  and  a  line  sink  —  ^,  thence  to  infinity. 
OP  r  >  ^ 

It  is  this  last  which  produces  the  infinite  term.  From  these  lemmas 
are  deduced  the  images  of  '*  doublets,"  by  which  are  meant  the  singular 
points  resulting  from  the  coalescence  of  an  equal  source  and  sink  whose 
magnitude  varies  inversely  as  the  distance  between  them.  It  is  easily 
seen  that  when  the  axis  of  a  doublet  passes  through  the  centre  of  the 
sphere,  its  image  is  a  single  doublet  within  it,  at  the  inverse  point  of 

the  former  of  magnitude  —I  — — \  fi,  n  being  the  strength  of  the  original 

doublet.  A  similar  result  holds  for  the  image  of  a  doublet  within  a 
sphere,  whose  axis  passes  through  the  centre  of  the  sphere. 

The  image  of  a  doublet  whose  axis  is  perpendicular  to  the  line  to  the 

centre  is  not  so  simple.  It  consists  as  before  of  a  doublet  (  ^^^ )  f^  at  the 

inverse  point,  but  besides  this  there  stretches  from  the  inverse  point  to 
the  centre  a  negative  line  doublet  of  variable  density,  the  line  density 

at  a  distance,  r,  beini?  —  ^_— ..  The  only  difference  between  this  and  the 

^      aOP  ^ 

case  for  an  internal  doublet  is  that  the  corresponding  line  doublet 
stretches  to  infinity. 

No  attempt  is  made  to  find  the  velocity  potentials,  but  supposing 
them  known,  the  kinetic  energy  of  the  motion  for  two  spheres  is 
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expressed  in  terms  of  the  magnitudes  of  the  doublets  also  supposed 
known.     The  kinetic  energy  of  the  fluid  motion  is  of  the  form 

where  ih,  **3  denote  Tolocities  along  the  line  of  centres,  and  Vi^wi  ,  ,  ,  . 
perpendicular  to  it,  and  it  is  shown  that 

where  tw^  is  the  mass  of  fluid  displaced  by  the  sphere,  and  2i*^  denotes 
the  sum  of  all  the  doublet-masses  within  (1)  due  to  a  unit  motion  of 
(1)  along  the  line  of  centres.  A  similar  formula  holds  for  Bi,  the  2/* 
in  this  case  denoting  the  doublet-masses  within  (1)  due  to  a  unit 
motion  of  (1)  perpendicular  to  the  line  of  centres.     Also  that 

L=|m22r(/*')  +  |mi<(v), 

where  2"(/t')  denotes  summation  for  all  the  images  inside  (2)  due  to 
a  unit  motion  of  (1)  along  the  line  of  centres,  and  2*(v)  summation 
of  all  the  images  in  (1)  due  to  a  corresponding  motion  of  (2).  An 
analogous  expression  holds  for  M.  A^,  Ag,  L,  are  completely  deter- 
mined in  terms  of  the  radii  of  the  spheres  and  their  distances,  and  an 
approximation  is  made  to  the  values  of  B^,  Bg,  and  M.  In  certain 
cases  the  values  for  the  coefficients  take  up  simple  forms ;  for  instance, 
at  the  moment  when  one  sphere  is  concentric  with  the  bounding  one 

Ai=-7/^i— ^- — 5-,  a  result  already  obtained  by  Stokes. 

2        Ir  —  Or 

The  motion  of  the  spheres  along  their  line  of  centres  is  considered, 
and  it  is  shown  that  whatever  be  their  velocities,  the  effect  of  the  fluid 
motion  is  such  that  relatively  they  appear  to  repel  one  another.  More 
particularly  too  is  considered  the  case  of  motion  of  a  single  sphere  in 
an  infinite  fluid  bounded  by  a  plane.  Amongst  other  things,  it  is 
shown  that  the  ratio  of  the  limiting  velocity  to  the  velocity  when  in 

contact  with  the  plane=  ^  /  <    ^       \  ,  />  being  the  density 

of  the  sphere. 

Finally  also  is  considered  the  effect  of  the  fluid  on  vibratory  motions 
and  the  mutual  influence  of  two  pendulums  when  they  oscillate  in  their 
line  of  centres ;  data  are  given  in  the  paper  for  the  determination  of 
the  effect  when  they  move  in  any  manner.  More  particularly  the  effect 
on  a  sphere  is  considered  when  another  has  impressed  on  it  a  small 
harmonic  vibration  in  the  line  of  centres,  and  the  force  required  to  keep 
it  at  rest.  In  the  first  case  the  mean  effect  is  an  acceleration  towards 
the  vibrating  sphere  (A^) 
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A^d/ry       Ag       / 

where  v  is  the  "  velocity  of  mean  square  "  of  (A^). 

When  the  distance  of  the  spheres  is  so  large  that  we  may  neglect 
twelfth  and  higher  inverse  powers  of  the  distance  this  attraction  is 

18i;g      /a\7l  r/     rg    V-     ^      1 

a,  5,  being  the  radii  of  the  vibrating  and  free  sphere  respectively. 
From  this  it  may  be  shown  that  if  the  density  of  the  sphere  is  greater 
than  the  fluid  it  is  attracted,  whilst  if  less  it  will  be  attracted  or  re- 
pelled, according  as  its  distance  is  less  or  greater  than  a  certain  critical 

distance,  which  is  given  by  r= y-j ^  ,-  ^  .     For  instance, 


Vi'-^ym' 


if  /»=*9,  this  distance  =7'64;8,  the  radius  of  the  free  sphere.     These 

fommlfld  are  obtained  on  the  supposition  that  the  spheres  are  not  so 

dA  dA 

close  that  -—i  are  too  great  to  be  neglected,  for  at  contact  — —1  are 
dr  dr 

infinite.     When  the  sphere  is  held  fast,  the   mean    force  required 
so  is  - 
9a»68r 


dA  1 

to  do  so  is  —  t?^---!,  which,  when  we  neglect  twelfth  powers  of  - 
dr  r 


= —      — ___  X  weight  of  fluid  displaced  by  the  vibrating  sphere ;  for 

example,  for  two  oxygen  atoms  at  0°  C,  at  a  distance  four  times  their 
radius,  the  force  is  about  78  x  ]  0*  weight  of  fluid  displaced  by  one 
atom,  thus  while  the  force  decreases  indefinitely,  the  effective  force 
increases  indefinitely. 

For  two  spheres  (ri=6=J  inch  r=4a)  vibrating  through  a  distance 
-j^th  of  an  inch  256  times  a  second,  in  water,  the  force  is  equal  to  the 
weight  of  12*8  milligrams. 


VL  '*MicroBcopical  Researches  in  High  Power  Definition."  By 
G.  W.  RoYSTON-PiGOTT,  M.A.,  M.D.  Cantab.,  F.R.S.  Re- 
ceived May  23,  1879. 

(Abstract.) 

In  its  general  scope  the  paper  is  intended  to  deal  with  difficulties 
in  microscopic  research,  usuidly  found  insuperable — such,  for  instance, 
as  the  invisibility  of  minute  closely  packed  refracting  spherules,  exist- 
ing in  double  rouleaux,  or  promiscuously  aggregated,  when  their 
individual  diameter  varies  between  the  l-80,000th  to  the  l-200,000th 
of  an  inch. 
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These  difficulties  are  principally  created  by  overlapping  images — 
dne  partly  to  residnary  aberrations  both  spherical  and  chromatic — 
partly  to  the  effects  of  diffraction,  caused  by  brilliant  illuminations  of 
spurious  disks  of  light — partly  to  the  constant  deyelopment  of  Eidola 
or  false  images,  which  vary  the  loci  of  their  development  according  to 
the  nature  of  underlying  structures  and  according  to  the  object- 
glasses  being  over  or  under  corrected ;  and  they  are  partly,  and  indeed 
very  considerably,  created  by  the  use  of  excessively  large  angular 
apertures. 

The  paper  discusses  also,  the  relative  effects  on  visibility,  of  large 
and  small  angular  apertures  in  objectives. 

It  shows  that  the  black  margins  or  black  marginal  annuli  of  refract- 
ing spherules,  constantly  displayed  by  low  aperture  glasses,  are 
attenuated  gradually  to  invisibility  as  the  glasses  employed  are 
endowed  with  the  largest  apertures.  That  the  black  margins  also  of 
cylinders,  fcubules,  or  semi-tubules  suffer  similar  obliterations.  And 
that,  in  consequence,  innumerable  minute  details  are  concealed  or 
destroyed  till  the  aperture  is  sufficiently  reduced. 

That  minute  refracting  bodies  obey  the  laws  of  their  refrangibilities 
and  display  beautiful  phenomena,  discoverable  by  transcendent 
powers  of  definition;  but  totally  unseen  by  inferior  compensations. 
And  that,  in  consequence,  the  so-called  achromatism  of  modem  glasses 
is  an  illusory  approximation  to  correct  vision. 

Examples  are  given  of  molecular  structures,  varying  in  form,  trans- 
lucency,  and  refrangibility,  in  which  natural  pencils  are  caught  and 
displayed  in  the  order  in  which,  as  in  a  rain  drop,  iridescent  rays  are 
emitted  by  the  decomposed  light. 

Several  examples  are  also  introduced,  in  which  a  high  order  of 
lenticular  correction  beautifully  discovers  structure  hidden,  according 
to  Dr.  Carpenter,  F.R.S.,  from  the  great  bulk  of  observers. 

As  the  paper  deals  so  often  with  magnitudes  very  much  less  than 
the  l-100,000th  of  an  inch,  a  method  is  introduced  of  readily 
estimating  roughly  such  magnitudes  between  the  1-80, 000th  and  the 
l-500,000th  of  an  inch,  by  means  of  a  micrometer  gauge.  The 
writer  has  been  emboldened  to  grapple  with  these  difficult  minutiae,  in 
consequence  of  the  sharp  and  clear  definition  he  has  attained  of  spider 
lines  miniatured  down  to  the  fourteenth  part  of  a  hundred-thousandth 
of  an  inch.  The  eye,  accustomed  to  contemplate  this  subtlety  of 
form,  readily  appreciates  the  one-fourth  or  sixth  of  this  size,  i.e., 
l-400,000th  or  l-600,000th. 

The  writer  has  also  ventured  to  bring  before  the  notice  of  the  Royal 
Society,  a  new  test  for  tie  microscope,  displaying  bright  lines  of 
uniform  thickness  less  than  the  l-100,000th,  and  sharp  black  lines  of 
much  less  tenuity  than  those  given  by  Nobert's  celebrated  lines  ruled 
on  ^lass,  and  incomparably  more  easy  of  illustration. 
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The  employment  of  various  fluids  for  immersion  lenses  is  carefully 
considered ;  and  the  singular  property  of  castor  oil  discovered  by  the 
writer  is  referred  to. 

As  the  Society  honoured  the  writer  by  inserting  in  their  "  Trans- 
actions "  a  paper  on  "A  Searcher  for  Aplanatio  Images,"  he  now 
introduces  a  new  form  which  offers  some  advantages :  by  its  extended 
traverse,  by  its  simplicity  and  economy  of  light  with  increase  of  magni- 
fying power. 

Finally,  some  examples  are  given  of  producing  transcendent  defini- 
tion in  cases  found  hopeless  by  a  numerous  body  of  observers ;  as  the 
papers  written  in  "  The  Monthly  Microscopical  Journal "  during  the 
last  ten  years  abundantly  demonstrate.  The  means  also  of  its  attain- 
ment are  minutely  described. 


VII.  **Note  on  'Spectroscopic  Papers.'"  By  G.  D.  Liveing, 
M.A.,  Professor  of  Chemistry,  and  J.  Dewar,  M.A.,  F.R.S., 
Jacksonian  Professor,  University  of  Cambridge.  Received 
May  29,  1879. 

In  a  recent  communication  to  the  Boyal  Society,  Mr.  Lockyer 
has  criticised  our  statement  of  Young's  wave-length  identifications 
of  certain  chromospheric  lines.  As  to  the  wave-length,  we  have 
throughout  our  table  omitted  all  figures  after  the  decimal  point 
merely  for  the  sake  of  not  cumbering  the  table.  The  numbers. 
Young  tells  us,  are  not  his  own,  but  taken  from  Angstrom's  cata- 
logue. Moreover,  as  to  Young's  identifications  with  metalb'c  lines, 
he  states  expressly  that  they  were  taken  from  the  maps  of  Earchhoff, 
Angstrom,  and  Thalen,  and  Watts's  "Index  of  Spectra."  But  our 
object  was  not  to  criticise  Young's  work,  but  only  to  use  it  for  the 
purpose  of  comparing  the  behaviour  of  certain  metals  on  the  earth 
and  in  the  sun,  and  the  conditions  under  which  certain  lines  appear, 
or  do  not  appear,  or  are  reversed. 

We  should  perhaps  have  made  our  meaning  clearer  if  we  had  given 
another  column  with  the  wave-lengths  of  the  metallic  lines  referred  to 
side  by  side  with  Young's  numbers  for  the  chromospheric  lines.  We 
mentioned,  in  relation  to  aluminium,  the  two  lines  with  wave-lengths 
62454  and  6237*3  seen  by  Young,  not  because  we  thought  their 
identity  with  the  aluminium  lines  proved,  but  because  they  are  the 
only  two  lines  in  Young's  table  which  are  at  all  close  to  aluminium 
lines,  and  if  they  be  not  due  to  that  metal,  then  we  have  the  remark- 
able fact  that  aluminium  in  the  sun  gives  no  lines  either  dark  or  bright 
except  the  two  which  have  been  reversed  on  the  earth.  A  somewhat 
similar  remark  applies  to  the  potassium  lines,  only  in  that  case 
Young's  line  has  a  wave-length  very  nearly  the  mean  of  the  two 
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potassium  lines  which  are  often  seen  as  one,  not  merely  from  want  of 
dispersiye  power  (which  with  prisms  is  osually  sufficient  at  the  violet 
«nd),  bnt  because  the  lines  are  expanded  until  they  meet.  We  at 
first  saw  them  reversed  as  one  broad  line  which  divided  in  two  as  tho 
potassium  evaporated. 

Mr.  Lockyer  complains  that  we  omitted  to  refer  to  his  work  on  the 
wave-length  of  the  potassium  lines.  In  our  first  communication  on 
the  subject  of  reversals  we  named  at  the  outset  those  who  had  been 
previously  engaged  in  the  same  field,  and  after  referring  to  their  work 
in  general  terms  we  did  not  think  it  desirable  subsequently  to  notice 
the  specific  results  obtained  by  each  individual.  As  neither  the  exist- 
ence of  the  two  potassium  lines  nor  the  exact  determination  of  their 
wave-lengths,  but  only  the  identification  of  the  dark  lines  we  ob- 
served with  the  bright  lines  was  in  question,  we  considered  it  un- 
necessary to  mention  specially  Mr.  Lockyer's  work  on  those  lines. 

We  owe  it  to  the  Society  to  explain  the  value  which  is  to  be 
attached  to  the  wave-lengths  mentioned  by  us.  We  have  never  set 
ourselves  to  determine  exact  wave-lengths ;  but  we  sought  to  deter- 
mine  the  conditions  of  reversal,  and  we  used  wave-lengths  for  the 
convenience  of  indicating  the  lines  of  which  we  wrote.  In  very 
few  cases  have  we  given  any  determinations  of  wave-lengths.  In 
general  we  determined  the  identity  of  a  dark  line  with  the  cor- 
responding bright  line  by  observing  that  both  had  the  same  place 
on  the  cross-wires,  or  pointer,  or  both  gave  the  same  reading  of 
the  scale  of  the  spectroscope.  We  then  gave  the  wave-length  of  the 
bright  line  as  determined  by  some  good  authority,  usually  either 
Thalen  or  Boisbaudran.  When  we  could  not  identify  the  dark  lines 
in  that  way,  we  took  the  readings  of  known  lines  with  our  spectro- 
iicope,  using,  for  lack  of  sunshine,  most  frequently  Boisbaudran's 
method  and  wave-lengths,  and  having  drawn  a  curve,  determined  the 
wave-lengths  of  the  dark  lines  therefrom.  It  was  in  this  way  that  we 
obtained  the  wave-lengths  of  the  two  dark  lines  we  ascribed  to  potas- 
sium. It  is,  of  course,  just  within  the  bounds  of  possibility  that  the 
line  for  which  we  obtained  the  wave-length  4045  (it  is  misprinted 
4044  in  the  table,  bnt  not  in  the  text)  may  have  been  an  iron  line 
reversed,  but,  as  the  principal  well-known  lines  of  potassium  were  at 
the  same  time  seen  bright  in  the  spectrum  while  those  of  iron  were 
not  seen,  it  is  far  more  probable,  almost  certain,  that  the  line  was 
really  due  to  potassium,  and  the-  List  figure  of  the  wave-length 
wrongly  determined.  By  giving  exactly  what  we  observed,  we  have 
enabled  our  readers  to  jndge  for  themselves  what  is  most  probable  in 
this  case.  To  attempt  to  determine  wave-lengths  to  any  greater 
degree  of  nicety  would,  so  far  as  our  purpose  was  concerned,  have 
been  labour  thrown  away.  Whenever  the  wave-length  of  a  line 
observed  by  us  to  be  reversed  is  given  differently  from  that  given  by 
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Thal6n  and  tbat  given  by  Boisbaudran  for  the  bright  line  to  which  we 
assume  it  to  correspond,  it  was  determined  in  the  way  above  described, 
and  mnst  not  be  taken  to  have  more  importance.  By  our  method  of 
working,  the  very  high  dispersive  power  required  for  the  specific 
identification  of  any  substance  by  the  determination  of  an  individual 
wave-length  is  avoided ;  as  we  depend  on  the  greatly  diminished 
likelihood  of  error  when  several  groups  of  lines  of  the  same  substance 
are  seen  to  be  continually  present  at  the  time  of  one  or  more  reversals. 
It  was  the  necessity  of  being  able  to  rapidly  sweep  the  entire  spectrum 
for  the  above  purpose  that  caused  us  to  limit  the  dispersion. 
A  large  majority  of  the  wave-lengths  given  by  Thal6n  were  obtained 
by  means  of  the  moderate  dispersion  of  one  bisulphide  of  carbon  prism, 
a  less  dispersion  than  we  have  used;  and  it  would  be  incorrect  to 
suppose  that  no  enduring  work  in  this  field  of  spectroscopy  can  be 
effected  except  with  the  enormous  dispersive  power  which  Mr.  Lockyer 
recommends. 


VIII.  "The  Determination  of  the  Secular  EflFects  of  Tidal  Friction 
by  a  Graphical  Method."  By  G.  H.  Darwin,  M.A.,  formerly 
Fellow  of  Trinity  College,  Cambridge.  Communicated  by 
J.  W.  L.  Glaisher,  M.A.,  F.R.S.     Received  May  31,  1879. 

Suppose  an  attractive  particle  or  satellite  of  mass  m  to  be  moving 
in  a  circular  orbit,  with  an  angular  velocity  Q,  round  a  planet  of  mass 
If,  and  suppose  the  planet  to  be  rotating  about  an  axis  perpendicular 
to  the  plane  of  the  orbit,  with  an  angular  velocity  n ;  suppose,  also, 
the  mass  of  the  planet  to  be  partially  or  wholly  imperfectly  elastic  or 
viscous,  or  that  there  are  oceans  on  the  surface  of  the  planet ;  then 
the  attraction  of  the  satellite  must  produce  a  relative  motion  in  the 
parts  of  the  planet,  and  that  motion  must  be  subject  to  friction,  or,  in 
other  words,  there  must  be  frictional  tides  of  some  sort  or  other. 
The  system  must  accordingly  be  losing  energy  by  friction,  and  its 
configuration  must  change  in  such  a  way  that  its  whole  energy 
diminishes. 

Such  a  system  does  not  differ  much  from  those  of  actual  planets 
and  satellites,  and,  therefore,  the  results  deduced  in  this  hypothetical 
case  must  agree  pretty  closely  with  the  actual  course  of  evolution, 
provided  that  time  enough  has  been  and  will  be  given  for  such 
changes. 

Let  C  be  the  moment  of   inertia  of   the  planet  about  its  axis  of 
rotation ; 

r  the  distance  of  the  satellite  from  the  centre  of  the  planet ; 

h  the  resultant  moment  of  momentum  of  the  whole  system ; 

e  the  whole  energy,  both  kinetic  and  potential  of  the  system. 
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It  will  be  supposed  that  the  figure  of  the  planet  and  the  distribution 
of  its  internal  density  are  such  that  the  attraction  of  the  satellite  causes 
no  couple  about  any  axis  perpendicular  to  that  of  rotation. 

Then  the  two  bodies  revolve  in  circles  about  their  common  centre  of 
inertia  with  an  angular  velocity  Q,  and,  therefore,  the  m.  of  m.  of 
orbital  motion  is 

Let  fk  be  attraction  between  unit  masses  at  unit  distance. 
Then,  by  the  law  of  periodic  times,  in  a  circular  orbit,  QV=/4(lf +m) 
whence 

Qr2=;tl(lf-hm)Q-t. 

And  the  m.  of  m.  of  orbital  motion=/ililfm(lf +m)~iQ"^. 
The  m.  of  m.  of  the  planet's  rotation  is  Cn, 

and  therefore  h=iC  i  %-{- f^—{M+m)'\Q-^\      .     .     .     (1). 

Again,  the  kinetic  energy  of  orbital  motion  is 

The  kinetic  energy  of  the  planet's  rotation  is  \Cn^, 
The  potential  energy  of  the  system  is 

_^^=  ^fi\Mm{M^  7»)-IQI. 
r 

Adding  the  three  energies  together 

2e=c|ri2-^l^(jlf+^)-iQ|j      .     .     .     (2). 

Now,   suppose  that   by  a   proper  choice   of    the    unit    of    time, 

^i--^(2f +m)"i  is  unity,  and  that  by  a  proper  choice  of  units  of* 
C 

length  or  of  mass  C  is  unity,*  and 

Let  aj=Q-t,  y=w,  T=2e. 

•  Let  v= — ,  then  if  ^  be  the  mean  gravity  at  the  surface  of  the  planet,  and  if  a 
tn 

be  its  mean  radius, 

V 

imd     MWf«(jif+«»)-»-r?<'^^n\-^-jft.»+{(^y(i +v)}» 

Then  if  the  planet  be  homogeneous,  and  differ  inflnitesimally  from  a  sphere, 
C«|Jfa^and. 
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It  may  be  well  to  notice  tliat  x  is  proportional  to  the  square  root  of 
the  satellite's  distance  from  the  planet. 
Then  the  equations  (1)  and  (2)  become 

h=y+x (3), 

(3)   is  the  eqnation  of   conservation  of  moment  of  momentum,  or 
shortly,  the  equation  of  momentum  ;  (4)  is  the  eqnation  of  energy. 

Now,  consider  a  system  started  with  given  positive  (or  say  clock- 
wise)  moment  of  momentum  h ;  we  have  all  sorts  of  ways  in  which  it 
may  be  started.  If  the  two  rotations  be  of  opposite  kinds,,  it  is  clear 
that  we  may  start  the  system  with  any  amount  of  energy  however 
great,  but  the  true  maxima  and  minima  of  energy  compatible  with  the 

given  moment  of  momentum  are  given  by  -—  =0, 

ax 

or  aj-7i-hl-=0, 

or  «4~Aa^-hl=0 (5). 

We  shall  presently  see  that  this  biquadratic  has  either  two  real 
roots  and  two  imaginary,  or  all  imaginary  roots. 

This  biquadratic  may  be  derived  from  quite  a  different  considera- 
tion,  viz.,  by  finding  the  condition  under  which  the  satellite  may 
move  round  the  planet,  so  that  the  planet  shall  always  show  the  same 
face  to  the  satellite,  in  fact,  so  that  they  move  as  parts  of  one  rigid 
body. 

The  condition  is  simply  that  the  satellite's  orbital  angular  velocity 

^i^'»(jf+«.)-»-i-H|{  (^'y(i+-)  Y-k  .uppo*. 

in  the  case  of  the  earth,  considered  as  heterogeneous,  the  f  would  be  replaced  by 
about  \. 

It  is  clear  that  ^  is  a  time ;  and  in  the  case  of  the  earth  and  moon  (with  v  "82), 

#t— 3  hrs.  4i  mins.,  if  the  earth  he  homogeneous,  and 

#i  "*  2  hrs.  41  mins.  if  the  earth  be  heterogeneous. 

For  the  units  of  length  and  mass  we  bare  only  to  choose  them  so  that  {Jfa-,  or 
^Mc^f  may  he  unity. 

With  these  unite  it  wiU  be  found  that  for  the  present  length  of  day  n « *8056 
(homog.)  or  '7026  (heterog.),  and  that 

*--8056[l  + 4-01] -4-03  (homog.), 
or  *» •7026[1  +  4-38]  -3*78  (heterog.) 

For  the  value  4*38  see  Thomson  and  Tait's  **  Nat.  Phil.,"  §  2^6,  where  tidal  fric- 
tion is  considered. 
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Q=n  the  planet's  angular  velocity  round  its  axis ;  or  since  n=:y  and 
Q~*= 35,  therefore  y=-3- 

Bj  snbstitnting  this  value  of  y  in  the  equation  of  momentum  (3), 
we  get  as  before 

aj*-^+l=0 (5). 

In  my  paper  on  the  "Precession  of  a  Viscous  Spheroid,"*  I 
obtained  the  biquadratic  equation  firom  this  last  point  of  view  only, 
and  considered  analytically  and  numerically  its  beamings  on  the  history 
of  the  earth. 

Sir  William  Thomson,  having  read  the  paper,  told  me  that  he 
thought  that  much  light  might  be  thrown  on  the  general  physical 
Tneaning  of  the  equation,  by  a  comparison  of  the  equation  of  con- 
servation of  moment  of  momentum  with  the  energy  of  the  system  for 
,various  configpirations,  and  he  suggested  the  appropriateness  of 
geometrical  illustration  for  the  purpose  of  this  comparison.  The 
method  which  is  worked  out  below  is  the  result  of  the  suggestions 
given  me  by  him  in  conversation. 

The  simplicity  with  which  complicated  mechanical  interactions  may 
be  thus  traced  out  geometrically  to  their  results  appears  truly  remark- 
able. 

At  present  we  have  only  obtained  one  result,  viz.:  that  if  with 
given  moment  of  momentum  it  is  possible  to  set  the  satellite  and 
planet  moving  as  a  rigid  body,  then  it  is  possible  to  do  so  in  two 
ways,  and  one  of  these  ways  requires  a  maximum  amount  of  energy 
and  the  other  a  minimum ;  from  which  it  is  clear  that  one  must  be  a 
rapid  rotation  with  the  satellite  near  the  planet,  and  the  other  a  slow 
one  with  the  satellite  remote  from  the  planet. 

Now,  consider  the  three  equations, 

h=y-hx (6), 

Y=.(h-xy^\ (7), 

^y=l (8). 

(6)  is  the  equation  of  momentum;  (7),  that  of  energy;  and  (8) 
we  may  call  the  equation  of  rigidity,  since  it  indicates  that  the  two 
bodies  move  as  though  parts  of  one  rigid  body. 

Now,  if  we  wish  to  illustrate  these  equations  geometrically,  we  may 
take  as  abscissa  sb,  which  is  the  m.  of  m.  of  orbital  motion;  so  that  the 
axis  of  X  may  be  called  the  axis  of  orbital  momentum.  Also,  for 
equations  (6)  and  (8)  we  may  take  as  ordinate  y,  which  is  the  m.  of 
m.  of  the  planet's  rotation ;  so  that  the  axis  of  y  may  be  called  the 
axis  of  rotational  momentum.     For  (7)  we  may  take  as  ordinate  Y, 

•  Of  which  an  abstract  appears  in  "  Proc  Roy.  Soc.,"  No.  191, 1878. 
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which  is  twice  the  energy  of  the  system ;  so  that  the  axis  of  T  may 
be  called  the  axis  of  energy.  Then,  as  it  will  be  convenient  to  exhibit 
all  three  curves  in  the  same  figure,  with  a  parallel  axis  of  a?,  we  must 
have  the  axis  of  energy  identical  with  that  of  rotational  momentum. 

It  will  not  be  necessary  to  consider  the  case  where  the  resultant  m. 
of  m.  h  is  negative,  because  this  would  only  be  equivalent  to  reversing 
all  the  rotations  ;  thus  A  is  to  be  taken  as  essentially  positive. 

Then  the  line  of  momentum,  whose  equation  is  (6),  is  a  straight 
line  at  45"  to  either  axis,  having  positive  intercepts  on  both  axes. 

The  curve  of  rigidity,  whose  equation  is  (8),  is  clearly  of  the  same 
nature  as  a  rectangular  hyperbola,  but  having  a  much  more  rapid  rate 
of  approach  to  the  axis  of  orbital  momentum  than  to  that  of  rotational 
momentum. 


T)ie  intersections  (if  any)  of  the  curve  of  rigidity  with  the  line  of 
momentum  have  abscisssd  which  are  the  two  roots  of  the  biquadratio 
aj*— /taj^+l=0.  The  biquadratic  has,  therefore,  two  real  roots  or  all 
imaginary  1*00 ts.  Then,  since  aj=Q~t,  it  varies  as  \/r,  and,  therefore, 
the  intersection  which  is  more  remote  from  the  origin,  indicates  a  con- 
figuration whei*e  the  satellite  is  remote  from  the  planet;  the  other 
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gives  the  configuration  where  the  satellite  is  closer  to  the  planet.  We 
have  already  learnt  that  these  two  correspond  respectively  to  minimnm 
and  maximum  energy. 

When  X  is  very  large,  the  equation  to  the  curve  of  energy  i& 
Y=(^— aj)^  which  is  the  equation  to  a  parabola,  with  a  vertical  axis 
parallel  to  Y  and  distant  h  ^m  the  origin,  so  that  the  axis  of  the 
parabola  passes  through  the  intersection  of  the  line  of  momentum 
with  the  axis  of  orbital  momentum. 

When  X  is  very  small  the  equation  becomes  Y=  — — , 

Hence,  the  axis  of  Y  is  asymptotic  on  both  sides  to  the  curve  of 
energy. 

Then,  if  the  line  of  momentum  intersects  the  curve  of  rigidity,  the 
curve  of  energy  has  a  maximum  vertically  underneath  the  point  of 
intersection  nearer  the  origin,  and  a  minimum  underneath  the  point 
more  remote.  But  if  there  are  no  intersections,  it  has  no  maximum 
or  minimum. 

It  is  not  easy  to  exhibit  these  curves  well  if  they  are  drawn  to  scale, 
without  making  a  figure  larger  than  it  would  be  convenient  to  print, 
and  accordingly  fig.  1  gives  them  as  drawn  with  the  free  hand.  As 
the  zero  of  energy  is  quite  arbitrary,  the  origin  for  the  energy  curve 
is  displaced  downwards,  and  this  prevents  the  two  curves  from  cross- 
ing one  another  in  a  confusing  manner.  The  same  remark  applies 
also  to  figs.  2  and  3. 

Fig.  1  is  erroneous  principally  in  that  the  curve  of  rigidiiy  ought 
to  approach  it«  horizontal  asymptote  much  more  rapidly,  so  that  it 
would  be  difficult  in  a  drawing  to  scale  to  distinguish  the  points  of 
intersection  B  and  D. 

Fig.  2  exhibits  the  same  curves,  but  drawn  to  scale,  and  designed 
to  be  applicable  to  the  case  of  the  earth  and  moon,  that  is  to  say, 
when  A =4  nearly. 

Fig.  3  shows  the  curves  when  A=l,  and  when  the  line  of  momentum 
does  not  intersect  the  curve  of  rigidity ;  and  here  there  is  no  maxi- 
mum or  minimum  in  the  curve  of  energy. 

These  figures  exhibit  all  the  possible  methods  in  which  the  bodies 
may  move  with  given  moment  of  momentum,  and  they  differ  in  the 
fact  that  in  figs.  1  and  2  the  biquadratic  (5)  has  real  roots,  but  in 
the  case  of  fig.  3  this  is  not  so.  Every  point  of  the  line  of  momentum 
gives  by  its  abcissa  and  ordinate  the  square  root  of  the  satellite's 
distance  and  the  rotation  of  the  planet,  and  the  ordinate  of  the 
energy  curve  gives  the  energy  corresponding  to  each  distance  of  the 
satellite. 

Parts  of  these  figures  have  no  physical  meaning,  for  it  is  impossible 
for  the  satellite  to  move  round  the  planet  at  a  distance  which  is  less 
than  the  sum  of  the  radii  of  the  planet  and  satellite.     Accordingly  in 
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fig".    1  a  strip  is  marked  off  and  shaded  on  each  side  of  the  vertical 
axis,  within  which  the  fignre  has  no  physical  meaning. 


Since  the  moon's  diameter  is  ahont  2,200  miles,  and  the  earth's 
abont  8,000,  therefore  the  moon's  distance  cannot  be  less  than  5,100 
miles ;  and  in  fig.  2,  which  is  intended  to  apply  to  the  earth  and  moon 
and  is  drawn  to  scale,  the  base  of  the  strip  is  only  shaded,  so  as  not  to 
render  the  fignre  confused.  The  strip  has  been  accidentally  drawn  a 
very  little  too  broad. 

The  point  P  in  fig.  2  indicates  the  present  configuration  of  the 
earth  and  moon. 

The  curve  of  rigidity  x*y= 1  is  the  same  for  all  values  of  h,  and 
by  moving  the  line  of  momentum  parallel  to  itself  nearer  or  further 
from  the  origin,  we  may  represent  all  possible  moments  of  momentnm 
of  the  whole  system. 

The  smallest  amount  of  m.  of  m.  with  which  it  is  possible  to  set  the 
system  moving  as  a  rigid  body,  is  when  the  line  of  momentum  touches 
the  curve  of  rigidity.  The  condition  for  this  is  clearly  that  the 
equations^— ^ar^  + 1=0  should  have  equal  roots.  If  it  has  equal  roots 
each  root  must  be  }A,  and  therefore 

(l^)'~^(i^)Hi=o. 

whence  /t*=—  or  7i=— j=l'75. 

The  actual  value  of  h  for  the  moon  and  earth  is  abont  8j,  and  hence 
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if  the  moon-earth  system  were  started  ^ith  less  than  -^  of  its  actual 

moment  of  momentum,  it  would  not  be  possible  for  the  two  bodies  to 

move  so  that  the  earth  should  always  show  the  same  face  to  the  moon. 

Again  if  we  travel  along  the  line  of  momentum  there  must  be  some 

point  for  which  yo?  is  a  maximum,  and  since  ya?^—  there  must  be 

some  point  for  which  the  number  of  planetary  rotations  is  greatest 
during  one  revolution  of  the  sateUite,  or  shortly  there  must  be  some 
configuration  for  which  there  is  a  maximum  number  of  days  in  the 
month. 

Now  y^  is  equal  to  a?{h—x)^  and  this  is  a  maximum  when  «=|A 
and  the  maximum  number  of  days  in  the  month  is  (|^)^  (^""f^)  or 

—fi^ ;  if  ^  is  equal  to  4,  as  is  nearly  the  case  for  the  homogeneous  earth 
4* 

and  moon,  this  becomes  27. 

Hence  it  follows  that  we. now  have  very  nearly  the  maximum 
number  of  days  in  the  month.  A  more  accurate  investigation  in  my 
paper  on  the  "  Precession  of  a  Viscous  Spheroid,"  showed  that  taking 
account  of  solar  tidal  friction  and  of  the  obliquity  to  the  ecliptic  the 
maximum  number  of  days  is  about  29,  and  that  we  have  already 
passed  through  the  phase  of  maximum. 

We  will  now  consider  the  physical  meaning  of  the  several  parts  of 
the  figures. 

It  will  be  supposed  that  the  resultant  moment  of  momentum  of  the 
whole  system  corresponds  to  a  clockwise  rotation. 

Now  imagine  two  points  with  the  same  abscissa,  one  on  the 
momentum  line  and  the  other  on  the  energy  curve,  and  suppose  the 
one  on  the  energy  curve  to  guide  that  on  the  momentum  line. 

Then  since  we  are  supposing  frictional  tides  to  be  raised  on  the 
planet,  therefore  the  energy  must  degrade,  and  however  the  two 
points  are  set  initially,  the  point  on  the  energy  curve  must  always 
slide  down  a  slope  carrying  with  it  the  other  point. 

Now  looking  at  ^g,  1  or  2,  we  see  that  there  are  four  slopes  in  the 
energy  curve,  two  running  down  to  the  planet,  and  two  others  which 
run  down  to  the  minimum.  In  fig.  8  on  the  other  hand  there  are 
only  two  slopes,  both  of  which  run  down  to  the  planet. 

In  the  first  case  there  are  four  ways  in  which  the  system  may 
degrade,  according  to  the  way  it  was  started ;  in  the  second  only  two 
ways. 

i.  Then  in  fig.  1,  for  all  points  of  the  line  of  momentum  from  G 
through  E  to  infinity,  x  is  negative  and  y  is  positive  ;  therefore  this 
indicates  an  anti-clockwise  revolution  of  the  satellite,  and  a  clockwise 
rotation  of  the  planet,  but  the  m.  of  m.  planetary  rotation  is  gpreater 
than  that  of  the  orbital  motion.  The  corresponding  part  of  the  curve 
of  energy  slopes  uniformly  down,  hence  however  the  system  be  started, 
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for  tills  part  of  the  line  of  momentmn,  the  satellite  must  approach  the 
planet,  and  will  fall  into  it  when  its  distance  is  given  hy  the  point  k. 

ii.  For  all  points  of  the  line  of  momentum  from  D  through  P  to 
infinity,  x  is  positive  and  y  is  negative ;  therefore  the  motion  of  the 
satellite  is  clockwise,  and  that  of  the  planetary  rotation  anti- clockwise, 
but  the  m.  of  m.  of  the  orbital  motion  is  greater  than  that  of  the 
planetary  rotation.  The  corresponding  part  of  the  energy  curve 
slopes  down  to  the  minimum  b.  Hence  the  satellite  must  approach 
the  planet  until  it  reaches  a  certain  distance  where  the  two  will  move 
round  as  a  rigid  body.  It  will  be  noticed  that  as  the  system  passes 
through  the  configuration  corresponding  to  D,  the  planetary  rotation 
is  zero,  and  fix)m  D  to  B  the  rotation  of  the  planet  becomes  clockwise. 

If  the  total  moment  of  momentum  had  been  as  shown  in  fig.  8,  then 
the  satellite  would  have  fallen  into  the  planet,  because  the  energy 
curve  would  have  no  minimum. 

From  i  and  ii  we  learn  that  if  the  planet  and  satellite  are  set  in 
motion  with  opposite  rotations,  the  satellite  will  fall  into  the  planet,  if 
the  moment  of  momentum  of  orbital  motion  be  less  than  or  equal 
to  or  only  greater  by  a  certain  critical  amount,*  than  the  moment 
of  momentum  of  planetary  rotation,  but  if  it  be  greater  by  more  than 
a  certain  critical  amount  the  satellite  will  approach  the  planet,  the 
rotation  of  the  planet  will  stop  and  reverse,  and  finally  the  system  will 
come  to  equilibrium  when  the  two  bodies  move  round  as  a  rigid  body, 
with  a  long  periodic  time. 

iii.  We  now  come  to  the  part  of  the  figure  between  C  and  D.  For 
the  parts  AC  and  BD  of  the  line  AB  in  fig.  1,  the  planetary  rotation 
is  slower  than  that  of  the  satellite's  revolution,  or  the  month  is  shorter 
than  day,  as  in  one  of  the  satellites  of  Mars.  In  fig.  3  these  parts 
together  embrace  the  whole.  In  all  cases  the  satellite  approaches  the 
planet.  In  the  case  of  fig.  3,  the  satellite  must  ultimately  fall  into 
the  planet ;  in  the  case  of  figs.  1  and  2  the  satellite  will  fall  in  if  its 
distance  from  the  planet  is  small,  or  move  round  along  with  the  planet 
as  a  rigid  body  if  its  distance  be  large. 

For  the  part  of  the  line  of  momentum  AB,  the  month  is  longer  than 
the  day,  and  this  is  the  case  of  all  known  satellites  except  the  nearer 
one  of  Mars.  As  this  part  of  the  line  is  non-existent  in  fig.  3,  wo  see 
that  the  case  of  all  existing  satellites  (except  the  Martian  one)  is 
comprised  within  this  part  of  figs.  1  and  2.  Now  if  a  satellite  be 
placed  in  the  condition  A,  that  is  to  say,  moving  rapidly  round  a 
planet,  which  always  shows  t^e  same  face  to  the  satellite,  the  condi- 
tion is  clearly  dynamically  unstable,  for  the  least  disturbance  will 
determine  whether  the  system  shall  degrade  down  the  slopes  ac  or  a6, 
that  is  to  say,  whether  it  falls  into  or  recedes  from  the  planet.     If 

*  With  the  units  which  are  here  used  the  excess  most  he  more  than  4—8} ;  see 
further  back. 
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the  eqnilibriam  breaks  down  by  the  satellite  receding,  the  recession 
will  go  OD  until  the  system  has  reached  the  state  corresponding  to  B. 

The  point  P,  in  fig.  2,  shows  approximately  the  present  state  of  the 
earth  and  moon,  viz.,  when  a;=3*2,  y=*8. 

It  is  clear  that,  if  the  point  Z,  which  indicates  that  the  satellite  is 
jnst  touching  the  planet,  be  identical  with  the  point  A,  then  the  two 
bodies  are  in  effect  part  of  a  single  body  in  an  unstable  configuration. 
If,  therefore,  the  moon  was  originally  part  of  the  earth,  we  should 
expect  to  find  A  and  I  identical.  The  figure  2,  which  is  drawn  to 
represent  the  earth  and  moon,  shows  that  there  is  so  close  an  approach 
between  the  edge  of  the  shaded  band  and  the  intersection  of  the  line  of 
momentum  and  curve  of  rigidity,  that  it  would  be  scarcely  possible  to 
distinguish  them  on  the -figure.  Hence,  there  seems  a  considerable 
probability  that  the  two  bodies  once  formed  parts  of  a  single  one, 
which  broke  up  in  consequence  of  some  kind  of  instability.  This  view  is 
confirmed  by  the  more  detailed  consideration  of  the  case  in  the  paper 
on  the  "  Precession  of  a  Viscous  Spheroid,"  of  which  only  an  abstiuct 
has  as  yet  been  printed. 

Hitherto  the  satellite  has  been  treated  as  an  attractive  particle,  but 
the  graphical  method  may  be  extended  to  the  case  where  both  the 
satellite  and  planet  are  spheroids  rotating  about  axes  perpendicular  to 
the  plane  of  the  orbit. 

Suppose,  then,  that  k  is  the  ratio  of  the  moment  of  inertia  of  the 
satellite  to  that  of  the  planet,  and  that  z  is  equal  to  the  angular  velocity 
of  ftie  satellite  round  its  axis,  then  kz  is  the  moment  of  momentum  of 
the  satellite's  rotation,  and  we  have 

h^x-j-y-j-kz  for  the  equation  to  the  plane  of  momentum, 
2e=y2H-Aw2— -5-  for  the  equation  of  energy, 

and  «^y=l,  aj^«=l  for  the  equation  to  the  line  of  rigidity. 

The  most  convenient  form  in  which  to  put  the  equation  to  the 
suriace  of  energy  is 

(h—y'-kzy 

where  E,  y,  z  are  the  three  ordinatos. 

The  best  way  of  understanding  the  surface  is  to  draw  the  contour- 
lines  of  energy  parallel  to  the  plane  of  yz,  as  shown  in  fig.  4. 

The  case  which  I  have  considered  'may  be  called  a  double-star 
system,  where  the  planet  and  satellite  are  equal  and  A;=l.  Any  other 
case  may  be  easily  conceived  by  a  stretching  or  contraction  of  the 
surface  parallel  to  z. 

It  will  be  found  that,  if  the  whole  moment  of  momentum  h  has 
less  than  a  certain  critical  value  (found  by  the  consideration  that 
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J?*— ■«j*-|-2=0  has  equal  roots),  then  the  surface  may  be  oonceiyed  as 
an  mfiiiitely  narrow  and  deep  ravine,  opening  ont  at  one  part  of  its 
oooTse  into  rounded  valleys  on  each  side  of  the  ravine.  In  this  case 
the  contonrs  would  resemble  those  of  fig.  4,  supposing  the  round  closed 
curves  to  be  absent.  The  course  of  the  ravine  is  at  45°  to  the  axes  of 
y  and  ar,  and  the  origin  is  situated  in  one  of  the  valleys,  which  is  less 
flteep  than  the  valley  facing  it  on  the  opposite  side  of  the  ravine.  The 
forxa  of  a  section  perpendicular  to  the  ravine  is  such  as  the  curve  of 
energy  in  fig.  3,  so  that  everywhere  there  is  a  slope  towards  the 
ravine. 


"Every  T>oint  on  ^^^  surface  corresponds  to  one  configuration  of  the 
aystem,  wX'if  ^^^  ^^^^"^  ^  ^^^^^  ^^  *  ^^'''*  "^"^  ^^^  ^"^^^^  surface, 
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that  point  mnst  always  slide  down  hill.  It  does  not,  however,  neces- 
sarily follow  that  it  will  always  slide  down  the  steepest  path.  The  fall 
of  the  gniding  point  into  the  ravine  indicates  the  falling  together  of 
the  two  stars. 

Thus,  if  the  two  bodies  be  started  with  less  than  a  certain  moment 
of  momentum,  they  must  ultimately  fall  together. 

Next,  suppose  the  whole  m.  of  m.  of  the  system  to  be  greater  than 
the  critical  value.  Now,  the  less  steep  of  the  two  valleys  of  the 
former  case  (viz.,  the  one  in  which  the  origin  lies)  has  become  more 
like  a  semicircular  amphitheatre  of  hills,  with  a  nearly  circular  lake  at 
the  bottom;  and  the  valley  facing  the  amphitheatre  has  become  merely 
a  falling  back  of  the  cliffs  which  bound  the  ravine.  The  energy  curve 
in  fig.  2  would  show  a  section  perpendicular  to  the  ravine  through  the 
middle  of  the  lake. 

The  origin  is  nearly  in  the  centre  of  the  lake,  but  slightly  more 
remote  from  the  ravine  than  the  centre. 

In  this  figure  h  was  taken  as  4,  and  h  as  unity,  so  that  it  represents 
a  system  of  equal  double  stars.  The  numbers  written  on  each  con- 
tour give  the  value  of  E  corresponding  to  that  contour. 

Now,  the  guiding  point  of  the  system,  if  on  the  same  side  of  the 
ravine  as  the  origin,  may  either  slide  down  into  the  lake  or  into  the 
ravine.  If  it  falls  into  the  ravine,  the  two  stars  fall  together,  and  if  to 
the  bottom  of  the  lake,  the  whole  system  moves  round  slowly,  like  a 
rigid  body. 

If  the  point  be  on  the  lip  of  the  lake,  with  the  ravine  on  one  side 
and  the  lake  on  the  other,  this  corresponds  to  the  motion  of  the  two 
bodies  rapidly  round  one  another,  moving  as  a  rigid  body ;  and  this 
state  is  clearly  dynamically  unstable. 

If  the  point  be  on  the  other  side  of  the  ravine,  it  must  fall  into  it, 
and  the  two  stars  fall  together. 

It  has  been  remarked  that  the  guiding  point  does  not  necessarily 
slide  down  the  steepest  gradient,  and  of  such  a  mode  of  descent 
illustrations  will  be  given  hereafter. 

Hence  it  is  possible  that,  if  the  guiding  point  be  started  somewhere 
on  the  amphitheatre  of  hills,  it  may  slide  down  until  it  comes  to  the 
lip  of  the  lake.  As  far  as  one  can  see,  however,  such  a  descent 
would  require  a  peculiar  relationship  of  the  viscosities  of  the  two  stars, 
probably  varying  from  time  to  time.  It  is  therefore  possible,  though 
improbable,  that  the  unstable  condition  where  the  two  bodies  move 
rapidly  round  one  another,  always  showing  the  same  faces  to  one 
another,  may  be  a  degradation  of  a  previous  condition.  If  this  state 
corresponds  with  a  distance  between  the  stars  less  than  the  sum  of  the 
radii  of  their  masses,  it  clearly  cannot  be  the  result  of  such  a  degrada- 
tion. 

If,  therefore,  we  can  trace  back  a  planet  and  satellite  to  this  state, 
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we  have  most  probably  found  the  state  where  the  satellite  first  had 
a  separate  existence. 

The  conditions  of  stability  of  a  rotating  mass  of  fluid  are  very 
obscure,  but  it  seems  probable  that,  if  the  stability  broke  down  and 
the  ma88  gradually  separated  into  two  parts,  then  the  condition  im- 
mediately after  separation  might  be  something  like  the  unstable 
configuration  described  above. 

In  conclusion,  I  will  add  a  few  words  to  show  that  the  guiding  point 
on  an  energy  surface  need  not  necessarily  move  down  the  steepest  path, 
but  may  even  depart  from  the  bottom  of  a  furrow  or  move  along 
a  ridge.     Of  this  two  cases  will  be  given. 

The  satellite  will  now  be  again  supposed  to  be  merely  an  attractive 
particle. 

First,  with  jriven  moment  of  momentum,  the  energy  is  greater  when 
the  axis  of  the  planet  is  oblique  to  the  orbit.  Hence,  if  we  draw 
an  energy  sur&ce  in  which  one  of  the  co-ordinate  axes  corresponds  to 
obliquity,  then  there  must  be  a  furrow  in  the  surface  corresponding  to 
zero  obliquity.  To  conclude  that  the  obliquity  of  the  ecliptic  must 
diminish  in  consequence  of  tidal  friction  would  be  erroneous.  In  fact, 
it  will  appear,  in  my  paper  on  the  "  Precession  of  a  Viscous  Spheroid," 
that  for  a  planet  of  small  viscosity  the  position  of  zero  obliquity  is 
dynamically  unstable,  if  the  period  of  the  satellite  is  greater  than 
twice  that  of  the  planet's  rotation.  Thus  the  guiding  point,  though 
always  descending  on  the  energy  surface,  will  depart  from  the  bottom 
of  the  furrow. 

Secondly.  For  given  moment  of  momentum  the  energy  is  less  if 
the  orbit  be  eccentric,  and  an  energy  surface  may  be  constructed  in 
which  zero  eccentricity  corresponds  to  a  ridge.  Now,  I  believe  that  I 
shall  be  able  to  show,  in  a  future  paper,  that  for  small  viscosity  of 
the  planet  the  circular  orbit  is  dynamically  stable  if  eighteen  periods 
of  the  satellit'C  be  less  than  eleven  periods  of  the  planet's  rotation. 
This  will  afford  a  case  of  the  guiding  point  sliding  down  a  ridge ; 
when,  however,  the  critical  point  is  passed,  the  guiding  point  will 
depart  from  the  ridge  and  the  orbit  become  eccentric. 


IX.  "  Researches  in  Chemical  Equivalence.  Part  III.*  Nickelous 
and  Cobaltous  Sulphates."  By  EDifUND  J.  Mills,  D.Sc, 
F.R.S.,  and  J.  J.  Smith.    Received  June  2,  1879. 

Although  the  chemistry  of  nickel  and  cobalt  is  interesting  from 
many  points  of  view,  it  is  more  especially  attractive  from  the  probable 
isomerism  of   these  metals.      Their  combining  proportions,  in  fact, 

•  For  Part  II,  see  "  Proceedings,"  vol.  xxiiii,  p.  270. 
VOL.  XXIX.  0 
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according  to  the  most  valuable  evidence  we  possess,*  appear  to  be 
entirely  the  same.  We,  therefore,  thought  it  very  advisable  to  inquire 
on  what  terms  they  might  prove  to  be  mutually  equivalent :  and  the 
particular  equivalence  we  have  examined  has  been  equivalent  pre- 
cipitability  of  the  sulphates,  by  sodic  hydrate,  from  an  aqueous 
solution. 

I.  Preparation  of  the  Salts, 

The  pure  cobaltous  salt  was  prepared  by  converting  some  exc^ent 
commercial  crystalUzed  chloride  into  luteochloride,  the  process  em- 
ployed having  been  already  described  by  one  of  us.f  The  luteo- 
chloride was  purified  by  precipitation  with  hydric  chloride,  and  the 
mixture  of  .oxides  it  left  behind  on  ignition  was  evaporated  with  re- 
distilled hydric  sulphate. 

The  pure  nickelous  salt  was  prepared  from  a  sample  of  nickelous 
chloride  which  contained  copper,  lime,  and  iron,  but  no  cobalt.  The 
copper  present  was  precipitated  with  hydric  sulphide,  and  the  nickel 
in  the  filtrate  was  precipitated  by  hydric  oxalate,  in  an  acid  solution. 
The  nickelous  oxalate  was  washed  thoroughly  with  dilute  hydric 
nitrate,  ignited,  and  the  oxide  so  formed  heated  with  pure  hydric 
sulphate,  and  so  converted  into  sulphate. 

II.  Method  of  sepa/rating  Nickel  from  Cobalt. 

We  had  next  to  select  a  method  for  the  quantitative  separation  of 
nickel  from  cobalt.  The  first  to  which  we  had  recourse  was  Liebig'8,J 
which  consists  in  adding  hydric  cyanide  and  potash  to  the  mixed 
saline  solutions,  thereby  forming  nickelopotassic  cyanide  and  potassic 
oobalticyanide :  these  new  compounds  are  boiled  with  freshly  prcs 
cipitated  mercuric  oxide,  which  throws  down  the  nickel  as  oxide  and 
cyanide.  The  cobalt  in  the  filtrate  is  then  precipitated  as  mercurous 
oobalticyanide.  On  the  ignition  of  these  precipitates,  nickelous  oxide 
and  cobaltic  oxide  are  respectively  left  behind.  We  converted  the 
oxides  into  sulphates  and  weighed  them  as  such.  (Throughout  the 
whole  of  these  experiments  the  nickel  and  cobalt  were  always  weighed 
as  sulphates.)  We  found,  however,  that  after  the  expulsion,  by 
ignition,  of  the  mercury  in  the  precipitates,  the  oxides  were  left  in  so 
dense  and  compact  a  state,  that  it  was  only  with  the  greatest  difficulty 
that  they  could  be  converted  into  sulphates.  To  remedy  this,  a 
weighed  quantity  of  pure  baric  sulphate  was  added  to  the  liquid 
before  precipitation ;  the  precipitate,  becoming  mixed  with  the  banc 
sulphate,  was  thus  spread  over  a  large  surface,  so  that  the  oxide  was 
obtained  in  a  finely  divided  state,  and  easily  converted  into  sulphate. 

•  Russell,  "  Journal  of  the  Chemical  Society,"  (1869),  p.  294. 
t  "  Philosophical  Magazine,"  (4),  ixxt,  p.  245. 
"  Ann.  Ch.  Phann.,"  Ixr,  244. 
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In  the  experiments  with  this  process,  the  nickel  was  invariably 
found  too  high.  This  was  at  first  thought  to  be  due  to  alkali  which 
might  cling  to  the  precipitated  oxide ;  and,  on  testing,  some  potash 
was  actually  fonnd  in  the  precipitate,  which  had  been  thoroughly 
washed.  To  remove  this  source  of  error,  the  nickelous  sulphate, 
instead  of  being  weighed  as  soch,  was  dissolved  in  water,  excess  of 
ammonia  added,  and  the  nickel  deposited  on  a  platinum  crucible,  by 
means  of  two  Grove's  cells. 

But  the  nickel  was,  with  this  method,  still  found  too  high,  and  we 
then  thought  that  the  separation  had  not  been  perfect.  On  testing  the 
deposit,  a  considerable  amount  of  cobalt  was,  in  fact,  found  in  it,  and 
the  operation  required  to  be  repeated  three  times  before  the  separation 
was  complete. 

The  next  process  we  tried  was  devised  by  Rose.*  It  consists  in 
saturating  with  chlorine  a  very  dilute  solution  of  the  mixed  salts, 
adding  baric  carbonate  in  excess,  and  allowing  to  stand  from  twelve  to 
eighteen  hours,  with  occasional  shaking.  The  cobalt  then  falls  as 
sesquioxide,  the  nickel  remaining  in  solution. 

But  the  results  obtained  by  this  method,  as  was  also  the  case  with 
Henry's  modification  of  it  (which  consists  in  substituting  bromine 
for  chlorine)  were  very  variable.  In  the  former  case  the  cobalt  was 
generally  found  too  low,  even  after  standing  over  eighteen  hours ;  the 
result  appearing  to  depend  a  good  deal  on  the  liqnid  being  shaken  up 
at  regular  intervals,  which  cannot  be  very  conveniently  done,  during 
an  entire  period  of  eighteen  hours.  In  the  latter  case,  the  cobalt  was 
generally  found  too  high,  nickel  being  precipitated  along  with  it. 

The  last  method  tried,  and  the  one  finally  adopted,  is  due  to  Gibbs.f 
In  this,  the  neutral  solution  of  the  sulphates  is  boiled  with  plumbic 
peroxide.  The  cobalt  is  then  precipitated  as  a  higher  oxide,  while  the 
nickel  remains  in  solution,  along  with  a  small  quantity  of  lead.  (The 
author  of  this  process  does  not  claim  very  great  accuracy  for  it,  but 
we  have  found  it  to  be  of  adequate  accuracy.) 

The  manner  in  which  wo  operated  was  as  follows : — The  perfectly 
neutral  solution  of  the  mixed  sulphates,  was  boiled  for  half  an  hour 
with  plumbic  peroxide,  about  7  grms.  of  the  peroxide  being  taken  to 
1  grm.  of  cobaltons  sulphate,  and  the  volume  of  the  liquid  being 
about  100  cub.  centims.  The  liquid  was  then  filtered,  and  the  filtrate 
evaporated  to  about  20  cub.  centims.  Some  aqueous  hydric  sulphide 
was  then  added,  and  the  small  quantity  of  plumbic  sulphide  formed 
filtered  off.  The  solution  of  nickelous  sulphate  was  then  evaporated 
to  dryness  in  a  weighed  crucible,  ignited,  treated  with  a  little  hydric 
sulphate,  heated  to  very  dull  redness  and  weighed.  The  precipitate 
containing  the  cobalt,  with  excess  of  plumbic  peroxide  and  some  sul- 

•  "  Pogg.  Ann.,"  Ixii,  646. 
t  "  SilL  Am.  J.,"  xiT,  206. 
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phate,  was  boiled  with  hydric  chloride  until  dissolved.  Water  was 
then  added,  and  the  lead  precipitated  with  hydric  sulphate  and  alcohol. 
The  filtrate  from  the  plumbic  sulphate  was  then  evaporated  to  dryness, 
heated  till  the  excess  of  hydric  sulphate  was  driven  off,  and  dissolved 
in  water.  A  little  hydric  sulphide  was  then  added,  to  remove  a  small 
quantity  of  lead  still  present,  the  filtrate  evaporated  to  dryness,  and 
the  cobaltous  sulphate  weighed.  The  plumbic  peroxide  must,  of 
course,  be  perfectly  pure,  because  any  impurity  in  it  finds  its  way  into 
the  cobalt,  and  consequently  makes  that  result  too  high. 

In  an  experiment  with  this  process,  '2500  grm.  of  cobaltous 
sulphate,  and  '2500  grm.  nickelous  sulphate  were  taken,  and  the 
quantities  found  after  the  separation  were  *2505  grm.  cobaltous 
sulphate,  and  '2490  grm.  nickelous  sulphate.  The  estimation  of 
the  cobalt  is  rather  a  troublesome  and  tedious  process;  but  when 
the  mixture  of  nickel  and  cobalt  can  be  weighed,  and  the  nickel  in  it 
estimated,  the  cobalt  being  taken  by  difference,  this  is  an  admirable 
method  to  employ.  The  following  are  some  results  of  the  estimation 
of  the  nickel  in  a  mixture  of  '2500  grm.  of  cobaltous  sulphate  and 
•2500  grm.  of  nickelous  sulphate. 

Nickelous  sulphate  taken.  Found. 

(1.)   -2500     -2480 

(2.)   „         -2505 

(3.)    , -2490 

(4.)  „        -2495 

(5.) „        -2480 


Mean -2490 

Probable  error  of  a  single  determination  0*16  per  cent. 

III.  Experiments  on  Equivalence. 

Having  then  fixed  on  the  method  of  separation,  1  per  cent. 
solutions  of  nickelous  and  cobaltous  sulphates  were  prepared,  and  a 
solution  of  sodic  hydrate,  of  which  10  cub.  centims.  were  capable  of 
precipitating  "8248  grm.  of  nickelous  or  cobaltous  sulphate.  This 
sodic  hydrate  was  made  from  sodium,  and  kept  in  glass  bottles  coated 
internally  with  a  thick  layer  of  paraffin. 

A  series  of  nine  experiments  was  made,  in  which  the  relative 
weights  of  nickelous  or  cobaltous  sulphate  present,  varied  from  '1  to 
*9  grm. ;  the  total  weight  of  nickelous  and  cobaltous  salt,  and  the 
volume  of  the  solution  being,  however,  always  the  same,  viz.,  1  grm. 
and  100  cub.  centims.  The  experiments  were  conducted  as  follows : — 
The  bottles  containing  the  solutions  of  the  sulphates  and  the  sodic 
hydrate  were  immersed  in  a  trough  into  which  there  was  a  constant 
flow  of  water  to  bring  them  to  a  constant  temperature.     The  necessary 
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quantities  of  nickelons  and  cobaltons  solutions  were  then  carefully 
measured  out,  mixed,  and  the  temperatnte  observed.  10  cub. 
centims.  of  sodio  bjdrate  were  then  added,  the  solution  stirred 
vigorously,  and  the  temperature  again  observed.  The  precipitate  was 
then  filtered  off  as  quickly  as  possible  (an  aspirator  being  used  to 
facilitate  the  filtration),  and  washed,  first  with  cold  and  then  with 
hot  water.  Three  days'  intermittent  washing  was  required  to  free  the 
precipitate  ^m  the  undecomposed  nickelons  and  cobaltous  salts, 
cobaltous  hydrate  having,  as  is  well  known,  a  powerful  attraction  for 
cobaltous  sulphate,  thereby  forming  a  basic  salt.  After  washing,  the 
precipitate  was  converted  into  sulphate  by  treatment  with  hydric 
sulphate,  and  weighed.  The  mixed  sulphates  were  then  dissolved  in 
water,  and  separated  by  Gibbs's  method,  the  nickelons  sulphate  being 
weighed,  and  the  cobaltous  sulphate  obtained  by  difference.  It  was 
found  that  a  small  quantity  of  sodic  sulphate  was  always  p^sent  in 
the  precipitate,  the  washing  having  failed  to  remove  it,  and  this 
required  to  be  estimated  and  deducted.  For  this  purpose  the 
nickelons  sulphate,  after  being  weighed,  was  dissolved  in  water,  and 
the  nickel  precipitated  with  baric  hydrate.  The  barium  in  the 
filtrate  was  then  i*emoved  with  hydric  sulphate,  and  the  filtrate  con- 
taining the  sodic  sulphate  evaporated  to  dryness  and  weighed.  The 
results  obtained  are  comprised  in  the  following  table. 
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II 
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11 

11 
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III 
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11 

grm. 

gnn. 

ffrm. 

gnn. 

tutu. 

gnn. 

gnn. 

firm. 

0    0 

•I 

•9 

•b093 

•9155 

•1060 

•8106 

•7198 

•0105 

7-8 

I 

•2 

•8 

•7MJI 

8667 

•1980 

•6687 

•6268 

•0110 

6-7 

II 

•3 

•7 

•6268 

•8980 

2765 

•6215 

•5483 

•0:35 

7-8 

III 

•4 

•6 

■5598 

•8650 

•8510 

•5140 

•4738 

•0105 

7-8 

IV 

•6 

•6 

•4363 

•8885 

•4465 

•4420 

•3783 

•0090 

7-8 

V 

•6 

•4 

•3613 

•8^35 

•5295 

•3340 

•2953 

•0160 

1-Tb 

VI 

•7 

8 

•2808 

•8440 

•5825 

•2615 

•2423 

•0110 

7-7  6 

vn 

•8 

2 

•1408 

•8840 

•7080 

•1760 

•1168 

0130 

8-8-5 

VIII 

•9 

•1 

•0483 

•8766 

•7866 

•0900 

•0888 

01U6 

7-7-5 

IX 

In  this  table  the  precipitates  are  all  returned  as  sulphates.  The 
total  possible  amount  of  normal  sulphate  attainable  with  the  constant 
quantity  of  sodic  hydrate  employed  having  been  •8"248  grm.,  we  are 
able  to  calculate  the  entire  composition  of  the  precipitate  thus: — From 
its  total  weight,  the  amount  of  sodic  sulphate  is  first  subtracted  ;  from 
the  residue  the  constant  quantity  *824S ;  the  remainder,  which  is  the 
cobaltous  sulphate  carried  down  with  the  hydrate,  is  deducted  as  a 
correction  from  the  cobaltous  sulphate  originally  taken  and  that 
which  was  precipitated,  it  having  no  share  in  the  reaction  we  had  to 
examine.     Under  '*  temperature  *'  we  give  the  temperatures  of  the 
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reagents  before  and  after  mixtnre.  The  weight  of  precipitated  sodic 
sulphate  varies  but  little  throughout  the  experiments,  its  mean  value 
being  '0115  grm.  In  a  special  determination,  we  precipitated,  with 
the  usual  amount  of  sodic  hydrate,  1*000  grm.  of  nickelous  sulphate 
alone  :  after  three  days'  washing,  it  was  found  to  contain  '0115  grm. 
of  sodic  sulphate.  Hence  we  infer  that  when  the  two  sulphates  are 
present  together,  nickelous  hydrate  carries  down  sodic  sulphate, 
cobaltous  hydrate  carrying  down  cobaltous  sulphate. 

rV.  Discuasion, 

In  the  following  discussion,  it  will  be  understood  that  we  refer  to 
the  tabular  results  already  given. 

If  H  represent  a  weight  of  nickelous  sulphate  taken,  and  v  be  the 
hydrate  (calculated  to  sulphate)  obtained  from  it  through  precipitation, 
then  we  consider  0  in  the  expression  n=<f)p  to  represent  the  prectpik^ 
hility  of  nickelous  sulphate  :  and  similarly  in  c=^<l>^^  0  represents  the 
,  precipitability  of  cobaltous  sulphate.  In  examining  the  numbers 
obtained  with  the  nickelous  salt,  the  best  expression  we  could  find  for 
0  was  0=(a+/Ju).  We  first  calculated  the  values  of  a  and  /8» 
from  all  the  determinations,  and  by  the  method  of  least  squares,  thus 
obtaining 

0=98891  + -2257111. 

It  is,  however,  clear  that  a  cannot  be  less  than  unity ;  moreover,  the 
first  weight  of  nickelous  precipitate  is  somewhat  higher  than  is  pos- 
sible, and  we  have  thought  well  to  reject  it.  With  these  amendments 
we  finally  obtain 

0=l  +  -2194On, 

with  a  probable  error  of  '02558  for  a  single  determination,  or  00904 
for  eight  determinations.  Hence  we  infer  that  the  prectpitahUity  of 
nickelous  sulphate  is  directly  proportional  to  its  mass. 

In  the  case  of  cobaltous  sulphate,  on  the  other  hand,  no  such  law 
holds  good.  Aft^r  a  very  careful  examination  of  the  numbers,  we 
could  not  find  any  satisfactory  evidence  of  a  change  in  precipitability 
with  its  mass,  and  consequently  represent  0  as  a  constant.  The 
mean  value  of  0  is  in  this  case  11845,  with  a  probable  error  of  '02792 
on  a  single  determination,  or  '00931  for  nine  determinations.  Thus  0 
is  about  equally  well  ascertained  in  both  cases. 

Our  two  equations  may  now  be  written 

n=  (  +  '21940  70  f) 
c  =1-18457  '       J   ' 

In  order  to  calculate  in  what  proportions  the  two  sulphates  are 
equally  precipitable,  we  have 

1  +  -21940»=1-1845, 
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whence  n= '84093.  The  two  Bulphatos,  then,  are  equally  preeipitahle 
when  the  weight  taken  of  each  is  '84093  grm. 

To  calculate  in  what  proportions  the  two  sulphates  must  be  mixed, 
to  give  equal  weights  of  precipitate,  we  have 

n_(l-h'21940n)i/" 
c  118457 

n=l— 0 

If  we  put  -=  1,  and  combine  these  eqoations,  the  result  is  a  quad- 
7 
ratio,  one  of  whose  solutions  is  c='5168,  and  consequently  n=*4832. 
Using  these  values  in  the  primitive  equations,  the  results  are,  7= 
•4863,  i'=*4869,  which  we  may  regard  as  substantially  equal. 

A  highly  important  chemical  relation  is  disclosed  when  the  two 
sulphates  are  so  conditioned  as  to  be  equally  precipitable.  We  have 
seen  that  this  is  the  case  when  n=c= '84093.  Now  the  reciprocal 
of  '84093  is  1'1892, — a  number  differing  by  only  the  small  amount  of 
0*40  per  cent,  from  1*1845,  or  07.  Deduced,  as  these  values  both 
are,  from  a  series  of  experiments,  we  cannot  hold  their  connexion  to 
be  accidental.     It  may  be  thus  expressed  in  symbols, — 

07     c 

or  we  may  state  the  relation  thus : — For  an  equal  weighty  nicTcelous  and 
cobaitous  sulphates  are  equally  precipitable ;  the  aitra^xtioa  of  the  one 
towards  the  reagent  being  then  inverse  to  that  of  the  other. 

In  order  to  ascertain  whether  this  function  admits  of  extension 
to  other  weights  than  '84093  grm.  of  the  sulphates,  we  doubled  all  the 
masses  in  one  of  our  previous  experiments  (V  in  the  table),  and 
determined  the  chemical  effect.     The  results  were 

Uncorrected  total  precipitate 1*7840  grm.  1 


Containing  of  nickeluus  sulphate  .  •    0*8925 
The  halves  of  these  are ^jf^^ 

Figures  nearly  identical  with 

0'44o5 


1 
} 


derived  from  Experiment  V.  By  doubling  the  mass,  we  thus  produce 
double  the  chemical  effect.  It  is  probable  that  this  law  is  general ; 
and,  therefore,  we  infer  that  the  reciprocal  function  we  have  noticed 
may  apply  to  multiples  of  the  weights  to  which,  in  our  particular  case, 
it  specially  appertained.  Bearing  in  mind  that  NiS04=CoS04= 
154*65,  we  accordingly  write  the  function  thus  : 

0(NiSOJ=(0CoSO4)-^ 
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If  we  imagine  some  reaction — snob,  for  example,  as  the  combina- 
tion of  colouring  matter  with  a  tissue — influenced  in  one  set  of 
experiments  by  nickelous  sulphate,  and  in  an  altogether  different  set 
by  an  equal  weight  of  cobaltous  sulphate,  we  can  hardly  conceive  any 
ground  for  the  development  of  a  reciprocal  function,  such  as  we  have 
experimentally  traced.  On  the  other  hand,  it  seems  reasonable  to 
suppose  that,  when  two  bodies  are  simultaneously  confronted  with 
a  single  reagent,  they  both  contend  for  its  effect.  Thus  a  chemical 
antagonism  may  arise  between  them  by  virtue  merely  of  their  being 
together ;  and  thence  the  reciprocal  function.  So  far  as  we  are  aware, 
the  only  other  chemical  function  of  the  kind,  hitherto  investigated,  is 
to  be  found  in  Chizynski's*  examination  of  the  partial  precipitation, 
by  ammonic  phosphate,  of  mixed  calcic  and  magnesic  chlorides. 
That  chemist  arrived  at  the  conclusion,  for  which  we  consider  his 
evidence  to  be  adequate,  that  **  equal  masses  of  calcic  and  magnesic 
chlorides  have  always  equal,  but  oppositely  active,  coefficients  of 
affinity.'' 


X.  "On  the  Formation  of  Hydrocyanic  Acid  in  the  Electric 
Arc."  By  James  Dewar,  M.A.,  F.R.S.,  ProfesBor  of 
Chemistry  to  the  Royal  Institution.  Received  June  5, 
1879. 

A  series  of  experiments  favouring  the  conclusion  that  the  so-called 
carbon  lines  are  invariably  associated  with  the  formation  of  acetylene  t 
induced  me  to  make  some  experiments  to  ascertain  whether  this  sub- 
stance can  be  extracted  from  the  electric  arc,  which  invariably  shows 
this  peculiar  spectrum  at  the  positive  pole,  when  it  is  powerful  and 
occasionally  intermittent.  For  this  purpose  the  carbons  were  used  in 
the  form  of  tubes,  so  that  a  current  of  air  could  be  drawn  by  means  of 
an  aspirator  through  either  pole,  and  the  products  thus  extracted  from 
the  arc,  collected  in  ii^ater,  alkalies,  and  other  absorbents.  Gk^ses  mAj 
be  led  through  one  of  the  poles,  and  suction  induced  through  the 
other,  in  order  to  examine  their  effect  on  the  arc. 

The  following  experiments  record  the  results  obtained  by  means  of 
the  Siemens  and  de  M6riten*s  magneto-machines. 

Experiment  1. — Drew  a  current  of  air  by  an  aspirator  through  the 
drilled  negative  carbon,  and  passed  the  gases  through  potash,  and 
iodide  of  potassinm,  and  starch  paste ;  found  no  nitrites ;  potash  con- 
tained sulphides. 

Experini&tit  2. — Hydrogen  led  in  by  the  positive  pole  and  the  gases 
extracted  as  above,  gave  the  well-known  acetylene  compound  with 
•  Ann.  Ch.  Pharm.,  Supp.  iv,  226—253. 
t  As  suggested  by  Plficker,  AngstrOm,  and  Thal^n. 
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ammoniacal  stLb-chloride  of  copper ;  while,  at  the  same  time,  a  wash- 
bottle  containing  water  gave  distinct  evidences  of  the  presence  of 
hydrocyanic  acid. 

Experiment  3. — Hydrogen  flame  burning  alone  gave  no  sulphides  or 
hydrocyanic  acid,  the  condensed  water  in  a  small  bulb  gave  nitrites. 

Experiment  4. — ^Air  drawn  through  the  negative  carbon  gave  con- 
siderable quantities  of  hydrocyanic  acid,  which  was  greatly  increased 
by  extracting  the  gases  through  the  positive  carbon.  Air  was  aspirated 
at  the  rate  of  about  one  litre  per  minute. 

Experiment  5. — The  same  carbons  used  with  de  Meri ten's  magneto- 
machine  gave  no  result. 

Experiment  6. — Carbons  purified  in  chlorine  and  hydrogen  gave 
with  de  M^riten's  nothing ;  with  Siemens'  and  a  draaght  of  air 
through  the  negative  pole,  a  small  quantity  of  hydrocyanic  acid,  but 
a  larger  yield  when  the  positive  was  used.  The  gases  extracted  after 
tho  absorption  of  the  hydrocyanic  acid  contained  acetylene.  If  the 
carbons  are  not  purified,  sulphuretted  hydrogen  is  always  found  along 
with  other  gases. 

The  inference  to  be  drawn  from  the  above  experiments  is  that  the 
high  temperature  of  the  positive  pole  is  required  to  produce  the  re- 
action, which  is  in  all  probability  the  result  of  acetylene  reacting  with 
free  nitrogen,  as  when  induction  sparks  are  passed  through  the  mixed 
gases,  viz. — 

C2H3+N2=2HCN, 

and  that  the  hydrogen  is  obtained  from  the  decomposition  of  aqueous 
vapour,  and  the  combined  hydrogen  in  the  carbons.  It  is  possible  that 
traces  of  alkaline  salts  in  the  carbon  poles  may  favour  the  formation 
of  hydrocyanic  acid,  but,  as  all  attempts  to  purify  the  poles  so  as  to 
stop  the  reaction  failed,  I  am  inclined  to  believe  it  is  a  direct  synthesis. 
The  acetylene  reaction  is  one  of  the  many  remarkable  syntheses  dis- 
covered by  Prof.  Berthelot  of  Paris.  The  presence  of  sulphuretted 
hydrogen  is  doubtless  due  to  the  reduction  of  the  sulphates,  invari- 
ably present  in  the  ash  of  the  carbon. 

A  more  complete  examinal  ion  of  the  various  reactions  to  be  brought 
about  by  means  of  the  Siemens  arc,  and  with  poles  of  varied  composi- 
tion, and  in  presence  of  different  gases,  will  be  communicated  to  the 
Society  in  a  subsequent  paper. 

My  thanks  are  especially  due  to  Messrs.  Ansdell  and  CottreU, 
assistants  in  the  Royal  Institution,  for  their  valuable  aid. 
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XI.  **0n  the  Production  of  Coloured  Spectra  by  Light."     By 
Captain  Abney,  R.E.,  F.R.S.    Received  June  9,  1879. 

(Preliminary  Note.) 

Last  year  T  incidentally  mentioned  in  a  note  to  the  Royal  Society 
("Proceedings,"  vol.  xxviii,  p.  291),  that  the  production  of  natural 
colours  by  the  agency  of  light,  examples  of  which  were  shown  by 
Becquerel,  was  probably  caused  by  the  oxidation  of  silver  compounds 
employed.  I  have  ventured  to  return  to  the  subject,  in  order  to  show 
that  the  colours  are  so  produced  and  are  not  due  to  interference. 

I  have  sent,  for  the  Society's  inspection,  pictures  of  the  solar 
spectrum  on  silver  plates,  and  also  on  compounds  of  silver  held  in  situ 
by  collodion.  It  will  be  observed  that  the  spectrum  has  imprinted 
itself  in  approximately  its  natural  colours ;  that  on  the  silver  plates  it 
is  more  brilliant  than  on  the  collodion  film,  but  that  in  the  latter  the 
colours  are  seen  by  transmitted  as  well  as  by  reflected  light. 

I  reserve  for  the  present  the  exact  details  of  the  production  of  these 
pictures,  but  may  say  that  they  are  produced  by  oxidation  of  silver 
compounds  when  placed  in  the  spectrum ;  an  exposure  of  two  minutes 
being  amply  sufficient  with  a  wide  slit  to  impress  the  colours.  The 
colouring  matter  seems  to  be  due  to  a  mixture  of  two  different  sizes  of 
molecules  of  the  same  chemical  composition,  one  of  which  absorbs  at 
the  blue  end  and  the  other  at  the  red  end  of  the  spectrum,  and  the 
sizes  of  these  molecules  are  unalterable  whilst  exposed  to  the  same 
wave-lengths  as  those  by  which  they  were  produced.  I  believe  it 
possible  and  probable  that  the  colours  may  be  preserved  unchanged 
when  exposed  to  ordinary  daylight. 


XII.  "Relations  between  the  Atomic  Weights  and  certain  Phy- 
sical Properties  (Melting  and  Boiling  Points  and  Heats  of 
Formation)  of  Elements  and  Compounds."  By  THOMAS 
Carnelley,D.Sc.,  Assistant  Lecturer  on  Chemistry  in  Owens 
College,  Manchester.  Communicated  by  Professor  H,  E. 
RoscoE,  F.R.S.    Received  Jime  10,  1879. 

(Abstract.) 

The  object  of  the  present  paper  is  to  trace  the  influence  of  the 
atomic  weights  on  the  melting  and  boiling  points  and  heats  of  forma- 
tion of  elements,  and  especially  of  their  compounds.  It  is  shown  that, 
as  regards  the  elements,  the  melting  points  are  a  periodic  function 
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of  their  atomic  weights,  whilst,  for  compounds,  the  following  con- 
clusions are  drawn  :— 

I.  That  the  melting  and  boiling  points  and  heats  of  formation  of  the 
normal  halogen  compounds  of  the  elements  are  a  periodic  function  of 
the  atomic  weights  of  the  constituent  elements. 

II.  That  the  influence  of  the  halogen  on  these  same  physical  pro- 
perties increases  with  the  number  of  its  atoms  in  the  compound. 

III.  That  in  any  normal  halogen  compound  the  influence  of  either 
of  the  elements  on  the  melting  or  boiling  point  increases  with  its  own 
atomic  weight,  and  decreases  with  the  atomic  weight  of  the  other 
element. 

IV.  The  melting  or  boiling  point  or  heat  of  formation  of  a  bromide  is 
always  nearer  to  that  of  the  corresponding  chloride  than  to  that  of  the 
corresponding  iodide ;  and  that  the  melting  or  boiling  points "of  the 
halogen  compounds  of  the  middle  member  of  three  consecutive  ele- 
ments of  the  same  group  are  always  nearer  to  those  of  the  first  member 
(i.e.,  the  one  with  least  atomic  weight)  than  to  those  of  the  last 
member. 

The  former  of  these  phenomena  probably  depends  on  the  fact  that 
the  atomic  weight  of  Br  is  nearer  to  that  of  CI  than  to  that  of  I,  i.e., 
less  than  the  mean  of  the  two:  and  the  latter  on  the  fact  that  the 
atomic  weight  of  the  middle  member  of  three  consecutive  elements  of 
the  same  group  is  always  less  than  the  mean  of  those  of  the  other  two 
elements. 

V.  That  the  melting  and  boiling  points  of  the  halogen  compounds 
of  the  elements  belonging  to  the  first  and  second  groups  of  Mendele- 
jefl's  classification  are  widely  separated  from  those  of  the  other  groups, 
being  in  fact  considerably  higher.  Different  relations  too  often 
appear  to  exist  between  the  melting  points  of  the  even  members  of 
these  two  groups  to  those  which  exist  between  groups  (3—7)  incln- 
sive ;  while  the  compounds  of  the  elements,  which  are  often  placed  in 
the  odd  divisions  of  the  first  and  second  groups  are  generally  altogether 
irregular.  In  the  case  of  the  odd  members  of  the  first  group  this  may 
be  explained  by  the  fact  that  it  is  very  uncertain  whether  Cu,  Ag,  and 
An  really  belong  to  the  same  group  as  Na  on  not,  as  pointed  out  by 
Mendel ejeff  in  his  memoir  on  the  "  Periodic  Law,*'  in  which  he  places 
these  elements  not  in  the  first  group  along  with  Na,  but  in  the  eighth 
with  Fe,  Pd,  Pt,  Ac. 

As  far  as  existing  data  allow  us  to  judge,  the  compounds  of  the 
elements  with  monatomic  organic  radicals  also  obey  the  same  laws  as 
those  of  the  halogen  compounds. 

A  process  for  calculating  unknown  melting  and  boiling  points  (in 
the  case  of  halogen  compounds)  by  a  method  of  limits  is  next  described, 
which  gives  very  good  results  when  applied  to  known  melting  and 
boiHng  points,  the  average  error  for  aU  known  boiling  points  being 
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±  4-4°-6  C,  or  0*8  per  cent.,  and  for  all  known  melting  points  +16, 
or  3  per  cent.  The  calculated  values  for  a  large  number  of  unknown 
melting  and  boiling  points  are  given. 

It  is  also  shown  that  a  knowledge  of  the  melting  or  boiling  points 
of  the  halogen  compounds  of  an  element  may  serve  for  tlie  determina- 
tion of  the  atomic  weight  when  the  application  of  the  methods  of 
specific  heat  and  vapour  density  are  inadmissible,  or  the  results 
obtained  by  these  contradictory. 

An  application  of  this  is  made  in  the  case  of  beryllium,  concern- 
ing  the  atomic  weight  of  which  there  has  recently  been  some  dispute. 
From  his  determination  of  the  specific  heat  of  the  metal,  Emmerson 
Reynolds  concludes  that  it  is  a  dyad  with  atomic  weight  9*2,  whereas 
Nilson  and  Petterssen,  from  their  determination  of  the  specific  heat, 
assign  to  it  the  atomic  weight  18*8,  in  which  case  it  would  be  trivalent. 
Now,  according  to  calculation,  the  melting  points  of  the  chloride, 
bromide,  and  iodide  of  beryllium  ought  to  be  (820-870°)*  (802-820**) 
and  (766-777°)  respectively.  The  boiling  points,  also,  ought  to 
diminish  from  the  chloride  to  the  iodide,  if  beryllium  is  a  dyad  with 
atomic  weight  9'2.  If  it  be  a  triad  with  atomic  weight  1.3*8  these 
melting  points  ought  to  be  about  500°  lower,  and  the  melting  and 
boiling  points  ought  to  increase  from  the  chloride  to  the  iodide.  With 
the  object  of  settling  this  point  the  melting  points  of  the  chloride 
and  bromide  have  been  carefully  determined,  and  it  was  found  that 
the  chloride  melts  at  858-890°,  thus  agreeing  with  the  limits  (820-870°) 
calculated  for  BeCla  (Be =9*2).  The  bromide  also  fuses  between 
858  and  890°,  and  at  almost  exactly  the  same  temperature  as  the  chlo- 
ride, but  if  anything  slightly  higher,  the  calculated  number  for  BeBr, 
being  802-820°.  The  rather  high  number  found  for  the  bromide  is 
probably  due  to  the  substance  being  so  readily  volatile  below  its 
melting  point  that  the  heat  absorbed  during  conversion  into  vapour 
cools  the  remainder  of  the  solid,  and  thus  prevents  it  melting  so  soon 
as  it  otherwise  would  do.  These  results  confirm  the  view  that  beryl- 
lium is  a  dyad,  with  atomic  weight  9*2  ;  for  though  the  melting  point 
of  the  bromide  is  apparently  slightly  higher  than  that  of  the  chloride, 
for  the  reason  already  given,  yet  BeBra  is  far  more  volatile  than  BeClf. 


XIII.  "  Separate  Enumerations  of  Prunes  of  the  Form  4n-f  1  and 
of  the  Form  4n4-3."  By  J.  W.  L.  Glaisher,  M.A.,  F.R.S., 
Fellow  of  Trinity  College,  Cambridge.  Received  June  11, 
1879. 

The  present  note  contains  the  results  of  separate  ennmerationa  of 
primes  of  the  forms  4.n+l  and4n-f  3  for  seven  groups  each  of  100,000 
*  Beckoned  from  absolute  zero  —278. 
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numbers,  viz.,  the  subjoined  tables  give  the  number  of  primes  of  the 
form  4»-|-l  and  the  number  of  primes  of  the  form  4n+3  in  each  ten 
thousand  of  the  hundred  thousand  numbers  of  the  first,  second,  third, 
fourth,  seventh,  eighth,  and  ninth  millions.  The  properties  of  the 
4»+l  primes  and  the  4»+3  primes  are  very  different ;  and  the  idea 
of  separately  enumerating  the  two  forms  originated  with  Professor 
TchebychefF,  and  was  conveyed  to  me  through  M.  Edouard  Lucas. 

The  enumerations  were  effected  as  follows : — Each  page  of  Burck- 
hardt's  and  Base's  tables  contains  eighty  lines  corresponding  to  the 
eighty  numbers  1,  7,  .  .  .  97,  101,  103,  .  .  .  199,  203,  209,  .  .  .  299,  i.e., 
to  the  eighty  numbers  less  than  300,  and  not  divisible  by  2,  3,  or  6. 
The  lines  corresponding  to  numbers  of  the  form  4n+l  were  ruled 
through  in  pencil,  and  then  the  bars  (representing  primes)  which 
were  ruled  over  were  enumerated  separately,  and  alsd  the  bars  which 
were  intact.  The  enumerations  for  the  first  three  millions  were  made 
from  Burckhardt*8  tables,  and  those  for  the  seventh,  eighth,  and  ninth 
millions  from  Base's  tables.  In  the  case  of  the  fourth  million  the 
enumerations  were  made  from  the  proof  sheets  of  my  father's  factor 
table  of  this  million,  the  whole  of  which  is  now  piinted,  and,  with  the 
exception  of  the  few  last  pages,  stereotyped. 

The  results  for  the  groups  in  the  first  three  millions  were  commu- 
nicated to  the  Meeting  of  the  British  Association  at  Dublin,  and  are 
published  on  p.  471  of  the  Report  for  1878.  It  is  there  stated  that 
'*  the  numbers  given  in  the  table  are  the  result  of  a  da  plicate  enume- 
ration ;  but  a  third  enumeration  will  be  required,  in  order  to  render  it 
certain  that  they  are  absolutely  free  from  error."  This  third  enume- 
ration has  now  been  made  and  the  following  two  errors  in  the  British 
Association  table  were  detected  by  means  of  it :  in  the  first  ten  thou- 
sand  of  the  second  million  the  numbers  of  4n-hl  and  4n-h3  primes 
should  be  respectively  390  and  363,  instead  of  391  and  362  as  printed, 
and  in  the  third  ten  thousand  of  the  third  million  the  numbers  should 
be  350  and  343  instead  of  349  and  344  as  printed.  In  the  case  of  the 
other  four  millions,  the  results  for  which  are  here  given  for  the  first 
time,  I  have  thought  a  careful  duplicate  calculation  sufficient. 

The  number  of  4w+l  primes  in  each  hundred  was  found  by  count- 
ing, and  entered  in  its  place  on  a  printed  form ;  and  the  number  of 
4i»-|-3  primes  was  similarly  found  and  entered  on  another  form. 
As  a  verification,  the  two  results  for  each  hundred  were  added 
together,  and  entered  on  a  third  form.  These  totals  should  agree 
with  the  numbers  of  primes  in  each  hundred,  which  had  been  obtained 
in  the  previous  enumeration  that  I  had  made  of  all  the  primes  in  the 
seven  millions ;  and  such  was  found  to  be  the  case.  It  is  to  be 
observed,  however,  that  any  error  arising  from  the  inaccurate  or 
imperfect  ruling  of  a  pencil  line  would  not  be  detected  in  this 
manner,  as  such  an  error  would  consist  in  a  4)^-1-1   prime  being 
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connied  as  a  4nr+3  prime,  or  vice  versd;  bat  pains  were  taken  to 
veiify  completely  that  the  pencil  lines  had  been  ruled  correctly,  and 
for  two  of  the  millions  (the  seventh  and  ninth)  the  ruling  was  per- 
formed twice  independently,  in  the  one  case  a  second  copy  of  Dase 
being  used,  and  in  the  other  the  original  lines  having  been  rubbed 
out  before  the  second  calculation  was  commenced.  The  enumerations 
were  however  troublesome,  and  it  was  much  more  difficult  to  ensure 
freedom  from  error  than  in  the  case  of  the  simple  enumerations  of 
primes. 

A  specimen  of  a  portion  of  one  of  the  printed  forms  for  the  entry  of 
the  number  of  primes  in  each  hundred,  which  have  been  referred  to 
above,  is  given  on  p.  102  of  vol.  vii  of  the  "Messenger  of  Mathe- 
matics "*  (1877),  and  a  preliminary  account  of  the  results  of  the 
complete  enumeration  of  all  the  primes  in  the  first,  second,  third, 
seventh,  eighth,  and  ninth  millions  has  been  printed  in  the  '*  Pro- 
ceedings of  the  Cambridge  Philosophical  Society/'  vol.  iii,  pp.  17-23, 
47-56  (1876-77). t  The  results  of  the  enumeration  for  the  fourth 
million  will  appear  in  the  volume  containing  the  factor  table  for  that 
million. 

The  total  numbers  of  primes  of  the  forms  4»+l  and  4»+3  in  the 
first  one  hundred  thousand  numbers  of  each  million,  taken  from  the 
subjoined  tables,  are 

Number  of    Number  of  Total 

4»  +  l  4»  +  8         DifTerence.    number  of 

primes.  primes.  primes. 

0—   100,000  4,784  4,808  -24  9,592 

1,000,000—1,100,000 
2,000,000—2,100,000 
3,000,000—3,100,000 
6,000,000—6,100,000 
7,000,000—7,100,000 
8,000,000—8,100,000  3,126  3,124  +  2  6,250 

The  most  noticeable  feature  in  these  numbers  is  the  excess  of  the 
4n+l  primes  over  the  4w+3  primes  in  the  groups  taken  from  the 
second,  third,  and  fourth  millions;  in  these  three  groups  there  are 
10,473  primes  of  the  form  4^+1,  and  10,293  of  the  form  4n+3,  the 
difference  being  180,  and  the  total  number  of  primes  20,766. 

•  "  On  Long  Suoccssions  of  Composite  Numbers,"  vol.  vii,  pp.  102-106,  171-176. 

t  An  enumeration  of  prime-pairs  (».c.,  of  pairs  of  primes  separated  by  only  one 
number),  is  given  in  the  "  Messenger  of  Mathematics,"  vol.  viii,  pp.  28-83  (1878)  ; 
and  a  full  account  of  Burckbardt's  and  Dase's  tables  occurs  in  a  paper  "  On  Factor 
Tables,  with  an  account  of  the  mode  of  formation  of  the  Factor  Table  for  the  Fourth 
Million "  (*'  Proceedings  of  the  Cambridge  Philosophical  Society,"  vol.  iii,  pp.  9^ 
138,  228-229, 1878).    See  also  "  British  Association  Keport,"  1878,  pp.  172-17a 
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The  resnlta  for  the  whole  seven  groupB  are 
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fumber  of 

Number  of 

Total 

411  +  1 

4i»  +  8 

Pifferenoe. 

number  of 

primes. 
24,758 

primes. 
24,616 

142 

primes. 
49,374 

It  shonld  be  stated  that  1  was  coanted  as  a  prime  of  the  form 
4n+l ;  2,  of  coarse,  was  not  counted  at  all. 


Tables  showing  the  nnmbers  of  primes  of  the  form  4n  +  l  and  of  the 
form  4n+3  in  each  ten  thousand  of  the  first  hundred  thoasand 
nnmbers  of  the  first,  second,  third,  fourth,  seventh,  eighth,  and 
ninth  millions. 

First  Million, 


Number  of 
4»i  +  l 
primes. 

Number  of 
4»  +  3 
primes. 

Difference. 

Total  number 
of  primes. 

0—     10,000.... 
10,000—     20,000.... 
20,000—     30,000.... 
80,000—     40,000... 
40,000—     50,000.... 
50,000—     60,000.... 
60,000—     70,000. . . . 
70,000—     80,000.... 
80,000—     90,000. ».. 
90,000—   100,000.... 

610 
516 
486 
474 
464 
469 
431 
454 
445 
435 

619 
517 
497 
484 
466 
455 
447 
448 
431 
444 

-  9 

-  1 
-11 
-10 

-  2 
+  14 
-16 
+  6 
+  14 

-  9 

1,229 
1,033 
983 
958 
930 
924 
878 
902 
876 
879 

0—        100,000.... 

4,784 

4,808 

-24 

9,592 

Second  Million. 


Number  of 
4»  +  l 
primes. 

Number  of 
4»  +  3 
primes. 

Difference. 

Total  number 
of  primes. 

1,000,000—1,010,000.... 
1,010,000—1,020,000. . . . 
1,020,000—1,030,000. . . . 
1,030,000-1,040,000. . . . 
1,040,000—1,050,000. . . . 
1,050,000—1,060,000. . . . 
1,060,000—1,070,000. . . . 
1,070,000—1,080,000. . . . 
1,080,000—1,090,000. . . . 
1,090,000—1,100,000.... 

890 
367 
869 
847 
361 
849 
362 
872 
352 
873 

863 
852 
863 
854 
870 
849 
854 
350 
854 
865 

+  27 
+  15 
+  6 

-  7 

-  9 
0 

+  8 
+  22 

-  2 
+  8 

753 
719 
732 
701 
781 
698 
716 
722 
706 
788 

1,000,000—1,100,000. . . . 

8,642 

8,574 

+  68 

7,216 
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Third  Million. 


Number  of 
4f»  +  l 
primes. 

Number  of 
4i»  +  3 
primes. 

Pifferenoe. 

Total  number 
of  primes. 

2,000,000—2,010,000.... 
2,010,000-2,020,000.... 
2,020,000—2,030,000. . . . 
2,030,000—2,040,000.... 
2,040,000—2,050,000. . . . 
2,050,000—2,060,000.... 
2,060,000—2,070,000. . . . 
2,070,000-2,080,000.... 
2,080,000—2,090,000. . . . 
2,090,000-2,100,000. . . . 

861  ' 

345 

350 

840 

843 

356 

355 

343 

839 

3U 

354 
346 
843 
350 
328 
340 
339 
331 
347 
333 

-  8 

-  1 

+  7 
-10 
+  15 
+  16 
+  16 
+  12 

-  8 
+   8 

705 
691 
698 
690 
671 
696 
694 
674 
686 
674 

2,000,000-2,100,000.... 

3,463 

3,411 

+  62 

6,874 

Fourth  Million. 


Number  of 
4»  +  l 
primes. 

Number  of 
4»  +  3 
primes. 

Difference. 

Total  number 
of  primea. 

8,000,000—3,010,000.... 
3,010,000—3,020,000. . . . 
3,020,000—8,030,000. . . . 
3,030,000-3,040,000.... 
8,040,000-3,050,000. . . 
8,050.000-3,060,000.... 
3,060.000—3,070,000.... 
8,070,000—3,080,000.... 
3,080,000—3,090,000. . . . 
3,090,000—3,100,000.... 

851 
325 
322 
322 
854 
841 
384 
357 
339 
323 

319 
334 
341 
836 
317 
316 
330 
338 
347 
331 

+  32 

-  9 
-19 
-13 
+  37 
+  26 
+   4 
+  19 

-  8 

-  8 

670 
659 
663 
657 
671 
657 
664 
695 
686 
654 

3,000,000—3,100,000.... 

3,868 

8,808 

+  60 

6,676 

Seventh  Million. 


Number  of 
4»  +  l 
primes. 

Number  of 
411  +  3 
primes. 

Difference. 

Total  number 
of  primes. 

6,000,000-6.010,000.... 
6,010,000—6,020,000. .  . . 
6,020,000-6,030,000.... 
6,030,000—6.040,000. .  . . 
6,040,000—6,050,000. .  . . 
6,050,000—6.060,000. . . . 
6,060,000—6,070,000. .  . . 
6,070,000—6,080,000. . . . 
6,080,000-0,090,000. . . . 
6,090,000—6,100,000. . . . 

341 
317 
815 
295 
822 
329 
322 
326 
311 
315 

320 
321 
349 
306 
805 
337 
293 
327 
317 
329 

+  21 

-  4 
-34 
-11 
+  17 

-  8 
+  29 

-  1 

-  6 
-14 

661 
638 
664 
601 
627 
666 
615 
653 
628 
644 

6,000,000-6,100,000. . . . 

3,193 

3,204 

-11 

6,397 
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Eighth  Million. 


Number  of 
4»  +  l 
primes. 

Number  of 
4if  +  3 
primes. 

Difference. 

Total  number 
of  primes. 

7,000,000-7,010,000.... 
7,010,000—7,020,000. . . . 
7,020,000—7,080,000.... 
7,080,000—7,040,000. . . . 
7,040,000—7,060,000. . . . 
7,060,000—7,060,000. . . . 
7,060,000—7,070,000. . . . 
7,070,000-7,080,000.... 
7,080,000-7,090,000. . . . 
7,090,000—7,100,000. . . . 

820 
306 
830 
312 
827 
320 
805 
333 
824 
305 

309 
324 
324 
336 
330 
808 
289 
827 
816 
324 

+  11 
-18 
+  6 
-24 
-  3 
+  12 
+  16 
+  6 
+  8 
-19 

629 
680 
654 
648 
657 
628 
594 
660 
640 
629 

7,000,000-7,100,000. . . . 

8,182 

3,187 

-  6 

6,369 

Ninth  Million. 


Number  of 
411  +  1 
primes. 

Number  of 
4fi  +  8 
primes. 

Difference. 

Total  number 
of  primes. 

8,000,000—8,010,000.... 
8,010,000—8,020,000. . . . 
8,020,000—8,080,000. . . . 
8,030,000—8,040,000. . . . 
8,040,000-8,050,000. . . . 
8,050,000—8,060,000. . . . 
8,060,000—8,070,000.... 
8,070,000—8,080,000. . . . 
8,080,000-8,090,000.... 
8,090,000-^,100,000. . . . 

304 
295 
323 
307 
328 
331 
316 
308 
323 
291 

388 
814 
308 
298 
811 
321 
312 
815 
296 
316 

-29 
-1^ 
+  15 
+  9 
+  17 
+  10 
+  4 
-  7 
+  27 
-25 

637 
609 
631 
605 
639 
652 
628 
623 
619 
607 

8,000,000-8,100,000.... 

8,126 

3,124 

+   2 

6,250 

XrV.  «  On  the  Effects  of  Chloroform  and  Ether  on  the  Radial 
Tracing."  By  C.  Handfield.  Jones,  M.B.  Cantab,  F.R.& 
Received  June  11,  1879. 

(Abstract.) 

The  effects  of  chloroform  and  ether  on  the  pnlse,  when  employed  to 
produce  ansMthesia  in  surgical  operations,  vary  considerably.  Some- 
times the  heart's  force,  estimated  by  the  lowering  of  the  primary  riad, 
with  due  attention  to  the  spring  pressure,  is  greatly  diminished,  some- 
times it  is  increased.  The  rate  of  the  pnlse  is  generally  increased. 
The  rhythm  is  often  deranged,  sometimes  very  mach,  and  so-call^ 
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respiratory  curves  appear  in  the  tracing.  The  tops  of  the  individual 
beats  in  the  tracing  are  sometimes  flattened,  sometimes  rendered  more 
pointed ;  this  latter  change  is  scarcely  seen  when  ether  is  employed. 
No  very  marked  difference  exists  between  the  two  agents  as  regards 
their  effects,  bat  chloroform  seems  to  have  the  more  depressing  effect 
on  the  heart.  The  uncertainty  of  the  results  from  both  agents  is 
remarkable. 

The  opinion  is  expressed  that  the  curves  apparent  in  many  of  the 
tracings  are  not  by  any  means  solely  the  result  of  respiratory  move- 
ments, bat  more  often  of  deranged  cardiac  or  arterial  action.  Experi- 
mental tracings  are  given,  showing  the  effects  of  foroed  inspiration 
and  expiration,  and  of  the  former  when  the  subject  had  been  pre- 
viously in  a  state  of  semi-suffocation,  and  the  blood,  therefore, 
detained  in  the  right  cavities  of  the  heart.  It  is  pointed  out  that  the 
occurrence  of  waves  of  contraction  in  the  arteries,  such  as  are  seen  in 
the  bat's  wing,  would  account  for  the  production  of  some  of  the 
curves,  especially  those  which  exhibit  the  curious  phenomenon  of 
diastolic  ascent.  The  view  is  maintained  that  the  occurrence  of  curves 
in  the  tracing  is  a  morbid  sign. 

The  tendency  of  narcosis  to  produce  flattening  of  the  tops  of  the 
several  beats  is  pointed  out,  and  it  is  particularly  observed  that  the 
same  change  is  marked  in  cases  of  fatigae  of  the  heart.  The  heart's 
force,  and  the  arterial  contractility  are  no  doubt  weakened  in  both 
states — narcosis  and  fatigue — ^and  this  weakening  is  regarded  as 
accounting,  together  with  the  engorgement  of  the  right  auricle  and 
veins,  for  the  flattened  summit  of  the  beat. 


XV.  "Preliminary  Note  on  a  new  Tide-Predicter."  By 
E.  Roberts,  F.R.A.S.  Communicated  by  G.  G.  Stokes, 
M.A.,  D.C.L.,  Sec.R.S.,  Lucasian  Professor  of  Mathematics 
in  the  University  of  Cambridge.     Received  June  12,  1879. 

The  Indian  Survey  Department  having  undertaken  the  superinten- 
dence of  tide-registration  around  the  whole  sea-board  of  India  and  at 
the  port  of  Aden,  and  also  the  reduction  of  the  observations  by  the 
method  of  harmonic  analysis,  with  the  view  to  the  prediction  of  the  tides 
for  the  whole  of  the  ports,  it  became  a  matter  of  necessity,  in  order  to 
save  the  large  outlay  which  the  numerical  operation  of  their  pi'ediction 
would  have  involved,  that  an  insfcrument  should  be  constructed  to 
delineate  the  predictions. 

Accordingly,  on  the  recommendation  of  the  Surveyor-General  of 
India,  Mr.  Roberts  was  desired  to  design,  and  to  undertake  the  con- 
struction of,  an  instrument  to  include  such  a  number  of  tide«com* 
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ponents  sufficient  to  predict  the  Indian  Ocean  tides  with  all  the 
aocnracj  necessary  for  practical  purposes. 

The  present  machine  is  the  outcome  of  the  recommendation. 

The  instrument  combines  the  following  twenty  tide-components  : — 

The  mean  lunar  semidiurnal ; 

The  first  and  second  overtides  of  the  mean  lunar  semidiurnal ; 

Two  elliptic  lunar  semidiurnal ; 

Two  eveetional  lunar  semidiurnal ; 

One  variational  lunar  semidiurnal ; 

The  mean  solar  diurnal ; 

The  mean  solar  semidiurnal ; 

The  lunisolar  semidiurnal ; 

The  lunisolar  diurnal ; 

The  lunar  diurnal ; 

The  solar  diurnal ; 

One  lunisolar  elliptic  diurnal ; 

One  lunar  elliptic  diurnal ; 

One  compound  (Helmholtz)  lunisolar  semidiurnal ; 

One  compound  (Helmholtz)  lunisolar  quarter-diurnal ; 

The  solar  annual ;  and 

The  solar  semiannual. 

Strictly  speaking,  there  is  no  sensible  astronomical  tide-component  of 
twenty-four  mean  solar  hours' period,  but  for  the  purposes  of  prediction 
it  is  necessary  to  include  such  a  term,  a  very  regular  and  sensible  result 
of  this  period  being  obtained  in  the  analysis,  due  probably  to  wind  or 
temperature.  The  same  remark  applies  partially  to  the  solar  annual 
and  the  solar  semiannual,  the  theoretical  tides  of  these  periods  being 
very  small ;  the  analysed  results,  however,  are  of  considerable  value, 
being  due  probably  to  the  effect  of  rainfall  and  the  regularity  of  the 
monsoons.  These  three  components  should,  therefore,  be  regarded 
more  as  meteorological  than  astronomical. 

The  stipulation  that  the  scale  for  heights  should  be  one  inch  per  foot 
range  for  Bombay  necessitated  a  recording  barrel  of  some  18  inches 
at  least ;  the  actual  length  adopted  for  the  instrument,  however,  is 
22  inches.  The  delineation  of  tiie  curves  on  such  a  large  scale  ren- 
dered necessary  some  modification  of  the  system  of  eccentric  pulleys, 
as  fitted  on  the  tide-predicter  of  the  British  Association.  It  was  at 
£rst  contemplated  to  fit  parallel  slides  only  to  the  larger  of  the  tidal 
components  ;  the  whole  of  them  have,  however,  been  so  provided. 

The  chief  difficulty  in  the  construction  of  the  machine  is  the  finding, 
within  reasonable  limits,  of  proportions  which  shall  represent  with 
snfiicient  accuracy  the  periods  of  the  several  components,  in  order  that 
the  machine  may  be  used  for  a  considerable  period  of  prediction — say, 
for  twelve  months.  Very  great  success  has  been  attained  in  this 
respect  in  the  present  instrument.    For  instance,  the  error  of  the 
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period  of  the  chief  component  (the  mean  lunar  semidiamal)  relatively 
to  the  mean  solar  semidiurnal  is  inappreciable  during  a  whole  year's 
predictions,  amotrnting  to  about  0^*10  only  in  a  period  of  fifty  years. 
The  largest  deviation  from  strict  accuracy  is  0®'37,  after  a  run  repre- 
senting twelve  months.  This  is,  however,  of  one  of  the  very  small 
components,  and  insensible  in  its  results.  This  part  of  the  design  may 
be  therefore  regarded  as  practically  perfect. 

Each  component  is  provided  for  setting  with  a  crank,  in  which  a 
sliding  piece  is  fitted,  carrying  a  fiteel  guiding-pin.  The  guiding-pin 
is  thrown  out  by  means  of  a  fine-cut  screw  and  micrometer  head.  An 
improved  parallel  slide,  carrying  a  pulley,  is  also  fitted  to  each  compo- 
nent. The  guiding.pin  works  between  two  parallel  adjustable  steel 
jaws  at  the  back  of  the  pulley  frame.  The  pulley  frame  is  fitted  with 
a  balance- weight,  so  that  its  centre  of  gravity  is  in  a  vertical  line 
through  the  pulley's  axis.  The  whole  slide  is  counterpoised  by  a  cord 
and  weight,  passing  over  pulleys,  in  order  to  relieve  the  guiding-pin  of 
all  strain  and  to  prevent  wear.  The  steel  bar  of  the  pulley  slide  moves 
freely  in  two  glides  drilled  out  nearly  their  entire  length  to  reduce 
the  touching  parts  to  a  minimum.  The  other  side  of  the  pulley  slide 
is  kept  in  position  by  a  projecting  fork  or  guide,  travelling  with  free- 
dom along  a  narrow  flat  brass  bar.  Both  the  brass  bar  guide  and  the 
steel  rod  guide  are  divided  to  millimetres  ;  the  brass  bar  for  approxi- 
mate, and  the  steel  rod  for  the  accurate,  adjustment  of  the  throw  of 
the  crank-pin,  for  which  purpose  the  upper  guide  of  the  steel  rod  is 
furnished  with  a  vernier.  The  milled  head  of  the  micrometer-screw  is 
also  divided  and  may  be  used  with  the  divisions  on  the  brass  bar  guide. 
The  pulley  frame  is  movable  on  its  steel  rod,  for  the  purposes  of  the 
perfect  adjustment  of  the  pulley  about  the  centre  of  motion  of  the  axis 
of  the  crank. 

The  axis  of  the  crank  carries  behind  the  main  plate  a  fine-toothed 
wheel,  fitted  on  a  slotted  cone,  with  a  milled  nut  for  clamping  the 
wheel  on  its  axis.  The  toothed  wheel  is  driven  by  an  endless  screw, 
carrying  a  bevelled  wheel,  which  is  itself  driven  by  another  bevelled 
wheel  on  one  of  the  four  main  axes  of  the  machine.  The  endless 
screws  and  main  axes  are  fitted  with  coimter  pivots. 

At  the  back  of  the  machine  are  fitted  the  setting  dials.  Each  dial 
is  toothed  round  its  outer  edge  and  movable  round  its  centre  by  a 
pinion  for  adjustment.  The  axis  of  the  component  projects  through 
the  setting  dial,  and  carries  a  steel  pointer  for  setting. 

A  fine  flexible  wire  fixed  to  a  large  screw-head  passes  alternately 
under  and  over  the  pulleys  of  the  lower  and  upper  series  of  com- 
ponents, and  carries  an  ink-bottle  at  its  free  end.  The  ink-bottle, 
fitted  with  a  fine  glass  point,  travels  in  a  geometrical  slide,  and  is 
suspended  to  give  just  sufficient  pressure  to  ensure  contact  on  the 
paper  of  the  recording  barrel. 


Digitized  by 


Googk 


1879.]         Mr.  E.  Roberts.     On  a  new  Tide-Fredicter.  201 

The  recording  barrel  is  fitted  with  brass  pins  at  equidistant  inter- 
vals to  form  the  time  indications  on  the  paper  bj  perforation.  An 
index  for  setting  is  fitted  behind  the  machine  at  the  top  of  the  re- 
cording barrel. 

The  paper,  which  is  continnons  and  supplied  from  a  reel,  passes 
ronnd  two  grooved  rollers  at  the  back  of  the  main  barrel,  and  is  held 
in  position  whilst  the  pins  enter  the  paper,  and  af^r  receiving  the 
curves  is  wound  round  the  haul-off  drum.  The  haul-off  drum  rests  on 
toothed  driving-wheels,  and  bj  friction  turns  and  slips  to  accom- 
modate itself  at  a  proper  tension  to  receive  the  recorded  paper. 
Motiop  is  given  to  the  whole  sjstem  of  wheelwork  through  the 
horizontal  centre  main  shaft  from  a  system  of  clockwork  driving- 
gear  at  the  bottom  of  the  machine,  the  whole  being  driven  by  a 
weight  calculated  at  about  4  owt.,  and  controlled  by  a  fitn.  A 
warning  bell  sounds  when  the  weight  is  nearly  run  down.  The  length 
of  the  barrel  round  which  the  cord  is  wound  is  sufficient  to  give 
15,000  turns  of  the  main  shaft.  This  corresponds  to  about  3  months' 
run  of  curves,  and  will  occupy  about  1  hour  to  run  off.  A  year's 
tide-curves  for  any  port  will  thus  occupy  about  4  hours. 

The  setting  of  the  machine  for  the  prediction  of  the  tide-curves  of 
any  part  for  which  the  tide-components  are  known,  is  as  follows  : — 
The  dials  are  first  turned  so  that  the  epoch  or  time  of  maximum  is 
exactly  under  or  above  the  highest  or  lowest  point  according  as  the 
component  is  situated  on  the  upper  or  lower  row  of  components. 
The  cranks  are  set  vertically  (the  slotted  cone  of  the  wheel  on  the 
axis  having  been  first  released)  and  the  guide-pin  thrown  out  to  its 
proper  range  to  represent  the  half-amplitude  of  the  component.  The 
proper  positions  of  the  hands  having  been  previously  determined  by 
calculation  for  the  time  of  starting,  the  hands  are  set  and  the  slotted 
cones  tightened  up.  The  recording  barrel  is  then  set  to  the  time  and 
the  wheelwork  set  in  motion.  The  complete  setting  occupies  only  a 
few  minutes. 

The  large  dial  in  the  centre  is  for  showing  the  progress  of  the 
record,  which  can  be  marked  occasionally  to  facilitate  the  entry  of  the 
dates  on  the  record  afler  its  removal  from  the  machine.  A  few 
supplementary  pins  are  inserted  in  the  barrel  for  the  better  distinction 
of  the  hours.  Two  speeds  of  travel  can  be  given  to  the  paper,  viz., 
1  inch  and  -J^inch  per  hour.  A  fixed  rod  near  the  recording  pen 
carries  ruling  pens  for  the  tracing  of  base  lines,  such  as  dock  sills, 
river  bars,  or  mean  tide-levels,  or  if  desired  can  rule  the  paper 
throughout  its  entire  depth  to  represent  feet,  metres,  <fec. 

To  Sir  William  Thomson  the  author's  thanks  are  due  for  the  im- 
proved parallel  slide  and  other  details,  and  also  to  Mr.  L^g6  (the  maker 
of  the  instrument)  for  the  design  of  the  wheel-gearing. 
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XVI.  "Double  Refraction  and  Dispersion  in  Iceland  Spar.  An 
Experimental  Investigation  with  a  Comparison  with  Huy- 
ghens'  Construction  for  the  Extraordinary  Wave.*'  By  R. 
T.  Glazebrook,  M.A.,  Fellow  of  Trinity  College,  Cam- 
bridge. Communicated  by  J.  Clerk  Maxwell,  M.A.,  F  JLS. 
Received  June  12,  1879. 

(Abstract.) 

In  the  "  Proceedings  of  the  Royal  Society,"  voL  xxvii,  p.  498,  the 
results  of  some  experiments  on  double  refraction  in  aragonite  are  given. 
From  them  I  was  led  to  the  conclusion  that  there  were  slight  differences 
between  Fresnel's  theory  and  experiment,  and  that  possibly  there  was 
some  connexion  between  these  differences  and  the  wave-length  of  the 
light  used. 

The  present  paper,  of  which  this  is  an  abstract,  is  an  account  of 
the  results  of  similar  experiments  on  Iceland  spar.  The  method  of  the 
experiments  is  due  to  Professor  Stokes  ("Brit.  Assoc.  Reports," 
1862). 

A  prism  is  cut  from  the  crystal  to  be  examined,  and  the  position  of 
its  faces  with  reference  to  the  crystallographic  axes  carefully  deter- 
mined.    Then  we  may  show  with  the  usual  notation  that 

tan^i:=tan>t^tan^     .     ,     .     (I). 
2  2  2  2  ^  ^ 

From  this  by  observing  the  angles  of  incidence  and  deviation  of  a 
pencil  of  parallel  rays  incident  on  a  prism  of  known  refracting  angle 

we  can  find  ?-IZll,  and  hence  get  (/>  or  Y^' ;  then  from  the  formula 

1^^^ (II). 

V      sm0'  ^     ^ 

V  being  the  velocity  of  normal  propagation  in  air,  v  in  the  crystal, 
we  can  find  v  in  certain  definite  directions.  But  Huyghens'  con- 
struction enables  us  to  determine  from  theory  the  value  of  v,  and  we 
have  hence  a  method  of  comparison. 

Professor  Stokes  has  made  a  series  of  experiments  on  Iceland  spar 
by  this  method,  and  stated  his  results  in  **  Proceedings  of  the  Royal 
Society,"  vol.  xx,  443.  He  found  that  to  the  limit  of  the  error  of  his 
observations  (about  00001  in  the  index)  Huyghens'  construction  was 
fully  confirmed. 

The  details  of  his  experiments  have  not  been  published,  and  it  ap- 
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peared  it  might  be  useful  to  have  a  series  of  results  which  would  serve 
in  future  as  a  test  of  anj  proposed  theory  of  double  refraction  with- 
out the  necessity  of  a  further  recourse  to  experiment.  It  is  therefore 
largely  with  this  object  in  view  that  I  lay  the  results  of  my  work 
before  the  Society. 

I  have  sought  to  get  a  series  of  values  oi  fiar  -  for  the  three  hydro- 

V 

gen  lines  C,  F,  g,  in  directions  extending  over  an  arc  of  90^  from  the 
optic  axis. 

For  this  purpose  I  used  four  prisms,  the  edge  of  each  was  very 
approximately  perpendicular  to  the  optic  axis. 

The  axis  was  inclined  at  angles  of  —32°,  14°,  38°,  and  64°  respec- 
tively, to  the  normal  to  one  of  the  faces  of  tbe  prism,  the  angles  being 
considered  positiye  when  the  optic  axis  and  edge  of  the  prism  lie  on  the 
same  side  of  the  normal.  By  this  means  1  was  enabled  to  obtain  a 
series  of  measurements  in  directions  extending  from  about  5°  on  one 
side  of  the  axis  to  100°  on  the  other.  Each  of  the  measured  quantities 
used  finally  was  the  mean  of  two.  The  difference  between  the  two  was 
in  only  18  per  cent,  of  the  observations  as  great  as  20",  so  that  the 
difference  between  the  mean  value  token  and  an  extreme  observation 
was  only  rarely  as  great  as  10". 

'  The  spectrometer  used  was  one  by  Grubb,  of  Dublin^  kindly  lent  me 
by  Professor  Stokes.  It  reads  with  verniers  to  10".  I  found  that 
errors  of  10"  in  the  observed  quantities  taken  so  as  to  produce  the 
greatest  effect  in  the  result  would  produce  at  most  variations  of  '00005 
in  the  value  of  /i. 

Precautions  were  taken  to  maintain  the  room  at  as  neariy  as 
possible  a  uniform  temperature. 

The  position  of  the  faces  of  the  prism  with  reference  to  the  rhombic 
&oes  of  the  crystal  was  determined  by  careful  measurement.  Each  of 
the  results  adopted  in  the  calculations  was  the  mean  of  ten. 

The  results  of  the  experiments  are  given  in  a  series  of  tables. 

For  the  theoretical  calculation  we  have,  if  /i^,  fi^,  be  the  principal 
refractive  indices,  6  the  angle  between  any  wave  normal  and  the 
optic  axis, 

l^cos^g  .  sin^g 

We  require  then  to  find  /tj  and  /ig. 

^  is  the  refractive  index  for  the  ordinary  ray,  and  was  found  from 
observations  on  it  in  different  positions  of  the  prisms,  /i^  is  the  value 
of  /i  for  a  wave  normal  at  right  angles  to  the  axis,  and  was  found 
from  observation  on  light  travelling  nearly  in  that  direction. 

The  results  are  given  below. 
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Yaluee  of  principal  refrftctlTe  indices  in  Iceland  spar  for  the  three 
hydrogen  lines. 

C. 

F. 

y- 

A»i 

1-65486 

1-66779 

1-67658 

/^ 

1-48466 

1-48074 

1-49480 

The  yaluee  of  0  are  determined  from  the  known  position  of  the 
wave  in  question,  with  reference  to  the  normals  to  the  faces  of  the 
prism,  and  of  these  normals  with  reference  to  the  optic  axis. 

The  results  of  the  comparison  are  as  follows  : — 

For  the  red  line  C,  just  in  the  neighbourhood  of  the  major  axis  of 
the  elliptic  section,  the  curve  given  by  experiment  lies  inside  that 
given  by  theory,  the  two  coincide  at  about  15*  from  this  axis,  hence- 
forth onwards  the  experimental  curve  lies  outside,  and  the  two  coincide 
again  near  the  minor  axis. 

The  greatest  difference  amounts  to  rather  over  '0001,  about  half  way 
between  the  axes.  If  we  decrease  slightly  the  major  axis  of  the  ellipse 
as  given  by  theory,  we  may  say  that  the  result  of  experiment  is  ex- 
pressed by  an  oval  curve  coinciding  with  Huyghens'  ellipse  at  the 
extremities  of  its  axes,  and  lying  outside  of  it  for  the  rest  of  its  course, 
the  greatest  difference  between  the  i*adii  vectores  being  about  midway 
between  the  axes,  and  there  amounting  to  about  ioi(ny^h  part  of 
either. 

The  experiments  for  the  ray  F  lead  to  similar  results,  the  differ- 
ences, however,  between  theory  aud  experiment  being  markedly 
greater,  and  with  the  assumed  values  for  ^^  /«3,  negative  near  the 
minor  axis,  so  that  the  experimental  curve  is  on  the  inside  there. 

For  g,  taking  the  values  of  /i^,  ^,  given  above,  the  differences  are 
negative,  and  the  experimental  curve  o,  the  interior,  near  the  axes, 
positive  in  the  middle  part  of  the  arc,  and  the  experimental  curve  o, 
lies  outside,  they  amount  to  rather  over  *0002  when  a  maximum. 

Thus,  the  results  for  each  of  the  three  rays  point  to  the  same  con- 
clusions, and  would  lead  us  to  infer  that  a  section  through  the  axis  of 
the  surface  of  wave  slowness  in  Iceland  spar  would  not  be  an  ellipse, 
but  an  oval  curve,  lying  slightly  outside  the  ellipse,  and  that  the 
difference  between  the  two  becomes  greater  as  the  wave-length  de- 
creases. 

These  differences,  however,  are  very  small,  amounting  to  only  about 
•0002  for  the  violet  ray. 

1  have,  moreover,  been  able  to  prove  that  no  variations  in  the 
values  of  the  constants  of  theory  or  the  position  of  the  plane  of  the 
prism,  with  reference  to  the  optic  axis,  will  produce  the  effect  re- 
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quired  to  bring  theory  and  experiment  into  agreement.  Tlie  results 
arising  from  a  want  of  achromatism  in  the  lenses  have  been  considered 
at  some  length. 

I  have  also  endearonred  to  show  that,  between  the  limits  of  the 
lines  C  and  g,  the  relation  between  the  refractive  index  and  the  wave- 
lengrth  may  be  expressed  by  means  of  the  formolso 

Taking  the  three  hydrogen  rays,  travelling  in  any  the  same  direc- 
tion, we  have  three  equations,  neglecting  ^,  &c., 

rt=/»+^ (1). 

^=''+^^ <^>' 

H=P+^i (3). 


s 


The  Talues  of  p  found  by  combining  these  equations,  two  and  two, 
differ  on  the  average  by  about  '00006,  and  these  differences  are  some- 
times positive,  sometimes  negative. 

Taking  the  mean  of  the  values  of  p  and  the  value  of  pi  deduced 
from  equation  1, 1  find  the  values  deduced  for  ^  and  /ij  rarely  differ 
from  the  observed  values  by  as  much  as  '00006,  the  mean  only  being 
'000032.  This  is  considerably  less  in  amount  than  the  differences  found 
by  Dr.  Hopkinson  ("Proceedings  of  the  Royal  Society,"  vol.  xxvi, 
p.  292)  between  the  values  of  /i,  as  given  by  experiment  on  four  kinds 
of  glass,  and  deduced  from  three  terms  of  a  similar  formula, 

.   h    .   c 

I  had  hoped  that,  in  the  case  of  Iceland  spar,  it  might  be  found 
that  the  quantity  p  obeyed  Huyghens'  construction  accurately. 

This  has  proved  not  to  be  the  case ;  the  differences  are,  on  the 
whole,  greater  than  those  for  the  line  g^  and  of  the  same  sign. 
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XVn.  **  On  the  Vapour  Densities  of  Potassium  and  Sodium.** 
By  Professor  James  Dewar,  M.A.,  F.R.S.,  and  Alexander 
Scott,  B.A.    Received  June  12, 1879. 

The  ingeniouB  method  of  determining  the  vaponr  densities  of 
volatile  bodies  invented  by  Professor  Meyer*  suggested  the  revision  of 
work  done  by  one  of  ns  iu  connexion  with  Professor  Dittmar,t  on 
the  vaponr  density  of  potassium.  The  new  method  possesses  several 
advantages  over  that  formerly  employed,  and  seemed  to  be  especially 
fitted  to  simplify  the  difficulties  of  working  with  substances  having 
the  chemical  characters  of  the  alkali  metals.  The  fact  that  a  constant 
temperature  need  not  be  maintained  unless  for  a  short  time,  and  that 
all  absolute  determinations  of  temperature  are  unnecessary  during  the 
course  of  the  experiments,  renders  Professor  Meyer's  system  the 
simplest  when  the  boiling  point  of  the  substance  is  above  a  white 
heat. 

The  apparatus  used  was  simply  a  reproduction  in  wrought  iron  of 
Professor  Meyer's  glass  one,  on  a  somewhat  larger  scale.  The  bottle 
A  had  a  capacity  of  160 — 180  cub.  centims.  The  tube  B  was  about 
2  feet  long  and  in  diameter  about  *5  inch.  A  and  a  considerable  part 
of  B  was  coated  with  a  glaze  of  borax  and  then  fitted  between  two 
crucibles  as  in  figure,  and  the  crucibles  filled  with  fine  sand  as  com- 
pletely as  possible. 

This  apparatus  kept  a  tolerably  constant  temperature  for  a  con- 
siderable time  even  when  the  furnace  temperature  varied  considerably} 
as  it  was  only  slowly  affected,  owing  to  the  mass  of  the  crucibles  and 
sand  surrounding  it.  The  chief  difficulty  at  first  was  the  diffusion  of 
the  furnace  gases,  especially  carbonic  oxide,  through  the  hot  iron. 
This,  however,  seems  to  be  completely  prevented  by  the  borax  glaze. 
To  ensure  success,  especially  in  the  cases  of  potassium  and  sodium,  it 
was  found  to  be  essential  to  clean  the  apparatus  by  treatment  with 
dilute  hydrochloric  acid  to  remove  the  larger  part  of  the  oxide  of 
iron,  then  to  fuse  in  it  some  caustic  potash,  and  thus  get  rid  of  the 
silica,  <fec.,  nsed  in  the  welding  in  of  the  tube  and  bottom  of  A,  after 
boiling  several  times  with  water  to  dissolve  out  the  potash,  it  was 
again  treated  with  dilute  hydrochloric  add,  and  then  thoroughly 
washed  and  dried.  The  crucibles  were  arranged  of  such  a  height 
that  the  iron  was  in  no  place  exposed  to  the  gases  of  the  furnace. 
The  fuel  used  was  gas  carbon  broken  into  pieces  the  size  of  walnuts, 
this  gave  a  very  constant  temperatare,  and  the  furnace  fed  with  it 
on  more  than  one  occasion  fused  the  bottle  A. 


•  "  Dent.  Chcm.  Oes,  Ber.,"  voL  xi,  2258. 
t  "Proo.  Boy.  Soc.,"  toL  xxi. 
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After  the  apparatus  had  been  placed  in  the  fnmace  and  had  risen  to 
a  dull  red  heat,  the  tube  E  was  inserted  into  it  and  made  airtight  at 
C  bj  the  india-rubber  tubing  F,  the  point  of  the  tube  reaching  ahnost 
to  the  bottom  of  A.  Hydrogen  was  now  passed  into  the  apparatus  bj 
D,  and  a  current  kept  up  until  the  apparatus  was  thoroughly  reduced  ; 
bj  this  time  the  temperature  had  risen  sufficiently  for  the  experiments 


to  be  proceeded  with.  The  apparatus  was  now  filled  with  nitrogen, 
which  was  likewise  passed  in  at  D,  the  tube  E  withdrawn,  and  an 
india-rubber  stopper  inserted  into  C,  and  the  end  of  D  immersed  in 
water  or  mercury.  The  weighed  substance  was  then  dropped  in  at 
C,  and  the  gas  expelled,  collected  in  a  graduated  jar  in  the  usual 
manner. 

The  substances  whose  vapour  densities  are  to  be  determined,  were 
placed,  after  weighing,  in  small  iron  capsules  and  kept  in  them  by  a 
plug  of  wire  gauze.  This  was  done  in  order  to  ensure  their  reaching 
the  bottom  of  the  apparatus,  and  the  wire  gauze  plug  also  had  the 
advantage  of  moderating  the  rate  at  which  the  gas  came  off.  The 
potassium  and  sodium  were  placed  in  tared  iron  capsules  and  weighed 
in  dry  carbonic  acid,  and  then  the  plug  of  wire  gauze  inserted. 

To  test  the  apparatus   cadmium  was  tried   and   gave  very  good 
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results.  Zinc  was  next  used,  bnt  with  very  slight  success,  owing,  we 
believe,  to  the  formation  of  an  alloy  of  zinc  and  iron,  eyen  although 
the  temperature  was  far  above  the  boiling  point  of  zinc.  This  was 
shown  by  the  wire  gauze  plug  and  capsule  becoming  very  brittle, 
so  that  the  wire  gauze  might  be  rubbed  to  pieces  between  the  fingers. 
An  approach  to  approximate  results  was  once  got  with  an  apparatus 
which  had  not  been  reduced  by  hydrogen,  the  coating  of  oxide  of  iron 
and  silica  having  protected  the  iron  from  the  zinc.  Mercury  gave 
good  results  in  this  apparatus.  With  potassium  and  sodium  greater 
difficulties  stood  in  the  way  of  exact  results,  as  the  correct  weight  of 
the  pieces  inserted  could  not  be  ascertained,  and  both  metals  seemed 
to  have  a  tendency  to  behave  in  the  same  manner  as  zinc,  viz.,  to  form 
an  alloy  with  the  iron ;  because  the  vapour  evolved  after  a  few 
minutes  was  absorbed  completely  in  spite  of  all  precautions  to  pre- 
vent oxidation.  Both  of  these  sources  of  error  tend  to  make  the 
numbers  found  for  potassium  and  sodium  too  high.  The  mean  error 
due  to  the  weighing  of  the  metals  was  found  by  measuring  the 
hydrogen  given  off  by  their  action  on  water,  and  the  action  of  the 
iron  was  partially  overcome  by  raising  the  temperature  as  much  as 
possible,  so  as  to  induce  rapid  volatilization. 

After  each  experiment  the  metallic  vapours  were  blown  out  by  a 
strong  current  of  hydrogen,  by  inserting  (as  before  in  reducing  the 
apparatus)  the  tube  E,  and  passing  the  hydrogen  in  at  D,  refilling 
with  nitrogen,  and  proceeding  as  before. 

The  following  molecular  weights  are  calculated  by  finding  the 
weight  of  metal  in  milligrams  required  to  give  22*34  cub.  centims.  of 
vapour  at  0°  C.  +  760  millims.  pressure. 


Cadmium. 

0-106  grm.  gave  22*0  c.c.  at  0°  +  760 

mm. . 

• .  mol.  wt. 

=107-7 

0-103 

19-4 

»> 

109-6 

0106 

20-8 

i» 

113-2 

0-100 

19-2 

)» 

116-3 

0105 

20-4 

19 

115-0 

0-102 

20-7 

» 

110-1 

0-102 

20-9 

»1 

109-0 

0-106 

21-1 

» 

114-0 

894-9 


Mean  molecular  weight. .......       111*86 

Mercury. 

0*198  grm.  gave  22*8  c.c.  at  0*^0.  +  760  mm. .  * .  mol.  wt.=194 
0-210         „        23*8  „  „  „  199-6 
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Totassium, 
0065  grm.  gave  18*8 c.c. at 0°C.  +  760 mm. , 


.  mol.  wt.= 


0-083 
0-077 
0-075 
0-077 
0-070 
0-077 
0-087 


22-4 
19-6 
18-5 
200 
20-0 
22-6 
261 


77-2 
82-7 
87-7 
90-5 
86-0 
78-2 
76.1 
74-4 


652-8 


Mean  moleonlar  weight 81-6 


Sodium, 
0-043  grm.  gave  151  c.c.  at  O^'C.  +  760  mm. .  • .  mol.  wt.= 


0-067 
0-047 
0-040 
0059 
0040 
0-045 
0-037 


23-9 

19-2 

17-6 

28-6 

20-4 

23-36 

20-2 


63-6 
62-6 
54-7 
50-7 
460 
43-8 
43-0 
40-9 


405-3 


Mean  molecnlar  weight 50-66 

Four  pieces  of  potassium  weighed  in  iron  capsules  and  thrown  into 
water,  gave  84*2  as  a  mean  molecnlar  weight,  calculated  from  the 
hydrogen  evolved.  Four  pieces  of  sodium  similarly  treated,  gave  49  8 
as  a  mean.  The  above  experiments  show  that  no  great  accuracy  in 
the  determination  of  the  vapour  density  of  sodium  and  potassium  can 
be  attained  by  this  method  of  working  when  vessels  of  wrought  iron 
are  employed.  The  results  are,  however,  conclusive  as  regards  the 
normal  character  of  their  respective  vapour  densiti^. 


XVin.  « The  Physical  Properties  of  Liquid  Acetylene/'  By 
Gerrard  Ansdell,  F.C.S.,  Chemical  Assistant  to  the  Royal 
Institution  of  Great  Britain.  Communicated  by  J.  Dewar, 
F.R.S.,  Professor  of  Chemistry,  Royal  Institution.  Received 
June  12,  1879. 

The  hydrocarbon  acetylene,   being  the  only  one  of  its  numerous 
class  which  can  be  formed  synthetically  by  the  direct  union  of  its 
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oonstitnent  elements,  lias  an  especial  interest  for  the  chemist.  The 
chief  physical  constants  of  this  substance  are  unknown,  although 
its  polymerised  modification,  benzene,  has  been  very  thoronphly  studied 
in  its  physical  relations  by  Begnault.  Having  one  of  M.  Gailletet's  in- 
genious pumps  for  the  liquefaction  of  gases  at  my  disposal  in  the 
laboratory  of  the  Royal  Institution,  Professor  Dewar  suggested  a 
series  of  accurate  determinations  of  its  physical  properties  in  the 
liquid  state,  and  the  present  communication  deals  with  the  critical 
point,  the  tension  of  the  vapour  of  the  fluid  at  various  temperatures, 
together  with  the  corresponding  densities  and  coefficients  of  com- 
pressibility. 

The  only  notice  on  the  liquefaction  of  the  gaa  appears  to  be  a  short 
paper  by  M.  Cailletet  in  the  "  Compt.  Rendus,"  vol.  bucxv.  No.  19,  in 
which  he  determines  the  tension  of  the  vapour  of  the  liquid  at  diffe- 
rent temperatures.  These  tensions,  as  will  be  afterwards  seen,  differ 
entirely  from  those  obtained  in  the  present  paper,  one  of  the  reasons 
appearing  to  be  that  instead  of  using  a  carefully  caUbrated  air  mano- 
meter for  determining  the  pressures,  he  used  the  ordinary  metallic 
gauge  attached  to  the  pump,  which  is  far  from  being  correct. 

The  pump  itself  is  too  well  known  to  need  description,  suffice  it  to 
say,  that  two  of  the  iron  bottles  or  reservoirs  were  used,  connected 
with  the  pump  by  a  piece  of  fine-bore  copper  tubing,  so  as  to  equalise 
the  pressure,  one  containing  an  air  manometer  registering  the 
pressures  from  ten  atmospheres  upwards,  and  the  other  the  tube  filled 
with  acetylene.  The  two  bottles  were  then  placed  side  by  side,  and 
the  height  of  the  column  of  mercury  in  either  read  off  by  means  of  a 
cathetometer. 

The  formules  used  for  calibrating  the  tubes,  and  also  for  calculating 
the  volume  of  the  liquefied  gas,  and  the  pressure  by  the  air  manometer, 
were  those  given  by  Dr.  Andrews  in  his  researches  on  carbonic  acid 
("Phil.  Trans.,"  1869  and  1876).  The  method  of  preparing  the  acety- 
lene  gas  was  by  the  action  of  alcoholic  potash  on  bibromethylene,  the 
disengaged  gaa  being  collected  in  the  form  of  the  red  acetylide  of 
copper,  by  passing  it  into  a  strong  solution  of  fiubchloride  of  copper  in 
ammonia.  This  red  compound,  after  being  thoroughly  washed  and 
boiled  with  distiUed  water,  was  transferred  to  a  flask  with  dilute  hydro- 
chloric acid,  the  gaa  driven  off  by  means  of  a  gentle  heat,  and  con- 
ducted through  a  strong  solution  of  caustic  soda,  to  free  it  from  traces 
of  hydrochloric  acid,  and  finally  through  two  small  (J -tubes  with 
fused  chloride  of  calcium.  The  perfectly  pure  and  dry  acetylene  was 
now  passed  through  the  tube  to  be  used  for  its  liquefaction  in  a  slow 
stream  for  several  hours,  and  the  latter  carefdlly  sealed  off  when  all 
the  air  had  been  expelled. 

The  sealing  off  requires  great  care,  as  unless  rapidly  done,  and  the 
pressure  removed  from  the  inside  (by  cooling  the  tube)  immediately 
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the  point  is  closed,  the  acetylene  becomes  rapidly  charred  and  blows 
out,  a  small  portion  of  it  being  consequently  decomposed,  and  thns 
interfering  materially  with  the  accuracy  of  the  results. 

The  tube  for  the  tension  determinations  was  of  the  usual  shape 
used  in  the  Gailletet  pump,  the  internal  diameter  of  the  capillary  part 
being  about  2*5  mm.  This  was  found  to  be  more  conyenient  than  a 
narrower  tube,  as  a  larger  reserroir  could  be  used,  and  consequently  a 
larger  quantity  of  liquid  obtained. 

The  pressure  at  the  different  temperatures  was  always  observed 
when  a  very  slight  layer  of  liquid  was  formed  on  the  surface  of  the 
mercnry,  as  the  gas  not  being  entirely  free  from  air,  the  pressure  was 
slightly  increased  on  filling  completely  the  upper  part  of  the  tube. 

The  following  are  the  tensions  obtained  compared  with  those  of 
Caillefcet:— 

Cailletet. 


Temp. 

Prosnre. 

Temp. 

PresBure! 

-23°  C.     .. 

, . .     11-01  atm. 

-10 

. .     17-06 

>» 

0 

..     21-53 

» 

+PC. 

....     48  atm. 

+  5-25      .. 

. ,     25-48 

)) 

2-5 

....     60    „ 

13-6 

. .     32-77 

» 

10-0 

....     63    „ 

20-16      . . 

. .     39-76 

)f 

180 

....     83    „ 

27-66      . . 

. .     48-99 

»» 

25-0 

....     94    „ 

31-6 

. .     56-20 

>» 

310 

....    103    „ 

36 

. .     65-36 

>» 

36-6       . . 

. .     65-89 

»» 

36-9       .. 

..     67-96 

>» 

The  temperatures  above  zero  were  kept  constant  to  within  ^th  of  a 
degree,  by  allowing  a  constant  stream  of  water  to  flow  over  the  tube 
from  a  reservoir  holding  about  10  gallons,  in  which  it  had  been  pre- 
viously thoroughly  mixed.  The  temperature  of  —10®  was  obtained  by 
cooling  down  alcohol  with  ice  and  salt,  and  that  at  —28°  by  surround- 
ing the  tube  with  a  narrow  glass  cylinder  containing  liquid  chloride 
of  methyl,  which  boils  constantly  at  this  temperature;  this  cylinder 
being  again  enclosed  in  a  wider  one  containing  a  little  phosphoric 
anhydride  to  prevent  moisture  from  condensing  on  the  sides. 

It  was  thought  interesting  to  compare  the  tensions  of  liquid 
acetylene  with  those  of  the  saturated  vapour  of  benzene,  being 
polymeric  bodies,  although  having  totally  different  properties.  For 
this  purpose  curves  were  plotted  for  the  two  substances,  that  for  the 
benzene  being  taken  from  Begnault's  results  ('*  Mem.  Acad.  Sci., 
Paris,"  vol.  xxvi,  p.  420).  They  do  not,  however,  run  parallel  to 
each  other,  the  benzene  having  a  slower  rate  of  increase  at  low  tem- 
peratures, but  a  quicker  rate  than  the  acetylene  as  the  temperature 
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rises.  The  curves,  however,  have  no  appearance  of  actaallj  crossing 
at  a  higher  temperature. 

The  critical  point  of  acetylene,  or  that  temperature  at  which  no 
appearance  of  liquefaction  takes  place,  however  great  a  pressure  is 
exerted  on  the  gas,  was  found  after  many  careful  experiments  to  be 
37^-05  C. 

For  determining  the  density  and  compressibility  of  the  liquid  at 
different  temperatures,  a  tube  of  much  smaller  dimensions  was  used, 
having  a  capillary  bore  of  about  '8  mm.  in  diameter,  the  whole  of  the 
tube  having  a  capacity  of  36'3708  cub.  centims.  This  gave  a  column 
of  liquid  about  15  centims.  long  when  the  upper  part  of  the  tube  was 
entirely  full  at  IS'' C. 

The  density  at  any  particular  temperature  was  taken  by  forcing  the 
Hquid  up  the  capillary  tube  at  that  temperature,  until  the  upper  part 
was  completely  filled ;  the  length  of  the  column  of  liquid  was  then  read 
off,  its  volume  calculated,  and  this  observed  volume  divided  into  the 
calculated  weight  of  the  gas  at  zero.     They  are  as  follows : — 


Temp. 

-  7°  C.            

Densily. 
-460 

-  3                  

-456 

0               '   

-451 

-4-4               .... 

-441 

90               

-432 

16-4              

-420 

20-6               

-413 

26-25             . . . . . 

-404 

30-0               

-397 

34-0               

-381 

35-8               

-364 

It  has,  therefore,  about  half  the  density  of  liquid  carbonic  acid,  and 
if  we  take  the  actual  volume  of  the  liquid  at  —7  as  unity,  it  becomes 
1*264  at  +35*8,  which  gives  '00489  as  its  coefficient  of  expansion  per 
degree,  for  the  total  ran^e  of  pressure;  it  is,  therefore,  only  about 
half  as  expansible  as  carbonic  acid,  whose  coefficient  is  '010,  and  is 
not  much  more  expansible  than  a  gas.  Comparing  the  density  of 
liquid  acetylene  with  that  of  liquid  benzene,  the  latter  is  found  to  be 
almost  exactly  three  times  as  great  as  the  former  at  the  same  tempera- 
ture; as  for  instance,  at  0°G.  the  density  of  the  acetylene  is  '456, 
whereas  that  of  the  benzene  is  '899 ;  the  vapour  density,  however,  of 
the  benzene  is  three  times  as  great,  viz.,  2*704. 

The  apparent  compressibility  in  glass  was  determined  by  direct 
observation,  the  liquid  being  forced  up  in  the  capillary  tube  until  the 
latter  was  completely  full,  and  then  the  pressure  gradually  increased. 
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and  the  diminution  of  yolmne  read  off  at  intervals  of  aboat  10  atmo- 
spheres np  to  abont  180  atmospheres. 

Gnrves  were  then  plotted,  showing  the  yolame  at  different  pres- 
sures for  the  same  temperature,  and  from  these  the  coefficient  of  com- 
pression at  anj  temperature  and  pressure  was  easily  deduced. 

Ths  folloimng  tables  are  constructed  from  the  curves. 

1. — ^Mean  coefficients  of  compression  of  liquid  acetylene  at  different 
temperatures.    Range  of  pressure  from  36'62  to  182*68  atmospheres. 

Temp,  of  acetylene.  Coeff.  Temp,  of  acetylene.  Goeff . 

35**  C.        =         -00085  16*^0.        =        -00050 


28-6 
22-5 


•00068 
•00058 


4^4 
0 


•00038 
•00025 


2. — Coefficients  of  compression  at  the  same  pressure  but  varying 


temperatures. 

Temp,  of  acetylene.                 Atm.  70.  Atm.  95. 

•49°  C -00343 

♦41         -00138 

35        •OOl?!  -00113 

28-6     -00122  -00083 

22-5     -00079  -00065 

160     -00066  -00050 

4-4     -00047  ^00042 

0        -00041  -00036 


Atm.  120.      Atm.  160. 
•00169         -00078 


•00099 
•00078 
•00072 
•00057 
•00049 
•00034 
•00025 


•00076 
•00065 
•00050 
•00047 
•00035 
•00032 
•K)0029 


3. — Coefficients  of  compression  at  varying  pressures  and  temperatures 
corresponding  to  the  same  volume. 

Vol.  -  97  cmm.  Vol.  «  92  cmm. 

Temp,  of  acetylene.          Preesure.  Coeff.  Pressure.          Ooeff. 

•49^  C 170^8  atm.  ^00080 

•41     137   „  -00086 

35     103-2  „  -00093  •...  175-8  atm.  -00065 

28-6    700  „  -00120  ....  137-8  „  -00063 

22-5    99-2  „  ^00065 

16-0    59-5  „  -00066 

VoL  —  101  cmm.  Vol.  -  89  cmm. 

•49  1263  atm.  -00128 

•41  98-3  „  -00132 

35  727  „  -00167 

225  158  atm.  -00054 

160  115-6  „    00056 

4-4  49-7  „   -00058 

*  These  two  experimeAts  were,  of  course,  made  aboTe  the  critical  point. 
VOL.  XZIX.  Q 
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It  is  evident  from  the  above  tables  that  acetylene  is  governed  hj 
the  same  laws  as  other  compressible  liquids,  that  is  to  say,  its  com- 
pressibility increases  as  the  temperature  rises,  but  diminishes  as  the 
pressure  increases.  For  instance,  at  a  pressure  of  95  atmospheres  it  is 
three  times  as  compressible  at  35°  C.  as  at  0°  C. 

The  volume  being  the  same,  the  compressibility  appears  to  be  nearly 
the  same  at  different  temperatures,  which  is  really  due  to  the  curves  at 
high  pressures  running  nearly  parallel,  thus  introducing  a  correspond- 
ing difficulty  in  the  estimation  of  small  differences. 

On  comparing  the  compressibility  of  liquid  acetylene  with  the 
results  obtained  by  M.  Amagat  ("  Annales  de  Chem.,"  1877)  in  the 
case  of  benzene,  it  appears  to  be  about  seven  times  as  compressible  as 
the  latter  body,  at  a  temperature  of  16°  C,  and  under  a  pressure  of 
40  atmospheres.  The  comparison  could  not  be  carried  out  at  higher 
temperatures,  for  whereas  M.  Amagat  reaches  a  temperature  of  100°  C. 
with  the  benzene,  I  was  not  able  to  go  beyond  35°  C.  with  the 
acetylene. 


XIX.  On  the  Origin  of  the  Mineral,  Structural,  and  Chemical 
Characters  of  Ophites  and  related  Rocks."  By  Professors 
W.  King,  Sc.D.,  and  T.  H.  Rowney,  Ph.D.  Communicated 
by  the  TREASURER,  R.S.    Received  May  12,  1879. 

(Abstract.) 

The  authors,  beginning  with  (A)  "The  different  kinds  of  rocks 
treated  of,"  in  their  memoir,  divide  them  into  two  groups.  The  firsts 
**  8ilacid  Ophites,"  is  represented  by  serpentinite  (common  at  the 
Lizard)  and  other  rocks,  essentially  composed  of  serpen ti nous  minerals : 
it  includes  a  subsection,  comprising  peridolites  and  some  others,  all 
slightly  hydrated.  The  second,  "  Silocarbacid  Ophites,**  consists  of 
rocks,  which,  in  addition  to  serpeniinous  minerals,  contain  a  mineral 
carbonate — for  example,  ophi-calcite :  its  subsection  is  represented  by 
hemithrenes.  The  relation  of  the  first  group,  through  its  subsection, 
to  ordinary  metamorphic  rocks,  also  of  the  second  group,  through  its 
subsection,  to  carrarites  and  dolomites  is  pointed  out. 

As  regards  (B)  **  Their  mineral  character,**  it  is  stated  that  ophites, 
&c.,  embrace  some  fifty  or  more  different  minerals,  all  containing 
more  or  less  hydi-ous  silicate  of  magnesia ;  in  addition  to  which,  dry 
silicates  and  carbonates  are  often  present.  The  relation  of  these 
minerals  to  others,  essentially  anhydrous,  as  hornblende,  diallage,  and 
peridote,  is  noticed. 

Treating  on  (C)  "  The  structural  character  of  ophites,  (fee.,"  the 
protean  nature   of  their  essential  mine  al,  serpentine,  is  sho^nEi  by 
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a  description  of  its  fibrons,  arborescent,  coccolitic,  platy,  and  other 
allomorphs. 

With  reference  to  (D)  "The  origin  of  certain  mineral,  structural, 
and  chemical  characters  of  ophites,  <fec.,"  the  subject  is  treated  of 
under  different  heads : — (1)  Fibrous  layers  in  peridote  from  Elfdalen, 
in  "graphic  granite"  froni  Harris,  in  perthite  from  Siberia,  and  in 
other  instances.  (2)  The  alternation  of  different  minerals  in  lami« 
nated  ophicalcite  and  ophi-malacolite  has  its  parallel  in  other  and 
totally  different  rocks.  (3)  The  change  of  the  fibres  of  chrysotile  into 
acicxdse,  separated  by  calcareous  interpolations,  is  illustrated  by  figures 
taken  from  decalcified  and  polarised  specimens  of  this  allomorph  from 
Canada ;  also  ^m  a  characteristic  specimen  of  the  same  from  the 
type-locality,  Reichenstein.  (4)  Branching  configurations,  such  as 
are  assumed  by  serpentine,  are  common  in  hemithrenes  from  widely 
different  regions:  the  authors  refer  to  examples,  showing  that  they 
are  residual,  resulting  from  the  waste  of  crystalloids  of  malacolite. 
Beautiful  examples  occur  in  the  calcaire  saccharoide  (a  hemithrene)  of 
St.  Philippe,  near  St.  Marie-aux-Mines,  in  the  Vosges,  rivalling  those 
in  Canadian  ophite :  and  not  only  are  the  associated  lobulated  grains 
of  pyrosclerite  covered  with  a  fibrous  layer,  closely  resembling  chryso- 
tile in  structure ;  but  its  fibres  are  occasionally  converted  into  aciculse, 
separated  by  films  of  calcite.  (5)  The  presence  of  calcite  under  the 
latter  condition,  and  in  connexion  with  configurations  of  serpentine 
and  malacolite,  as  well  as  lobulated  grains  of  these  and  other  minerals, 
the  authors  ascribe  to  chemical  changes  similar  to  pseudomorphism 
among  minerals.  (6)  It  is  contended  that  no  minerals  are  incapable 
of  resisting  changes  of  the  kind,  even  those  regarded  as  the  most 
insoluble.  The  experiments  of  Bischof,  the  Professors  W.  B.  and 
R.  E.  Rogers  and  others,  show  that  hypersthene,  enstatite,  serpen- 
tine, and  various  mineral  silicates,  digested  in  water  containing  car- 
bonic acid,  are  convertible  into  carbonates.  (7)  Cases  are  mentioned 
of  rocks,  essentially  composed  of  mineral  silicates,  which  have  thus 
become  changed;  as  diorite  from  Jersey,  granite  and  a  porphyritic 
feldsite  from  near  (jalway,  which  have  had  certain  of  their  mineral 
silicates  replaced  by  serpentine  and  calcite. 

The  latter  cases  bring  on  a  chapter  (E)  "  On  rock-metamorphism 
generally."  The  authors  divide  metamorphic  rocks  into  two  groups — 
mineralised,  and  methylosed ;  the  former  consisting  of  members  which 
have  had  their  original  sedimentary  components  mineralised  into 
gneiss,  hornblende-schist,  <fcc. ;  and  the  latter  of  members,  thus  mine- 
ralised, but  which,  through  the  intervention  of  chemical  reactions, 
have  been  converted  into  ophites,  <fec. :  methylosis  is  to  rocks  the  same 
as  pseudomorphism  to  minerals.  After  briefly  referring  to  the  theory 
promulgated  by  Leibnitz  in  his  "  ProtogaBa,"  which  anticipated  many 
points  now  generally  held  as  to  the  origin  of  the  metamorphics,  they 
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examine  the  doctrine  advocated  by  Sterry  Hunt;  and  contend  that 
it  is  altogether  untenable,  both  from  his  own  arguments,  and  a  body  of 
unquestionable  oounter-evidence.  Repudiating  a  doctrine  which  regards 
the  rocks  in  question  as  still  being  in  their  original  or  quasi-original 
condition,  formed  at  the  bottom  of  a  primaeval  ocean,  through  the 
chemical  precipitation  of  substances  which  it  held  in  solution,  the 
authors  express  themselves  in  accordance  with  the  prevailing  opinion 
that  they  were  originally  ordinary  argillaceous,  arenaceous,  and  other 
sediments,  which,  through  being  buried  at  great  depths,  have  under- 
gone various  changes — some  ending  in  their  mineralisation  and  others 
in  their  methylosis.  Sterry  Hunt's  doctrine  is  further  contested  by 
evidences  adduced  of  regional  metamorphism  pertaining  to  various 
post-Archaean  periods,  whose  crystalline  or  mineral  effects  are  identical 
with  those  which  he  restricts  to  pre-Cambrian  ages,  and  which  he  pre- 
sumes to  have  been  produced  by  chemical  precipitations  from  seas 
of  the  time. 

The  mineralised  metamorphics  having  thus  far  principally  engaged 
their  attentioQ,  the  authors  next  touch  upon  the  (F)  "  Methylosed 
metamorphics — ophites."  Taking,  as  their  standpoint,  the  carefully 
worked  out  conclusion  of  Bliim,  Bischof,  Rose,  and  others,  that  ser- 
pentine, as  a  mineral,  is  in  aU  cases  the  product  of  pseudomorphism, 
it  is  contended  that  rocks  essentially  made  up  of  it,  adding  other 
secondary  minerals  in  certain  kinds,  have  necessarily  undergone 
chemical  changes.  Cases  are  cited,  such  as  the  serpentinite  of  the 
Lizard,  which  they  were  the  first  to  show,  from  its  containing  pseudo- 
morph  crystals  after  augite,  had  been  originally  a  porphyritic  dolerite. 
One  of  the  Cannover  Isles,  in  Lough  Corrib,  contains  a  mass  of  ser- 
pentine, which  is  shown  to  be  a  methylosed  diorite  or  tremolitic  rock. 

The  evidences  offered  by  Bischof,  Heddle,  and  other  writers,  as 
to  the  conversion  of  serpentinous  and  other  siliceous  rocks  into 
calcareous  masses  are  adduced  by  the  authors  in  confirmation  of 
their  view  respecting  (G)  "  The  methyl  otic  origin  of  hemithrenes,  Ac" 
Additional  original  evidences  are  brought  forward  with  the  same  pur- 
port. A  volcanic  or  doleritic  dyke  intersects  gneiss  on  Mr.  Frederick 
Twining's  estate,  adjacent  to  Cleggan  Bay,  Connemara ;  where,  not 
only  is  the  gneiss  converted  into  hemithrene,  consisting  of  malacolite, 
peridote,  serpentine,  calcite,  an^  other  minerals,  but  the  dyke  itself 
is  charged  with  calcitic  matter.  Another  case  occurs  at  St.  Philippe, 
Yosges,  where  gneiss  incloses  dyke-like  masses  of  hemithrene,  as  to 
conclusively  prove,  in  the  opinion  of  the  authors,  that  the  latter  are 
chemically  changed  products  of  the  former,  effected  by  permeating 
streams  of  heated  water  containing  a  carbonate  in  solution.  The 
labours  of  Delesse  have  shown  that  the  region  around  abounds  with 
masses  of  the  kind. 

The  rocks  described  having  undergone  such  remarkable  changes, 
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the  anthors  have  been  induced  to  make  investi^tions  as  to  (H) 
"  The  origin  of  the  minerals  characteristic  of  ophites,  <fec.,  especiallj 
peridote."  With  certain  exceptions  the  minerals  referred  to  are 
considered  to  be  of  secondary  origin,  the  exceptions  being  those 
remaining  unaffected  by  sepondary  agencies.  Serpentines,  malacolite, 
phlogopite,  chlorite,  enstatite,  and  a  number  of  others  are  all  considered 
as  secondary  minerals.  Peridote,  notwithstanding  that  it  is  generally 
considered  to  be  an  original  mineral  in  the  same  sense  as  the  hornblende, 
feldspar,  mica,  &c.,  of  granite  and  other  plutonic  rocks,  is  regarded  by 
the  authors  as  a  product  of  alteration  in  all  its  relations,  and  circum- 
stances of  occurrence.  Its  presence  in  granites,  basalts,  and  lavas  has 
given  rise  to  the  belief  that  it  is  of  igneous  origin :  nevertheless  its 
occurrence  in  mineralised  and  methylosed  rocks  (gneiss,  and  ophite  of 
the  sedimentary  section)  is  held  as  proving  the  contrary :  and  the 
autbora  feel  themselves  justified  in  assuming  that  it  is  as  much  a 
secondary  product  as  the  zeolites  and  pseudomorphs  found  in  granites, 
basalts,  and  lavas.  Many  of  the  crystals  occurring  in  basalts  and 
lavas,  which  have  been  taken  for  peridote,  are  in  their  opinion  pseudo- 
morphs after  augite  and  hornblende. 

Repudiating  the  doctrine  that  the  ArchsBan  rocks-  are  the  result  of 
chemical  precipitations,  and  entertaining  the  strongest  doubts  that 
life  has  been  to  any  extent  concerned  in  their  formation,  the  authors, 
in  a  chapter  (I)  "  On  the  origin  of  the  Archaean  crystalline  limestones 
of  Canada,"  apply  their  views  on  hemithrenes  to  the  present  subject ; 
and  they  arrive  at  the  conclusion,  from  various  considerations,  that  the 
rocks  in  question  are  methylosed  products;  but  which,  before  this 
change  took  place,  existed  as  gneisses,  hornblende-schists,  and  other 
mineralised  silacid  metamorphics. 

The  question  (J)  "  Why  limestones  are  so  rare  in  formations  imme- 
diately succeeding  the  Archseans  "  is  discussed  in  connexion  with  the 
facts  that  calcareous  organisms  are  rare  or  not  present  ih  the  forma- 
tions referred  to,  and  that  calcareous  rocks  are  abundant  in  the  preceding 
systems — thcS  Archssans.  These  facts  are  held  to  be  in  unison  with  the 
authors'  conclusions  stated  in  the  last  chapter,  and  to  favour  the  view 
that  the  Archaean  limestones  with  their  present  constitution  were  not 
available  as  materials  for  the  production  of  calcareous  rocks  in  the 
earliest  Cambrian  age. 

(K.)  "The  genetic  difference  between  mineralised  and  methylpsed 
metamorphism ''  is  explained  by  assuming  that  water  has  been  an 
important  factor  in  both  cases ;  but  as  the  minerals  in  the  first  group 
are  for  the  most  part  anhydrous  or  dry  species,  it  is  assumed  that  the 
original  (?  hygroscopic)  water,  which  its  members  contained  in  their 
condition  as  sediment,  was  sufi&cient  for  their  mineralisation ;  on  the 
other  hand,  as  the  minerals  composing  the  members  of  the  second 
group  are  chiefly  hydrous,  it  is  contended  that  their  methylosis  has 
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been  effected  by  additional  water  penetrating  them,  and  flowing  from 
extraneous  or  foreign  sources.  Compared  with' each  other,  mineralised 
rocks  may  be  classed  as  xerothermal,  and  methylosed  as  hydrothermal. 
Various  evidences  are  adduced  to  show  that  (L)  **  Some  ophites 
have  been  originally  igneous,  and  others  sedimentary  rocks," — a  con- 
clusion favouring  their  secondary,  and  consequently  their  methylotic 
origin. 

(M.)  "  Some  crystalline  limestones  are  simply  mineralised,"  such  as 
carrarite ;  though  rocks  closely  related  to  them, — viz.,  "  Dolomites,  have 
undergone  methylosis."  With  regard  to  the  latter,  however,  the  authors 
do  not  accept  Von  Buch's  theory  of  dolomitisation  in  its  general  appli- 
cation.  Admitting  various  kinds  of  this  phenomenon,  they  conceive  the 
change  in  certain  well-known  cases  has  been  effected  by  the  action  of  the 
magnesian  constituents  of  sea  water  on  subjacent  beds  of  limestone  ; 
for  example,  during  the  closing  portion  of  the  Triassic  period,  as 
strongly  supported  by  geological  evidences,  determined   by  Ramsay 
and  others,  the  seas  in  certain  European  regions  became  dried  up  or 
reduced ;  and  their  water,  loaded  with  magnesian  salts,  sank  through 
the  subjacent  sandstones  and  marls  into  the  Permian  limestones,  thus 
converting  them  into  dolomites.     Irish  corroborative  cases  are  men- 
tioned.    The  dolomites  of  the  Tyrol  are  held  to  have  originated  in 
the  same  way ;  but  it  is  admitted  to  be  probable  that  the  predazzite 
of  the  Canzacola  mountain,  Val  di  Fassa,  was  dolomite  that  became 
hydrated  by  the  heated  water  which  accompanied  the  eruption  of  the 
immediately  adjacent  and  overlying   monzonite.     *'  Serpentinisation 
effected  in  deposits  without  the  intervention   of  mineralisation "   is 
admitted  in  the  production  of  the  magneso-argillite  at  Vallecas  near 
Madrid,  also  of  that  in  the  Paris  Basin,  and  other  localities ;  for  Sullivan 
and  O'Reilly  have  shown  that  it  was  originally  a  non- magnesian  deposit. 
The  authors  conclude  by  treating  of  (N)  "  The  Chrono-geolog^cal 
range  of  Ophites,  &c.,  and  the  age  of  their  methylosis."     Offering 
merely  possible  suggestions  as  to  the  age  in  which  this  phenomenon 
took  place  in  what  may  be  regarded  as  the  oldest  ophites  (as  the 
subject  is  beset  with   considerable  difficulties),    instances   referable 
to  secondary  periods,  as  the  dolomites  and  serpentine  rocks  of  ihe 
Tyrol,  &c.,  are  briefly  noticed ;  but  they  refer  more  confidently  to  the 
methylosed  euphotides,  &c.,  of  Northern  and  Central  Italy,  which, 
having  burst  through  Cretaceous  limestone  (alberese),  Eocene  sand- 
stones and  schists,  have  incontestably  produced  gabbro  verde  during  late 
Tertiary  ages.      Moreover,  it  would  appear,  from  ^he  discoveries  of 
Achiardi,  that  argillaceous  schists,  in  Tuscany,  are  now  being  serpen- 
tinised  by  the  action  of   magnesiated  water.     And,  taking  the  wide 
range  of  evidences,  which  have  been  adduced,  into  consideration,  it 
can  scarcely  be  doubted  that  the  same  process  is  still  in  operation  in 
deep-seated  rocks,  permeated  by  heated  waters. 


Digitized  by 


Googk 


1879.]       Downes  and  Blunt.     Oxalates  of  the  Alkalies.  219 


XX.  "  Note  upon  the  Behaviour  of  Oxalic  Acid  and  the  Oxa- 
lates of  the  Alkalies,  and  of  Potassium  Iodide,  in  Sunlight." 
By  Arthur  Downes,  M.D.,  and  Thomas  P.  Blunt,  M.A. 
Oxon.  Communicated  by  Professor  Huxley,  Sec.  R.S. 
Received  June  16,  1879. 

In  a  previons  cominnmoation*  we  stated  that  a  decinormal  solution 
of  oxalic  acid  may  be  entirely  destroyed  by  sunligkt,  the  decompo- 
sition being  due  to  oxidation.  By  a  comparison,  under  like  conditions, 
of  oxalic  acid  and  neutral  potassium  oxalate  respectively  we  further 
concluded,  since  the  last-named  salt  appeared  to  remain  unchanged 
while  the  former  was  wholly  decomposed,  that  this  destruction  of 
oxalic  acid  by  light  was  due  to  the  oxidation  of  its  hydrogen. 

During  the  present  year,  however,  we  have  made  a  closer  and  fuller 
investigation,  which  shows  that  the  immunity  of  neutral  potassium 
oxalate  is  not  absolute,  and  that  we  must  further  extend  our  views  as 
regards  the  power  of  light  to  promote  the  oxidation  of  certain  of  the 
elements. 

A  measured  quantity  of  normal  solution  of  oxalic  acid  was  carefully 
neutralised  with — 

1.  Potassium  hydrate. 

2.  Sodium  „ 

3.  Ammonium     „ 

4.  Lithium  carbonate. 

The  solution  was  then  diluted  up  to  ten  times  the  volume  of  the 
normal  oxalic  acid  originally  taken,  so  that  in  each  case  the  resultant 
neutral  solutions  contained  the  same  weight  of  the  oxahc  radical,  that, 
namely,  which  would  be  found  in  an  equal  bulk  of  decinormal  oxalic 
acid.  Selecting  sixteen  test-tubes  of  similar  size  and  bore,  we  divided 
them  into  four  sets  of  two  pairs  each.  In  each  set  respectively  we 
placed  one  of  the  above-named  solutions  (each  tube  receiving  50  grain 
measures  carefully  measured  by  means  of  a  pipette),  a  corresponding 
batch  being  charged  in  precisely  the  same  way  with  a  freshly  prepared 
decinormal  solution  of  oxaUc  acid.  All  were  next  raised  to  boiling 
point,  to  prevent  development  of  organisms,  and  plugged  with  cotton 
wool.  They  were  then  placed  on  an  outside  window-sill,  one  pair  of 
each  batch  being  incased  in  laminated  lead,  the  other  left  freely  ex- 
posed to  the  sun's  rays.  This  was  on  March  28.  On  each  of  the 
dates  given  in  the  subjoined  table  an  insolated  and  an  incased  tube  of 
each  set  were  compared  by  titration  in  the  following  manner.  By 
appropriate  dilution  and  measurement  exactly  a  fifth  part  of  the  con- 

•  "  Proc.  Boy.  Soc,"  vol.  xxriii,  p.  204. 
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tents  of  each  tube  "was  taken,  treated  with  an  excess  of  snlpharic  acid, 
and  a  standardised  solution  of  potassiom  permanganate  ran  in  nntil  a 
&int  permanent  pink  tinge  remained  in  the  solution  when  warmed.  A 
direct  measure,  inversely  as  the  quantity  of  permanganate  required, 
was  thus  obtained  of  previous  oxidation. 

Experiment  started  March  28. 


Potassium  pennangaiiate  solution  required  for  oxidation.* 

• 

Apnl  25th. 

June  9th. 

Incased. 

Insolated. 

Incased. 

Insolated. 

Oxalic  acid  ,.,,■,,  ^  ■,-■,,■,■,  r  . , 

7-5  c.c. 

20  c.c. 

7-26  C.C. 

0-0  C.C. 

AirmnoTiiniTi  oxalAte. .  - 

7-6    „ 

51     ,> 

7-3    „ 

2  2    „ 

Sodinm  oxalate 

7-4    „ 

606  „ 

7-2    „ 

5-2   „ 

Potassium  oxalate 

7-6    „ 

61    „ 

71     „ 

6-4   „ 

Lithium  oxalate. 

7-3    „ 

6-2    „ 

7-25  „ 

6-0   „ 

Freshly  prepared  decinormal 
solution  of  oxalic  acid 

1           7-3  c.c. 

7-2 

C.C. 

Our  previous  statement  as  to  the  total  oxidation  of  oxalic  acid  in 
sunlight  is  thus  confirmed,  but  we  learn  for  the  first  time  that  in  na 
case  does  an  oxalate  of  an  alkali  entirely  escape  the  oxidising  action  of 
sunlight,  although  whether  the  yarious  alkali  salts  always  obey  the 
relative  proportions  of  the  table  above  given  is  a  question  on  which 
at  present  we  express  no  opinion  whatever.  It  is,  however,  an  in- 
teresting question  which  constituent  of  their  molecules  is  the  subject 
of  oxidation.  Hydrogen,  except  in  the  case  of  the  ammonium  salty'f 
is  out  of  question.  The  uniformity  of  the  initial  action  indicated 
the  possibility  of  an  oxidation  of  carbon,  but  a  collateral  study  of  the 

*  Disregarding  the  trifling  differences  in  the  decimals  as  due  to  unayoidable  error 
the  incased  liquids  remain  practically  unchanged.  From  other  experiments,  not 
here  giyen,  howeyer,  it  would  appear  that  to  obtain  this  stability  the  solutions  must 
be  boiled,  probably  on  account  of  the  tendency  to  derelopment  of  low  organisms  in 
the  dark. 

t  Speculation  as  to  the  cause  of  the  greater  oxidation  of  this  compound,  as  com- 
pared with  the  other  alkali-oxalates  in  the  above  experiment,  would  be  premature ; 
and,  although  the  suggestion  that  a  portion  of  the  hydrogen  of  the  NH4  is  seised 
upon,  ofiers  itself,  it  is  only  right  to  say  that  the  possibility  of  other  explanation  has 
presented  itself  to  us.    This  we  leaye  for  the  present. 

We  may  remark  incidentally,  that  a  mixture  of  gaseous  ammonia  (NH^)  and 
oxygen  in  a  glass  tube  oyer  mercury,  underwent  no  change  in  volume  after  months 
of  insolation  last  year. 
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well-known  decomposition  of  potassium  iodide  in  snnlight  has  led  u& 
to  believe  that  in  this  case  (KI)  the  phenomenon  is  of  similar  cha- 
racter. The  nature  of  this  decomposition  of  potassium  iodide  has 
been  much  discussed,  and  observers,  misled  as  it  seems  to  us  by  a 
supposed  analogy  with  ordinary  photographic  reactions,  have  sin- 
gularly failed  to  recognise  the  possibility  of  the  oxidation  of  metallic 
elements  by  light.  Hence  they  have  ascribed  this  behaviour  of  potas* 
sium  iodide  to  acids,  carbonic  and  other,  of  the  atmosphere.  On  this 
point,  however,  we  have  satisfied  ourselves ;  first,  that  in  a  Sprengel 
vacuum  a  10  per  cent,  solution  remains  perfectly  colourless  in  sun- 
light ;  and,  secondly,  that  decomposition  invariably  occurs  in  an  in- 
solated  solution  when  no  other  gases  than  nitrogen  and  oxygen  are 
present.*  Here  the  oxidation  can  only  be  that  of  the  alkali  metal, 
and  analogy  would  suggest  a  similar  inference  in  the  case  of  the 
oxalates.  We  are,  however,  still  engaged  on  the  investigation,  and 
our  present  object  is  rather  to  qualify  the  statement  in  our  previous 
paper  as  to  the  supposed  indestructibility  of  an  alkali-oxalate  by  sun- 
light, than  to  advance  to  a  conclusion  for  which  the  evidence  is  not 
yet  sufficient. 


XXI.  "Preliminary  Experiments  on  the  Effects  of  Long- 
continued  Stress  on  the  Elasticity  of  Metals."  By  J.  T» 
BOTTOMLEY,  M.A.,  F.R.S.E.  Communicated  by  Sir  W. 
Thomson,  F.R.S.    Received  June  14,  1879. 

The  following  paper  is  intended  to  describe  the  results  of  experi- 
ments on  elasticity  of  wires  which  have  been  carried  on  during  the 
past  two  years,  in  the  Natural  Philosophy  Laboratory  in  the  Uni- 
versity of  Glasgow. 

Li  1875,  at  the  Glasgow  meeting  of  the  British  Association,  a 
Committee  was  appointed,  at  the  suggestion  of  Sir  William  Thomson, 
for  the  purpose  of  commencing  secular  experiments  on  the  elasticity 
of  wires,  and  a  grant  of  money  was  placed  at  the  disposal  of  the 
Committee. 

These  experiments  have  accordingly  been  commenced.  An  iron 
tube  about  70  feet  long  has  been  erected  in  the  tower  of  the  Uni- 
versity.    Two  wires  of  gold,  two  of  platinum,  and  two  of  palladium, 

*  The  mode  in  which  we  insured,  as  we  belieye,  the  absolute  freedom  of  the  air 
employed  from  acid  impurity  was  the  following  -.—^Exhausting  tubes  to  a  good 
Sprengel  racuum,  we  admitted — by  means  of  the  apparatus  we  described  in  ''  Proc. 
Boy.  Soc.,"  Tol.  xxviii,  p.  210— air  which  had  been  standing,  with  frequent 
agitation,  for  six  days  orer  a  solution  of  potassium  hydrate.  To  make  doubly  sure, 
the  exhaustion  was  again  repeated  and  the  purified  air  a  second  time  admitted. 
The  tubes  thus  treated  acquired  a  brown  tinge  in  light  as  quickly  as  did  similar  ones- 
simply  plugged  with  cotton  wooL 
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liaye  been  hnng  up,  one  of  each  pair  with  a  lifi^ht  stretcking  weight, 
and  the  other  with  a  weight  eqnal  to  half  its  breaking  weight.  Marks 
have  been  pat  npon  the  wires ;  and  a  cathometer  has  been  erected 
opposite  to  a  window  in  the  tnbe  for  the  purpose  of  observing  the 
difference  of  elongations  in  each  pair  of  wires. 

In  connexion  with  the  commencement  of  these  experiments  we 
gave  as  an  experimental  exercise  to  some  of  the  students  in  the 
Natural  Philosophy  Laboratory,  the  comparison  of  the  stretching  and 
breaking  of  wires  at  different  speeds.  Interesting  results  followed, 
and  the  investigation  was  then  taken  up  systematically,  and  is  still 
being  carried  on. 

Pure  soft  iron  wires  were  obtained,  and  were  hung  up  with  an 
arrangement  for  measuring  the  amount  of  elongation.  They  were 
then  loaded  more  or  less  quickly  till  they  broke,  and  the  elongation 
with  different  loads  was  determined.  A  large  number  of  curves,  of 
which  a  specimen  is  given  below,  have  been  traced  showing  the 
elongation  produced  by  different  loads  under  given  circumstances. 
They  will  be  considered  in  detail  in  a  future  communication. 

The  following  is  a  general  account  of  the  experiments  that  have 
been  made. 

Lengths  from  the  same  hank  of  the  wire,  which  was  specially  drawn 
for  the  purpose,  were  hung  up  and  a  scale  pan  having  been  attached 
to  the  lower  end,  weight  was  put  on  till  the  scale  pan  and  added 
weight  together  made  up  28  lbs.  This  was  the  greatest  weight  that 
could  be  put  upon  the  wire  in  its  natural  condition,  without  causing 
permanent  elongation.  The  wire  was  generally  left  with  this  load 
applied  to  it  for  24  hours.  Sometimes  the  wire  ran  0own  very 
slightly  in  the  24  hours  with  the  load,  but  not  often. 

Some  of  the  wires  were  then  broken  quickly.  One  pound  was  added 
to  the  scale  pan,  say  every  three  or  every  five  minutes,  except  in  cases 
where  the  wire  was  visibly  running  down,  when  no  fresh  weight  was 
added  till  the  running  down  stopped.  Another  set  of  wires  waa 
broken  by  adding  a  pound  every  24  hours ;  another  set  was  broken 
by  adding  three-fourths  of  a  pound  every  24  hours ;  another  set 
by  adding  half  a  pound  every  24  hours ;  and  an  experiment  waa 
commenced  in  which  a  quarter  of  a  pound  was  to  be  added  each  day, 
but  this  was  discontinued,  and  to  this  wire  there  was  added  one- 
sixteenth  of  a  pound,  not  at  regular  intervals,  but  only  after  the  wire 
had  borne  the  weight  on  it  for  upwards  of  24  hours  without  suffering 
any  perceptible  elongation.  When  a  small  weight  is  added  to  a  wire^ 
as  was  done  in  this  case,  the  elongation  takes  place  very  slowly.  The 
wire  goes  on  running  down  slowly,  often  for  several  days,  and  it  was 
in  order  to  cause  the  whole  effect  of  the  previous  weight  to  have  been 
produced  before  any  fresh  weight  was  added  that  this  mode  of  adding 
weight  was  adopted.     The  experiment  unfortunately  was  brought  to 
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an  end  after  about  five  months  had  been  expended  on  it  by  the  wire 
becoming  rusted  through.  A  fresh  wire  was,  however,  suspended 
some  months  ago,  and  was  carefully  varnished  to  prevent  rusting.  It 
is  now  under  experiment. 

Pounds. 


I 


"Wire  No.  Ij,  put  up  February  18, 1878,  broke  March  10  with  48  Ibe.,  elongation 
37  cent.,  or  8*132  per  cent. 
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The  following  tables  contain  a  considerable  part  of  the  results  of 
these  experiments. 

Two  kinds  of  wire  were  used  both  of  pure  soft  iron  wire,  drawn 
for  the  purpose  of  these  experiments,  but  differing  slightly  in  the 
treatment  during  the  annealing  process.  They  are  distinguished  in 
our  note  books  as  *'  Black  annealed  wire  "  and  ''  Bright  annealed 
wire."  Tables  I  and  III  show  the  results  of  quick  breaking  of  these 
two  wires,  and  Tables  11  and  IV  the  results  of  slow  breaking.  It  will 
bo  seen  that  the  slow  and  long-continued  application  of  .stress  has  in- 
variably strengthened  the  wire,  a  result  in  itself  of  great  importance. 
It  should  tend  to  correct  some  of  the  views  commonly  held  as  to  the 
danger  of  applying  severe  loads,  as  tests  to  iron  structures,  such  as 
steam  boilers.  It  appears  that  the  iron  wire  here  employed  was  in 
more  than  one  case  actually  improved  in  strength  by  about  10  per 
cent.  As  the  wires  tested  were  about  16  feet  long  and  very  uniform, 
it  is  very  unlikely  that  the  wires  8,  9,  14,  15,  in  Table  11,  were  ab- 
normally strong  over  such  a  length ;  while  the  wire  12,  in  Table  II, 
the  only  one  which  is  not  strengthened,  may  readily  have  contained 
some  slight  flaw,  or  may  have  been  broken  by  some  jar  in  putting- 
on  the  weights. 

The  result  as  to  amount  of  elongation  is  no  less  important.  Wires 
broken  rapidly  receive  an  elongation  of  over  25  per  cent,  on  the 
average;  while  the  same  wire  broken  slowly  is  only  elongated  by 
about  7  per  cent.,  and  in  the  case  of  the  bright  annealed  wires  sa 
small  elongation  as  4*79  per  cent,  was  found  with  a  breaking  weight 
increased  by  6|  per  cent. 

A  specimen  curve  showing  the  relation  between  stretching  weight 
and  elongation  is  here  given.  It  will  be  seen  that  the  stretching  does 
not  go  on  uniformly.  At  the  beginning  the  wire  resists  stretching 
v^ery  much,  till  the  weight  of  32  lbs.  is  reached.  If,  however,  a 
weight  of  29  lbs.  be  put  on  at  first  this  resistance  is  overcome,  and  the 
curve  goes  uniformly  down  till  a  weight  of  about  35  lbs.  is  reached. 
About  this  point  the  wire  appears  to  become  abnormally  stiff  again, 
and  resists  weights  up  to  about  42  lbs.  This  stiffness  is  again  broken 
down  by  this  weight  and  the  wire  runs  rapidly  down  with  increasing 
loads.  These  features  are  noticed  in  every  curve  and  at  very  nearly 
the  same  loads. 

It  might  be  supposed  that  the  stifihess  at  the  very  beginning  is  due 
to  a  skin  of  oxide  acquired  in  the  drawing  and  annealing  process. 
This  is  not  the  case  however.  The  wire  may  be  cautiously  elongated 
in  such  a  way  that  the  skin  must  be  broken  through  arid  the  stiffness 
is  still  retained.  The  stLfiEness  acquired  after  loading  to  the  extent  of 
85  lbs.  could  not  in  any  case  be  accounted  for  by  skin-stiffness. 
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Table  L — Quick  Breaking  of  Iron  Wire,   '036  inch  in  diameter,  at 
yarions  speeds.     "  Black  Annealed  Wire." 


Number  of 

Bate  of  adding 

Breaking  weight 

Per  cent,  of 
elongation  on 
original  length. 

experiment. 

weight. 

in  pounds. 

1 

i  lb.  per  minute. 

45 

25-4 

2 

1       ,«      5  minutes. 

45i 

25-9 

3 

i$       »      6      »> 

45i 

24*9 

4 

»»       it     *      »> 

44i 

24-6 

5 

»i       >»      3      „ 

44* 

24-9 

6 

»i       >»      "       II 

46i 

29-6 

7 

>»       »»      ^      >» 

44i 

27-8 

Table  II. — Slow  Breaking  of  Iron  Wire,  "036  inch   in  diameter,  at 
various  speeds.     "  Black  Annealed  Wire." 


Number  of 
experiment. 

Bate  of  adding 
weight. 

Breaking  weight 
inpoonds. 

Per  cent,  of 
elongation  on 
original  length. 

1 

1  lb.  per  24  hours 

48 

7-68 

2 

n 

48 

8  13 

3 

ft 

47 

7-05 

4 

» 

47 

6-51 

6 

>f 

47 

8-62 

6 

if 

47 

5  17 

7 

ft 

46 

5-50 

8 

i  lb.  per  24  hours 

49 

8-50 

9 

» 

48i 

8-81 

10 

)» 

46 

7-65 

11 

»» 

46 

6-41 

12 

it 

45i 

6-62 

13 

i  lb.  per  24  hours. 

48 

8-26 

•14 

it 

50 

8-42 

15 

it 

49 

7-18 

*  Towards  the  end  of  the  experiment  weights  were  not  put  on  at  regular  intervals, 
bat  much  slower  tlian  i  lb.  per  day. 

Table  III.— Quick  Bi*eaking  of  Iron  Wire,  '036  inch  m  diameter,  at 
various  speeds.     "  Bright  Annealed  Wire." 


Ntimber  of 
experiment. 

Bate  of  adding 
weight. 

Breaking  weight 
in  pounds. 

Per  cent,  of 
elongation  on 
original  length. 

1 
2 
8 

1  lb.  per  6  minutes 

It        6        »> 
„        4,        „ 

44i 
44| 
44} 

28-6 
27  0 
27  1 
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Table  IV. — Slow  Breaking  of  Iron  Wire,   036  inch  in  diameter,  ai 
vaiions  speeds.     "  Bright  Annealed  Wire." 


Number  of 
experiment. 

Bate  of  adding 
weight. 

Breaking  weight 
in  pounds. 

Per  cent,  of 
elongation  on 
original  length. 

1 
2 
3 

1  lb.  per  24  hours 
«      »>            »» 

47 
47 
46i 

6-92 
4-79 
6  00 

I  have  to  acknoiwledge  the  very  great  assistance  rendered  to  me  in 
the  carrying  out  of  these  experiments  by  Mr.  Sinclair  Couper,  who  has 
not  only  most  faithfully  carried  out  the  work  entrusted  to  his  charge, 
but  has  in  many  cases  originated  and  carried  out  experiments  at 
various  points  of  the  inquiry. 


XXII.  *'  Note  on  the  paper  (read  April  24)*  *  A  Summary  of  an 
Inquiry  into  the  Function  of  Reepiration  at  Various  Alti- 
tudes on  the  Island  and  Peak  of  Teneriffe.' "  By  WiLLlAM 
Maroet,  M.D.,  F.R.S.     Received  June  16,  1879. 

In  the  above-stated  communication,  after  alluding  to  Dr.  Rattray's 
observationst  and  remarking  that  I  had  formerly  held  the  same  views 
as  he  did,  namely,  that  less  carbonic  acid  was  exhaled  under  in- 
creasing temperatures  of  the  sun ;  I  add,  I  am  now  compelled,  how- 
ever, to  alter  this  view,  and  to  conclade  that  more  carbonic  acid  is 
formed  in  the  body  under  a  tropical  or  nearly  tropical  sun  than  under 
temperate  latitudes. 

Lest  I  should  be  considered  as  ascribing  to  the  sun's  heat  a  power 
which  so  far  has  not  been  acknowledged  by  physiologists,  namely, 
that  of  increasing  the  formation  of  carbonic  acid  or  the  combustion 
in  the  body,  I  must  beg  to  explain  in  a  few  words  how  the  question 
now  stands.  I  shall  end  by  asking  leave  to  suspend  any  opinion  as 
to  the  cause  of  the  increase  of  combustion  in  the  body  I  observed  to 
take  place  on  the  Island  of  Teneriffe,  until  more  direct  experiment 
has  been  brought  to  bear  on  the  subject. 

From  trustworthy  experiments  by  known  authors,  heat  and  light 
are  found  to  act  differently  with  respect  to  the  formation  of  carbonic 
acid  in  the  animal  and  human  body;  increased  heat,  as  a  rule, 
diminishes  the  production  of  this  gas,  and  it  is  generated  in  excess 
under  increased  light. 

•  "  Proc.  Boy.  Soc.,"  yol.  xxyiii,  p..4©8. 
t  "Proc.  Boy.  Soc.,"  1870, 1871, 1873. 
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The  experimentB  of  Edward  Smith,*  show  that  more  carbonic  acid 
is  expired  by  man  in  summer  than  in  winter.  Vierordtf  finds  that  a 
change  of  temperatnre,  equal  to  10°  F.,  alters  the  amonnt  of  carbonic 
acid  expired  by  00183  per  cent.,  increasing  it  to  that  amonnt  by  a 
fall,  and  raising  it  by  that  figure  throngh  an  increase.  These 
observations  were  made  nnder  temperatures  ranging  between  38° '7 
and  75°7  F. 

Letellier^  in  1845,  investigated  the  action  of  low  and  high  tempera- 
tures on  the  production  of  carbonic  acid  in  the  animal  body.  Animals 
were  made  to  breathe  under  a  glass  receiver  during  periods  varying 
from  half  an  hour  to  several  hours.  The  results  are  stated  in  tables 
which  show  generally  that  at  the  temperature  of  32°  F.,  the  carbon 
burnt  is  twice  as  great  as  at  86°  F.,  while  at  the  ordinary  temperatnre 
intermediate  figures  ai*e  obtained,  there  being  at  times  an  increase 
and  at  others  a  falling  off  in  the  amount  of  carbonic  acid  formed. 
This  applied  equally  to  a  canary  bird,  a  dove,  two  mice,  and  a  guinea- 
pig;  there  was,  however,  a  peculiarity  with  respect  to  two  of  the  guinea- 
pigs.  Out  of  three  experimented  upon,  No.  1  yielded  at  high  and 
low  temperatures  1*457  CO2  and  3*006  CO^  respectively,  or  nearly 
in  the  proportion  of  1  to  2,  while  with  guinea-pigs  Nos.  2  and  3  the 
proportion  of  carbonic  acid  expired  was  1  to  1*5  or  1*4,  instead  of  1 
to  2.  In  these  cases,  however,  both  animals  had  been  clearly  very 
uncomfortable  xmder  the  high  temperature,  and  one  died.  The  sur- 
vivor's temperature  had  risen  by  3°  and  that  of  the  other  by  5° '5.  But 
the  circumstance  perhaps  most  worthy  of  notice,  as  Letellier  expresses 
it,  is  that  heat  which  the  author  finds  under  ordinary  circumstances 
to  reduce  the  formation  of  carbonic  acid  in  the  body,  no  longer 
exerted  the  same  influence  at  night  on  a  dove  submitted  to  experi- 
ment. That  bird  at  the  ordinary  night  temperature  would  have 
given  0*264  grm.  COo,  but  on  raising  the  temperature  to  between 
86°  F.  and  104°  F.,  it  could  not  be  made  to  exhale  less  than 
0*284  grm.  This  observation  is  very  curious,  especially  considering 
that  light,  according  to  Moleschott,  shows  a  marked  influence  in 
promoting  the  formation  of  carbonic  acid  and  darkness  in  checking  it. 
I  do  not  find  that  this  experiment  was  repeated,  still,  if  even  the  only 
one  of  its  kind,  the  result  is  remarkable. 

We  now  come  to  the  interesting  experiments  of  Moleschott§  made 
in  1855,  on  the  influence  of  light  on  the  production  of  carbonic  acid 
in  animals.     Frogs  were  submitted  to  experiment;  he  found  that  100 

•  "  Phil.  Trans.,"  1859. 

t  ** Physiologie  dee  Athenens,"  1845,  and  ''Brit,  and  Foreign  Med.  Beview,** 
1846. 

X  Letellier,  "  Annales  de  Chimie  et  de  Physique,"  Avril,  1845. 

§  T.  Moleschott,  "  Wittelh5fer  Wiener  Medicinische  Wochenschrift,'*  1856,  and 
«  Comptes  Bendus  de  T Acad.,"  t.  41,  1855. 
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grms.  of  these  animals  emitted  in  24  hours  in  the  light  654  mgmis. 
carbonic  acid,  and  in  darkness  522,  giving  the  proportion  of  1  to 
1*25,  the  increase  of  temperatnie  accompanying  the  light's  inflnence 
^nly  amounted  to  2° '93  C,  so  that  it  could  not  be  considered  as 
having  exerted  any  influence.  In  another  paper  (same  voL  "  Gompt. 
Bend.")  Moleschott  determines  the  degree  of  the  light  used  in  his 
-experiments  by  means  of  photographic  paper  exposed  for  five  minutes 
to  the  light,  and  compares  the  depth  of  tint  obtained  with  standard 
colours.  He  finds  that  the  carbonic  acid  produced  under  a  feeUe 
degree  of  light  is  to  that  exhaled  under  a  very  powerful  light  as 
1  :  1*18,  the  increase  of  temperature  being  only  by  1°*65  C.  He 
■concludes : — 1.  That  frogs  for  similar  weights,  and  in  equal  periods,  ex- 
hale from  one-twelfth  to  one-quarter  more  carbonic  acid  when  breathing 
under  the  influence  of  light  than  while  in  the  dark,  so  long  as  the 
temperatures  are  equal  or  vary  but  slightly.  2.  The  production  of 
<jarbonic  acid  increases  in  a  direct  ratio  with  an  increase  of  the  light 
to  which  the  animals  are  submitted.  8.  The  influence  light  exercises 
towards  increasing  the  amount  of  carbonic  acid  emitted,  acts  partly 
through  the  eyes,  partly  through  the  skin. 

Our  knowledge  on  the  influence  of  light  upon  the  growth  of 
animals,  has  been  extended  quite  lately  by  the  interesting  experiments 
of  Emile  Young,  of  Geneva.*  The  favourable  influence  of  violet  and 
blue  light  on  the  nutrition  of  animal  tissues  is  clearly  demon- 
strated in  that  paper.  He  cites  M.  66clard  who,  in  1858,  observed 
that  the  worms  from  flies'  eggs  acquired  growth  in  violet  and  blue 
light  much  more  rapidly  than  in  white  and  gredn  light.  Mr.  Emile 
Young,  by  experimenting  on  frogs'  eggs,  observes  that  tadpoles 
become  developed  much  more  speedily  in  violet  and  blae  light  than  in 
red  and  green  light,  and,  moreover,  that  when  grown  in  white  light, 
and  then  exposed  without  receiving  any  food  to  the  influence  of 
•coloured  lights,  they  die  soonest  under  the  violet  rays.  He  also  states 
he  has  seen  that  tadpoles  reared  under  violet  light  resist  starvation 
longest  if  placed  afterwards  under  white  light.  He  concludes  that 
violet  light  apparently  promoted  the  nutrition  of  tadpoles  more  than 
any  other  coloured  light.  An  allusion  is  made  in  his  paper  to  the  ex- 
periments of  General  Pleasanton,  who  found,  by  keeping  young  sows 
under  violet  and  white  glass  during  six  months,  that  those  under  the 
violet  glass  gained,  for  equal  weights,  34  lbs.  more  than  those  under 
white  glass.  Experiments  on  oxen  by  the  same  author  yielded  similar 
results. 

From  this  mass  of  experimental  work  bearing  on  the  influence  of 
heat  and  light  on  animal  combustion,  it  may  be  concluded  : — 1.  That 
an  increase   of    temperature    causes,   or  strongly    predisposes  to   a 

*  Emile  Young,  *<  Influence  des  Lumi^res  Color^es  sor  le  D^Teloppement  dfls 
Animaux."    *' Archiyee  des  Sciences  Physiques  et  Naturelles,"  Man,  1879. 
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falling  off  in  the  production  of  carbonic  acid,  or  lessens  combustion  in 
the  animal  body.  2.  That  increase  of  light,  especially  of  violet  and 
bine  light  (the  most  actinic  rays),  either  causes,  or  greatly  predis- 
poses to  the  formation  of  an  increase  of  carbonic  acid,  thereby  pro- 
moting animal  combustion. 

These  results  do  not,  it  will  be  obserred,  apply  to  the  united  action 
of  heat  and  light,  but  to  the  influence  of  heat  and  light  considered 
separately.  They  are,  I  fear,  calculated  to  give  us  but  little  assistance 
towards  a  knowledge  of  the  influence  of  tropical  climates  on  the 
phenomena  of  combustion  in  progress  in  the  healthy  human  body. 

The  only  direct  experiments  and  observations  on  that  subject,  with 
which  I  am  acquainted,  are  those  of  Dr.  Eattray,  alluded  to  in  my 
paper.  He  finds  that  the  body  loses  weight  in  passing  from  a  cold 
into  a  tropical  climate,  and  regains  it  on  its  returning  under  a  colder 
latitude  ;  and,  moreover,  that  in  tropical  countries  the  temperature  of 
the  body  has  a  distinct  tendency  to  rise  slightly  above  its  normal  con- 
dition in  temperate  zones.  The  increased  waste  of  tissue,  and  the 
rise  of  temperature  of  the  body  under  a  tropical  sun,  even  should  it 
only  be  trifling,  appear  to  me  to  show  a  tendency  to  increased  com- 
bustion in  the  body  in  a  tropical  climate  ;  and  the  marked  excess  of 
carbonic  acid  I  found  to  be  exhaled  under  the  sun  of  Teneriffe  in  July 
and  August,  over  that  given  out  near  the  Lake  of  Geneva  and  in  the 
Alps,  is  quite  in  keeping  with  Dr.  Rattray's  observations. 

What  is  the  cause  of  this  increased  combustion  and  waste  of  tissue 
under  a  tropical  climate  P  Is  it  the  excess  of  the  sun's  heat,  is  it  the 
increase  of  the  sun's  light,  or  is  it  a  combined  action  of  both  p  After 
what  has  been  reported  in  this  note,  it  must  be  concluded  that  the 
answer  is  difficult  to  give,  and  we  must  await  further  experiment  to 
be  able  to  explain  this  very  interesting  and  important  phenomenon. 

So  far  my  two  communications  to  the  Royal  Society,  on  the  in- 
fluence of  altitude  upon  respiration,  have  been  strictly  limited  to  brief 
summaries.  I  have  not  yet  given  the  history  of  what  has  been  done 
on  that  subject,  otherwise  I  would  have  had  many  important  physio- 
logical contributions  to  cite ;  l^ese  I  shall  propose  to  consider  on 
another  occasion. 


VOL.  xxii. 
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XXIII.  "  Agiicultural,  Botanical,  and  Chemical  Reeultfl  of  Ex- 
periment on  the  Mixed  Herbage  of  Peimanent  Meadow, 
conducted  for  more  than  twenty  years  in  succession  on 
the  same  land."  By  J.  B.  Lawes,  LL.D.,  F.R.S.,  F.C.S., 
and  J.  H.  Gilbert,  Ph.D.,  F.R.S.,  F.C.S.,  F.L.S.  Received 
June  16,  1879. 

(Abstract.) 

In  the  experiments  at  Rothamsted  with  difierent  manures,  wheat 
has  now  been  grown  for  thirty-six  years  in  sncoession  on  the  same  land, 
barley  for  twenty-eight  years,  and  oats  for  nine  years.  Somewhat  in  like 
manner,  but  with  some  breaks,  beans  have  been  grown  over  a  period  of 
more  than  thirty  years,  clover  for  many  years,  and  **  root-crops  "  (tur- 
nips, sugarbeet,  or  mangel-wurzel)  also  for  more  than  thirty  years.  Each 
of  these  individual  crops  has  exhibited*  certain  distinctive  characters 
under  this  unusual  treatment.  But,  wiihal,  those  of  the  same  natural 
family,  wheat,  barley,  and  oats,  for  example,  have  shown  certain 
characters  in  common,  those  of  the  Leguminous  &mily  characters 
widely  different,  whilst  the  so-called  root-crops,  belonging  to  the 
Cruciferous  and  Ghenopodiaceous  families,  have  exhibited  character- 
istics differing  from  those  of  either  the  GraminesB  or  the  Legnminosffi. 

Compared  with  the  conditions  of  growth  of  any  one  of  these  indi- 
vidual crops  grown  separately,  those  of  the  mixed  herbage  of  grass 
land  are  obviously  extremely  complicated.  Thus,  it  comprises,  besides 
numerous  genera  and  species  of  the  gramineous  and  leguminous 
families,  representatives  also  of  many  other  natural  orders,  and  of 
some  of  great  prominence  and  importance  as  regards  their  prevalence 
and  distribution  in  vegetation  generally.  And  if,  under  the  influence 
of  characteristically  different  manuring  agents,  as  has  been  the  case, 
there  have  been  observed  notable  differences  in  the  degree  of  luxuriance 
of  growth,  and  in  the  character  of  development,  even  between  closely 
allied  plants  when  each  is  grown  separately,  and  much  greater  differ- 
ences  between  the  representatives  of  different  families  when  so 
separately  grown,  might  we  not  expect  very  remarkable  variations  of 
result,  when  different  manures  are  applied  to  an  already  established 
mixed  herbage  of  perhaps  some  fifby  species  growing  together,  repre- 
senting nearly  as  many  genera  and  more  than  twenty  natural  orders  ? 

Such,  far  beyond  what  could  have  been  anticipated,  has  been  the 
case  in  the  experiments  described.  So  complicated,  indeed,  have 
been  the  manifestations  of  the  "  struggle  '*  that  has  been  set  up,  that, 
even  after  more  than  twenty  years  of  laborious  experiment,  both  in 
the  field  and  in  the  laboratory,  and  following  up  both  the  botany  and 
the  chemistry  of  the  subject,  we  can  hardly  claim  to  have  yet  done 
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much  more  than  reach  the  threshold  of  a  very  comprehensive  inquiry. 
Still,  we  hope  to  establish  some  points  of  general  interest ;  and  possibly 
to  indicate  promising  paths  of  future  research. 

From  the  title  of  our  paper,  it  will  at  once  be  concluded  that  the 
experiments  were  originally  undertaken  and  arranged  from  an  agri- 
cultural point  of  view.  But,  as  experimenting  on  the  feeding  of 
animals  soon  led  us  into  lines  of  inquiry  of  even  more  interest  to  the 
chemist,  the  animal  physiologist,  and  the  dietetician,  than  to  the 
agriculturist,  so  the  investigation  of  the  effects  of  different  manures 
on  the  mixed  herbage  of  grass  land  has  led  us  &r  beyond  the  limits  of 
a  purely  agricultural  problem,  and  has  afforded  results  of  more  interest 
to  the  botanist,  the  vegetable  physiologist,  and  the  chemist,  than  to 
the  farmer.  Indeed,  agriculture,  the  most  primitive,  and  commonly 
esteemed  the  rudest  of  the  arts,  requires  for  the  elucidation  of  the 
principles  involved  in  its  various  practices,  a  very  wide  range  of 
scientific  inquiry ;  and  the  investigation  of  them  may,  in  its  turn,  con- 
tribute facts  of  interest  to  the  student  of  various  and  very  distinct 
branches  of  natural  knowledge. 

It  will  be  readily  understood  that,  as  a  necessary  foundation  for  the 

.  discussion  of  the  botany  and  the  chemistry  of  the  subject,  it  will  be 

essential  first  to  put  on  record,  and  call  attention  to,  what  may  be 

distinguished  as  the  agricultural  data.    It  is  proposed,  then,  to  arrange 

and  consider  the  results  obtained  under  the  following  heads  : — 

Part  I The  Agricultural  Results. 

Part  II The  Botanical  Results. 

Part  III The  Chemical  Results. 

The  general  scope,  objects,  and  results  of  the  whole  inquiry  may  be 
briefly  indicated  as  follows  : — 

About  seven  acres  in  the  park  at  Rothamsted  have  been  set  apart 
for  the  experiments,  and  divided  into  plots.  Two  of  these  have  been 
left  without  manure  from  the  commencement;  two  have  received 
ordinary  farm-yard  manure,  whilst  the  remainder  have  each  received 
a  different  description  of  artifical  or  chemical  manure,  the  same  being, 
except  in  special  cases,  applied  year  after  year  on  the  same  plot. 

Referring  first  to  the  Agricultural  Bestdts,  it  may  be  premised  that, 
taithovi  manure,  the  produce  of  hay  has  varied  from  year  to  year, 
according  to  season,  from  about  8  cwt.  to  nearly  39  cwt.  per  acre,  and 
the  average  yield  has  been  about  23  cwt.  per  acre  per  annum.  On  the 
other  hand,  the  plot  the  most  heavily  artificially  manured,  and  yielding 
the  highest  amount  of  produce,  has  given  an  average  of  about  64  cwts. 
of  hay  per  acre  per  annum,  with  a  variation  from  year  to  year  from 
under  40  cwts.  to  nearly  80  cw1».  Intermediate  between  the  extremes 
here  quoted,  very  great  variation  in  the  amount  of  produce  has  been 
exhibited  on  the  other  differently  manured  plots. 

s2 
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With  these  great  difEerences  in  the  amounts  of  produce  the  botanical 
character  of  the  herbage  has  varied  most  strikingly.  Thus,  start- 
ing with  perhaps  fiftj  species  on  the  unmanared  land,  any  kind  of 
mannre,  that  is,  anything  that  increases  the  growth  of  any  species, 
induces  a  struggle,  greater  or  less  in  degree,  causing  a  greater  or  less 
diminution,  or  a  disappearance,  of  some  other  species ;  until,  on  some 
plots,  and  in  some  seasons,  less  than  20  species  have  been  observable, 
and  on  some,  after  a  number  of  years,  no  more  than  this  are  ever 
traceable. 

Even^n  the  first  years  of  the  experiments  it  was  noticed  that  thoee 
manures  which  are  the  most  effective  with  wheat,  barley,  or  oats,  grown 
on  arable  land,  that  is,  with  gramineous  species  grown  separately,  were 
also  the  most  effective  in  bringing  forward  the  grasses  proper,  in  the 
mixed  herbage ;  and,  again,  those  manures  which  were  the  most 
beneficial  to  beans  or  clover,  the  most  developed  the  leguminoos 
species  of  the  mixed  herbage,  and  vice  versd.  It  was  further  observed 
that  there  was  great  variation  in  the  predominance  of  individual 
species  among  the  grasses,  and  also  among  the  representatives  of  other 
orders.  And  even  in  the  second  year  the  differences  in  the  flora,  so  to 
speak,  were  so  marked,  that  a  first  attempt  at  a  botanical  analysis  of 
carefully  taken  samples  of  the  produce  of  some  of  the  plots  was  then 
made ;  in  -the  third  year  more  detailed  separations  were  made ;  and, 
taking  advantage  of  the  experience  thus  gained,  pretty  complete 
botanical  analyses  have  since  been  conducted  four  times,  at  intervals  of 
five  years,  during  the  course  of  the  now  twenty-four  years  of  the  experi- 
ments ;  and  on  several  other  occasions  partial  separations  have  been 
undertaken.  The  character  and  tendency  of  the  results  so  obtained 
may  be  very  briefly  indicated  as  follows : — 

In  the  produce  grown  continuously  without  manure  the  average 
number  of  species  found  has  been  49.  Of  these,  17  are  grasses,  4 
belong  to  the  order  Leguminos»,  and  28  to  other  orders.  The  per- 
centage by  weight  of  the  grasses  has  averaged  about  68,  that  of  the 
LeguminosBB  about  9,  and  that  of  species  of  other  orders  23. 

In  the  produce  of  the  plot  already  referred  to  as  the  most  heavily 
manured,  and  yielding  the  heaviest  crops,  the  average  number  of 
species  found  has  been  only  19,  of  which  12 — 13  are  grasses,  one  only 
(or  none)  leguminous,  and  5 — 6  only  represent  other  orders ;  whilst 
the  average  proportions  by  weight  have  been — of  grasses  about  95  per 
cent.,  of  LeguminossB  less  than  001  per  cent., and  of  spepies  represent- 
ing other  orders  less  than  6  per  cent. 

On  the  other  hand,  a  plot  receiving  annually  manures  such  as  are  of 
little  avail  for  gramineous  crops  grown  separately  in  rotation,  but 
which  favour  beans  or  clover  so  gr&mi,  has  given  on  the  average 
4:^  species.  Of  these  17  in  number  are  grasses,  4  Leguminosw,  and 
22  belong  to  other  orders ;  but  by  weight  the  percentage  of  grasses  has 
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averaged  only  65 — 70,  that  of  the  LegaminossB  nearly  20,  and  that  of 
species  belonging  to  other  orders  less  than  15. 

With  such  very  great  yariations  not  only  in  the  amount,  but  in  the 
botanical  character  of  the  produce  of  a  crop  under  any  circumstances 
so  complex,  it  might  be  anticipated  that  there  would  be  very  great 
differences  in  its  chemical  composition,  partly  due  directly  to  the 
supply  of  constituents  by  manure,  partly  to  variation  in  the  descrip- 
tion of  plants  encouraged,  and  partly  to  the  character  and  degree  of 
development  and  ripeness  of  the  varying  components  of  the  mixed 
herbage,  according  to  the  season  and  to  the  manure  employed. 

With  a  view  to  the  elucidation  of  this  part  of  the  subject,  the  dry 
matter  and  the  ash  have  been  determined  in  the  produce  of  every  plot 
in  every  season,  the  nitrogen  in  that  of  all  the  plots  for  many  of  the 
seasons,  and  in  some  cases  the  amount  of  it  existing  as  albuminoids 
has  been  determined.  In  selected  cases  also  comparative  determina- 
tions of  "  crude  woody-fibre "  and  of  crude  fotty  matter  have  been 
made.  About  120  complete  ash  analyses  have  been  executed.  And, 
lastly,  samples  of  the  soil  of  every  plot,  in  some  cases  at  different 
periods,  and  in  most  cases  representing  the  first,  second,  third,  fourth, 
fifth,  and  sixth  depths  of  9  inches,  or  in  all  to  a  total  depth  of  54 
inches,  have  been  collected,  and  these  have  been  chemically  examined 
in  various  ways. 

It  is  found  that  there  is  a  considerable  difference  in  the  percentage 
of  dry  substance  in  the  produce,  and  very  considerable  difference  in 
the  percentage  of  mineral  matter  (or  ash)  in  that  dry  substance. 
There  is  still  greater  difference  in  the  percentage  of  nitrogen  in  the 
dry  matter,  and  again,  a  greater  difference  still  in  the  percentage  of 
individual  constituents  of  the  ash.  When  indeed  it  is  remembered  that 
a  plot  may  have  from  20  to  50  different  species  growing  upon  it,  each 
with  its  own  peculiar  habit  of  growth,  and  consequent  varying  range 
and  power  of  food-collection,  it  will  not  appear  surprising  that 
different  species  are  developed  according  to  the  manure  employed; 
and,  this  being  so,  that  the  character  and  amount  of  the  constituents 
taken  up  from  the  soil  by  such  a  mixed  herbage  should  be  found  much 
more  directly  dependent  on  the  supplies  of  them  by  manure  than  is  the 
case  with  a  crop  of  a  single  species  growing  separately. 

In  further  illustration  it  may  be  mentioned  that,  not  only  does  the 
percentage  of  nitrogen  in  the  produce  of  the  different  plots  vary  con- 
siderably,  but  the  average  annual  aQK>unt  of  it  assimilated  over  a  given 
area  is  more  than  three  times  as  much  in  some  cases  as  in  others. 
Again,  the  percentage  of  potass  in  the  dry  substance  is  more  than 
double  as  much  in  some  cases  as  in  others ;  whilst  the  difference  in  the 
average  anniial  amount  of  it  taken  up  over  a  given  area  is  more  than 
five  times  as  much  on  some  plots  as  on  others,  dependent  on  the  supplies 
of  it  by  manure,  and  the  consequent  description  of  plants,  and  amount 
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and  character  of  growth  induced.  The  percentage  and  acreage 
amounts  of  phosphoric  acid  also  vary  yery  strikingly ;  and  so  again  it 
is  with  other  mineral  constituents,  but  in  a  less  marked  deg^e. 

It  will  be  seen  that  in  the  history  of  so  many  of  what  may  be  called 
natural  rotations,  we  can  hardy  fail  to  learn  much  that  is  of  interest, 
not  only  in  reference  to  the  growth  of  the  mixed  herbage  of  permit 
nent  grass  land,  but  also  something  of  the  relative  positions  of  the 
different  plants  that  are  grown  separately,  in  alternation  with  one 
another,  in  the  artificial  rotations  adopted  on  arable  land. 

The  botanical  results  are,  moreover,  of  much  independent  interest, 
both  by  the  facts  which  they  already  contribute,  and  by  the  incentive 
and  direction  they  may  give  to  future  research. 

Lastly,  the  chemistry  of  the  subject  will  be  found  to  offer  many 
points  of  interest,  in  regard  to  the  variation  in  the  percentage  com- 
position  of  the  produce,  according  to  the  manure  applied;  to  the 
description  of  plants  developed,  and  to  the  character  of  their  develop- 
ment ;  to  the  availableness  of  the  constituents  artificially  supplied ; 
and  to  the  amount  and  limit  of  the  natural  resources  of  the  soil,  both 
actually  and  compared  with  the  results  obtained  when  individual 
species  are  grown  in  arable  culture. 

It  will  be  readily  understood  that  the  record,  and  the  discussion,  of 
the  agricultural,  the  botanical,  and  the  chemical  history  of  about  20 
plots,  in  20  different  seasons,  must  involve  much  detail ;  and  although 
it  is  obvious  that  facts  special  to  any  one  of  the  three  main  divisions 
of  the  subject  may  require  for  their  elucidation  reference  to  those  of 
one  or  both  of  the  others,  it  is  still  believed  that  it  will  conduce  to 
clearness,  and  reduce  unavoidable  repetition,  to  maintain  the  divisions 
proposed  as  far  as  possible. 

On  the  present  occasion.  Part  I  only,  entitled — "The  Agricultural 
Results,"  is  presented.  In  Part  II,  "The  Botanical  Results,"  which 
will  next  follow,  Dr.  M.  T.  Masters,  F.R.S.,  is  joint  author. 


XXIV.  "  On  the  Comparative  Structure  of  the  Cortex  Cerebri," 
By  Bevan  Lewis,  L.R.C.P.  Lend.,  Assistant  Medical  Officer, 
West  Riding  Asylum,  Wakefield.  Communicated  by  Dr. 
Ferrier,  F.R.S.,  Professor  of  Forensic  Medicine,  King's 
College,  London.    Received  June  18,  1879. 

(Abstract.) 

The  object  held  in  view  throughout  this  investigation  has  been  that 
of  instituting  an  inquiry  into  the  minute  structure  of  the  cortex  of 
the  brain  in  a  prominent  member  of  the  Artiodactyla,  and  to 
critically  compare  the  results  with  those  obtained  from  an  examination 
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of  coirespondiiig  structnres  in  certain  members  of  the  Baminantia, 
Camivora,  Qnadmmana,  and  also  in  the  human  brain.  For  this  pur- 
pose the  cerebrum  was  examined  in  the  pig,  sheep,  cat,  ocelot,  and 
Barbary  ape.  In  all  cases  the  hemispheres  were  sliced  from  end  to 
end  in  the  fresh  state  upon  the  freezing  microtone,  and  the  sections 
examined  seriatim^  both  fresh  and  after  preparation  by  a  process 
already  described.*  The  regions  to  which'  special  observation  has 
been  directed,  are  those  over  which  a  five-  and  a  six-laminated  type  of 
cortex  prevails,  and  which,  in  the  members  of  the  Ungulata  examined, 
include  the  upper  arc  of  the  great  limbic  lobe  (gyrus  fomicatus),  the 
frontal  lobe,  and  the  great  mass  of  convolutions  entering  into  the 
formation  of  the  parietal  lobe. 

In  this  brief  abstract  I  propose  merely  to  enumerate  the  general 
conclusions  arrived  at,  and  which  may  be  stated  as  follows  : — 

1st.  In  the  Ungulata,  as  in  higher  Mammals,  the  cortex  .of  the 
brain  exhibits  an  extensive  six-laminated  region  and  a  less  extensive 
area  constituted  of  five  layers  of  nerve  cells.  These  layers  in  the 
six-laminated  cortex  consist,  as  in  higher  animals,  of  a  peripheral 
cortical  layer,  a  second  layer  of  small  pyramidal  cells,  a  third  layer  of 
large  pyramidal  cells,  a  fourth  of  small  pyramidal  and  angular 
elements,  succeeded  by  the  large  cells  of  the  ganglionic  series,  and  lastly 
the  layer  of  spindle  cells.  The  divergencies  observed  in  various  groups 
of  animals  are  not  dependent  upon  the  general  conformation  and 
constitution  of  these  layers,  so  much  as  upon  differences  observed  in 
the  essential  characters  of  their  elements  and  their  mode  of  dis- 
tribution. 

2nd.  In  the  five-laminated  type,  the  second  band  of  small  angular 
and  pyramidal  cells  is  absent  and  the  ganglionic  layer  assumes 
characteristic  features. 

3rd.  Transition  realms  occur  betwixt  both  laminated  types  in  which 
the  special  features  characteristic  of  the  ganglionic  series  are  in  direct 
proportion  to  the  thinning  out  and  disappearance  of  the  second  band 
of  angular  elements. 

4th.  The  ganglionic  series  in  these  members  of  the  Ungulata  differs 
from  that  of  higher  Mammals  in  the  conformation  of  its  individual 
elements  and  their  distribution. 

As  to  Conformation.  The  cells  are  more  elongated,  pyramidal  in  con- 
tour, and  never  assume  the  same  average  dimensions  as  those  of 
the  cat,  ocelot,  and  ape.  The  swollen  plump  cell  of  these  animals  is 
never  seen  in  the  pig  and  sheep. 

As  to  Distribution.  They  are  scattered  over  a  comparatively  far 
wider  area  of  the  cortex.* 

5th.  The  pyramidal  form  assumed  by  these  cells  is,  from  reasons 
stated  in  the  original  paper,  significant  of  far  less  complex  relation- 
•  "  Brain,"  a  Journal  of  Neurology.    Part  iii    1878. 
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ships  through  their  branches,  the  latter  being  far  more  nnmerons  in 
the  swollen  irregular  cells  of  higher  Mammals. 

6th.  The  pyramidal  cells  of  this  layer  closely  approach  in  their 
dimensions  and  contour  the  larger  pyramidal  cells  of  the  third  layer 
in  man  and  the  ape,  and  may  be  assumed  to  work  upon  the  same 
physiological  level. 

7th.  The  ganglionic  series  in  these  members  of  the  Ungulata, 
assumes  the  clustered  arrangement  which  is  seen  most  highly  de- 
veloped in  the  motor  area  of  the  brain  of  the  higher  Mammalia. 
These  clusters,  or  nests  of  Betz,  are  in  the  pig  and  sheep  more  d^isely 
packed  with  cells  than  in  higher  animals,  cover  oblong  or  oval  areas 
of  some  depth,  and  in  the  most  highly  developed  region  of  this 
lamination  are  so  closely  approximated  that  they  tend  to  become  con- 
fluent and  assume  most  distinctive  features. 

8th.  .The  regions  over  which  the  five-laminated  cortex,  with  its 
nested  cells,  spreads,  are  for  the  Ungulata  the  anterior  half  of  the  great 
limbic  lobe  (superior  arc),  the  whole  of  the  frontal  lobe,  and  the 
lower  parietal  gyri. 

9th.  The  chief  point  of  interest  as  regards  the  five-laminated  cortex, 
is  the  fact  that  the  whole  ganglionic  series  throughout  this  extensive 
area  maintains  a  remarkable  uniformity  of  the  magnitude  of  its  ele- 
ments, and  in  the  complexity  of  their  relationships. 

10th.  This  fact  is  highly  significant,  since,  upon  localising  the 
corresponding  stratum  in  the  cat  and  the  ocelot,  we  find  its  g^rand 
development  limited  to  the  immediate  neighbourhood  of  the  crucial 
sulcus.  Qn  the  other  hand,  in  the  ape  and  in  man  we  find  over 
a  wide  area  of  the  cortex  the  same  type  of  formation,  but,  far  from 
there  being  general  uniformity  in  the  size  and  com^^exity  of  its  cells, 
there  is  exhibited  here  an  exceedingly  rich  development  of  this  layer 
in  the  paracentral  lobule  of  Betz,  and  the  centre  for  the  movements 
of  the  hand  and  arm,  whilst  other  portions  of  the  motor  area  are  less 
conspicuously  developed  the  more  distant  they  are  from  these  areas. 

11th.  These  anatomical  fitcts  enable  us  to  conclude : — 

(a.)  That  in  the  Camivora  the  motor  centres  are  concentrated,  so  to 
speak,  upon  the  limited  area  occupied  by  the  limbic  and  parietal 
boundaries  of  the  crucial  sulcus. 

(h.)  That  in  the  Quadrumana  and  Man  they  are  more  widely 
scattered  and  betray  great  divergence  in  developmental  complexity  at 
different  sites. 

(c.)  That  in  the  Ungulata  they  are  still  more  widely  scattered,  but 
exhibit  at  all  points  a  most  noteworthy  uniformity  in  their  structural 
details  and  grouping^,  assuming,  at  the  sanie  time,  a  great  resem- 
blance to  the  elements  of  the  third  layer  of  the  cortex  in  the  higher 
orders  of  Mammalia. 

12Ui.  It  is,  therefore,  inferred,  that  dissociation  of  centres  plays  an 
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important  part  in  the  explication  of  Aindamental  divergencies  in  the 
role  of  cerebral  activity — thns,  close  concentrated  association  of 
centres  is  maintained  in  those  animals  where  the  associated  move- 
ments of  vast  moscnlatores  are  required  to  act  in  ooncerfc  for  sudden 
and  supreme  efforts  in  the  struggle  for  existence — hence  the  peculiar 
structure  of  the  motor  area  in  the  cat  and  ocelofc. 

The  dissociation  observed  in  man  and  the  ape  appears  to  point  to 
the  comparative  independence  of  special  musculatures,  to  the  possi- 
liiHty  of  their  higher  education,  and  (in  the  great  disproportionate 
complexity  of  certain  areas)  to  the  pre-eminently  high  and  complex 
relationships  of  these  special  centres  and  the  musculatures  which  they 
represent. 

The  widespread  dissociation  of  centres  observed  in  the  species  of 
TJngulata  examined,  points,  on  the  other  hand,  to  a  comparative  sim- 
plicity in  their  resultant  activities — there  being  in  these  animals  no 
special  demand  for  the  collective  and  complex  associations  in  action  of 
widely  separated  musculatures. 

Idth.  The  results  of  the  investigation  lend  still  stronger  confirma- 
tion  to  the  belief  that  these  anatomical  units  of  the  ganglionic  layer 
are  especially  concerned  in  the  production  of  those  complex  move- 
ments, which  Ferrier  has  shown  to  be  the  special  functional  endow- 
ment of  the  motor  area ;  and  it  is  highly  probable  that  a  study  of  the 
dimensions,  distribution,  and  relationships  of  these  cells  in  the  lower 
animals  will  serve  to  elucidate,  in  some  degree,  the  diversified  phe- 
nomena resulting  from  the  excitation  of  this  important  area  of  the 
cerebral  cortex. 

Nora. — ^In  a  recent  contribution  ("  Psychiatriacheft  Oentralblatt/*  Nr.  6), 
Keynert,  referring  to  the  discovery  by  Betz  of  the  pyramidal  cells  in  the  motor  area, 
attributes  to  it  no  importance.  He  states  that  the  size  of  these  cells  depends  simply 
upon  the  distance  pursued  by  their  processes  towards  the  outer  zone  of  the  cortex. 
I  need  scarcely  point  out  the  self-eyident  fallacies  inyolved  in  this  line  of  argument. 
Suffice  it  to  say,  that  such  a  rule  cannot  be  one  of  uniyersal  applicability,  since, 
although  the  size  of  these  cells  as  a  general  fact  increases  with  their  depth,  yet, 
from  the  second  down  to  the  fourth  layer,  we  find  numerous  pyramidal  cells  no 
larger  than  those  of  the  second  layer.  Again,  over  many  regions  of  the  cortex,  the 
cells  of  the  third  layer  are  often  larger  than  those  of  the  fourth.  In  these  cases, 
therefore,  Meynert's  assumption  is  untenable.  Further,  these  cells  are  often  larger 
at  the  sides  of  a  gyrus  and  the  bottom  of  a  sulcus  than  beneath  the  summit  of  the 
oonTolution,  i.e.,  at  a  shallower  portion  of  the  cortex  than  at  a  deeper  site.  As  this 
theory  of  Meynert  does  not  explain  the  very  specialized  form,  relationships,  or 
arrangement  of  these  elements,  nor  proyide  for  the  constant  and  extensire  excep- 
tioDS  to  be  taken  to  his  rule,  the  abore  considerations,  together  with  others  which 
most  oooor  to  a  candid  and  careful  inquirer,  will  proye  wholly  subyersiye  of  such  a 
doctrine. 
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XXV.  "  An  Account  of  flxperimente  on  the  Influence  of  Colloids 
upon  Crystalline   Form,  and  on  Movements  observed  in 
Mixtures  of  Colloids  with  Crystalloids."    By  William  M. 
Ord,  M.D.   Lond.,  F.L.S.    Communicated  by  J.   Simon, 
C.B.,  D.C.L.,  F.R.S.    Received  June  4,  1879. 
LPlate  1.] 
In  the  "  Proceedings  of  the  Royal  Society  '*  for  1866,  Dr.  Mont- 
gomery has  recorded  some  very  remarkable  observations  made  by  him 
on  the  behaviour  of  "  myelin  "  when  brought  into  contact  with  water. 
'*  Myelin  "  being  a  term  of  various  applications,  it  is  necessary  to  state 
that  the  substance  indicated  in  Dr.  Montgomery's  statement  is  an 
alcoholic  extract  of  yolk  of  egg.    A  small  quantity  being  placed  on 
a  microscope-slide,  and  covered  with  thin  glass,  is  brought  under 
observation  by  a  tolerably  high  object-glass.     The  mass  is  shapeless, 
and  indistinguishable  from  crushed  grease  till  the  addition  of  water, 
when  a  multitude  of  minute  rounded  processes  begin  to  sprout  from 
all  parts  of  the  surface  exposed  to  the  action  of  the  water.     The  pro- 
cesses are,  when  fairly  formed,   tube-like,  with  bulbous  or  simply 
rounded  ends,  have  a  thick,  refractile  contour,  and  apparently  fluid 
contents.     They  remind  one  of  nerve-tubes,  or,  still  more  closely,  of 
the  tubular  and  rounded  projections  which  are  seen,  under  the  micro- 
scope, to  issue  from  the  cut  ends  of  nerves  in  contact  with  water. 
Dr.  Montgomery  shows  in  the  same  paper  that,  if  albuminous  fluid  be 
used  instead  of  water,  spheroidal  protrusions  are  formed,  and  float  free. 
Recently,  in  the  examination  of  a  biliary  calculus  containing  much 
cholesterin,  my  attention  has  been  drawn  to  some  very  remarkable 
changes  of  form  undergone  by  that  substance  under  certain  condi- 
tions— changes  so  important  in  their   resemblance    to  phenomena 
taking  place  in  minute  living  organisms,  that  I  am  induced  to  give 
an  account  of  them.     It  will  be  seen  that  they  belong  partly  to  the 
class  of  changes  described  by  Dr.  Montgomery,  as  above  quoted,  and 
partly  to  those  described  by  Mr.  Rainey  in  his  well-known  work  on 
**  Molecular  Coalescence." 

Pure  cholesterin  crystallises,  as  everybody  knows,  in  the  form  of 
colourless  rhombic  plates.  It  is  insoluble  in  water  and  most  saline 
solutions,  but  is  supposed  to  be  held  in  solution  in  the  bile  by  tauro- 
cholic  acid  or  the  soda  salt  of  that  acid.  In  biliary  calculi  it  is  found 
for  the  most  part  crystalline;  but  at  the  surface  of  calculi  and  io 
biliary  gravel  it  often  occurs  in  lustrous  spherules. 

Experiment  1. — An  ethereal  solution  of  cholesterin  is  added  to  fresh 
egg-albumen  in  the  proportion  of  one  part  to  two.  After  good  fttiftViTig 
in  a  test-tube,  the  mixture  becomes  gelatinous,  and  is  left  for  twenty- 
four  hours  in  the  test-tube,  or  for  any  period  exceeding  half  an  hour, 
in  an  evaporating  dish  to  allow  of  free  escape  of  the  ether.    As  the 
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ether  passes  off,  the  cholesterin  is  deposited  in  the  substance  and  on 
the  sorface  of  the  albumen.  The  superficial  deposit  is  partly  crys- 
talline, but  the  deposit  in  the  albumen  is  entirely  spherical  or  acicular. 
The  crystals  on  the  surface  are  rarely  perfect,  and  generally  have  rounded 
angles  (Plate  1,  figs.  1, 2).  The  spheres  are  of  all  sizes  up  to  7^  inch 
diameter,  and  are  at  first  homogeneous  and  singularly  lustrous  (fig.  17). 
But  they  speedily  begin  to  undergo  internal  disintegration.  Becoming 
cloudy,  they  are  soon  made  out  to  be  composed  of  fine  short  needles, 
packed  together  like  very  closely  cropped  hair,  brushed  in  a  direction 
running  from  one  pole  to  the  opposite  (figs.  8 — 11).  Subsequently 
they  break  up  into  tufts  of  hair-like  needles,  radiating  in  a  brush  from 
the  pole  of  divergence,  and  these  tufbs  expand  and  grow  till  each 
of  them  becomes  a  long  curl  or  ringlet  of  wavy  hair  (figs.  10,  11). 
By  the  end  of  a  week  nearly  all  the  cholesterin  has  come  to  this  state 
of  long  curling  fibrils,  and  the  whole  process  may  remind  the  observer 
of  the  growth  of  minute  confervoid  filaments  from  spores. 

A  new  series  of  phenomena  is  observed  when  the  albumen,  having 
the  cholesterin  immersed  in  it,  is  treated  with  glacial  acetic  acid. 
But  before  describing  this  change,  the  behaviour  of  cholesterin  in 
presence  of  acids  may  be  described. 

Swperiment  2. — Treated  with  nitric  acid  cholesterin  loses  its  crystal- 
line form  with  some  efFervescence,  and  swells  out  irregularly  at  its 
sur&ce,  throwing  oft  oily-looking  spherules.  Finally  it  is  entirely 
resolved  into  such  spherules. 

BhopervmerU  3. — Treated  with  hydrochloric  acid  it  undergoes  little  or 
no  change. 

Experiment  4. — On  the  addition  of  glacial  acetic  acid  to  pure  choles- 
terin, the  rhombs  are  seen  under  the  microscope  to  undergo  an  instant 
change  of  structure.  They  break  up  internally  into  crystcJline  fibres, 
usually  springing  from  one  of  the  angles;  and  they  emit  radiating 
tufts  of  sharp-pointed  needles  which  seem  to  grow  at  the  expense  of 
the  substance  of  crystals.  If,  now,  the  slide  be  heated  till  the  acid 
b^^ins  to  boil,  the  cholesterin  is  wholly  or  in  part  dissolved ;  but,  as 
the  slide  cools,  acicular  crystals  shoot  out  from  any  portion  of  choles- 
terin that  is  left  undissolved,  or  from  new  centres,  and  rapidly  cover 
the  field.  These  crystals  during  their  growth  give  the  impression  of 
their  being  protruded  like  spears.  They  are  often  as  thick  as  the 
spicules  of  fresh  water  sponge,  and  as  refractile.  They  are  solid.  The 
cholesterin  appears  in  this  case  to  be  chemically  altered  by  the  acetic 
acid,  combining  with  it  to  form  a  sort  of  ether. 

Experiment  5. — Some  pure  glycerin  being  added  to  such  a  prepara- 
tion as  is  produced  in  the  preceding  experiment,  during  cooling,  at  any 
point  where  the  glycerin  meets  the  growing  spears  it  breaks  them  up 
wholly  or  partially  into  globules,  making  them  look  as  if  they  had 
been  put  into  the  fire  and  fused. 
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Experiment  6. — K  glycerin  be  mixed  in  about  equal  quantities  with 
the  acetic  acid  and  cholesterin  while  still  on  the  slide,  and  if  heat  be 
applied,  after  the  covering  glass  is  in  place,  till  bubbles  form  rapidly, 
the  slide  instantly  examined  is  found  covered  with  spheres,  some  as 
large  as  fat  cells  and  quite  regular,  others  egg-shaped,  and  others 
aggregated  into  masses  (fig.  12).  The  masses  are  dense  and  very 
brilliant.  As  cooling  proceeds  all  the  spheres  break  up.  The  large 
ones  contract  at  their  surface,  and  seem  thereby  to  squeeze  out  fluid 
from  the  interior,  which  takes  at  first  the  form  of  tubes,  afterwards  of 
spheres.  An  active  movement  of  this  kind  often  results  in  the  forma- 
tion of  a  group  of  small  spherules  in  the  place  of  the  large  one,  looking 
like  a  glomerulus  of  spores  (figs.  13, 14).  Presently  these  in  turn  obaoge 
each  instantaneously  into  needles,  the  change  proceeding  as  follows : — 
a  single  spherule  darts  away  from  the  mass ;  as  it  goes  it  leaves  a  stiff 
raphis  in  its  course,  and  it  is  itself  proportionately  diminished  in  size, 
till  its  last  fragment  forms  the  point  of  the  raphis  (figs.  15,  16).  The 
ball  is,  so  to  speak,  unwound  into  a  stiff  thread  of  glassy  substance. 
Here  and  there  spheres  break  up,  without  change  of  place,  into 
variously  shaped  tufts  of  needles. 

Experiment  7. — ^Acetic  acid  is  added  to  cholesterin  and  albumen, 
and  the  mixture  is  heated  to  boiling.  Examined  now  as  quickly  as 
possible  the  mixture  presents  spheres  and  tufts  of  needles  rapidly 
growing  in  the  fluid  part  of  the  field;  spheres  and  spheroids  and 
combinations  of  most  fantastic  shapes  in  the  transparent  albumen. 
The  spheres  are  at  first  perfectly  homogeneous  and  circular  in  outline 
(figs.  17 — 26).  After  a  time  they  become  oval  and  gradually  a  liMe 
pointed  at  the  ends.  Then  usually  a  little  globular  protrusion  forms  at 
one  end  or  both  ;  then  a  zone  of  indentation  is  drawn  round  ihe  oval, 
usually  at  about  one-third  of  the  length  of  the  surface  from  the  pro- 
trusion; the  interior  next  gives  indication  of  a  subdivision  of  the 
substance  of  the  ovoid  into  two,  three,  or  four  mutually  compressed 
spheroids ;  and  at  last  the  whole  changes,  with  magical  suddenness, 
into  a  crystalline  mass  of  obscurely  rhombohedral  shape.  In  process 
of  time  this  mass  breaks  up  yet  further  into  raphides.  The  great 
transformation  is  attended  by  upheavals  and  depressions  of  the  sur- 
face, causing  a  general  appearance  of  singularly  life-like  convulsions 
and  contortions  of  the  mass.  All  the  change  is  most  rapid  during 
cooling,  but  it  continues  slowly  for  hours  and  days  subsequently  till 
every  particle  of  cholesterin  has  come  to  the  needle  form.  If  solulaons 
of  gelatin  be  used  instead  of  albumen,  similar  results  are  observed. 
In  the  gelatin  spheres  are  readily  formed,  and  slowly  turn  into  needles. 
If  acetic  acid  be  added  and  heat  applied  the  rapid  conversion  of 
spheres  into  needles,  attended  by  active  convulsive  movements,  can  be 
conveniently  watched  in  the  cooling  mixture  ;  and  if  glycerin  be  used 
as  well  a  great  variety  of  lively  transformations  may  be  witnessed. 
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This  series  of  observations  has,  in  tlie  first  place,  some  importance 
as  involying  a  rapid  mode  of  exhibiting  the  influence  of  colloids  upon 
crystalline  form.  In  Mr.  Bainej^s  original  processes,  and  in  the  later 
experiments  made  hj  Harting,  of  Utrecht,  and  by  myself,  the  forma- 
tion of  spheroles  of  crystalline  matter  within  colloids  has  been  e&cted 
only  on  a  microscopic  scale,  and  in  the  most  gradual  way.  And 
although  Professor  Guthrie  has  recently,  in  independent  and  original 
experiments,  obtained  large  spherical  masses  of  sulphate  of  copper  by 
the  slow  evaporation  of  solutions  of  that  substance  mixed  with  gelatin, 
it  has  not  been  possible  to  watch  so  continuously  the  steps  of  the  pro- 
cess. But  here,  within  a  short  compass,  we  are  able  to  see  the  crys- 
talloid cholesterin  assume,  when  first  deposited  within  the  substance  of 
the  colloid,  perfectly  spherical  form  ;  we  can  follow  the  gradual  eman- 
cipation of  the  crystalloid  from  the  control  of  the  colloid  and  its 
return  to  a  quasi-crystalline  form  within  the  albumen,  and  to  definite 
crystals  within  the  gelatin  or  glycerin  with  acetic  acid.  We  may  infer 
that  the  crystalloid  is  not  so  intensely  crystalloid  in  its  tendencies 
when  first  deposited  as  afterwards.  We  may  infer  also  that  the  power 
of  the  colloid  is,  under  certain  circumstances,  when  coagulation  is  not 
produced,  intensified  by  heat ;  and,  in  the  loss  of  controlling  power 
experienced  by  the  cooling  colloid,  we  may  see  a  parallel  to  the  loss  of 
power  experienced  by  a  degenerating  colloid,  for  instance  in  the  tran- 
sition from  mucous  to  horny  matter.  Where  the  changes  are  most 
rapid,  as  in  the  heated  mixture  of  cholesterin,  acetic  acid  and  glycerin, 
the  transformation  is  seen  to  be  accompanied  by  vigorous  in- 
testine movements.  To  review  this  observation,  we  have  before  us 
in  such  a  mixture,  when  cooling  has  only  just  commenced,  perfect 
lustrous  spheres  looking  like  drops  of  oil.  Of  a  sudden  these  are 
i^ected  by  peristaltic  movements,  and,  as  the  surface  contracts,  the 
mass  is  resolved  into  minute  spheres.  The  heat  and  the  crystallinity 
have  balanced  each  other  for  a  time,  but  when  the  balance  has  been 
lost  and  the  process  of  crystallisation  has  commenced,  the  first  step 
has  been  not  the  formation  of  crystals,  but  of  smaller  spheres.  So 
loDg  as  all  was  quiet,  the  large  sphere  was  possible ;  but  when  mole- 
cular vibrations  were  set  up  as  the  attendants  of  crystallising  separa- 
tion, the  molecules  at  opposite  ends  of  poles  were  withdrawn  from 
their  power  of  holding  one  another  in  position  at  such  a  distance,  and 
the  general  shaking  allowed  only  of  the  existence  of  small  spheres, 
the  constituent  particles  of  which  were  all  near  enough  to  each  other 
to  allow  of  each  exercising  strong  enough  attractive  influence  on  its 
fellQw  to  resist  the  distracting  influence  of  the  vibrations  set  going  by 
the  crystallising  force.  Instead,  therefore,  of  one  centre  around  which, 
or  through  which,  all  attractions  were  balanced,  we  have  a  number  of 
centres  with  spheres  drawn  round  them  proportionate  in  minuteness 
to  the  activity  of  the  perturbing  force.     The  process,  in  one  aspect, 
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may  be  compared  to  the  whipping  of  an  egg.  In  another,  it  may  be 
compared  with  the  cleavage  of  the  ovnm  after  impr^nation.  In  the 
ovum  np  to  the  time  of  impr^nation  the  contents  of  the  zona  pelln* 
cida  form  one  sphere.  After  impregnation,  after  the  introduction  of 
a  material  having  the  power  of  inducing  new  activities,  shrinkage  is 
followed  by  movements  having  the  character  of  a  gradual  peristalsis, 
and  subsequent  fissions  reduce  the  sphere  to  the  mulberry  maas  of 
small  equal  spherules. 

Regarded  from  another  point  of  view,  we  see  a  series  of  movements 
resulting  from  the  tendency  of  matter  to  come  to  rest.  We  see 
stages  which  may  be  compared  to  the  spring  of  the  bow  when  il^ 
drawn  string  is  let  go ;  and,  again,  to  the  straightening  of  the  un- 
strung bow.  Or  we  may  see  in  the  chain  of  movements,  beginning 
with  the  formation  of  the  sphere  and  ending  in  the  crystal  at  rest, 
a  parallel  to  the  chain  of  force  formed  when  water  is  raised  by 
the  sun  to  the  clouds  and  hill-tops  to  descend  in  rain  or  rivers  to  the 
sea — to  rest;  or  to  the  chemical  chain  in  which  oxygen  and  carbon, 
torn  asunder  by  light  within  vegetables,  slowly  recompose  carbonic 
add  within  animals,  and  in  turn  come  to  rest. 

Here,  again,  the  question  is  suggested  to  me,  how  far  may 
the  simpler  movements  of  the  constituents  of  animal  and  vegetable 
organisms  be  due  (among  other  things)  to  the  struggle  of  one  group 
of  substances  against  the  grasp  of  another,  to  the  tendency  of  each 
substance  to  ultimate  complete  separation  from  the  substances  with 
which  it  is  intermixed,  and  to  the  tendency  of  each  separated  sub- 
stance to  assume  the  nearest  possible  approach  to  a  static  condition  ? 

The  observations  have,  however,  an  immediate  practical  relation 
to  the  structure  of  such  biliary  calculi  as  are  composed  chiefly  of 
cholesterin.  Such  calculi  are  seen  in  sections  to  be  composed  of 
several  distinct  stratifications.  Most  commonly  they  have  (1)  a 
thin  rugged  outer  layer,  deeply  tinged  with  bile  colour;  within 
this  (2)  a  brown  portion  marked  with  concentric  lines  correspond- 
ing to  laminae;  within  this  (3)  a  lighter-coloured  layer,  presenting 
radiating  markings  or  distinct  radiating  fissures  between  crystalline 
columns ;  and,  lastly  (4),  at  the  centre  a  mass  of  deep  colour  and 
friable  consistence  (tig.  37).  The  strata  are  not  sharply  defined 
from  each  other,  but  are  joined  by  transitional  layers.  They  differ 
severally  in  minute  structure.  In  the  outer  crust  (1)  distinct 
independent  spherules  and  spheroidal  masses  composed  of  cholesterin, 
mixed  with  mucus  and  bile-pigment,  can  be  seen  (figs.  27 — 31).  In 
the  concentric  layers  (2)  the  microscope  shows  a  substance  pretty 
uniformly  inter- penetrated  by,  and  partially  coloured  wiih,  pigment; 
it  is  marked  with  radiating  crystalline  fibrations  of  varying  degrees  of 
fineness  running  sinuously  at  right  angles  to  the  concentric  markings ; 
in  fact,  it  shows  a  combination  of  concentric  and  radiating  arrange- 
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ment.  The  b'ght  radiating  layer  (3)  is  composed  of  nearly  oolonrless 
crystalline  columns  of  cholesterin  radiating  as  from  tlie  centre  of  the 
calcnlns,  with  accnmnlations  of  pigment  in  the  spaces  between  them ; 
while  the  centre  (4)  is  nearly  all  deep  brown  pigment,  actually  black 
in  some  cases,  mixed  here  and  there  with  perfectly  formed,  thick, 
colourless,  rhombohedral  slabs  of  cholesterin.  The  explanation  of  this 
composite  structure  appears  tolerably  easy  by  the  light  of  the  experi- 
ments recorded.  The  cholesterin  is  first  deposited  in  the  pigment  with 
or  without  some  mucus.  These,  the  colouring  matter  in  particular, 
are  substances  of  high  molecular  composition,  and  when  first  secreted 
in  the  bile  are  most  typical  colloids.  But  when  kept  outside  the 
body,  or  retained  for  any  length  of  time  within  it,  the  bile-pigments 
slowly  exchange  the  colloid  for  the  crystalline  state,  and  may  often  be 
seen  in  rhombohedral  forms  of  great  beauty  in  hydatid  cysts  in  the 
liver.  In  proportion  as  the  pigment  is  relatively  abundant  at  the 
time  of  the  precipitation  of  the  cholesterin  the  latter  is  more  com- 
pletely fused  and  intermixed  with  it.  The  superficial  part  of  the 
calculi,  of  course  the  latest  deposit,  shows  this  intermixture.  The 
concentric  layers  show  a  commencement  of  rearrangement  of  particles 
subsequent  to  deposit.  Here  the  cholesterin  and  pigment  are  be- 
ginning to  separate  from  each  other,  and  the  lines  of  crystallisation 
are  already  related  radially  to  the  centre  of  the  calculus.  The  calculus 
exhibits  on  a  large  scale  the  mingling  concentric  and  radiant  arrange- 
ment of  molecules  seen  in  the  small  spheres  of  carbonate  of  lime  and 
other  salts  formed  by  Mr.  Bainey,  and  in  the  small  spheres  found  on 
the  surface  of  the  calculi  under  investigation  (see  fig.  30).  In  the 
light-coloured  radiating  layer  (3)  separation  has  gone  further ;  crys- 
talline fibration  has  been  exchanged  for  strongly-marked  angular  and 
columnar  form,  and  the  colour  is  nearly  all  interstitial  to  the  crystals, 
while  the  whole  arrangement  is  again  clearly  related  to  the  centre  of 
the  whole  sphere.  Lastly,  in  the  very  centre  (4),  where  all  lines  of 
attraction  are  balanced,  the  pigment  accumulates  in  quantity,  and  the 
few  crystals  left  are  independen  and  typically  perfect  in  form.  The 
result  of  the  investigation  is  to  the  remarkable  effect  that  a  meta- 
morphic  change  is  in  process  within  the  calculus  from  the  time  of  its 
first  formation  up  to  the  time  at  which  it  is  submitted  to  examination, 
involving  a  constant  rearrangement  of  particles  in  relation  to  the 
centre  of  the  whole  mass,  and  dependent  upon  the  double  tendency 
aeenp  in  cholesterin  under  experiment :  first,  the  tendency  to  be  de- 
posited in  the  spherical  form  when  precipitated  in  a  colloid  matrix ; 
second,  the  tendency  to  revert,  in  process  of  time,  to  a  crystalline  form : 
the  molecules  in  their  passage  from  the  one  state  to  the  other  being 
caught,  as  it  were,  by  the  common  attraction  of  the  great  sphere,  and 
brought  to  a  certain  extent  under  their  domiDion.  The  fact  that  the 
colloid  forming  the  matrix  is  one  which  tends  ultimately  to  become 
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crystalloid  is  probably  one  reason  why  the  metamorphic  changes  are 
more  rapid  and  are  pushed  farther  than  in  nrinary  calcnli. 

There  is,  of  course,  a  considerable  variety  in  the  proportions  of  the 
various  structures  in  these  biliary  calculi.  Sometimes  a  gallstone  shows 
entirely  a  radiating  structure.  It  is  then  usually  but  little  stained 
with  pigment.  Sometimes  it  is  nearly  all  concentrically  marked ;  the 
pigment  is  then  abundant.  I  have  throughout  spoken  more  of  the 
pigment  than  of  .the  mucus  as  the  modifiying  colloid,  since  the 
examination  certainly  brings  it  into  greater  prominence;  just  as  I 
have  elsewhere  shown  that  the  chemically  allied  pigment  of  urine 
exercises  a  parallel  effect  upon  the  form  of  uric  acid,  by  preventing 
that  substance  from  assuming  the  rectangular  form  proper  to  it  in  its 
pure  state.  The  calculus  is  to  all  intents  and  purposes  a  dead  thing 
within  the  living  body,  yet  it  is  of  great  interest  to  consider  that  it  is 
the  seat  of  slow  metamorphic  changes,  and  that  these  changes  are 
effected  in  and  by  substances  characteristically  belonging  to  ftniniAl 
life,  and  that  they  simulate  processes  seen  in  living  structures,  pro- 
cesses that  have  been  regarded  as  purely  vital  and  dependent  upon 
the  influence  of  cells  or  nuclei. 

I  have  next  to  speak  of  some  allied  phenomena  exhibited  by  uric 
acid.  That  substance,  under  certain  modes  of  treatment,  manifests  a 
saccession  of  colloid  and  crystalloid  states  and  attributes  parallel  on 
the  one  side  with  those  of  the  colloid  pigment  on  the  other  with  those 
of  the  crystalloid  cholesterin. 

Expeii/tnent  8. — K  some  uric  acid  be  boiled  for  some  time  with 
strong  solutions  of  chloride  of  sodium  or  of  phosphate  of  soda,  and 
the  solutions  be  left  after  filtration  to  crystalb'se,  urate  of  soda  is  de- 
posited. But  not  in  crystals.  The  fluid,  after  being  thoroughly 
cooled,  is  seen  to  be  nearly  filled  with  a  semi-transparent  gelatinous- 
looking  deposit,  reminding  one  of  the  mucus  separated  from  the  urine 
of  early  vesical  catarrh.  This  deposit  consists,  as  seen  under  the 
microscope,  of  a  gelatinous-looking  matrix  through  which  a  number  of 
bright  but  as  yet  formless  points  are  scattered.  After  a  few  hours  a 
slight  diminution  of  bulk  is  apparent,  and  the  microscope  then  shows 
spherical  arrangements  of  bright  granules,  and  bright  spherical  tracts 
without  structure  suspended  within  the  jelly,  the  bright  granules 
being  still  present.  Slowly,  from  day  to  day,  the  bulk  of  the  pre- 
cipitate grows  lesS)  and  it  gradually  assumes  a  whitish  instead  of  a 
transparent  aspect.  The  spherical  bodies  are  gradually  resolved  into 
spherical  tufts  of  needles  radiating  from  a  common  centre  ;  the  matrix 
becomes  more  and  more  granular.  At  last  only  a  little  white  powder 
is  left  lying  at  the  bottom  of  the  liquid ;  it  contains  no  trace  of 
matrix,  and  consists  entirely  of  needles,  some  in  tufts,  some  loose 
This  condition  is  not  attained  in  temperate  weather  befoce  the  end  of 
a  fortnight  or  three  weeks. 
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The  whole  phenomenon  suggests  at  first  sight  that  a  strong  crystal- 
line solution  can  act  on  another  crystalloid  deposited  within  it,  just  as 
a  colloid  would  act.  But  the  microscopic  examination  demonstrates 
that  the  urate  is  deposited  at  first  in  the  form  of  a  colloid,  and  in  its 
anbeequent  metamorphoses,  which  are  gradual  and  distributed,  acts  in 
one  part  as  a  colloid,  in  another  as  a  crystalloid.  Uric  acid  is  known 
to  be  thiown  down  by  acids  in  what  has  been  called  a  hydrated  form, 
which  is  clearly  also  a  coUoidal  form,  and  can  be  seen  to  be  at  first 
stmotureless,  l^ugh  resolved  speedily  into  crystals.  Urate  of  soda 
appears  also  to  have  its  colloidal  stage,  m  ordinary  conditions  of  short 
duration,  but  prolonged  by  the  action  of  the  strong  saline  solution. 
The  explanation  then  is,  that  the  saline  solution  retarding  metamor- 
phosis allows  of  a  long  colloid  stage,  during  which  the  slowly-formed 
crystals  are  modified  by  that  part  of  the  substance  which  remains  still 
eolloidal. 

It  appears  to  me  that  by  means  of  this  sort  of  process  the  existence 
of  a  colloid  (nascent)  stage  in  the  natural  history  of  many  crystalloid 
substances  of  high  molecule  may  be  sought  for  and  studied.  In  this 
way  it  can  be  shown  that  uric  acid,  when  deposited  from  solutions  of 
urea  of  certain  strength,  passes  through  colloid  and  spherical  stages. 
With  solutions  of  less  than  4  per  cent,  strength  of  urea,  uric  acid,  if 
deposited  from  the  boiling  solution,  forms  fine  rectangular  crystals. 
But  if  solutions  of  5  per  cent,  strength  and  upward  be  used,  the 
gelatinous  deposit  and  the  spheres  are  abundantly  produced.  When 
I  noticed  this  for  the  first  time,  I  thought  it  might  be  urate  of 
ammonia,  resulting  from  the  decomposition  of  some  of  the  urea.  But 
as  it  was  deposited  from  acid  solutions  this  was  not  probable.  I 
then  collected  a. considerable  quantity  of  the. deposit,  and  submitted  it 
to  organic  analysis.  My  friend,  Mr.  John  Moss,  F.C.S.,  made  several 
determinations  for  me;  but  they  did  not  yield  any  definite  results. 
And  as  the  deposit  occurs  with  solutions  of  very  decided  acidity,  I 
have  been  inclined  to  give  up  a  second  hypothesis  which  I  had  formed 
— ^that  the  spheres  were  urate  of  urea.  If  they  be  uric  acid,  it  is  note- 
worthy that  the  colloid  stage  is  shorter  than  that  of  urate  of  soda  in 
the  saline  solutions. 

1  have  already  alluded  to  Dr.  Ghithrie's  masses  of  sulphate  of  copper 
•B  illustrating  on  a  large  scale  Mr.  Bainey*s  original  observations. 
They  are,  however,  formed  but  slowly.  I  am  now  able  to  bring  before 
the  Royal  Society  an  experiment,  in  which  spheres  of  crystalloid 
matter  can  be  rapidly  formed,  and  of  such  a  size  as  to  be  readily 
visible  to  the  naked  eye. 

Experiment  9. — If  to  a  solution  of  urea  of  from  1020  to  1025  specific 
gravity  strong  nitric  acid  be  added  in  equal  bulk,  the  mixture,  at  first 
hot,  deposits  on  cooling  to  50°  F,  crystals  of  nitrate  of  urea  in  the  form 
of  separate  and  distinct  brilliant  flakes,  which  subside  at  once. 
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Experiment  10. — If  a  Kttle  albuiniii  be  added  to  the  solution  of  urea 
and  if  then  to  the  filtered  liquid  the  equal  bulk  of  nitric  acid  be 
added  as  rapidly  as  possible,  the  albnnun  is  onlj  partially  precipitated, 
and,  after  a  little  warming,  is  all  re-dissolved.  In  the  resulting  clear 
straw-coloured  liquid  there  appear  during  cooling  spherical  bodies, 
suddenly  suspended  at  various  depths.  They  look  very  much  like 
little  globules  of  solidified  fat,  and  grow  rapidly  from  the  size  of  a 
mustard-seed  to  the  bulk  of  a  pea.  Each  is  composed  of  crystalline 
fibres  radiating  from  the  centre,  and  whereas  the  deposit  in  the  pre- 
vious experiment  does  not  occupy  more  than  one-third  of  the  fluid, 
these  fill  the  whole  bulk  of  the  fluid  and,  mutually  compressing  each 
other,  ^ive  the  contents  of  the  tube  in  which  the  experiment  is  made 
the  appearance  of  a  bar  of  beautiful  fibrous  spar.  The  experiment 
occurred  to  me  first  in  the  examination  of  concentrated  albuminous 
urine,  but  it  succeeds  equally  well  with  pure  solutions,  and  forms,  I 
submit,  the  most  brilliant  illustration  of  Mr.  Rainey's  valuable  work 
hitherto  made  known. 


IKESCEIPTION  OF  PLATE  1. 

FignreB  1  to  II.  Cholesterin  in  albumin  :  1,  2,  on  surface  ;  S-11,  BUOoessiTe  stages 
of  forms  observed  in  the  cholesterin  deposited  within  the  substance  of  the 
albumin. 

Figures  12  to  16.  Gholesterin  after  being  heated  with  acetic  acid  and  gljcerin :  12, 
sphere  first  formed  ;  18,  sphere  in  act  of  contracting  and  exuding  smaller 
spheres  and  tubular  processes  ;  14,  mass  of  globules  like  mulberrj  result- 
ing from  subdiyision  of  sphere ;  15,  1,  2,  3,  4,  diagrammatic  representA- 
tion  of  transformation  of  globule  into  raphis  ;  16,  a  mulberry  mass  in  act 
of  transformation  into  a  fan  of  raphides. 

Figures  17  to  26.  Shows  three  kinds,  17-21,  22  and  23,  24-26,  of  metamorphic 
change  accompanied  by  moyements  undergone  by  cholesterin  after  heating 
with  acetic  acid  and  albumin. 

Figures  27  to  81.  Spheres  of  cholesterin  mixed  with  crystalline  matter,  from  the 
surface  of  a  biliarj  calculus. 

Figures  82  to  86.  Forms  seen  aftjer  solution  of  a  calculus  in  ether  and  slow  CTapora* 
tion  of  the  liquid  in  contact  with  the  pigment.  Thej  are  transitional 
from  crystal  to  sphere. 

Figure  87.  Diagrammatic  section  of  Biliary  Calculus.  1,  outer  crust  dark-coloured 
without  either  concentric  or  radiating  structure ;  2,  second  concentric 
layer  ;  8,  radiating  crystalline  layer ;  4,  centre,  pigmentary,  structui^lew. 
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XXVI.  **  Report  to  the  Committee  on  Solar  Physics  on  the  Basic 
Lines  common  to  Spots  and  Prominences."  By  J.  NoRMAN 
LOCKYER,  F.R.S.  Communicated  at  the  request  of  the 
Committee.    Received  June  19,  1879. 

I  have  now  for  some  time  past  been  making  efforts  to  bring  together 
the  various  observations  which  have  been  recorded  of  the  lines  visible 
in  solar  disturbances  at  the  son's  Hmb,  and  those  observed  to  be 
widened,  brightened  or  otherwise  modified  in  the  spectra  of  solar 
spots. 

The  result  which  stares  us  in  the  face  when  we  examine  the  lists  of 
the  lines  given  by  Young  as  representing  his  Sherman  work  is  so 
striking,  both  with  regard  to  the  conclusions  which  we  are  justified  in 
drawing  from  the  old  work,  and  the  suggestions  for  future  opera- 
tions, that  1  have  thought  it  desirable  to  call  attention  to  it  without 
waiting  until  the  Italian  observations  have  been  discussed. 

Although  Young's  observations  of  the  chromospheric  lines  extend 
over  the  whole  visible  spectrum,  the  list  of  lines  in  the  solar  spots  is 
limited  to  the  region  between  B  and  &,  I  have  therefore  limited  the 
discussion  to  this  region. 

As  a  basis  for  the  discussion,  I  have  used  the  lines  given  in  Thal^n's 
admirable  tables,  comparing  these  lists  with  the  lines  shown  in 
Angstrom's  and  Thal^n's  map,  and  indicating  the  intensities  of  the 
lines  which  are  given  in  the  tables,  and  wliich  particular  line  occurs 
in  the  map  only. 

Further,  as  a  discussion  of  the  coincident  lines  shown  in  some  sheets 
of  Aogstrom's  map,  which  I  communicated  to  the  Royal  Society  last 
March,  had  convinced  me  that  the  lines  shown  to  be  common  to  two  or 
more  substances  by  ThaMn  were  not  due  to  impurities  ("  Proceedings 
of  the  Royal  Society,"  No.  194,  1879),  I  have  shown  these  co- 
incidences, where  they  occur,  in  a  special  column. 

Having  then  Thal6n's  list  for  a  basis,  other  columns  showing  us 
whether  each  line  is  seen  in  spots  and  prominences,  and  how  it  is 
affected,  give  us  in  one  view,  for  each  metallic  substance,  exactly  what 
happens  to  the  lines  of  that  substance.  We  see  at  once,  for  instance, 
which  h'nes  are  not  touched,  those  again  which  are  visibly  affected 
both  in  spots  and  storms,  or  those  recorded  in  one  table  and  not  in  the 
other. 

Taking  all  the  lines  included  in  the  discussion,  the  following 
statistics  wQl  show  how  they  are  distribated : — 

Total  number  of  lines  in  ThaMn's  list  and  map  included 

in  the  discussion 345 
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Number  of  lines  affected  in  spots 108 

Number  of  lines  bright  in  storms 122 

Number  of  lines  common  to  spots  and  storms    68 

Number  of  lines  seen  in  neither  spots  nor  storms  .  » .  183 

So  much  for  the  list  of  lines  as  a  whole  :  the  following  list  shows  the 
number  of  lines  assigned  to  each  metal,  the  number  of  lines  which 
occur  in  both  spots  and  storms,  or  only  in  one  or  the  other,  and  the 
number  of  lines  unaffected. 


Metal. 

Number 
of  Unee. 

Number 
of  Hues 
oommon 
to  spots 
and  storms. 

Number  of  lines  due 
to 

Unaffected. 

Spots. 

Storms. 

Sodium  ......... 

8 
4 
28 
26 
18 
12 
19 
16 
15 
14 
87 
104 

4 
8 
1 
7 
0 
1 
8 
2 
0 
8 
11 
88 

6 

4 

8 

15 

0 

8 

8 

8 

0 

8 

18 

50 

6 

8 

7 

10 

0 

2 

8 

6 

0 

5 

18 

62 

0 

0 
14 

7 
18 

8 
16 

9 
15 

9 
62 
25 

Magnesium 

Barium  ■  ■  •  •  ^  1 1  -  ^ 

Calcium • .  • 

Strontium 

Nickel 

Oobalt 

Manganese 

Cadmium 

Clmnnium 

Titanium 

Iron  ••••• •• 

845 

68 

108 

122 

183 

It  will  be  seen  that  the  ratio  between  the  affected  and  unaffected 
lines  is  yery  variable. 

What  strikes  one  indeed  in  regard  to  all  these  substances  is  the  won- 
derful irregularity  in  the  behaviour  of  the  various  lines ;  there  is  no 
relation  for  instance  between  the  widening  of  the  lines  in  the  spots 
and  their  appearances  in  the  prominences.  As  I  have  before  shown, 
there  is  no  relationship  between  the  intensities  of  the  lines  and  their 
appearances  in  the  spots  and  storms. 

Amongst  *the  substances  shown  in  the  table  1  have  included  stron- 
tium, in  order  that  the  difference  in  its  behaviour  in  comparison  with 
calcium  and  barium  may  be  seen. 

But  all  these,  however,  are  matters  for  subsequent  discussion; 
what  does  come  out  in  the  strongest  way  is  the  following  very  re- 
markable fact. 

Among  the  345  lines  given  by  ThaUn  are  18  with  identical  read- 
ings in  two  spectra.  I  have  before  given  reasons  to  show  that  these 
are  not  due  to  mutual  impurities,  they  therefore  are  the  exact  equiva- 
lents of  those  lin^  which  I  have  termed  basic  in  my  communication  of 
last  December  to  the  Royal  Society. 
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If  they  be  basic,  the  a  we  should  expect  a  considerable  development 
of  these  lines  in  the  spectrum  of  the  sun*s  reversing  layer,  which  spots 
and  storms  enable  us  to  study  apart  from  the  absorption  going  on  at 
higher  levels. 

These  tables  enable  us  to  settle  this  question,  and  they  settle  it  in 
the  most  conclusive  way.  The  only  constant  thing  about  the  tables 
is,  that  these  basic  lines  are  always  widened  in  the  spots.  However 
badly  the  brighter  lines  of  a  chemical  substance  may  be  represented 
amongst  the  spot  lines,  the  basic  line,  which  is  often  of  the  second  or 
third  order  of  intensity  and  sometimes  even  of  the  fourth,  is  never 
absent. 

The  same  fact  holds  almost  equally  true  with  regard  to  the  storms. 

The  following  table  gives  a  comparison  of  these  coincident  lines  of 
Thalen's  with  Young's  tables. 

Comparison  of  Thalen's  coincident  lines  with  those  seen  by  Young 
in  solar  spots  and  storms. 


Thal^n. 

Young. 

• 

Spots. 

Storms. 

Wave- 
length. 

Common 
to 

Intensity. 

Widening. 

Frequency. 

Brightness. 

6207-6 

Fe    Cr 

8    1 

4 

10 

6 

5203-7 

Pe    Cp 

8    1 

4 

10 

6 

5340-2 

Fe    Mn 

2    3 

2 

1 

2 

6064-5 

Fe    Ti 

2    2 

3 

5 

2 

5661-5 

Fe    Ti 

3    1 

4 

15 

2 

5403-1 

Fe    Ti 

2    3 

4 

5 

3 

5396  1 

Fe    Ti 

2    2 

7 

4 

2 

5352-4 

Fe    Co 

4    8 

2 

4 

2 

5265-8 

Fe    Co 

2    3 

2 

10 

4 

5168  3 

Fe    Ni 

8    5 

4 

40 

80 

5166-7 

Fe    Mg 

2    1 

2 

80 

20 

5681-4 

Fe    Na 

8    3 

8 

2 

1 

6121-2 

Co    Oa 

1     3 

4 

5 

8 

5601-7 

Ca    Fe 

4    1 

2 

5597-2 

C^    Fe 

8    1 

2 

5856-5 

Ca    Ni 

8    4 

2 

5425  0 

Ba    Ti 

8    8 

4 

6449  0 

Ca    Ba 

2    3 

2 

So  far  as  my  pwn  knowledge  of  these  matters  goes,  I  can  imagine 
no  severer  test  to  apply  to  the  hypothesis  which  I  have  lately  advanced, 
and  to  my  mind  the  proof  is  conclusive  that  at  the  temperature  of  the 
sun's  reversing  layer,  we  have  a  mixed  mass  of  vapours  in  which  the 
base  is  more  predominant  than  the  chemical  substances  to  which  that 
base  is  common. 
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This  result  of  the  inquiry  not  only  adds  a  new  importance  to  the 
observations  of  spot  and  storm  phenomena,  but  it  suggests  the  precise 
work  which  should  be  done,  both  in  the  observatory  and  laboratory. 
Not  only  must  special  prominence  be  given  to  the  brightening  and 
thickening  of  these  basic  lines  in  spots  and  storms,  but  the  existence 
or  non-existence  of  them  in  other  substances  besides  those  indicated  by 
Thalen,  should  be  inquired  into.  This  latter  branch  of  work  has  indeed 
already  been  begun,  since  I  have  pointed  out  (in  the  "  Proceedings,*' 
No.  194,  1879),  in  a  table  showing  basic  lines,  that  some  lines  in  the 
blue  and  green  seen  many  times  by  Young  in  storms,  are  common  to 
many  substances,  the  spectra  of  which  were  observed  with  a  Ruther- 
ford's grating  (second  order,  17,000  lines). 

In  this  work  it  will  be  well  to  include  those  lines  which  only  differ 
by  a  tenth  of  Thalen's  unit,  although  they  have  been  rigorously  re- 
jected in  the  present  discussion  and  tables.  Young,  indeed,  included 
such  lines,  among  his  coincidences,  the  line  at  5269*5  being  a  case  in 
point  which  is  widened  in  spots,  and  has  been  seen  50  times  in  storms. 

Attention  must  also  be  directed  to  those  lines  which,  like  those 
shown  in  the  following  table,  although  seen  both  in  spots  and  storms, 
have  not  yet  been  detected  in  the  spectrum  of  any  chemical  substance. 

liist  of  lines  seen  more  than  ten  times  by  Young  in  the  storms,  but 
which  do  not  appear  in  Thalen's  list  or  maps. 


1 

1 

Whether  seen 

Whether  seen 

1  WaTe-length. 

Frequency. 

Brightness. 

by  Vogel  in 
spotft. 

in  spots  by 
Young. 

Widening. 

6516-5 

15 

4 

Yes 

1         6458 -8 

10 

6 

Yes 

!        6429-9 

20 

4 

Yes 

6346-1 

10 

4 

Yes 

Yes  Ru.  Ir.« 

2 

1         5990  0 

10 

4 

Yes 

1   Da  5874 -9 

100 

90 

Yes 

Yes 

2t 

5275-0 

30 

15 

^ 

Yes 

2 

5197  0 

15 

10 

*  Ruthenium  and  iridium  lines  are  not  given  in  Thalen's  list ;  the  line  in  ques- 
tion is  marked  in  the  map  without  any  remarks.  In  AngstrOm^s  map  it  is  entered 
and  marked  as  a  line  coincident  with  a  line  given  by  Ru,  Ir. 

t  But  sometimes  reversed. 
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XXVII.  *'  On  a  New  Method  of  Studying  MetaUic  Vapours." 
By  J.  Norman  Lockyer,  F.R.S.    Received  June  19, 1879. 

On  May  29  I  read  a  note  before  the  Royal  Society,  stating  that  I 
had  lately  been  engaged  in  studying  the  spectmm  of  sodium  under 
new  experimental  conditions,  and  I  pointed  out  that  the  vaponr  given 
ofE  from  the  metal  after  slow  distillation  in  a  vacuum  for  some  time 
shows  the  red  and  green  lines  without  any  trace  whatever  of  the 
yellow  one. 

No  detailed  account  of  the  method  employed  in  the  experiments 
was  given,  as  the  most  convenient  form  of  apparatus  had  not  then  been 
determined. 

The  novelty  of  the  method  consists  in  the  use  of  the  luminouB 
electric  current  as  an  explorer  and  not  as  agent  for  the  supply  of  the 


Digitized  by 


Googk 


1879.]      On  a  New  Method  of  Studyiiig  Metallic  Vapours.         267 

A  IS  the  tube  or  retort  containing  the  metal  experimented  on  at  its 
lowCT  extremity,  and  having  a  platinum  wire  sealed  into  it  at  a  distance 
of  about  two  inches  from  the  lower  end,  the  other  end  being  drawn 
out  and  connected  by  a  mercury  joint  to  an  ordinary  Geissler  tube, 
which  ^  connected  by  another  mercury  joint  to  the  Sprengel  pump  C. 

Another  form  of  tube  which  I  have  used  is  prepared  by  inserting 
two  platinum  poles  into  a  piece  of  combustion  tubing  sealed  at  one 
end,  and  after  inserting  the  metal  to  be  experimented  on,  drawing  out 
the  glaaa  between  the  platinum  to  a  capiUary  tube. 


1  \i»ve  also  tried  inserting  the  platinum  pole  at  the  end  of  the  retort 
00  tbat   the    spark  passes  from  the  surface  of  the  metal,  but  this 
arrasigeixieiit  did  not  Answer  at  all, 

SoHie  otiher  modifications  have  been  tried,  but  the  first  form  I  hav.e 
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described  is  that  which  I  have  foand  to  answer  best,  so  far  as  the  trials 
have  yet  gone. 

D  is  the  spectroscope. 

E  is  the  lens  nsed  for  focussing  the  image  of  the  Oeissler  tube  on 
the  slit. 

F  is  the  spirit  lamp  for  heating  the  retort. 

H  is  the  battery. 

K  and  L  are  the  wires  connected  with  the  coil. 

In  the  second  photograph  the  method  of  observing  the  spectmm  of 
the  vapours  close  to  the  surface  of  the  metal  is  indicated ;  the  same 
letters  apply,  D'  being  however  in  this  case  a  direct- vision  spectro- 
scope, which  was  sometimes  employed  for  convenience. 

.  For  determining  the  exact  positions  of  the  lines  in  the  spectrum 
of  the  vapour  in  any  part  of  the  retort,  the  larger  spectroscope,  with 
it^  illuminated  scale,  was  used  in  the  place  of  the  direct-vision  spec- 
troscope. 

i  The  secondary  wires  of  the  coil  were  connected,  one  with  the  pole 
in  the  upper  bulb  at  B,  and  the  other  with  the  platinum  at  A. 

;  B  is  an  ordinary  Greissler  tube  with  two  bulbs  separated  by  a  capil- 
lary tube.  The  great  advantage  of  this  arrangement  is  that  this 
capillary  portion  can  be  used  for  ascertaining  what  gases  or  vapours 
are  carried  over  by  the  pump  without  any  interference  with  the  retort, 
both  wires  being  connected  with  the  Geissler  tube.  II,  for  example, 
the  sodium  contains  an  impurity  of  hydrocarbon,  the  moment  at  which 
it  beg^s  or  ceases  to  come  off  can  be  found  by  examining  the  spectrum 
of  this  capillary  tube. 

After  a  vacuum  has  been  obtained  the  retort  is  heated  gradually. 
The  pump  almost  immediately  stops  clicking,  and  in  a  short  time  be- 
comes nearly  full  of  hydrogen.  The  spectrum  of  the  capillary  then 
shows  the  hydrogen  lines  intensely  bright.  After  some  time  the  gas 
comes  ofE  far  less  freely,  and  an  approach  to  a  vacuum  is  again  ob- 
tained. Another  phenomenon  now  begins  to  show  itself  :  on  passing 
the  current  a  yellow  glow  is  seen,  which  gradually  fills  the  whole 
space  between  the  pole  in  the  retort  and  the  metal ;  its  spectrum  con- 
sists of  hydrogen  and  the  yellow  line  of  sodium,  the  red  and  green  Na 
line  being  both  absent  until  the  experiment  has  gone  on  for  some  time. 

As  the  distillation  goes  on,  the  yellow  glow  increases  in  brilliancy, 
and  extends  to  a  greater  distance  above  the  pole,  and  the  red  and 
green  Na  lines  presently  make  their  appearance  as  very  faint  lines. 

The  upper  boundary  of  the  yellow  is  quite  sharp,  the  lines  and 
"  structure  "  spectrum  of  hydrogen  appearing  above  it. 

After  the  yellow  glow-giving  vapour  (which  does  not  attack  the 
glass)  has  been  visible  for  some  time,  the  pump  is  stopped  and 
the  metal  heated  more  strongly.  On  passing  the  current  a  little 
viAnie  afterwards,  a  very  brilliant  leaf-green  vapour  is  seen  underlying 
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the  yellow  one,  and  connected  with  it  by  a  sap-^i^reen  vapour.    The 
spectra  then  visible  in  the  tube  at  the  same  time  are — 

Leaf-green. . . .  Green  and  red  lines  of  Na  and  C  of  hydrogen  ; 
D  absent. 

Sap-green Green,  red,  and  yeDow  Na  lines  of  equal  bril- 
liancy and  C  of  hydrogen. 

Yellow D  alone  and  C. 

Bluish-green . .  G  and  F  and  hydrogen  struct  are. 

To  observe  the  green  Na  line  alone  it  is  necessary  to  point  the  direct- 
vision  spectroscope  just  above  the  surface  of  the  metal  where  the 
green  is  strongest.  It  is  also  necessary  to  guard  against  internal 
reflections  from  the  glass,  as  this  may  sometimes  cause  the  D  line  to 
be  seen  by  reflection  from  the  surface. 

The  metallic  sodium  is  apt  to  condense  on  the  surface  of  the  glass 
and  around  the  platinum  pole.  If  this  should  happen  the  retort  must 
be  heated  until  the  sodium  has  again  volatilised.  The  yellow  line  i& 
always  seen  when  the  coating  extends  to  the  pole. 

The  following  extracts  from  the  laboratory  note-book  will  help  to 
make  the  method  better  understood  : — 

Experiment  with  sodium. 
Before  heating  Na,  the  following  lines  were  visible  in  Geissler  tube. 

8-8  to    8-9=C. 

9*72     much  brighter  than  other  lines  in  hydrogen 
structure. 
10-6 

10-95  =Hg  green. 
127 

12-85=F. 
13-85 
15-3  to  15-4  =Hg  violet. 
Colour  of  spark  along  tube,  pale  lilac ;  its  spectrum  exhibited — 
Hydrogen  structure. 
C. 
No  hydrocarbon  spectrum  visible. 

Time  11.25. — Na  gently  heated  with  spirit-lamp  four  inches  away. 
Almost  linear  hydrogen  spectrum  in  capillary  structure  gone  or 
nearly  so. 

Hydrocarbon  now  strong  below  lower  mercury  joint. 
Time  11.35. — Sodium  still  angular. 
Hydrocarbon  scarcely  visible  in  capillary. 
Na  again  warmed. 

11*7  (hydrocarbon  line)  increased  in  narrow  tube  below  lower  mer- 
cury joint,  showing  that  hydrocarbon  still  comes  off. 
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lOlS  (mercury  yellow)  bright. 

Heating  continued ;  pump  stopped  clicking. 

Time  11.37. — Na  melted ;  spark  refuses  to  pass ;  glass  instantly 
covered  with  white  deposit  where  the  sodium  boiled. 

Spark  now  passes,  showing  stratification. 

Spectrum  of  retort  consisted  of  pure  hydrogen  without  a  trace  of  D ; 
all  traces  of  hydrocarbon  also  gone.   Hydrogen  line  G  seen  very  bright. 

Pump  clicking. 

Na  again  heated,  not  boiled ;  pump  stopped  clicking. 

Yellow  glow  in  retort  showed  D  very  broad,  C  without  F. 

Time  11.50. — Pump  nearly  clicking;  stratifications  in  retort;  spark 
bright  red  in  capillary,  pure  hydrogen  with  blue  line  remarkably 
brilliant ;  D  visible  two  inches  above  pole  in  retort ;  yellowish  film 
forming  at  top  of  retort  five  inches  from  sodium;  retort  otherwise 
•clean ;  pump  not  clicking,  much  hydrogen  being  carried  over. 

Structure  spectrum  in  retort  getting  much  brighter ;  discoloration 
at  top  removed  by  Buns  en,  but  forms  a  beautiful  green  film  below ; 
glass  just  above  Na  clean ;  trace  of  D  three  inches  from  pole. 

Time  11.55. — Still  pure  hydrogen  in  capillary. 

Metal  slowly  distilling  and  film  forming  above  it;  very  bright 
yellow  glow  at  pole  in  retort,  gives  no  trace  of  the  green  line ;  much 
hydrogen  coming  over. 

Time  12.0. — Pump  now  clicking ;  only  hydrogen  visible  in  capil- 
lary; yellow  glow  now  seen  over  metal.  Olass  cleared  by  Bunsen 
has  been  discoloured  by  platinum  pole ;  on  heating  deposit,  D  seen 
very  bright,  0  scarcely  visible,  and  very  faint  trace  of  green  line ;  D 
visible  for  three  inches  above  pole,  gradually  passing  away  into  hydrogen 
structure ;  pump  carrying  over  much  hydrogen,  which  is  brilliant  in 
<5apillary. 

Pdmp  beginning  to  click,  metal  more  strongly  heated;  clicking 
stopped ;  new  system  of  stratifications  in  retort,  glowing  with  a  blue 
light  as  far  as  mercury  joint ;  violet  above  mercury  joint.  On  further 
heating,  the  old  conditions  are  restored.  In  the  retort,  D  now  bright 
one  inch  above  pole ;  C  very  dim ;  no  green  line. 

Na  boiled ;  spark  refuses  to  pass ;  spirit  lamp  raised  one  inch ;  spark 
again  blue  in  tube;  its  spectrum  consists  of  hydrogen  structure 
without  F  or  C.  Tube  again  cleared  by  Bunsen  flame ;  Na  boiling ; 
yellow  glow  blending  with  violet  one  inch  from  pole ;  fine  stratifica- 
tions in  higher  part  of  retort ;  pump  carrying  over  much  hydrogen. 

Pump  clicking ;  Hg  line  at  11*0  visible  ;  violet  Hg  line  very  faint. 

Tube  again  cleared  by  Bunsen  flame ;  yellow  line  two  inches  from 
pole;  green  line  very  faint;  no  trace  of  C;  pump  carrying  over 
hydrogen ;  violet  light  now  visible  over  metal. 

Time  12.20. — Tube  again  cleared  with  Bunsen;  olive-green  now 
becoming  apparent  at  pole;  green  line  well  seen;  tube  now  keeps 
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qnite  clear,  althongh  position  of  Bnnsen  is  nnclianged  ;  pump  nearly 
•clicking;  hydrogen  very  bright  in  retort.  New  spectmm  visible  in 
capillary. 

Pomp  clicking ;  glass  becoming  attacked ;  bine  film  one  inch  above 
pole  in  retort ;  glow  extends  back  to  metal ;  line  seen  intermediate  in 
position  between  D  and  Na  green. 

Red  hydrogen  very  intense  in  capillary  tube ;  blue  line  brighter  than 
ever ;  fluffy  line  in  green  (11*4  ?). 

Olive-green  glow  in  retort ;  vapour  becoming  greener ;  green  line 
as  bright  as  D ;  D  now  fainter  than  either  the  green  or  red  Na  lines ; 
the  red  line  gradually  fades  on  cooling ;  only  one  line  more  refrangible 
than  the  green  line.  The  green  vapour  does  not  appear  to  attack  the 
glass  ;  D  now  on  point  of  disappearing ;  green  line  far  brighter. 

The  tube  then  cracked  and  put  an  end  to  the  experiment. 

This  experiment,  although  not  successful  in  so  far  as  the  isolation 
of  the  green  Na  line  is  concerned,  is  brought  forward,  as  it  shows  the 
details  of  the  observations  as  dictated  by  me  to  my  assistant  while  the 
experiment  was  going  on.  The  experiment  has  since  been  successfully 
repeated  several  times,  simply  with  the  object  of  getting  the  green  line 
Alone.  This  is  best  achieved  by  heating  the  metal  before  all  the 
hydrogen  has  been  extracted  by  the  pump.* 

The  method  has  been  tried  also  with  potassium,  calcium,  and  some 
other  metals,  and  with  metalHc  salts.  I  do  not,  however,  yet  bring 
forward  the  results  I  have  obtained,  as  the  experiments  are  beset  with 
difficulties ;  and  I  am  now  carrying  out  a  research  with  the  hope  of 
eliminating  all  sources  of  error. 

I  may  state,  however,  that  with  potassium  and  calcium  I  get  the 
same  inversion  of  phenomena,  the  yellow-green  lines  of  potassium 
being  seen  without  the  red ;  while  in  the  case  of  calcium  the  blue  line 
alone  was  seen. 

The  fact  that  in  these  experiments  we  get,  as  before  mentioned, 
vapours  which  at  one  and  the  same  time  exhibit  different  colours  and 
different  spectra  at  different  levels  in  the  tube,  at  once  suggests  the 
phenomena  of  fractional  distillation,  and  suppoi*ts  the  following  state- 
ment which  I  made  last  March : — 

"  Doublets  and  triplets,  as  a  rule,  reverse  themselves  more  freely 
than  the  irregular  lines  in  the  same  spectmm;  which  particular 
doublet  or  triplet  will  reverse  depending  upon  the  temperature,  as  if 
the  cooler  vapour  to  which  the  reversal  is  due  varied,  as  in  the  case  of 
fractional  distillation." 

It  ifl  obvious  that  if,  at  any  particular  temperature,  one  particular 
kind  of  vapour  is  given  off  in  the  manner  indicated,  in  excess  of  all 

*  In  this  extract  from  the  laboratory  note-book  I  haye  left  out  in  most  cases  lists 
of  lines,  as  I  have  not  as  yet  been  able  to  assign  to  all  of  them  their  waye^lengths. 
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others  or  alone,  then  we  shall  get  an  excess  in  the  reyersal  of  the  lines- 
special  to  that  particular  kind  of  vapour  given  off. 

It  is  remarkable  from  this  point  of  view  that  I  have  only  succeeded 
in  constantly  reversing  a  triplet  in  the  case  of  manganese,  and  that  I 
have  only  succeeded  in  reversing  a  triplet  of  iron  on  one  or  two  occa- 
sions only.  Comparing  these  results  with  those  obtained  in  the  case 
of  Na,  K,  Ca,  &c.,  we  have  here  an  indication  of  a  considerable  phy- 
sical difference  between  the  metals  of  the  alkalies,  for  instance,  and 
those  of  the  iron  group. 

It  is  also  suggested  as  a  result  of  the  application  of  this  new  method 
of  experimentation,  that  in  the  case  of  a  considerable  number  of 
chemical  substances  not  only  the  line  spectrum  is  compound  in  it» 
origin,  as  I  suggested  many  years  ago,  but  that  a  large  number  of  the 
lines  is  due  to  molecular  groupings  of  considerable  complexity,  which 
can  be  kept  out  of  the  reaction  by  careful  low  temperature  distillation. 

Whether  these  higher  molecular  groupings  are  merely  larger  phy- 
sical aggregates  or  whether  they  be  compounds  in  a  stricter  sense,, 
hydrides  for  instance,  it  may  take  some  time  to  determine ;  but  it  is 
obvious  that  however  this  may  be,  the  finer  vapours  may  exist  uncon- 
taminated  with  the  grosser  ones  in  the  incandescent  atmosphere  of  a 
star  ;  and  I  know  of  no  reason  why  the  molecules  of  such  fine  vapours 
should  not  combine  with  each  other,  and  if,  for  the  sake  of  argument, 
we  assume  that  some  of  the  so-called  chemical  elements  may  be  thus 
compounded  of  those  finer  vapours  which  we  know  to  exist  in  the 
atmospheres  of  the  hottest  stars,  then  we  may  expect  to  find  the  high 
temperature  spectra  of  these  so-called  elements  to  consist  of  a  com- 
plication of  lines,  due  partly  to  the  complex  molecules  themselves  and 
partly  to  the  finer  vapours  in  question. 


XXVIII.  **  Supplementary  Note  on  the  Volumetric  Estimation 
of  Sugar  by  an  Ammoniated  Cupric  Test  givmg  Reduction 
without  Precipitation."  By  F.  W.  Payy,  M.D.,  F.R.S. 
Received  June  19,  1879. 

In  a  communication  published  in  the  '*  Proceedings  of  the  Royal 
Society  "  (vol.  xxviii,  p.  260),  I  drew  attention  to  the  employment  of 
an  ammoniated  cupric  liquid  for  the  volumetric  estimation  of  sugar. 
Instead  of  giving  an  altogether  new  formula  for  this  liquid,  I  re- 
commended it  to  be  prepared  from  Fehling's  solution  with  the  addition 
of  a  certain  volume  of  ammonia  and  of  water.  Under  the  method  of 
analytical  procedure  adopted  in  my  laboratory,  which  consisted  in 
running  in  the  liquid  pretty  quickly  from  the  burette  to  near  the 
required  point,  and  then  dropping  it  in  slowly,  the  amount  of  soda 
contained   in   Fehling*s   solution  proved  su£&cient  to   give  accurate 
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results.  I  have  since  learnt,  however,  that  if  the  liquid  to  be  examined 
be  dropped  in  slowly  throughout,  by  whidi  a  longer  time  is  occupied 
in  the  performance  of  the  operation,  the  result  becomes  to  a  certain 
extent  modified.  It  appears  as  though  the  test  under  the  influence  of 
prolonged  ebullition  iajls  to  possess  the  requisite  stability.  In  the 
case  of  Folding's  solution  used  in  an  ordinary  way  I  have  long  known 
that  when  in  a  diluted  state,  ebullition  alone  leads  to  the  occurrence 
of  change,  unless  an  additional  amount  of  alkali  be  introduced.  A 
certain  strength  of  alkalinity  is  required  to  give  the  requisite  stability 
to  resist  the  effect  of  ebullition.  With  the  ammoniated  liquid,  it  is 
to  be  remembered,  a  state  of  considerable  dilution  exists,  viz.,  to  the 
extent  of  120  in  1,000. 

The  introduction  of  a  larger  amount  of  fixed  alkali  into  the 
ammoniated  liquid  suffices  to  give  it  the  power  to  resist  the  influence 
of  the  variation  in  the  method  of  procedure  referred  to  in  conducting 
the  analysis,  and  it  is  to  make  known  the  fact  of  the  alteration  being 
required,  that  this  communication  is  presented. 

If  Fehling's  solution  be  used  in  the  preparation  of  the  ammoniated 
liquid,  as  I  originally  suggested,  the  amount  of  soda  employed  should 
be  doubled  to  meet  the  requirements. 

It  was  on  account  of  Fehling*s  solution  being  so  well  known  a 
liquid,  that  I  recommended  the  ammoniated  test  to  be  made  from  it. 
'Now  that  a  modification  has  to  be  introduced,  I  may  state  that  the 
copper  liquid  I  have  generally  been  in  the  habit  of  using  as  a  sugar 
test  is  made  with  potash  instead  of  soda,  and  contains  a  much  larger 
proportion  of  alkali  than  what  is  present  in  Fehling's  solution.  It 
has  appeared  to  me  that  the  liquid  thus  constituted  possesses  the 
advantage  of  greater  precision  of  behaviour,  and  it  may  be  used  for 
the  preparation  of  the  ammoniated  test.  The  following  is  the  com- 
position recommended : — 

Cupric  sulphate  . .  .  •  . .  .  .  34  '65  grms. 

Potassic  sodic  tartrate  (Bochelle  salt)         . .  170  „ 

Potash 170  „ 

Water  to  1  litre. 

120  cub.  centims.  of  this  liquid  are  mixed  with  300  of  strong 
ammonia  (sp.  gr.  0'880)  and  water  added  to  a  litre  for  the  am- 
moniated test,  20  cub.  centims.  of  which  stand  equivalent  to 
O'OIO  grm.  of  glucose. 


XXIX.  "About  some  General  Laws  of  Animal  Life."  By 
Nicholas  Wagner,  Professor  of  Zoology,  University,  St. 
Petersburg.   Communicated  by  Professor  HuXLEY,  Sec.R.S. 

[Publication  deferred.] 
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The   Society  adjourned    over    the    Long   Vacation  to   Thurgdaj, 
November  20th. 


Presents,  Jime  19,  1879. 
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November  20,  1879. 

THE  PRESIDENT  in  the  Chair. 

In  pursuance  of  the  Statutes,  notice  of  the  ensuing  Anniyersary 
Meeting  was  given  &om  the  Chair. 

Mr.  George  Matthey  was  admitted  into  the  Society. 

Mr.  Bramwell,  Mr.  Busk,  Mr.  De  La  Rue,  Mr.  Newmarch,  and 
Mr.  Perkin,  having  been  nominated  by  the  President,  were  elected  by 
ballot  Auditors  of  the  Treasurer's  Accounts  on  the  part  of  the  Society. 

The  Presents  received  were  laid  on  the  table,  and  thanks  ordered  for 
them. 

The  following  Papers  were  read : — 

I.  "  ExperimeDtal  Researches  on  the  Electric  Discharge  with 
the  Chloride  of  Silver  Battery."  By  Warren  De  La  Rue, 
M.A.,  D.CL.,  F.R.S.,  and  Hugo  W^  Muller,  PLD.,  F.R.S. 
Received  August  7,  1879. 

(Abstract.) 

Part  III. — Tube-Potential;  Potefiiial  at  a  Constant  Dietance  and 
Various  Pressures ;  Nocture  and  Phenomena  of  the  Electric  Arc, 

In  the  first  part  of  .this  paper  the  authors  describe  a  series  of  experi- 
ments to  determine  the  potential  necessary  to  produce  a  discharge  in  a 
tube,  exhausted  gradually  more  and  more  whUe  using  a  constant 
number  of  cells  in  all  the  experiments.  In  consequence  of  the  life  of 
the  battery  becoming  so  much  exhausted  by  the  method  employed,  the 
experiments  were  confined  to  one  gaseous  medium,  namely,  hydrogen. 
Since  the  completion,  however,  of  the  measurements  described  in  the 
paper,  the  authors  have  found  two  other  more  convenient  methods  for 
determming  the  tube-potential,  which  do  not  exhaust  the  battery 
injuriously ;  these  are  described  in  an  appendix.  The  tube,  162,  em- 
ployed was  33  inches  long  and  2  inches  in  diameter,  the  distance 
between  the  ring  and  straight  wire  terminals  being  29*75  inches;  the 
battery  consisted  of  11,000  cells.  The  discharge  took  place  when  the 
pressure  was  reduced  to  35*5  m.m.,  46,710  M,  and  the  exhaustion  was 
afterwards  continued  gradually  until  it  fell  to  0*0065  m.m.,  8*6  M< 
In  conunenciDg  each  set  of  experiments  the  deflection  of  a  tangent- 
cralvanometer  was  observed  when  the  battery  was  short-circuited.     By 
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a  table  previoasly  calculated,  the  value  of  tHe  deflection  iu  ohms  of 
resistance  per  ceU  could  be  read  off;  this  multiplied  by  11,000  gave 
the  total  resistance  of  the  battery ;  the  tube  was  then  connected  with 
the  terminals  and  the  galvanometer  again  observed ;  this  gave  a  less 
deflection  and  indicated  a  greater  resistance,  which,  multiplied  by 
11,000,  gave  the  total  resistance  of  the  tube  and  battery:  by  sub- 
tracting the  resistance  of  the  battery  the  resistance  of  the  tube  was 
ascertained.     Calling  the  total  resistance  R,  the  tube  resistance  r,  the 

tube-potential  V»  V=t2i__^ — r.     The  tube-potential  requisite  to  pro- 
R 

duce  a  discharge,  with  a  pressure  of  46,710  M)  was  found  to  be 
10,250  cells;  this  gradually  fell  until  a  pressure  of  0*642  m.m., 
1,082  Mf  was  reached,  the  tube-potential  being  then  only  430  cells, 
after  which  it  rapidly  rose  and,  at  8*6  M)  it  required  a  potential 
of  8,937  cells  to  produce  a  discharge.  From  the  experiments  de- 
scribed in  Part  II  (p.  103,  foot  note),  it  was  found  that,  in  another 
tube,  it  required  the  full  potential  of  11,000  cells  to  produce  a  dis- 
charge at  3  M)  and  that,  at  1*8  Mi  this  potential  was  insufficient. 
The  obstruction  to  the  discharge  in  tube  162  was  as  great  at  8'6  M,  as 
at  28,553  M  pressure,  and  required  8,950  cells  in  each  case.  A  few  of 
the  more  remarkable  phases  of  stratification  in  tube  162  are  shown  in 
one  of  the  plates  which  illustrate  the  paper. 

The  next  part  of  the  paper  deals  with  the  potential  necessary  to 
produce  a  discharge  between  disks  1*5  inch  in  diameter,  at  a  constant 
distance  and  at  various  pressures. 

In  the  first  instance,  an  experiment  was  made  in  order  to  ascertain 
whether  there  was  either  any  condensation  or  dilatation  of  the  gas 
in  contiguity  with  the  terminals  before  the  actual  passage  of  the  dis- 
charge. In  order  to  do  this  an  apparatus  was  constructed,  as  shown 
in  fig.  1. 

It  consists  of  a  glass  cylinder,  the  depth  of  which  is  accurately  the 
same  in  every  part,  so  as  to  ensure  the  parallelism  of  two  glass  disks 
which  close  its  ends. 

These  are  held  in  contact  with  the  ends  of  the  cylinder  by  means  of 
screw-clamps  made  of  ebonite,  and  the  whole  apparatus  is  supported 
on  a  tripod  ebonite  stand,  which  is  fastened  to  a  square  wooden  foot. 
Attached  parallel  to  the  top  and  bottom  glass  disks,  by  means  of 
flanged-screw  rods,  are  two  brass  disks  with  rounded  edges,  4  inches 
in  diameter;  these  are  maintained  at  a  distance  of  0*13  inch,  3*3  m.m., 
at  which  the  discharge  of  11,000  cells  would  only  just  take  place. 

The  ends  which  project  through  the  glass  disks  are  furnished  with 
binding-screws  for  attaching  wires  from  the  battery. 

On  the  side  of  the  cylinder  is  a  tubulure  in  which  is  fitted  a  gauge 
containing  strong  sulphuric  acid,  so  as  to  dry  the  inside  of  the  ap- 
paratus, and  to  indicate  whether  any  condensation  or  dilatation  of  the 
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^as  contained  in  the  cylinder  occars  on  connecting  the  metallic 
disks  with  the  battery  by  means  of  the  contact-key.  The  edges  of  the 
cylinder  were  mbbed  with  grease,  and  care  was  taken  to  prove  that 
the  apparatus  was  perfectly  tight,  by  causing  the  fluid  in  the  limb  of 
ihe  gauge  to  stand  for  some  time  higher  than  that  in  the  bulb.  When 
-contact  was  made  with  a  battery  of  9,800  cells,  there  was  not  the 

Fig.  1. 


slightest  indication  of  any  alteration  of  volume  of  the  contained  air, 
so  that  there  was  neither  condensation  about  the  disks  which  would 
have  caused  a  contraction,  nor  repulsion  from  the  disks  which  would 
have  caused  an  expansion  of  volume.  The  fluid  in  the  stem  was 
observed  with  a  lens,  but  not  the  slightest  motion  of  it  took  place. 
The  same  result  was  noticed  even  when  water  was  substituted  for 
^nlphuric  acid.  So  far,  then,  as  this  apparatus  would  indicate  it,  the 
result  is  entirely  negative. 

Potential  necessary  to  produce  a  discharge  between  disks  at  a  constant 
distance  and  at  various  pr ensures. 

The  experiments  were  made  by  placing  the  micrometer-discharger. 
Part  I,  fig.  1,  under  a  bell-jar,  and  in  the  first  instance  adjusting  the 
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disks  to  the  striking  distance  at  atmospheric  pressnre  for  the  battery  of 
1 1,000  cells.  Afterwards  a  less  number  of  cells  was  connected  with  the 
disks  and  the  bell- jar  gradually  exhausted  until  the  discharge  occurr^; 
the  height  of  the  gauge  was  then  read  off.  Then  a  less  and  leB& 
number  of  cells  was  connected  with  the  disks  and  the  operation  was 
repeated.  There  was  a  gauge  about  36  inches  long  attached  to  the 
pump-plate  in  order  to  indicate  the  pressure  beyond  the  range  of  the 
gauges  attached  to  the  pumps. 

In  air  the  discharge  took  place  at  ordinary  atmospheric  pressure 
with  11,000  cells  when  the  disks  were  0*13  inch,  3*3  m.m.  distant;  and 
with  GOO  cells  at  an  average  pressure  of  10  m.m. 

In  hydrogen  it  took  place  at  atmospheric  pressure  with  11,000  cells 
when  the  disks  were  0*22  inch,  5*59  m.m.  distant ;  and  with  600  cell* 
at  an  average  of  14  m.m.  pressure. 

In  carbonic  acid,  at  atmospheric  pressure  with  11,000  cells,  when 
the  disks  were  0*122  inch,  3*096  m.m.  distant ;  and  with  600  cells  at 
an  average  pressure  of  5*2  m.m. 

The  numbers  obtained  for  air,  hydrogen,  and  carbonic  acid  respec- 
tively were  plotted  down  on  millimetre  scale  paper,  the  absciss®  being 
1  m.m. =2,500  M>  the  ordinates  1  m.m. =25  cells,  and  curves  drawn 
to  give  a  mean  of  the  several  observations.  These  appeared  to  re- 
semble hyperbolic  curves  so  closely  that  true  hyperbolic  curves  were 
found  partly  by  a  geometric  construction,  partly  by  computation, 
which  would  intersect  the  mean  experimental  curves  in  two  points. 
The  results  of  experiment  were  again  laid  down  on  these  new  curves, 
and  it  was  found  that  they  did  not  differ  more  from  them  than  they 
did- from  each  other. 

The  ratio  of  the  transverse  axis  (pressure)  to  the  conjugate  axis 
(potential)  of  the  hyperbolas  set  out  on  the  above-mentioned  scale,, 
was — 

For  air  0*9665 

„    hydrogen  . .  . .  . .  . .      1*0170 

„    carbonic  acid     . .  . .         . .  . .      1*0690 

The  striking  distances  at  atmospheric  pressure  for  spherical  surfaoes 
3  inches  radios  and  1*5  inch  diameter,  with  various  potentials,  as 
given  in  Part  I,  page  14,  curve  VIII,  and  at  page  64,  also  those  for 
nearly  flat  surfaces  in  pages  19  and  64,  were  reduced  to  millimetres 
distance  and  plotted  down  in  the  same  way,  but  not  on  precisely  the 
same  scale  as  the  preceding  curves  for  constant  distance  and  various 
pressures.  Hyperbolic  curves  were  also  found  which  intersected  the 
experimental  curves  in  two  points. 

It  was  seen  in  the  case  of  spherical  surfaces,  the  result  having  been 
obtained  as  the  average  of  a  great  number  of  experiments,  that  the 
hyperbola  coincided  closely  with  the   observations,  while  for  plane 
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surfaces,  for  which  only  a  few  experiments  were  made,  the  coincidences 
were  not  qnite  so  perfect.  Nevertheless,  it  wonld  appear  that  the  law 
-of  the  hyperbola  holds  equally  well  for  a  constant  pressure  and  varying 
distance  as  it  does  for  a  constant  distance  and  varying  pressure ;  the 
obstacle  in  the  way  of  a  discharge  being  up  to  a  certain  point  as  the 
number  of  molecules  intervening  between  the  terminals.* 

In  the  two  cases  of  spherical  and  plane  surfaces  the  ratio  between 
the  transverse  (distance)  and  conjugate  (potential)  axes  of  the  respec- 
tive hyperbolas  was — 

For  spherical  surfaces  . .  . .  . .      1*240 

„    diskfe        1-285 

With  the  data  already  published  in  Part  I,  the  authors  have  laid 
down  a  fresh  curve  for  the  striking  distance  between  flat  disks  on  a 
scale  of  10  centims.  for  a  millimetre  and  5  centims.  to  1,000  cells. 

From  the  curve  thus  laid  down  the  following  numbers  were 
deduced : — 


Difference  of 

Intensity  of  force. 

EMF  in  volts. 

Striking  distance 
in  centimetres. 

potential  per 
centimetre. 

Electromagnetic. 

Electrostatic. 

volts. 

1,000 

0  0205 

48,770 

4-88x10" 

163 

2,000 

0  0430 

46,500 

4-65     „ 

155 

3,000 

0  0660 

45,450 

4-55    „ 

152 

4,000 

0  0914 

43,770 

4-38    „ 

146 

5,000 

0  1176 

42,510 

4-25     „ 

142 

6,000 

0  1473 

40,740 

4-07    „ 

136 

7.000 

01800 

38,890 

3-89    „ 

130 

8,000 

0-2146 

37,280 

3-73     „ 

124 

9,000 

0-2495 

36,070 

3-61     „ 

120 

10,000 

0-2863 

34,920 

3-49    „ 

116 

11,000 

0-3245 

33,900 

3-39    „ 

113 

11,309 

0-3378 

33,460 

3-35     „ 

112 

The  remainder  of  the  paper  is  chiefly  occupied  with  the  study  of 
the  phenomena  of  the  electric  arc  under  various  conditions  of  distance, 
pressure,  and  potential;  the  results  obtained  support  the  view  that 
the  arc  and  the  stratified  discharge  are  merely  modifications  of  the 
same  phenomenon. 

*  Dr.  Alexander  Macfarlane  has  published  in  the  "  Transactions  of  the  Roj  al 
•Society  of  Edinburgh,*'  1878,  vol.  xxvii,  an  elaborate  and  careful  research  of  the 
-** Disruptive  Discharge  of  Electricity"  in  air  and  different  gases,  and  between 
terminals  of  various  forms.  An  abstract  of  this  paper  will  be  found  in  "  Nature," 
December  26,  1878,  pp.  184,  185.  Dr.  Macfarlane  used  a  Holtz  machine  and 
employed  higher  potentials  than  those  we  used ;  he  found  that  the  results  for  the 
disdiarge  between  two  disks  4  inches  in  diameter  at  various  distances  up  to  1*2 
.centims.  and  with  various  pressures  were  satisfactorily  represented  by  the  hyperbola. 
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The  experiments  were  made  in  a  bell- jar,  containing  the  terminals, 
which  coald  be  gradually  exhausted  after  having  been  filled  with  air- 
or  other  gas.  One  of  the  terminals  was  fixed  to  the  bottom  plate,  the- 
other  could  be]  adjusted  to  any  distance  from  it  by  a  rod  sliding 
through  a  stuffing-box  in  the  glass  cover.  The  foot  of  the  stand  was 
insulated  by  a  disk  of  ebonite,  on  which  it  stands.  One  such  bell-jar 
is  9j  inches  (23'4  centims.)  high  and  5f  inches  (14*9  oentims.)  in 
diameter ;  its  cubical  content,  obtained  by  covering  the  open  ends  with 
glass  plates  and  filling  with  water  from  a  graduated  measure,  wae 
found  to  be  3,787  cub.  centims. 

A  remarkable  phenomenon  was  observed  on  making  connexion 
between  the  terminals  and  the  battery  by  means  of  the  discharging^ 
key  (already  described  in  Part  I,  page  4),  namely,  that  within  certain 
limits  of  pressure  in  the  bell- jar  a  sudden  expansion  of  the  gas  took 
place,  and  that  as  soon  as  the  connexion  was  broken  the  gas  then 
as  suddenly  returned  nearly,  but  not  quite,  to  its  original  volume  in 
consequence  of  a  slight  increase  of  temperature.  The  effect  was 
exactly  like  that  wldch  would  have  been  produced  if  an  empty  bladder 
had  been  suspended  between  the  terminals,  and  suddenly  inflated  and 
as  suddenly  emptied. 

The  followed  experiment  in  rarefied  air,  at  a  pressure  of  56  m.m.^ 
at  a  temperature  of  17° "5  C,  will  give  an  idea  of  the  amount  of  in- 
stantaneous expansion  which  occurs  when  the  terminals  are  connected 
with  the  poles  of  the  battery  of  11,000  cells,  current  001102  W; 
the  resistance  of  the  bell- jar  was  reproduced  by  substituting  600,000 
ohms  wire  resistance. 

in.m.  M. 

Distance  of  the  terminals — the  top  one  a 

point,  the  lower  a  disk — 6  inches ;  pressure     56  73,684 

On  making  contact  the  arc  passed  and  the 

column  of  mercury  was  depressed 15*8        20,789 


Pressure  on  connexion 71*8  =  94,473 

The  increased  was  to  the  normal  pressure  in  the  ratio  of  1*282  to  1 ;: 
as  the  gas  was  kept  at  a  constant  volume,  and  supposing  the  expansion 
to  be  due  to  an  increase  of  temperature,  the  pressure  would   vary 

as  the  absolute  temperature,*   therefore    — -= =1-282,   whence 

T       56 

T'=l-282  X  291-2=373°-3  C. ;  (373-3-273-7)=99^-6  C,  the  tempera- 
ture of  the  bell- jar,  and  (99'6— 17'5)  =  82°*1,  the  rise  of  temperature 
while  the  discharge  was  taking  place.  But  the  temperature  of  the 
bell- jar  as  determined  by  a  thermometer  enclosed  in  it  with  its  bulb 
uppermost  only  rose  0**'64  C.  per  second,  taking  into  account  the  rate 

•  Absolute  zero  -27a-7  C,  273*7 +17-6 =291-2. 
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of  cooling.  Ifc  is  evident,  therefore,  that  the  increase  of  pressure 
cannot  be  ascribed  to  the  instantaneous  heating  of  the  bell-jar  82°  C. 

Taking  the  dimensions  of  the  arc  from  a  photograph,  it  was  calcu- 
lated that  it  mnst  have  attained  the  enormous  temperature  of  16,114°  C, 
if  the  increase  of  pressure  was  really  due  to  heat.  It  was  found  that 
platinum  wires  0*001  inch  in  diameter  supported  in  various  parts  of 
the  arc  were  immediately  fused ;  the  temperature  of  the  arc  was  there- 
fore as  high  as  the  fusion-point  of  platinum,  and  possibly  considerably 
higher. 

If  the  whole  of  the  heat  evolved  by  a  current  of  0'01102  W>  through 
a  resistance  of  600,000  ohms  had  been  communicated  to  the  air  in  the 
jar,  weighing  0*339  grm.  it  would  raise  it  215°*6  C.  in  one  second. 
It  is  known  from  direct  experiment  that  this  enormous  evolution  of 
heat  was  not  communicated  to  any  extent  to  the  air  in  the  bell-jar, 
because  its  temperature  only  increased  about  0^*64  C.  per  second; 
the  heat  must  consequently  have  escaped  almost  instantaneously  by 
radiation.  It  is  difficult  consequently  to  realise  the  conjecture  that 
the  enormous  dilatation  which  occurred  instantaneously  could  have 
been  caused  by  increase  of  temperature.  And  it  points  to  its  being 
produced  by  a  projection  of  the  molecules  by  electrification  causing 
them  to  press  outwards  against  the  walls  of  the  containing  vessel,  this 
pressure  being  distinct  from  the  motion  caused  by  heat. 

The  authors  proceed  to  describe  the  appearance  of  the  arc  with  ter- 
minals of  various  forms  at  different  distances  and  with  various  pres- 
sures. It  was  found  that  the  light  emitted  by  different  parts  of  the 
arc  was  not  of  the  same  intensity  throughout,  and  that  from  the  first 
there  was  a  tendency  to  break  up  into  distinct  entities,  as  shown  in  the 
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diagram,  fig.  2,  whicli  only  indicates  the  central  bright  portion  of  the 
arc,  this  never  qoite  reached  the  negative  terminal,  near  which  there 
was  always  the  well-known  dark  discharge. 

As  the  pressnre  was  diminished  the  arc  widened  ont  nntil  at  last  the 
entire  snr&bce  of  the  negative  disk  was  covered  with  a  luminous  halo, 
and  the  discharge  took  up  a  stratified  appearance. 

The  appearances  presented  by  the  arc  in  air,  hydrogen,  and  carbonic 
acid  are  copiously  illustrated  by  copies,  in  mezzotint,  of  photographs 
and  drawings  as  in  Part  II  in  the  case  of  stratified  discharges  in  iuBes. 
During  the  course  of  these  observations  the  increased  pressure  caused 
by  the  current  was  recorded,  and  an  arrangement  was  made  to  ascer- 
tain whether  the  increase  of  pressure  was  greater  near  one  or  the 
other  terminal.  For  this  purpose  a  divided  bell-jar  was  constructed, 
both  ends  of  the  two  halves  being  accurately  ground,  and  a  glass  disk 
divided  the  chamber  into  two  parts ;  in  this  there  is  a  hole  half  an  inch 
in  diameter  made  with  a  raised  rim,  in  order  that  plates  of  mica  with 
holes  of  different  diameters  might  be  cemented  with  Canada  balsam 
centrally  to  the  diaphragm.  The  capacity  of  the  upper  half  was 
found  to  be  1,530  cub.  centims.,  that  of  the  lower  half  1,755,  total 
3,285. 

That  portion  of  the  chamber  which  was  in  communication  with  the 
gauge  was  connected  alternately  with  the  positive  or  negative  terminal 
of  the  battery,  and  the  depression  noted.  When  this  chamber  wa.«? 
either  —  or  -h  the  ratio  of  increase  to  the  normal  pressure  was — 


— 

+ 

1-44 

1-39 

1-34 

1-41 

113 

1-20 

1-22 

1-34 

1-38 

1-40 

116 

111 

119 

116 

1-266  1-287 

It  would  appear  therefore  that  the  dilatation  of  the  gas  is  the  same 
both  in  the  positive  and  negative  chambers. 

In  order  to  prosecute  their  experiments  in  a  vessel  of  still  greater 
capacity,  the  authors  had  constructed  a  larger  jar  with  a  neck  at  each 
end,  or  more  properly  speaking  perhaps,  a  tube  supported  horizontally 
on  ebonite  crutches.  It  is  37  inches  long  and  5^  inches  in  diameter, 
its  cubical  content  was  found  to  be  14,435  cub.  centims.,  or  3*8  times 
that  of  the  bell- jar  employed  in  the  experiments  on  the  electric  arc. 

The  experiments  with  this  tube  will  necessarily  occupy  a  con- 
siderable period,  partly  on  account  of  the  longtime  it  takes  to  cjxbanst 
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it  after  each  set,  partly  on  acconnt  of  the  variety*  of  experiments  it  is 
intended  to  make  with  it ;  consequently  they  describe  only  a  few  of 
the  first  results  hitherto  obtained. 

For  Example  in  Air. 

Pressure  3  m.m.,  3,947  M)  6,300  cells.  Two  luminosities  were 
formed,  the  ring  negative  being  surrounded  with  a  nebulosity  which 
completely  filled  the  end  of  the  tube.  The  tube  glowed  brilliantly 
with  a  blue  fluorescent  light,  which  proved  to  have  great  actinic 
power.  A  dry-plate  photograph  obtained  in  5  seconds^records  a  very 
curious  phenomenon,  namely,  that  the  outer  boundary  of  the 
luminosity  appears  darker  than  the  tube.  It  is  to  be  remarked  that 
while  the  discharge  was  reddish  (nitrogen),  the  fluorescence  of  the 
tube  was  blue ;  the  effect  appears  to  be  due  to  the  absorption  of  a 
portion  of  the  fluorescent  light  emanating  from  the  back  of  the  tube 
in  passing  through  the  red  luminosity.  The  effect  was  quite  un- 
expected, and  it  was  thought  at  first  that  it  might  have  arisen  from 
some  peculiarity  in  the  development  of  the  dry  plate;  it  was  not 
therefore  until  the  result  had  been  confirmed  by  other  photographs  that 
they  ventured  on  the  explanation  above  given. 

The  paper  closes  with  the  following  conclnsions : — 

1.  For  all  gases  there  is  a  minimum  pressure  which  offers  the  lea^st 
resistance  to  the  passage  of  an  electric  discliarge.  After  the  minimum  has 
been  reached,  the  resista/nce  to  a  discharge  rapidly  increases  as  the 
pressure  of  the  medium  decreases.  With  hydrogen  the  minimum  is 
0*64  m.m.,  842  M  ;  at  0*002  m.m.,  3  |\/|,  it  is  as  great  as  at  35  m.m., 
46,000  M. 

2.  There  is  neither  condensation  nor  dilatation  of  a  gaseous  medium  in 
Jiontiguity  with  charged  terminals, 

3.  When  the  discharge  takes  place  there  is  a  sudden  dilatation  of  tlie 
medium  in  addition  to  and  distinct  from  that  caused  by  heai.  This 
dilatation  ceases  iiistantaneously  tohen  the  discharge  ceases. 

4.  The  potential  'necessary  to  prodtu^e  a  discharge  between  parallel  fiat 
surfojces  at  a  constant  distance  and  various  pressureSy  or  at  a  constant 
pressure  and  various  distcunces,  may  be  represented  by  hyperbolic  ctirves. 
The  resistance  of  the  discharge  between  parallel  flat  surfaces  beiTig  as  tJie 
numher  of  m>olecules  intervening  betiveen  them. 

5.  This  law  does  not  hold  with  regard  to  points.  In  Fart  I  it  has 
been  shown  that  tlis  potential  necessary  to  produce  a  discharge  at  the 
atmospheric  pressxire  and  va/rious  dista/nces  is  as  the  square  root  cf  the 
distances^  while  with  a  constant  pot&ntial  and  various  dista/nces ^  the 
pressure  has  to  be  diminished  in  a  greater  ratio  than  that  of  the  vicrease 
of  distance  in  order  to  permit  a  discharge  to  take  place. 

6.  The  electric  arc  and  tlie  stratified  discharge  in  vacuwm  tubes  are 
modifications  of  the  same  phenomenon. 
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Lastly,  the  authors  say : — 

''We  have  again  pleasure  in  thanking  Professor  Stokes  for  his 
much-valued  advice  during  the  course  of  oxir  investigations.  To  our 
assistant,  Mr.  Fram,  we  are  indebted  for  his  able  co-operation,  and 
we  have  to  thank  Mr.  H.  Reynolds  for  his  aid  and  skill  in  taking 
photographs." 


II.  *'  Researches  on  the  Action  of  Organic  Substances  on  the 
Ultra- Viblet  Rays  of  the  Spectrum.  Part  UI,  On  Exami- 
nation of  Essential  Oils."  By  W.  N.  Hartley,  F.R.S.E., 
&c.,  Professor  of  Chemistry  in  the  Royal  College  of  Science 
for  Ireland,  Dublin,  and  A.  K.  HUNTINGTON,  F.I.C.,  F.C.S^ 
Associate  of  the  Royal  School  of  Mines.  Received  July  22, 
1879. 

(Abstract.) 

Much  chemical  and  physical  research  by  various  investigators  has 
been  devoted  to  the  class  of  bodies  known  as  Essential  Oils,  as,  for  in- 
stance, the  work  of  Dr.  J.  H.  Gladstone  (**  Journal  of  the  Chemical 
Society,*'  vol.  xviii,  p.  1 ;  vol.  xxiii,  p!  147  ;  vol.  xxv,  p.  1)  ;  of  Dr.  C. 
R.  A.  Wright  (*'  Journal  of  the  Chemical  Society,"  vol.  xxvi,  pp.  549 
and  686 ;  vol.  xxvii,  pp.  1,  317,  and  619,  Isomeric  terpenes  and  their 
derivatives)  ;  and  of  Dr.  W.  A.  Tilden  (loc,  cii,,  vol.  xxviii,  pp.  514  and 
1258),  as  well  as  of  many  others. 

The  new  method  of  research  employed  by  us  and  described  in  a 
paper  about  to  be  published  in  the  "  Philosophical  Transactions,'*  has 
been  applied  to  the  examination  of  these  substances.  We  have  to 
acknowledge  the  kindness  with  which  several  gentlemen  have  supplied 
us  with  samples  of  essential  oils,  namely.  Dr.  Gladstone,  Mr.  Farriee, 
of  the  firm  of  Burgoyne,  Burbidges,  Cyriax,  and  Farries,  Dr.  Sep- 
timus Piesse,  and  Dr.  W.  A.  Tilden. 

As  in  our  previous  experiments  (Abstracts  of  Parts  I  and  11, 
"  Proc.  Roy.  Soc.,"  No.  192,  1879),  photographs  were  taken  of  the 
spectrum  transmitted  by  the  undiluted  liquid,  and  then  of  that  trans- 
mitted by  the  liquid  in  various  states  of  dilution,  the  dilutions  ranging 
in  some  cases  from  1  in  50  to  1  in  500,000  volumes  of  alcohol. 

The  following  is  a  list  of  substances  examined,  classified  according 
to  the  optical  properties  they  were  found  to  possess. 

OUs  and  hydrocarbons  transmitting  contimious  spectra, 

Australeuc,  from  oil  of  turpentine.  Calamus. 

Birch  bark.  Citron. 

Cajpiiteuc  dihydrate.  Citronella. 

Carraway  hydrocarbon  (No.  2).  Cedar  wood. 
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Ccdrat  hjdrocarbon. 

Nutmeg  hydrocarbon. 

Cubebs. 

Patchouli,  oil  of,  Nos.  1  and  2. 

ElHcr. 

Boee,  otto  of. 

Hesperidene,  from  oil  of  orange-peeL 

Rosewood. 

Indian  Oeranium. 

Bosemary. 

Juniper. 

Santal  wood. 

LiaTender. 

Terebene. 

lagn-Aloes. 

Terebenthene. 

Melaleuca  Ericifolia. 

Vitiyert. 

Menthol,  from  oil  of  mint. 

Hydrocarbons 

slewing 

the 

ahsorptuni  bands  of  cymene. 

Thyme. 

Nutmeg. 

Lemon. 

Carraway  (No.  1). 

Svhstaiices  showing  strong  bands  of  absorption  in  the  spectrum  transmitted 

by  dilute  solutions. 

Oils  of  Aniseed.  Carrol,  oxidised  deriTatire  of  carraway  oiL 

„      Bay.  Myristiool,  the  same  from  nutmeg  oil. 

„      Bergamot.  Patchouli,  blue  oil  of. 

„      Bitter  Almonds.  Oils  of  Peppermint. 
„      Cassia.  „      Pimento. 

„      OloTes.  „      Thyme. 

For  the  most  part  these  latter  substances  are  known  to  contain  the 
aromatic  nuclens  as  an  essential  part  of  their  constitution.  Thas  the 
oils  of  bay,  pimento,  and  cloves,  contain  the  substance  eugenol,  or 
C0H3.OH.OCH3.CsH. ;  oil  of  cassia  consists  of  cinnamic  aldehyde, 
CeHg.CgHg.COH ;  oil  of  aniseed  of  anethol,  CgHj.OCHs.CjHs ;  and 
oil  of  thyme  contains  thymol,  CgH3.OH.CH3.C3H7,  as  well  as  much 
cymene,  CgH^.CHs.CsBL^. 

Some  other  oils,  such  as  bergamot  and  oil  of  peppermint,  as  likewise 
the  bodies  menthol,  carvol,  and  myristicol,  have  an  unknown  con- 
stitution. The  three  latter  substances  are  known  to  be  isomeric 
("  Journal  of  the  Chemical  Society,"  vol.  xxv,  p.  1). 

Great  interest  is  attached  to  our  examination  of  these  bodies,  since 
we  consider  it  to  be  proved  from  the  character  of  the  spectra  they 
transmit  that  the  nucleus  of  menthol  is  a  terpene,  while  the  benzene 
ring  is  the  inner  basis  of  carvol  and  myristicol.  Bergamot  appears  to 
be  a  terpene  mixed  with  some  derivative  of  the  aromatic  series,  but  the^ 
oil  of  peppermint  on  the  other  hand  is  essentially  a  substance  belonging 
to  this  latter  class.  The  refraction  equivalents  of  carvol  and  myris- 
ticol are  abnormal,  like  those  of  benzene  derivatives,  a  fact  which 
confirms  our  conclusions  regarding  the  constitution  of  these  sub-^ 
stances. 

The  following  is  a  summary  of  our  observations  with  regard  to  the 
terpenes : — 

1.  The  terpenes  with  the  composition  CioH^g  possess,  in  a  high 
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degree,  the  power  of  absorbing  the  ultra-violet  rays  of  the  spectram, 
though  they  are  inferior  in  this  respect  to  benzene  and  its  derivatives, 
to  which  class  of  bodies  they  are  so  closely  allied. 

2.  Terpenes  with  the  composition  CjgH^  have  a  greatly  increased 
absorptive  power  for  the  more  refrangible  rays,  that  is  to  say,  they 
withstand  dilution  to  a  greater  extent  the  greater  the  number  of  carbon 
atoms  in  the  molecule. 

3.  Neither  the  terpenes  themselves  nor  the  oxidised  or  hydrated 
derivatives  occasion  absorption  bands  under  any  circumstances  when 
pure,  but  always  transmit  continuous  spectra. 

4.  Isomenc  terpenes  transmit  spectra  which  generally  difEer  from 
one  another  in  length,  or  show  variations  on  dilution. 

5.  The  process  of  diluting  with  alcohol  enables  the  presence  of 
bodies  of  the  aromatic  series  to  be  detected  in  essential  oils,  and  even 
in  some  cases  the  amount  of  these  substances  present  may  be  estimated. 

Several  diagrams  in  illustration  of  the  kind  of  absorption  exerted 
by  the  different  substances  are  presented  with  the  complete  paper. 


III.  "  Preliminary  Note  on  Magnetic  Circuits  in  Dynamo-  and 
Magneto-Electric  Machines."  By  Lord  Elphinstone  and 
Charles  W.  Vincent,  F.R.S.E.,  F.C.S.,  F.I.C.  Received 
July  26,  1879. 

The  experiments  which  form  the  subject  of  the  present  note  were 
made  in  connexion  with  an  investigation  as  to  the  best  form  for  the 
construction  of  a  dynamo-electric  machine,  intended  to  furnish  cur- 
rents of  high  intensity  in  great  quantity.  The  principle  deduced 
applies  equally  to  magneto- electric  machines. 

The  source  of  power  in  all  dynamo-electric  machines  being  electro- 
magnets whose  cores  are  already  slightly  magnetic,  it  appeared  to  ua 
necessary  to  consider  the  conditions  under  which  the  initial  force  of 
such  max^hines  is  best  obtained. 

For  this  purpose  we  made  use  of  a  JJ  electro-magnet  having  a  core 
oi  soft  iron  2  inches  in  diameter  and  86  inches  long.  The  arms  of  the 
JJ  were  4  inches  apart.  The  exciting  helices  were  two  sheet  copper 
reels,  12  inches  long,  fitting  closely  upon  the  uprights  of  the  U»  ^^^ 
readily  removable.  Each  of  these  reels  was  coiled  with  200  yards  of 
No.  14  double  covered  copper  wire. 

Two  cores  of  soft  iron,  of  the  same  diameter,  and  each  12^  inches 
long,  and  which  could  be  magnetised  by  the  same  helices,  were  also 
.employed. 

The  principal  armature  was  of  soft  iron,  8  inches  in  length,  by 
-2  inches  in  width,  and  1  inch  thickness,  rounded  at  the  ends.    Its  face 
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fitted  approximately  close  to  the  poles  of  the  \J  magnet,  whose  faces  it 
completely  covered  when  placed  upon  them. 

Other  armatures  and  magnets  were  employed,  the  form  of  which 
we  propose  to  describe  in  a  future  paper. 

The  iron  of  which  the  \J  and  the  straight  cores  were  made  was 
found  to  be  exceedingly  plastic  as  regai*ds  molecular  magnetic  polarity. 
In  a  few  seconds  after  the  cessation  of  an  electric  current  from  twenty 
quart  Bunsen  cells  acting  through  the  above  helices,  they  were  in- 
capable of  attracting  and  holding  even  fine  iron  filings.  • 

The  U  magnet  tested  with  a  suspended  magnetic  needle  was  found 
to  retain  some  magnetic  polarity  after  many  days ;  in  fact,  it  is 
doubtful  if  the  magnetism  ever  entirely  disappeared,  except  when  the 
core  was  subjected  to  special  treatment. 

On  the  other  hand,  the  straight  cores  lost  their  induced  magnetism 
more  rapidly,  and  when,  having  been  demagnetized  either  by  time  or 
by  the  mode  described  further  on,  they  were  placed  in  the  line  of  the 
magnetic  dip,  they  showed  poles  in  accordance  therewith ;  and  on  re-* 
versing  the  position  of  the  core,  these  poles  were  immediately  reversed 
without  its  being  necessary  to  resort  to  striking  the  bars  or  other 
means  of  putting  them  in  a  stat€  of  vibration.  It  was  thus  demon- 
strated to  our  minds  that  if  iron  of  similar  quality,  and  in  this  form, 
were  made  use  of  for  the  electro-magnet  cores  in  a  dynamo-electric 
machine,  the  initial  force  producing  the  electric  currents  of  the  machine 
could  not  be  due  to  residual  magnetism,  but  rather  to  the  lines  of 
magnetic  force  of  the  earth. 

The  current  from  four  Bunsen  cells  sent  round  the  \J  magnet  fixed 
the  armature  so  firmly  that  it  could  not  be  pulled,  or  even  slid  ofE,  by 
the  utmost  exertion  of  one  man's  strength. 

On  breaking  battery  contact,  if  both  poles  were  completely  covered, 
a  direct  pull  failed  to  separate  armature  and  magnet.  The  armature 
could,  however,  though  with  difficulty,  be  slid  off ;  the  difficulty  of 
movement  greatly  increasing  as  the  edge  of  the  poles  was  approached. 
For  instance,  on  attempting  to  slide  the  armature  off  the  north,  the 
south,  or  both  poles,  the  resistance  became  greater  as  the  point  of  final 
communication  between  the  poles  through  the  moving  armature  was 
approached.  This  was  found  to  be  the  case  whatever  time  had  passed 
between  the  rupture  of  contact  and  the  first  movement  of  the  arma- 
ture. (Sometimes  many  days  elapsed.)  In  very  many  experiments  it 
was  found,  moreover,  that,  provided  neither  pole  had  been  completely 
uncovered,  on  sliding  back  the  armature  to  its  normal  position,  the 
magnet,  which  with  its  stand  and  coils  weighed  over  58  lbs.,  could  be 
lifted  by  it. 

A  current  from  four  Bunsen  cells,  almost  momentary  in  duration, 
sufficiently  m.agnetised  the  core  to  produce  all  the  above  effects. 

If,  whilst  the  current  flowed  round  the  \J  magnet,  the  armature 
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rested  on  one  pole  only,  it  was  of  conrse  strongly  held ;  bnt  on  break- 
ing contact  it  was  at  once  set  free,  and  fell  off  if  not  balanced ;  the 
magnetism  of  the  \J  core  immediately  falling  to  its  minimnm,  as  shown 
by  suspended  test  needles.  If,  however,  the  most  minute  point  of 
connexion  existed  between  the  armatnre  and  the  other  pole,  in  addi- 
tion to  its  complete  contact  with  the  one  it  covered,  it  continued  to 
be  firmly  held  long  after  battery  contact  was  broken. 

It  being  thought  that  possibly  the  effects  described  were  partly  due 
to  m#lecular  attrsiction  of  the  iron  atoms  when  brought  into  close 
contact  under  magnetic  stress,  the  poles  were  coated  with  a  layer  of 
tallow,  but  if  this  was  sufficiently  thin,  the  magnet  could  still  be 
lifbed  by  the  armature  after  breaking  battery  contact.  When  the 
tallow  was  broken  into  small  lumps,  allowing  light  to  be  seen  be- 
tween magnet  and  armature,  the  same  result  was  obtained. 

Thus  absolute  metallic  contact  was  found  to  be  unnecessary  for  the 
retention  of  a  considerable  amount  of  magnetism  by  the  \J  core  and  its 
armature,  when  in  magnetic  circuit.  With  a  piece  of  writing  paper 
interposed  between  the  poles  and  armature,  they  were  held  together 
with  great  force  long  after  battery  contact  was  broken ;  but  when  the 
distance  was  increased  by  the  interposition  of  cards,  nails,  or  wires, 
to  j^  of  an  inch,  the  residual  attractive  force  was  very  much  lessened. 
When  the  magnetic  circuit  becomes  more  open  the  residual  magnetism 
dies  away  in  about  the  same  proportion  as  the  attractive  force  of  core 
and  armature,  whilst  under  the  influence  of  the  battery  current 
it  becomes  less  when  the  distance  between  them  is  increased. 

Interposition  of  thick  glazed  note  paper  caused  such  a  diminution 
of  the  residual  magnetism  that  the  magnet  could  no  longer  be  lifted 
by  the  armature. 

The  experiment  was  varied  by  putting  lengths  of  fine  silk  thread 
straight  across  between  the  armature  and  the  magnet ;  in  this,  as  in 
the  former  experiments,  the  armature  was  firmly  held,  and  the  magnet 
could  be  lifted  by  it.  There  was  no  point  of  actual  metallic  contact, 
and  light  could  be  seen  over  both  magnetic  fields,  except  at  the  thin 
lines  where  the  silk  threads  were.  The  58  lb.  magnet,  when  lifted  by 
the  armature,  was  thus  literally  suspended  in  the  air  (like  Mahomet's 
coffin)  by  the  magnetism  remaining  in  the  almost  closed  circuit,  and 
this  long  after  the  exciting  electric  current  had  ceased.  (The  experi- 
ments were  made  at  intervals  of  four  1 1  ours,  twenty-four  hours,  three 
days,  four  days ;  the  armature  had  always  ultimately  to  be  wrenched 
ofP.) 

The  same  result  was  obtained  with  plates  or  slips  of  zinc,  copper, 
platinum,  silver,  and  aluminium  foils,  gutta-percha  tissue,  em- 
broidery cotton,  <fcc.,  and  appeared  to  depend  entirely  on  the  distance 
between  poles  and  armature,  irrespective  of  the  nature  of  the  inter- 
posed body. 


Digitized  by 


Googk 


1879.]         On  Dynamo-  mid  Magneto-Electric  Machines,  295 

When  the  straight  cores  were  placed  on  the  poles  of  the  \J  magnet, 
«nd  a  current  passed  ronnd  the  latter,  attraction  ceased  the  moment 
the  battery  contact  was  broken ;  bnt  if,  while  the  current  was  passing, 
the  armature  was  placed  on  the  pole»  of  the  cores,  the  whole  system 
was  firmly  held  together,  though  the  current  no  longer  flowed. 

There  would  appear  to  be  no  limit  to  the  length  of  time  during 
which  the  stored-up  magnetic  force  exerts  itself  in  such  metallic 
<nrcuits  (closed,  or  nearly  so)  as  are  described  above,  for  it  was 
found  that,  after  periods  varying  from  one  to  fourteen  days  from  the 
time  of  a  momentary  passage  of  an  electric  current  round  the  cores, 
the  attractive  force  was  as  great,  or  even  greater,  than  at  the  first 
moment. 

A  small  electro-magnet,  JJ -shaped,  with  limbs  6  inches  long,  having 
a  core  of  |-inch  iron,  and  helices  consisting  of  4  layers  of  No.  16 
covered  copper  wire,  had  for  its  armature  a  similar  \J  core  uncoiled. 
The  uncoiled  \J  was  hung  up,  and  the  electro-magnet  held  beneath  it, 
the  poles  of  each  being  opposed :  a  current  from  four  Bunsen  cells 
was  then  sent  through  the  coils  for  a  few  seconds.  Not  only  did  the 
electro-magnet  (weighing,  with  its  coils,  several  pounds)  remain 
firmly  attached  to  its  armature,  but  the  hanging  on  to  it  subsequently 
of  8  pounds  additional  weight  failed  to  detach  it. 

A  further  proof  of  the  large  amount  of  magnetism  held  captive  in  a 
circuit  thus  closed  was  afEorded  by  the  following  experiments.  On 
<;onnecting  the  ends  of  the  wires  from  the  helices  with  a  galvanometer 
and  resistance-coil,  deflections  varying  froin  40''  to  90°  were  obtained 
with  a  resistance  of  1,700  ohms  in  circuit  each  time  the  armature  was 
forced  away  from  the  poles  of  the  large  JJ  magnet,  after  the  passage 
of  a  current  from  four  cells  of  a  few  seconds'  duration.  By  careful 
manipulation,  sparks  between  the  ends  of  the  helix  wires  were  also 
obtainable  each  time  the  closed  magnetic  circuit  was  opened.  (In  one 
case  a  week  had  elapsed  betwixt  the  passage  of  the  current  and 
obtaining  of  the  spark.) 

In  all  these  experiments,  when  the  circuit  was  completely  closed 
there  was  no  external  magnetism  apparent,  but  on  slightly  breaking 
contact  between  the  poles  and  armature,  magnetic  poles  could  be 
detected.  Slight  irregularities  of  the  surfaces  in  contact  likewise 
caused  the  development  of  poles. 

A  heavy  magnetic  needle,  4  feet  distant  from  the  magnet,  if 
deflected  by  the  \J  magnet,  uncovered  by  its  armature,  45°,  would  fall 
back  to  5°  when  the  current  ceased.  If  the  poles  were  now  covered 
by  the  armature,  the  needle  went  to  0**.  Passage  of  the  current  from 
four  cells  would  now  give  a  deflection  of  about  38° ;  on  the  current 
ceasing  the  needle  woidd  come  back  to  0°,  and  rise  again  to  5°  on 
removal  of  the  armature :  but  if,  instead  of  immediately  pulling  ofE  the 
armature,  the  two  ends  of  the  wires  of  the  helices  were  connected 
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together,  and  then  the  armatore  was  forced  ofE,  the  needle  would 
swing  20°  and  fall  back  to  5®  very  slowlj  (in  about  fifteen  minutes). 

If  both  poles  of  the  \J  magnet  were  caused  to  be  of  the  same  name, 
and  the  armature  placed  upon  them,  there  was  no  attraction  after 
breaking  battery  contact. 

The  straight  cores,  if  placed  upon  the  \J  magnet  connected  by  the 
armature,  and  then  magnetised  in  such  a  way  that  the  poles  of  the  cores 
faced  like  poles  of  the  \J  magnet,  retained  no  magnetic  polarity  when 
taken  away  from  the  system,  whereas  when  they  formed  part  of  such 
a  closed  circuit  as  we  have  above  described,  the  bars  retained  sufficient 
polarity  to  afEect  a  magnetic  needle  for  some  time. 


We  may  here  remark  that  the  attractive  force  of  electro-magnets 
for  each  other,  in  what  we  call  open  circuit,  is  not  nearly  as  great  as 
in  a  closed  circuit.  For  instance,  the  \J  magnet  could  not  be  lifted 
by  the  straight  cores  placed  upon  its  poles,  even  with  a  current  from 
six  Bunsen  cells  running  round  the  helices ;  but  on  bridging  the  circuit 
with  the  armature  the  whole  mass,  weighing  82  lbs.,  could  bo  raised 
from  the  ground  with  the  current  of  only  two  cells,  and  quite  irre- 
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spective  of  tlie  position  of  the  exciting  helices,  whether  both  were  on 
the  magnet,  both  on  the  cores,  or  one  on  the  magnet  and  one  on  a  core. 

From  the  foregoing  experiments  it  appears  clear  that  the  more  near 
the  approach  to  a  closed  magnetic  circnit,  the  stronger  is  the  field  of 
force,  and  the  longer  is  retained  the  magnetism  of  the  mass  or  masses 
of  iron  constituting  the  circnit.  The  same  rule  holds  good  with 
regard  to  permanent  magnets.  In  closed  circuits  the  attractive  force 
IB  at  its  height,  and  diminishes  in  intensity  as  the  magnetic  field  is 
more  extended.  Bat  the  parallel  goes  beyond  this,  for  the  more  open 
the  magnetic  field,  the  more  rapidly  is  the  magnetic  force  itself  dis- 
sipated. 

These  principles  have  guided  us  in  the  construction  of  a  dynamo- 
electric  machine  of  whose  magnetic  circuits  we  here  present  a  sketch, 
and  which  we  hope  to  describe  more  fully  in  a  future  paper. 

In  the  accompanying  diagram  six  fixed  electro-magnets  are  shown, 
haying  alternate  poles,  opposite  to  which,  and  at  a  very  short  distance, 
are  placed  three  other  electro-magnets  so  arranged  with  opposing  poles 
as  to  form  three  nearly  closed  circuits.  Coils  of  wire  are  made  to 
revolve  so  as  to  cross  the  intervals  between  these  opposing  poles,  and 
the  electric  currents  induced  in  the  moving  coils  are  made  to  pass 
round  the  electro-magnets. 


IV.  "  Further  particulars  of  tbe  Transit  of  Venus  across  the 
Sun,  December  9,  1874 ;  observed  on  the  Himalaya  Moun- 
tains, Mussoorie,  at  Mary- Villa  Station,  Lat.  30°  28'  N., 
Long.  78°  3'  E.,  height  above  sea  6.765  feet,  with  the 
Royal  Society's  5-inch  Equatoreal."  Note  III.  By  J.  B. 
N.  Hennessey,  F.R.S.    Received  October  4, 1879. 

1.  The  object  of  the  present  note  is  to  add  to  Notes  I  and  II*  some 
particulars  of  the  transit  not  detailed  in  those  notes.  The  latter  con- 
tained only  sufficient  extracts  from  my  observatory  notes  in  connexion 
chiefly  with  the  three  contacts  which  I  observed ;  as,  however,  various 
other  facts,  besides  the  contacts,  were  developed  in  course  of  the 
transit,  and  elicited  remarks  from  me  at  the  time,  it  seems  desirable 
that  a  complete  transcript  of  these  observatory  notes  should  also  be 
put  on  record;  both  in  connexion  with  what  hereafter  follows,  and 
also  to  meet  any  possible  future  requirements  of  details,  such  as 
expressed  by  Captain  Tupman  in  his  discussion  of  the  mean  solar 
parallax.f 

•  See  "  Proc.  Boy.  Soc."    Vol.  xxiii,  pp.  254, 379. 

t  Boyal  Astronomical  Society,  "  Monthly  Notices."   Vol.  xxxyiii,  p.  452. 
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1874.    December. 


Chronometer 
Time. 


d.     h.     m. 


8     19    18      0 
20      0 


20    60 


Qreenwich  Time. 


22    83 


23 


d.     h.      m.  8. 


8     14      6    85 
8    35 


9    25 


11      8 


11    35 


Bemarks  made  by  Obflerrer  at  the  time. 


24 
25 
26 

28 


29    10 


22 


0 
82 


13 
18 
15 
17 


45 

1 
9  0 


17    45 


16 
17 


48 
20 


36 


Ingress. 

Beautifully  clear  morning.   No  haze.    K^-  | 

piece  125.     Two  coloured  glasses  girmg 

a  neutral  or  bluish  field.     Missed  the  lat 

external  contact.  ^    . 

Venus'  edge  on  sun  boils  somewhat ;  it  is, 

however,  distinctly  visible. 
Venus*  outer  edge,  ».«.,  against   sky,  <^- 
tinctly  visible,  because  of  a  narrow  ^g- 
ing,  or  ring  of  light,  around  some  30r  of 
that  part  of  it  furthest  from  the  sun. 
The  light  ring  now  extends    around  the 
whole  of  that  part  of  Venus'  edge  against 
the  sky,  and  is  some  3"  in  width ;  it  is 
brightest  where  furthest  from  the  sun. 
The  light  ring  against  sky  is  well  seen,  and 
looks  undeniably  like  Venus'  atmosphere; 
width  some  4"  j  definition  excellent. 
The    light    ring  against  the  sky  can  be 
plainly    traced    in  continmation  around 
Venus  on  the  sun,  where  however  it  is 
made  visible  chiefly  by  the  motjemenis 
occurring  in  it  of  minut«  bright  specks, 
and  also  because  it  boils.    The  entire 
ring  is  full  of  these  minute  bright  specks, 
which    appear    and    disappear  rapidly, 
dancing  about  with  Uttle  flashes.     Defi- 
nition excellent. 
Light  ring  against  sky  wider. 

„  „  quite  distinct, 

quite  bright. 
Transit  of    Venus*  dark  edge  across  the 

sun's  limb,  ».«.,  1st  internal  contacts 
Transit,    by  estimate,    of    outer    edge  of 
Venus*  light  ring  (that  was  against  sky) 
across  the  sun's  limb.    No  ligament  or 
pear-drop  seen,  though  expscledoMd  care- 
fully vxUchedfor. 
Brilliantly  dear  sky ;  light  breeze  from  south. 
Spectroscope  set  up,  adjusted,  and  used. 
Slit  placed  across  Venus*  centre  gave  a 
black  band  all  along  the  length  of  solar 
spectrum.       Slit    placed    tangential    to 
Venus'  disk,  gave  a  faint,  narrow  glim- 
mer of  liffht,  slightly  brighter  than  solar 
spectrum,  instead  of  black  band  ;  no  dis- 
placement of  solar  lines  in  glimmer. 

Bgress. 

Eye-piece    as    before,  126.      Of  the  two 
coloured  glasses  used  for  Ingress,  one 
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1874.    December. 


Chronometdr 
Tiine. 


Greenwich  Time. 


Bemarks  made  by  Obsenrer  at  the  Time. 


d.     h.      m. 


d.     h. 


8     23      9 


11    38 


12    40 


15      8 


16 


44     14 


8     17    57    36 
18      0    14 


1     16 


3    44 


4    86 


16 

57 

5 

32-6 

22 

0 

10 

36 

34 

0 

22 

36 

37 

30 

26 

6 

40 

0 

28 

36 

32     49*6 


Strega, 
now  changed  for  a  red  glass ;  field  now 
red  and  less  lighted  than  at  Ingress. 
Definition  sharp  and  excellent.  No  boil- 
ing visible  around  sun's  limb ;  some  boil- 
ing round  Venus'  lower  limb  and  still 
less  around  upper  limb.  RemoTcd  the 
red  glass  and  substituted  a  blue  one, 
when  the  boiling  round  Venus  became 
quite  visible.  Removed  the  temporary 
substitute  and  restored  red  glass,  as 
before,  and  thus  watched  the  further 
progress  of  the  transit. 

About  i  of  Venus*  diaineter  from  contact. 
No  ligament  visible. 

About  ^  of  Venus'  diameter  from  contact. 
No  ligament  visible. 

About  ^  of  Venus'  diameter  from  contact. 
No  ligament  visible. 

Less  than  ^  of  Venus'  diameter  from  con- 
tact.    No  ligament  visible. 

About  ^  of  Venus'  diameter  from  con- 
tact.    No  ligament  visible. 

2nd  internal  contact. 

Light  ring  now  visible  around  Venus'  limb 
against  sky. 

No  boiling  around  Venus*  or  sun's  limb. 

Venus'  limb  against  eky  only  faintly  seen. 

Light  ring  has  been  invisible  for  some 
time ;  was  seen  for  only  a  short  time 
after  2nd  internal  contact. 

2nd  external  contact.  No  ligament  visible 
thereafter  or  at  any  time  before. 


2.  This  record  was  obtained  by  means  of  the  following  agency.  My 
friend,  Mr.  W.  H.  Cole,  M.A.,  audibly  counted  seconds,  and  named  the 
minutes  as  completed,  from  a  large  chronometer,  before  which  he  was 
comfortably  seated,  say  six  feet  from  the  equatoreal.  Baboo  Cally 
Mohun  Ghose,  with  paper  and  pencil,  took  up  a  position  by  my  side ; 
he  mentally  followed  Mr.  Cole's  counting,  and  noted  down  the  instant 
I  made  a  remark,  together  with  the  words  I  uttered.  In  the  absence 
of  remarks,  the  Baboo  noted  the  number  of  each  complete  minute  as 
it  was  declared,  a  reckoning  which  was  checked  by  inspection  of  the 
chronometer  and  otherwise  from  time  to  time,  so  as  to  render  the 
adoption  of  a  wrong  minute  practically  impossible.  Thus  all  that  re- 
mained  for  me  to  do  was  to  look  intently  through  the  telescope  of  the 
equatoreal  and  declare  exactly  what  I  beheld.  We  three  individuals 
were  all  enclosed  within  the  canvas  walling  of  an  observatory  tent 
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only  eight  feet  square,  the  top  of  the  tent  being  removed,  No  sonnd 
broke  the  enforced  stillness  that  prevailed ;  the  sky  was  brilliantly 
clear,  and  all  canse  for  anxiety,  as  to  clonding  over,  or  the  driving  of 
the  equatoreal,  or  on  any  other  acconnt,  was  completely  absent ;  while 
the  events  in  question  were  plainly  seen  to  progress  so  gradually  and 
deliberately  that  there  was  not  the  smallest  occasion  for  hurry  or  con- 
fusion of  any  kind,  nor  did  any  occur.  Unlike  a  solar  eclipse,  when 
every  second  is  of  the  utmost  importance,  there  was  plenty  of  time  for 
every  purpose.  Under  these  circumstances,  I  repeat,  it  was  practi- 
cally impossible  that  any  blunder  in  recording  could  be  committed. 

8.  Subsequently,  when  Colonel  J.  P.  Tennant,  F.R.S.,  was  reducing 
his  observations,  taken  at  Roorkee,  he  wrote  to  me,*  pointing  out  that 
there  was  apparently  a  blunder  of  three  minntes  in  the  recorded  time 
of  my  first  internal  contact.  I  was  well  aware  of  this  anomaly,  and 
had  previously  alluded  to  it  in  Burlington  House,  when  taking  part  in 
the  discussion  that  followed  the  reading  of  my  Notes  I  and  II  before 
the  Royal  Society  in  1875 ;  so  that  with  the  full  knowledge  I  possessed 
of  all  the  facts  of  observations,  I  found  it  out  of  my  power  to  adopt 
Colbnel  Tennant's  very  natural  suggestion,  that  the  three  minntes  in 
question  were  due  to  a  blnnder  in  recording. 

4.  It  appears  desirable  to  add  a  few  words  as  to  this  anomaly.  If 
due  to  a  record-blunder,  then,  it  will  be  seen  from  the  observatory  notes 
preceding,  the  identical  three  minutes'  blunder  must  have  been  re- 
peated in  no  less  than  eight  independent  preceding  times  recorded ; 
and  this  notwithsta^nding  that,  from  our  contiguity  of  position,  both 
Baboo  Cally  Mohnn  Ghose  and  myself  availed  ourselves  of  ample 
opportunity  to  check  Mr.  Cole's  declarations  of  complete  minutes ;  a 
conclusion  which  amounts  to  assuming  practically  that  three  indi- 
viduals independently  concurred  in  the  erroneous  records  of  nine 
difEerent  times,  which  were  equally  wrong  by  three  minntes.  This  is 
by  no  means  probable. 

5.  If,  on  the  other  hand,  the  anomaly  be  ascribed  to  blunder  on  my 
part  in  visible  recognition  of  the  contact,  or  briefly  to  contact-blunder, 
the  following  evidence  in  my  favour  may  be  adduced  by  comparing  my 
intervals  of  contact  with  those  observed  by  my  friend  the  (late)  Rev. 
H.  D.  James,  M.A.,  who  was  stationed  only  nineteen  miles  from  me  to 
the  north-west,  t 


•  See  also  his  Beport  to  Gk>veTnment,  p.  41.    1877. 
t  At  Chakati*,  lat.  N.  SO**  43',  long,  E.  77^  64',  height  7,300  feet  shore  «w 
"  Proc.  Roy.  Soc."     Vol.  xxiii,  pp.  381-384.) 
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Contact. 

Henneseej. 

Jamee. 

Time. 

Interval  from 

iBt. 

Time. 

■  a 

Interval  from 
Ist. 

Ist  Internal . . 
2nd       „       .. 
2nd  External 

h.    m.     8. 

14    17      9 
18      5    83 
18    82    50 

h.   m.    8. 

8    48    24 
4    15    41 

h.    m.     8. 

7    41     20 
11    80    15 
11    57    25 

h.   m.     8. 

3  48    86* 

4  15    44* 

Mr.  James  was  not  in  a  position  to  obtain  absolate  time  with  any 
great  accuracy,  but  this  does  not  vitiate  his  irUervals,  There  is  every 
reason  to  accept  these  as  accurate,  for  Mr.  James  was  quite  familiar 
with  the  telescope,  which  was  his  own  property,  and  was  accustomed 
to  study  celestial  objects.  The  accordance  of  these  intervals  (by  12 
seconds  and  3  seconds)  is  sufficient  proof,  apart  from  needless  reduc- 
tion, that  if  a  contact-blunder  of  three  minutes  was  committed  in  my 
first  time,  abont  the  same  occurred  in  Mr.  James's.  This,  as  a  blunder, 
is,  to  say  the  least,  highly  improbable. 

6.  I  think,  therefore,  it  may  be  claimed  for  both  Mr.  James  and 
myself  that  neither  of  ns  committed  any  blunder,  as  such,  whether  of 
record  or  contact.  On  the  other  hand,  I  confess  my  inability,  at 
present,  to  account  for  the  anomaly. 

7.  Turning  briefly  to  the  preceding  observatory  notes,  it  will  be  seen 
that,  for  purposes  of  emphasizing  the  visible  absence  of  the  expected 
ligament,  I  roughly  estimated  the  intervals  from  2nd  internal  contact 
(when  the  ligament  was  intently  looked  for)  on  five  occasions  in  terms 
of  Venus*  diameter ;  thus,  ^th  to  ^th  diameter.  ,  If,  for  purposes  of 
very  rough  comparison,  we  contrast  these  roughly  estimated  fractional 
diameter-intervals,  with  corresponding  fractions  of  the  observed 
interval  between  2nd  internal  and  2nd  external  contacts,  there  result  as 
errors  in  the  former : 

Error  of   ^th  diameter  -f  68  seconds, 
ith       „  +46      „ 

ith       „  +52      „ 

iVth      „  -27      „ 

»         t^th      „  -25      „ 

which  is  confirmatory  to  some  extent  of  the  absence  of  gross  error  in 
the  times  of  these  two  contacts. 

Mr.  James's  letters  to  me  in  original  is  attached. 


Excerpt  from  Mr.  H.  D.  James's  letter,  above  referred  to. 

"Chakatra,  N.W.R,  December  9,  1874. 
*'  Through  your  kindness  in  sending  me  a  diagram  of  the  planet's 
*  Intervals  ooirected  for  watch  rate,  giving  *'  perhaps  a  minute  in  12  hours.'* 
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progress  across  the  sun's  disk  I  had  as  satisfactory  a  view  of  it  as 
was  possible.  Mj  son  was  with  me.  At  6.56  we  noticed  the  sun- 
light on  the  snowy  range.  Ten  minutes  and  twelve  seconds  after  that 
we  saw  the  rim  of  the  sun  rising  above  the  mountain  which  intervened 
between  us  and  the  horizon.  We  kept  an  eye  on  Mussoorie  and 
Landour,  and  thought  they  had  but  two  minutes*  advance  of  us  in 
seeing  the  sun.  Eighteen  minutes  and  ten  seconds  after  our  first 
glimpse  of  the  sunlight,  Venus  began  nibbling  at  the  rim  of  the  sun. 
Between  this  and  her  entire  entrance  on  to  the  disk  was  twenty-seven 
minutes  and  ten  seconds ;  that  is,  we  saw  her  external  contact  at 
7=*  14'  10",  and  her  internal  contact  at  7°  41'  20".  When  she  was 
about  half  way  on,  we  both  noticed  a  fringe  of  white  light  illuminat- 
ing that  rim  of  the  planet  which  was  yet  on  the  dark  sky.  When  she 
went  off,  we  noticed  the  same  fringe  of  light,  but  for  a  much  shorter 
time,  and  when  only  about  one-eighth  of  her  had  passed  the  snn*s 
disk.  The  internal  contact  for  departure  took  place  at  IV  30'  15", 
and  the  external  at  ll**  57'  25",  as  near  as  it  was  possible  to  say,  for 
there  was  a  sort  of  flickering,  which  rendered  it  diflficult  to  fix  on  the 
precise  moment  of  contact. 

"  The  spots  on  the  sun  were  but  insignificant,  in  magnitude  about 
the  same  as  yesterday,  though  in  position  very  different." 
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V.  "Preliminary  Report  to  the  Committee  on  Solar  Physics 
on  the  evidence  in  favour  of  the  Existence  of  certain  Short 
Periods  common  to  Solar  and  Terrestrial  Phenomena." 
By  Balfour  Stewart,  F.R.S.,  Professor  of  Natural  Philo- 
Bophy  in  Owens  College,  Manchester,  and  William  Dodg- 
SON.  Communicated  to  the  Royal  Society  at  the  request  of 
the  Committee.     Received  October  23,  1879. 

1.  In  a  previous  report  to  this  Committee  ("  Proc.  Roy.  Soc," 
vol.  xxix,  page  106)  we  exhibited  a  method  of  detecting  the 
unknown  inequalities  of  a  series  of  observations,  and  we  gave  some 
evidence  that  the  temperature-range  and  the  declination- range  at  Kew 
Observatory  are  both  subject  to  the  same  short  period  inequalities,  the 
particular  periods  investigated  being  those  around  24  days. 

To  confirm  this  evidence  we  have  extended  our  researches,  although 
in  a  subject  of  such  magnitude  they  must  still  be  regarded  as  of  a 
preliminary  nature.  In  our  present  paper  we  investigate  after  the 
method  described  in  our  first  report  the  following  ranges  : — 

J.  Diurnal  Ranges  of  Temperature  of  Air  at — 

a  Kew  (already  given). 
ft  Toronto. 
7  Utrecht. 

IL  Diurnal  Ranges  of  Magnetic  Declination  including  Disturbances 
at— 

a  Kew. 
6  Prague. 

IIL  Sun- Spot  Inequalities  of  the  period  of  24  days  as  far  as  this  may 
be  obtained  from  existing  records. 

For  the  Toronto  ranges  we  are  indebted  to  the  kindness  of  the 
Council  of  the  Meteorological  Office,  and  of  Mr.  Kingston,  Director 
of  the  Toronto  Observatory.  We  have  extracted  the  Utrecht  and 
Prague  ranges  from  the  published  records  of  these  observatories, 
while  for  the  Kew  declination-ranges,  including  disturbances,  we  have 
to  thank  the  Committee  of  the  Kew  Observatory. 

2.  To  begin  with  the  Toronto  and  Utrecht  temperature  ranges, 
these  have  been  treated  exactly  in  the  way  in  which  we  treated  the 
Kew  temperature-range,  so  that  it  will  only  be  necessary  to  exhibit  the 
result  of  our  treatment  in  tables  which  correspond  with  Table  VI  of 
our  previous  report. 
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3.  Applying  the  metliod  already  described  by  us  to  the  results  in 
Tables  I  and  II,  and  borrowing  for  comparison  the  results  of  Table  VTI 
of  our  previous  communication,  we  obtain  the  following  table : 


Table  III. — Exhibiting  the  Results  of  our  method  applied  to  Table  VI 
of  our  previous  and  Tables  I  and  II  of  our  present  communication. 


Divisions 

Exact  period 

Magnitude  of  inequality. 

from  normal. 

in  days. 

Ke^r. 

tJtrecht. 

Toronto. 

-7  0  . 

. ..  23 

•5400  .. 

..     2100  .. 

..  1922  ... 

.   2934 

-6-5  . 

...  23 

•5729  .. 

. .   3093  . . 

..  3080  .. 

.   1422 

-6-0  . 

...  23 

•6057  .. 

..  4700  .. 

..  3950  .. 

'.  2252 

-5-5  . 

..  23 

6386  .. 

. .  4025  . . 

..  3980  ... 

.  4446 

-5  0  . 

..  23 

•6715  .. 

..   1386  .. 

..  3030  ... 

.   3939 

-4-5  . 

..  23 

•7043  .. 

..   1887  .. 

..  2624  ... 

.   5246 

-4  0  . 

..  23 

•7372  .. 

..   3910  .. 

..  2166  .. 

.  3638 

-3-5  . 

..  23 

•7700  .. 

..   3915  .. 

..  1780  .. 

.   2622 

-3  0  . 

..  23 

■8029  . . 

..  3140  .. 

..  3992  .. 

.   2148 

-2-5  . 

..  23 

8357  .. 

..   2771  .. 

..  4540  .. 

.   3337 

-2-0  . 

..  23 

•8686  .. 

..  4234  .. 

..  4578  .. 

.   8422 

-1-5  . 

..  23 

•9014  .. 

..   5921  .. 

..  4624  .. 

.  2906 

-1-0  . 

...  23 

•9343  .. 

..   6518  .. 

..  3878  .. 

..  3098 

-0-5  . 

..  23 

•9671  .. 

..  2374  .. 

..  2572  .. 

. .  2772 

0  0  . 

..  24 

•0000  .. 

..  3912  .. 

..  2586  .. 

..  3428 

+  0-5  .. 

..  24 

0329  .. 

..   5135  .. 

..  3958  ... 

.   2863 

+1-0  . 

..  24 

•0637  .. 

..  4516  .. 

..  2984  .. 

. .  1678 

+  1-5  . 

..   24 

•0986  . . 

..   2157  .. 

..  3394  .. 

..  3902 

+2-0  . 

..  24 

•1314  .. 

..   2378  .. 

..  5392  .. 

. .  3216 

+2-5  . 

..  24 

•1643  .. 

..   3795  .. 

..   5690  .. 

.   3360 

+  3-0  . 

..  24 

•1971  .. 

..   3926  .. 

..   3350  .. 

.  4274 

+3-5  . 

..  24 

•2300  .. 

..   3043  .. 

..   2520  .. 

.  2728 

+4-0  . 

..  24 

•2628  .. 

..  2520  .. 

..  4342  .. 

. .   2377 

+  4-5  .. 

..  24 

2957  .. 

..   3004  .. 

..   5802  .. 

.   3258 

+  5  0  .. 

..  24 

3285  .. 

..  4302  .. 

..   5572  .. 

.   3601 

+  5-5  . 

..  24 

•3614  .. 

..   4761  .. 

..   5146  .. 

,.   2400 

+  6  0  . 

..  24-3943  .. 

..   5824  .. 

..  3832  .. 

..   2906 

98247 

101284 

84173 

4.  It  will  be  noticed  that  there  is  a  very  striking  likeness  between 
the  three  vertical  columns  in  Table  III.  This  will  be  seen  more 
distinctly  by  reference  to  Plate  1,  in  which  figures  2,  3,  and  4 
represent  the  numbers  of  these  three  columns;  fig.  2  denoting  that 
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for  Kew,  fig.  (3)  that  for  Utreclit,  and  fig.  4  that  for  Toronto. 
This  means  that  the  temperatnre-ranges  at  theae  three  places  when 
treated  in  a  precisely  similar  manner  indicate  the  existence  in  each  of 
inequalities  of  the  same  periods.  The  results  are  not,  however,  pre- 
cisely the  same  for  each,  which  may  perhaps  be  accounted  for  by 
certain  local  influences  which  have  not  been  entirely  obliterated,  but 
which  might  be  overcome  by  a  longer  series  of  observations. 

The  sums  of  the  three  vertical  columns  too  are  not  very  different 
from  each  other.  We  have,  Kew=  98247,  Utrecht= 101284,  and 
Toronto =841 73,  a  result  which  might  seem  to  indicate  that  the 
magnitude  of  these  inequalities  is  nearly  the  same  at  the  three 
stations.     All  this  is  in  favour  of  their  cosmical  origin. 

5.  The  next  point  is  to  obtain  the  average  results  for  the  three 
observatories.  To  obtain  this  it  will  not  answer  to  add  the  three 
columns  together  horizontally,  and  then  divide  by  3.  For  although 
these  periods  may  have  a  cosmical  origin,  and  be  due  to  the  sun,  yet 
the  corresponding  phases  may  not  be  simultaneous  at  those  places. 
Indeed,  this  is  rendered  probable  by  the  fact  observed  by  Toynbee  and 
others  that  certain  weather  changes  which  are  in  a  sense  caused  by 
the  sun  appear  to  travel  from  west  to  east.  Now,  if  we  phould  find 
that  these  inequalities  take  the  same  course  it  is  not  impossible  to 
imagine  that  they  may  be  allied  to,  or  even  in  a  sense  identical  with 
those  other  well-known  changes  of  weather.  We  may  be  as  it  were 
on  the  track  of  those  changes  which  may  perhaps  be  due  to  solar 
inequalities. 

6.  How  then  are  we  to  decide  whether  the  various  phases  of  these 
inequalities  occur  at  Toronto  before  they  occur  at  Kew  ?  or  occur  at 
Kew  before  they  take  place  at  Utrecht  ?  in  fine,  how  are  we  to  ascer- 
tain that  these  appearances  travel  from  west  to  east  P 

This  may  be  ascertained  in  the  following  manner.  Any  one  of  the 
numbers  in  Table  III  is  the  sum  of  the  24  terms  of  an  inequality  which 
have  been  added  together  without  respect  of  sign.  Thus  the  number 
for  00  is  for  Kew,  3912  ;  for  Utrecht,  2586 ;  for  Toronto,  3428.  It 
does  not,  however,  follow  that  if  we  add  algebraically  together  the 
three  inequalities  corresponding  to  these  three  numbers,  we  shal 
obtain  an  inequality  the  sum  of  whose  terras  shall  be  equal  to  the 
sum  of  these  three  numbers.  For  the  three  inequalities,  even  if  pre- 
cisely the  same  in  type,  may  not  have  their  corresponding  phases 
occurring  together.  The  signs  of  the  numbers  we  add  together  may 
therefore  sometimes  be  different,  and  we  shall  then  have  to  subtract 
the  one  from  the  other.  Thus  again  if  there  be  a  want  of  simultaneity 
of  phase  in  two  such  inequalities,  the  algebraic  addition  together 
of  the  two  will  give  a  result  less  than  the  sum  (without  reference  to 
signs)  of  the  48  terms,  and  this  falling  off  will  be  greater  the  greater 
the   want  of  correspondence  in  phase.     Now  let  us  regard  Kew  as 
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oar  base  station.  We  have  in  all  27  inequalities  between  —7*0  and 
+  6*0,  the  sams  of  which  represent  the  nnmbers  of  the  vertical 
column  headed  Kew  in  Table  III.  In  like  manner  for  Toronto  we 
have  27  similar  inequalities.  Let  us  now  add  together  algebraicallj 
the  inequalities  of  Kew  and  the  corresponding  inequalities  of  Toronto, 
under  the  supposition  that  the  phases  are  simultaneous  at  the  two 
places.  We  thus  get  a  series  of  27  inequalities  representing  the 
united  result  of  the  two  observatories.  Treating  these  in  the  same 
waj  in  which  single  observatories  are  treated  in  Table  III,  we 
get  27  sums,  and  now  finally  let  us  add  these  sums  together.  We 
get  in  this  particular  instance,  Kew +Toronto=  133657.  Let  us 
next,  on  the  supposition  that  a  phase  at  Toronto  occurs  6  days  earlier 
than  the  corresponding  one  at  Kew,  rectify  this  by  pushing  each 
Toronto  inequality  6  divisions  to  the  right  before  adding  ^it  to  the 
corresponding  Kew  inequality.  Obtaining  as  before  27  sums  and 
adding  them  together,  we  get  as  a  result  141794. 

This  then  is  greater  than  the  result  obtained  by  adding  the  in- 
equalities together  as  they  stand,  and  would  seem  to  indicate  that  by 
means  of  thus  pushing  Toronto  to  the  right  we  are  bringing  the  phases 
more  nearly  into  accordance  with  one  another. 

7.  In  the  following  table  we  have  exhibited  the  results  obtained  by 
this  method  of  treatment 


Table  IV. — ^Algebraic  sum  of  Kew  and  Toronto  Temperature 
Inequalities. 

Kew  and  Toronto  (together)      =133657 

(Toronto  pushed  6  divisions  to  right)  =141794 

7  „  =143880 

8  „  =144746 

9  „  =142523 
10                 „  =187556 


It  thus  appears  that  we  get  the  greatest  sum,  and  consequently  the 
nearest  approach  to  similarity  of  phase  when  we  push  Toronto  for- 
ward, or  to  the  right,  8  divisions — in  other  words  similar  phases  take 
place  at  Toronto  about  8  days  before  they  take  place  at  Kew. 

Viewing  Kew  as  our  standard,  we  have  in  like  manner  compared 
Utrecht  and  Kew  together.  And  just  as  we  might  expect  Toronto  to 
be  before  Kew,  so  we  might  expect  Utrecht  to  be  behind  it.  It  will 
be  seen  by  the  following  table  that  this  surmise  is  correct. 
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Table  V. — Algebraic  sum  of  Kew  and  Utrecht  Temperature 
Id  equalities. 

Kew  and  Utrecht  (Utrecht  1  division  to  right)  . .  =165950 

(together)    .  =172807 

(Utrecht  1  division  to  left)    . .  ^174^71% 

(Utrecht  2  divisions  to  left)  . .  =173997 

(Utrecht  3  divisions  to  left)  . .  =164915 

It  thns  appears  that  we  get  the  greatest  snm,  and  consequently  the 
nearest  approach  to  similarity  of  phase  when  we  push  Utrecht  back- 
wards or  to  the  left  a  little  more  than  1  division,  in  other  words 
similar  phases  take  place  in  Utrecht  about  a  day  and  a-half  after  they 
take  place  in  Kew. 

8.  In  adding  together  the  results  of  the  three  observatories,  we  shall 
therefore  push  Toronto  8  divisions  to  the  right,  and  Utrecht  1 
division  to  the  left. 

By  doing  so  we  obtain  the  following  table  : — 


Table  VI. — ^In  which  Toronto,  Kew,  and  Utrecht  are  added  together 
as  now  described  and  the  sums  divided  by  3. 


Dirisions 
from  normal. 


-7 
-6 
-6 
-5 
-5 
-4 
-4 
-3 
-3 
-2 
-2 
-1 
-1 
-0 


Magnitude 
of  inequality. 

. .  1633 

. .  2199 

. .  3208 

. .  3642 

. .  1995 

..  2362 

. .  2616 

. .  2012 

. .  1439 

..  2344 

. .  3671 

. .  3808 

. .  3411 

..  1558    . 


Diririons 
fromnormaL 


0 

+0 

+1 
+1 

+2 
+2 
+3 
+  3 
+4 
+4 
+5 
+5 
+6 


Magnitude 
of  inequality. 

, .  2709 

.  3001 

.  2549 

.  1734 

.  1521 

.  2090 

.  2412 

.  2331 

.  2245 

.  3476 

.  3788 

.  3620 

.  3280 


9.  The  results  of  this  table  are  exhibited  in  Plate  1,  ^g.  1.  It  will 
be  seen  that  the  Kew  curve  (Plate  1,  fig.  2)  is  remarkably  like  the 
above  mean  curve;  the  Utrecht  curve  (fig.  3)  is  not  quite  so  like 
the  mean  as  the  Kew  curve,  while  the  Toronto  curve  (fig.  4)  is  the 
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least  like.  Bat  all  these  cnryes  have  a  very  considerable  likeaess 
both  to  the  mean  curye  and  to  one  another.  In  the  following  table 
we  have  compared  the  six  common  prominences  A,  B,  C,  D,  E,  F, 
giving  the  numerical  and  time  value  of  each  for  each  observatorj,  as 
well  as  for  the  mean  curve. 


Table  VII. — Giving  the  Numerical  and  Time  Values  of  the  various 
Prominences  of  the  Temperature  Curves. 


Mean. 

Kew. 

Utrecht. 

Toronto.       ' 

Designation 

Nume- 

Time 

Nume- 

Time 

Nume- 

Time 

Nume- 

Time 

of 

rical 

Talue 

rical 

value 

rical 

value 

rical 

value    ; 

prominence. 

value. 

in  days. 

value. 

in  days. 

value. 

in  days. 

value. 

in  days.: 

A 

3650 

23-633 

4740 

23-614 

4100 

23624 

4460 

23  640: 

B 

26i0 

23-730 

4010 

23-752 

2580 

23-710 

5250 

23  705 

C   

3810 

23-900 

5980 

23-914 

4630 

23-895 

3560 

23-853  1 

D 

8000 

24-029 

5140 

24035 

3960 

24  033 

3530 

24-015  I 

E   

24^0 

24-210 

4040 

24185 

5810 

24154 

4280 

241^ 

¥  

3790 

24-332 

4400 

24-334 

5800 

24-298 

3660 

24-3^; 

10.  We  have  hitherto  been  comparing  together  the  periods  of  the 
chief  temperature  inequalities  as  indicated  bj  the  various  observa- 
tories. Let  us  now  compare  together  these  inequalities  themselves. 
For  this  purpose  prominence  A  may  be  conveniently  represented  bj 
taking  a  mean  of  the  two  inequalities  for  —6*0  and  —5*5. 

Prominence  B  in  like  manner  by  a  mean  of  —4*5  and  —4*0 

C  „  „  -20  and  —IS 

„  D  „  „  0-0  and  +0*5 

E  „  „  -f  3-0  and  -f3-5 

F  „  „  +5-0  and +5-5 

Let  ns  perform  these  operations  separately  for  each  of  the  three 
stations,  and  also  for  the  mean  of  the  three  as  above  determined,  after 
having  brought  them  all  to  the  same  phase  by  the  method  above 
indicated,  and  we  thus  obtain  the  following  table : — 
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11.  The  results  of  Table  VIII  are  exhibited  graphicallj  in  Plates  2 
and  3. 

It  will  be  seen  that  there  is  a  striking  likeness  between  the  corre- 
sponding inequalities  of  the  various  observatories.  Of  these  Kew  is 
perhaps  most  like  the  mean,  while  Utrecht  follows  next  in  similarity ; 
Toronto  is  least  like,  but  even  here  the  similarity  is  very  apparent. 

12.  Before  leaving  this  division  of  our  subject  we  have  one  remark 
to  make.  We  do  not  suppose  that  certain  solar  inequalities  only  affect 
directly  some  particular  region  of  the  earth  from  which  they  are 
propagated,  say  from  west  to  east.  It  seems  to  us  more  probable  that 
any  solar  inequality  affects  directly  all  the  various  stations.  But  at 
the  same  time  there  may  be  a  progress  ^m  west  to  east  of  the  weather 
variations  caused  by  these  inequalities.  Suppose  for  instance  that 
one  of  these  has  the  period  of  24  days.  The  temperature-range  at 
Kew  will,  we  may  imagine,  be  directly  influenced  by  the  inequality. 
At  the  same  time  it  may  very  probably  be  influenced  by  weather 
changes  proceeding  from  west  to  east,  that  have  also  the  same  period. 
These  two  sources  of  inequality  will  be  superimposed  on  each  other 
at  Kew,  and  since  each  has  the  period  of  24  days,  their  resultant 
will  have  the  same  period,  only  in  such  a  case  the  phase  at  Kew 
may  be  imagined  to  occur  *  later  in  time  than  the  corresponding 
phase  of  a  station  to  the  west,  and  earlier  in  time  than  the  corre- 
sponding phase  of  one  to  the  east  of  Kew. 

13.  Let  us  now  proceed  to  discuss  our  magnetic  results.  In  onr 
last  report  we  applied  our  method  to  the  Kew  declination-ranges, 
disturbances  being  excluded.  We  have  since  had  reason  to  question 
the  propriety  as  far  as  our  purpose  is  concerned,  of  excluding  such 
disturbances.  For  these  disturbances  are  known  from  the  researches 
of  Sabine  and  others  to  be  due  to  the  state  of  the  sun*s  surface,  and 
Broun  in  his  recent  researches  has  rendered  it  highly  probable  that 
such  disturbances  indicate  short  periods  of  solar  inequality  as  well  as 
the  long  period  of  eleven  years.  In  fine,  the  disturbed  as  well  as  the 
undisturbed  ranges  are  probably  influenced  by  the  same  solar  periods. 
Now  the  effect  of  excluding  disturbances  will  be  to  cut  off  the  greatest 
and  least  values,  and  thus  greatly  to  diminish  the  range  of  inequality. 
A  slight  glance  at  Table  IV  of  our  previous  communication  will  render 
this  evident.  If  we  add  up  the  27  inequalities  (from  —7*0  to  -f  6*0) 
of  this  table  in  which  disturbances  are  excluded,  we  obtain  only  4<),040 
as  against  98,247,  which  last  is  the  corresponding  sum  deduced  from 
the  Kew  temperature  ranges. 

We  have,  therefore,  been  induced  to  apply  our  method  to  the  Kew 
declination-ranges,  including  disturbances.  Subjecting  these  to  the 
treatment  already  described,  and  using  always  the  same  sixteen  years, 
we  obtain  the  following  table : — 
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14.  We  have  applied  the  same  process  to  the  declination-ranges  of 
the  Prague  Observatory,  selecting  the  same  series  of  years.  From  the 
published  records  of  that  institution  we  have  obtained  a  series  of 
diurnal  ranges  in  which  disturbances  are  included.  There  are  no  self- 
recording  instruments  at  that  observatory,  but  observations  at  18  h., 
22  h.,  2  h.,  10  h.,  are  common  to  the  whole  series,  and  our  daily  ranges 
are  therefore  deduced  from  these  four  hours.  There  is  reason  to  believe 
that  the  ranges  thus  obtained  are  not  greatly  different  from  those 
which  would  have  been  obtained  from  an  hourly  series  of  observations. 

Applying  our  method  to  the  Prague  series,  we  have  obtained  the 
following  table  (see  next  page)  : — 

16.  In  applying  our  method  to  the  results  in  Tables  IX,  X,  we 
obtain  the  following  table : — 

Table  XI. — Exhibiting  the  Results  of  our  method  applied  to  Tables 
IX,  X,  of  our  present  communication. 

Diyisions  Magnitude  of  Inequali^. 

from  normal.  Kew.  Prague. 

-7  0  1378  1744 

-6-5  3948  2590 

-6  0  3774  3772 

-5-5  3982  3992 

-5-0  3380  3204 

-4-5  2210  2350 

-4-0  1272  1318 

-3-5  3944  3344 

-3  0  4144  3276 

-2-5  3636  3484 

-2  0  3024  3564 

-1-5  2002  2296 

-10  3320  3178 

-0-5  5260  3446 

0-0  5196  4544 

+  0-5  4216  5178 

+  1-0  3108  5175 

-hi -5  3016  5206 

+  2  0  2910  3632 

+  2-5  4226  3764 

+  3  0  6522  4544 

+3-5  6934  5660 

+4-0  5104  4256 

+  4-5  2744  2778 

+  5  0  1836  1290 

+  5-5  3524  2752 

+  6  0  2210  3402 


96820  93739 
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It  will  be  noticed  that  the  sums  96820  and  93739  are  not  far 
different  from  those  of  the  temperature  inequalities  given  in  Table  HI, 
a  result  which  would  appear  to  indicate  that  for  the  purposes  of  this 
inquiry  it  is  better  not  to  eliminate  disturbances. 

16.  In  a  paper  puplished  in  the  "  Proceedings  of  the  Royal  Society  '* 
(No.  192,  1879),  by  Balfour  Stewart  and  Morisabro  Hiraoka,  certain 
evidence  is  given  that  variations  of  magnetic  declination,  or  what  we 
may  call  magnetic  weather  changea,  occur  later  in  point  of  time  at 
Tre  van  drum,  in  India,  than  at  Kew,  the  difference  being  9*7  days. 

We  are  thus  led  to  ask  whether  in  our  present  investigation  the  cor- 
responding phases  may  not  bs  somewhat  later  at  Prague  than  at  Kew. 
Taking  Kew  as  our  standard,  and  applying  the  test  already  fully 
described  in  Article  6  of  our  present  communication,  we  obtain  the 
following  result: — 

Table  XII. — Algebraic  sum  of  Kew  and  Prague  Magnetic  Inequalities. 

Kew  and  Prague  (Prague  1  division  to  right) =170005 

(together)    =178078 

„  (Prague  1  division  to  left) =178501 

„  (Prague  2  divisions  to  left) =174147 

„  (Prague  3  divisions  to  left)  ....  =165505 

It  would  appear  from  this  table  that  the  phases  of  the  various  mag- 
netic inequalities  occur  at  Kew  nearly  one  day  before  the  advent  of 
the  corresponding  phases  at  Prague. 

In  combining  together  the  results  of  the  two  observatories,  let  us 
therefore  push  the  Prague  inequalities  one  division  to  the  left. 

17.  When  this  is  done,  we  obtain  the  following  table: — 

Table  XIII. — In  which  Kew  and  Prague  are  added  together  as  now 
described  and  the  sums  divided  by  2. 


DiTision 
from  normal. 


-7 
-6 
-6 
-5 
-5 
-4 
-4 
-3 
-3 
-2 
-2 
-1 
-1 
— 0 


Magnitude  of 
Inequality. 

.  1123 

.  3042 

.  3631 

.  3707 

.  2979 

.  2111 
.       849 

. .  3590 

.  3304 

.  3289 

.  3017 

.  1690 

.  3168 

.  4298 


Division 
from  normal. 

0-0  .. 

+  0-5  .. 

+  1-0  .. 

+  1-5  .. 

-f2-0  .. 

-f2-5  .. 

4-3-0  .. 

+  3-5  .. 

-h4-0  .. 

+  4-5  -. 

+  50  .. 

+  5-5  .. 

+  6-0  .. 


Magnitude  of 
InequaUtj. 

.  4866 

.  4618 

.  4116 

.  3528 

.  3102 

.  3501 

.  5459 

. .  6229 

.  4663 

. .  2651 

. .  1189 

.  2944 

.  2586 
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The  results  of  Tables  XI  and  XIII  are  exhibited  in  Plate  1,  when? 
fig.  5  denotes  the  mean  curve  of  magnetic  periods,  fig.  6  the  curve  of 
Kew,  and  fig^.  7  that  of  Prague.  It  will  be  noticed  that  these  three 
curves  are  extremely  Hke  one  another.  It  wiU  also  be  noticed  that  the 
meteorological  periods  A,  D,  E,  F,  are  well  reproduced  in  the  ma^etic 
curves,  while,  however,  the  two  peaks,  B  and  C,  appear  to  be  squeezed 
together  into  a  table-land.  We  think  that  this  want  of  similarity  of 
these  two  peaks  is  probably  due  to  certain  local  influences  which  we 
have  not  been  able  to  overcome,  through  the  comparative  paucity  of 
our  observations.  Leaving  out  of  account  this  table-land,  we  may  now 
compare  together  the  four  magnetic  inequalities  A,  D,  E,  F,  with  the 
corresponding  meteorological  ones. 

This  is  done  in  Table  XIV,  which  is  precisely  similar  in  construction 
to  Table  VIII. 

The  results  of  this  table  are  graphically  represented  in  Plates  2  and  3. 
While  there  is  a  very  striking  likeness  between  the  corresponding 
magnetic  inequalities,  there  is  also  a  very  considerable  likeness  between 
the  various  corresponding  magnetic  and  meteorological  inequalities 
representing  periods  A,  D,  F.  There  is  not,  however,  a  strong  like- 
ness between  those  representing  E. 

18.  But  here  it  is  well  to  bear  in  mind  that,  while  we  should  expect 
our  method  to  indicate  the  various  natural  periods,  whether  in  sun- 
spots,  meteorology,  or  magnetism,  it  does  not  necessarily  follow  that 
the  magnetic  inequalities  should  be  coincident  in  phase  with  the 
meteorological  ones.  For  instance,  it  is  not  necessary  that  the  24-day 
magnetic  inequality  at  Kew  should  coincide  in  phase  with  the  24-day 
meteorological  inequality ;  for  if  it  be  true  that  in  magnetism  we  have 
at  once  a  24-day  inequality,  simultaneously  affecting  all  stations, 
influencing  the  earth  as  a  magnet,  in  whatever  way  the  influence  is 
produced,  and  also  something  more  allied  to  the  meteorological  ine- 
qualities, travelling  from  west  to  east,  having  likewise  a  24-day  period, 
then  it  is  quite  conceivable  that  the  superposition  of  these  two  mag- 
netieal  causes  should  produce  a  period  also  of  24  days,  but  differing  in 
phase  from  the  corresponding  meteorological  period.  It  will  be  noticed 
that  we  do  not  presume  to  assert  that  the  magnetical  phenomena 
are  as  we  have  just  stated,  but  only  that  they  may  be  so,  and  hence 
that  a  coincidence  in  phase  of  the  two  curves,  magnetical  and 
meteorological,  is  not  a  necessary  consequence  of  the  existence  in 
these  two  phenomena  of  a  common  inequality,  having  a  period  of  24 
days. 

19.  Owing  to  the  present  imperfect  state  of  sun-spot  reoorsd,  we 
have  not  been  able  to  obtain  trustworthy  results  for  the  16  years  for 
which  we  have  discussed  the  other  phenomena.  The  researches  of 
Dr.  De  La  Rue  and  his  colleagues  have,  however,  given  us  the  means 
of  exhibiting  certain  provisional  results,  extending  throughout  the  10 
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years  from  1858  to  1867.  These  we  have  treated  precisely  in  the 
method  already  indicated,  that  is  to  say,  grouping  them  in  periods  of 
24  days,  and  obtaining  yearly  resnlts.  The  only  difference  in  treat- 
ment is  that  we  esteemed  it  superflnons  to  apply  any  equalisation  to 
the  sun-spot  records,  as  the  yearly  results  were  sufficiently  marked 
without  this  process. 

This  has  furnished  us  with  the  following  table,  analogous  to  Table  I 
(see  next  page) : — 

20.  Applying  our  method  to  the  results  of  Table  XV,  we  obtain  the 
following  numbers  :— 

Table  XVI. — Exhibiting  the  Results  of  our  Method  applied  to 
Table  XV. 


Dirision 
from  nonnal. 
-7-0     .. 

Magnitude  of  Sim* 
spot  Inequality. 
....      10014 

Division 
from  normal. 
0  0     ... 

Magnitude  of  Sun- 
spot  Inequality. 
. . .       9744 

-6-5     .. 

....     10636 

+0-5     ... 

. . .     10821 

-6-0    .. 

....       9288 

+  10     ... 

. . .       9322 

-5-5    .. 

....       7944 

+1-5    ... 

. . .       6127 

-5-0    .. 

....       5956 

+2  0    ... 

...       5646 

-4-5     .. 

....       6177 

+2-6     ... 

. . .       8613 

-4-0    .. 

....       9300 

+3  0    ... 

. . .     12240 

-3-5    .. 

....     12035 

+3-6    ... 

. . .     13765 

-3  0    .. 

....     12594 

+4-0    ... 

. . .     15096 

-2-5     .. 

....     11309 

+4-5    ... 

. . .     12140 

-2-0    .. 

....       9134 

+  5-0    ... 

. . .       9568 

-1-5     .. 

....       7403 

+  5-5     ... 

. . .       6335 

-10    .. 

....       7790 

+  6  0    ... 

. . .       7054 

-0-5    .. 

....       7665 

The  results  of  Table  XVI  are  graphically  represented  in  Plate  1, 
fig.  8.  It  will  be  observed  that  there  is  a  very  striking  likeness  between 
the  solar  inequalities  and  those  indicated  in  meteorology  and  mag- 
netism ;  but,  as  we  have  said  before,  owing  to  the  imperfection  of 
solar  records,  this  can  only  be  regarded  as  a  provisional  result. 

We  have  not  attempted  in  the  meantime  to  discuss  the  individual 
solar  inequalities  or  to  represent  them  in  the  form  of  curves, 

21.  Let  us  now  endeavour  to  bring  together  the  various  results  of 
onr  present  communication. 

(1.)  The  temperature-ranges  at  Kew,  Utrecht,  and  Toronto  exhibit 
certain  common  periods  (around  24  days). 

(2.)  Of  the  curves  embodying  those  periods  that  of  Kew  is  most 
like  the  mean,  and  that  of  Toronto  least  so. 

(3.)  Similar  phases  appear  to  occur  at  Toronto  8  days  before  they 
occur  at  Kew,  and  occur  at  Kew  one  day  before  they  occur  at  Utrecht, 

(4.)  Correcting  for  these  differences  of  phase,  the  individual  in- 
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equalities  at  Kew,  Utrecht,  and  Toronto  are  very  like  the  mean  of  the 
three  and  like  each  other. 

(5.)  Of  these  the  Kew  inequalitien  are  most  like  the  mean,  and 
the  Toronto  least  so. 

(6.)  The  declination-ranges  at  Kew  and  Prague  exhibit  certain 
common  periods  which  we  may  regard  as  the  same,  or  very  nearly  the 
same,  as  the  meteorological  periods  above  indicated. 

(7.)  Similar  magnetic  phases  appear  to  occur  at  Kew  about  one 
day  before  they  occur  at  Prague. 

(8.)  Correcting  for  this  difference  of  phase,  the  individual  inequali- 
ties  at  Kew  and  Prague  are  very  like  the  mean  of  the  two,  and  like 
each  other. 

(9.)  There  is  also  a  less  striking  likeness  between  the  various  mag- 
netical  and  the  corresponding  meteorological  inequalities. 

(10.)  Provisional  sun-spot  records  appear  to  show  certain  solar 
inequalities  very  like  the  magnetic  and  meteorological  inequalities  in 
point  of  period. 

22.  In  conclusion  we  would  express  our  hope  that  steps  will  be 
taken  to  ascertain  what  information  exists  in  the  world  available  for 
these  researches,  and  also  to  bring  such  information  together  for  the 
purpose  of  a  further  and  more  complete  discussion  of  the  laws  now 
indicated. 


VI.  "  On  the  Solubility  of  Solids  in  Gases.''  By.  J.  B.  Haxxay, 
F.R.S.E.,  F.C.S.,  and  James  Hogarth.  Communicated  by 
Professor  G.  G.  Stokes,  D.C.L.,  LL.D.,  Sec.  R.S.  Received 
October  8,  1879. 

(Preliminary  Notice.) 

This  investigation  was  undertaken  in  the  hope  that,  by  an  examina- 
tion of  the  conditions  of  liquid  matter  up  to  the  *' critical"  point, 
sufficient  knowledge  might  be  gained  to  enable  us  to  determine  under 
what  particular  conditions  liquids  are  dynamically  comparable,  in  order 
that  the  microrheometrical  method*  (whicli  the  Royal  Society  has 
done  one  of  us  the  honour  of  publishing  in  the  **  Philosophical 
Tmnsactions  ")  might  be  applied  to  determine  their  molecular  mass 
and  energy  relations.  It  seemed  that  as  ihe  laws  relating  to  gases 
and  liquids  merge  at  what  was  called  by  Baron  Cagniard  de  la  Tourt 
"  r«5tat  particulier,"  and  by  Dr.  Andrews^  the  '*  critical  point,"  an 
examination  of  matter  up  to  the  limit  of  the  liquid  state  would  be 

*  "  On  the  Microrheometer,"  "  Phil.  Trana.,"  vol.  dxx,  p.  276. 

t  "  Ann.  Chim.,'*  Series  2me,  xxi,  p.  127 ;  xtu,  p.  410. 

I  "  Bakerian  Lecture,  *'  Phil.  Trans.  Roy.  Soc.,"  1869,  p.  588. 


Digitized  by 


Coogk 


1879.]  On  the  iSolubilitj/  of  Soliih  in  Oases.  325 

likely  to  yield  us  much  information.  The  time  we  have  to  devote  to 
scientific  work  being  very  limited,  we  found  that  it  was  quite  im- 
possible to  make  much  advance  by  using  the  apparatus  devised  by 
Dr.  Andrews,  as  the  time  required  to  change  from  one  liquid  to 
another  was  more  than  we  had  at  our  disposal.  We  therefore 
devised  a  new  apparatus,  which  will  be  described  in  a  more  lengthy 
communication,  but  which,  we  may  state,  can  be  opened,  the  liquid 
changed,  and  again  closed  for  a  new  experiment,  in  about  one 
minute. 

The  question  as  to  the  state  of  matter  immediately  beyond  the 
critical  point  being  considered  by  Dr.  Andrews  to  be  at  that  time 
incapable  of  receiving  an  answer,  we  imagined  that  some  insight 
might  be  gained  into  its  condition  by  dissolving  in  the  liquid  some 
solid  substance  whose  fusing  point  was  much  above  the  critical  point 
of  the  liquid,  and  noticing  whether,  on  the  latter  passing  its  critical 
point  and  assuming  the  gaseous  condition,  the  solid  was  precipitated 
or  remained  in  solution.  We  found  that  the  solid  was  not  deposited 
but  remained  in  solution,  or  rather  in  difiusion,  in  the  atmosphere  of 
vapour,  even  when  the  temperature  was  raised  130°  above  the  critical 
point,  and  the  gas  was  considerably  expanded.  When  the  side  of  a 
tube  containing  a  strong  gaseous  solution  of  a  solid  is  approached  by 
a  red  hot  iron,  the  part  next  the  source  of  heat  becomes  coated  with 
a  crystalline  deposit  which  slowly  redissolves  on  allowing  the  local 
disturbance  of  temperature  to  disappear.  Rarefaction  seems  to  be 
the  cause  of  this  deposition,  because  if  the  temperature  be  raised 
equally  and  the  volume  retained  at  its  original  value,  no  deposition 
takes  place.  Those  experiments  have  been  done  with  such  solvents  as 
alcohol  (ethyl  and  methyl),  ether,  carbon  disulphide  and  tetrachloride, 
paraffins,  and  defines,  and  such  solids  as  sulphur,  chlorides,  bromides, 
and  iodides  of  the  metals,  and  organic  substances  such  as  chlorophyll 
and  the  aniline  dyes.  Some  solutions  show  curious  reactions  at  the 
critical  point.  Thus  ethyl  alcohol,  or  ether,  deposits  ferric  chloride 
from  solution  just  below  the  critical  point,  but  re-dissolves  it  in  the 
gas,  when  it  has  been  raised  8°  or  10°  above  that  temperature. 

It  appeared  to  us  to  be  of  some  importance  to  examine  the  spectro- 
scopic appearances  of  solutions  of  solids  when  their  liquid  menstrua 
were  passing  to  the  gaseous  state,  but  as  all  the  substances  we  have 
yet  been  able  to  obtain  in  the  two  states  give  banded  spectra  with 
nebulous  edges,  we  are  only  able  to  state  that  the  substance  does  not 
show  any  appreciable  change  at  the  critical  point  of  its  solvent.  Such 
was  the  case  with  anhydrous  chloride  of  cobalt  in  absolute  alcohol.  It 
was  suggested  to  us  by  Professor  Stokes  that  the  substance  obtained 
by  the  decomposition  of  the  green  colouring  matter  of  leaves  by  acids, 
and  which  yields  a  very  tine  absorption  spectrum,  might  be  useful  for 
our  purpose.     We  have  prepared  the  substance  according  to  the  care- 
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f  al  directions  so  kindly  famished  ns  by  Professor  Stokes,  and  find  that 
it  shows  the  phenomenon  in  a  marked  manner,  whether  dissolved  in 
alcohol  or  ether.  The  compound  is  easily  decomposed  by  heat  under 
ordinary  circumstances,  and  yet  can  be  dissolved  in  gaseous  menstrua, 
and  raised  to  a  temperature  of  350°  without  suffering  any  decomposi- 
tion, showing  the  same  absorption  spectrum  at  that  elevated  tempera- 
ture as  at  15°. 

"We  considered  that  it  would  be  most  interesting  to  examine  by 
this  method  a  body  such  as  sodium,  which,  besides  being  an  element, 
yields  in  the  gaseous  state  sharp  absorption  lines.  An  opportunity 
seemed  to  be  afforded  by  the  blue  solution  of  sodium  in  liquefied 
ammonia,  described  by  Gore,*  but  we  found  that,  on  raising  the 
ammonia  above  its  critical  point,  the  sodium  combined  with  some  con- 
stituent of  the  gas,  forming  a  white  solid,  and  yielding  a  permanent 
gas,  probably  hydrogen. 

There  seems,  in  some  cases,  to  be  a  slight  shifting  of  the  absorption 
bands  towards  the  red,  as  the  temperature  rises,  but  we  have  as  yet 
been  able  to  make  no  accurate  measurements. 

"When  the  solid  is  precipitated  by  suddenly  reducing  the  pressure,  it 
is  crystalline,  and  may  be  brought  down  as  a  "  snow  '*  in  the  gas,  or  on 
the  glass  as  a  "  frost,"  but  it  is  always  easily  redissolved  by  the  gas 
on  increasing  the  pressure.  These  phenomena  are  seen  to  the  best 
advantage  by  a  solution  of  potassic  iodide  in  absolute  alcohol. 

"We  have,  then,  the  phenomenon  of  a  solid  with  no  measurable 
gaseous  pressure,  dissolving  in  a  gas,  and  not  being  affected  by  the 
passage  of  its  menstruum  through  the  critical  point  to  the  liquid  state, 
showing  it  to  be  a  true  case  of  gaseous  solution  of  a  solid. 


VII.  "  On  the  Action  of  Nuclei  in  producing  the  Sudden  Solidi- 
fication of  Supersaturated  Solutions  of  Glauber's  Salt" 
By  Chakles  Tomlinson,  F.R.S.  Received  October  6, 
1879. 

I  propose  now  to  state  the  general  conclusions  at  which  I  have 
arrived  since  resuming  the  study  of  this  subject  two  years  ago.f  The 
remarks  that  will  be  made  refer  to  solutions  of  the  typical  salt,  sodic 
sulphate,  in  the  proportions  of  6  of  salt  to  3  of  water. 

In  my  first  two  papers  on  supersaturated  saline  solutions,  J  a  nucleus 
is  defined  as  a  body  that  has  a  stronger  adhesion  for  the  salt,  or  for 
the  liquid  of  a  solution,  than  subsists  between  the  salt  and  the  liquid. 

•  "  Proc.  Roy.  Soc.,"  toI.  xxi,  p.  145. 
+  "  Proc.  Roy.  Soc.,"  vol.  xxvi,  p.  523. 
:  ••  PhU.  Trans./'  1868  and  1871. 
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Many  examples  are  given  in  which  oils,  fixed  and  volatile,  alcohol, 
ether,  <fec.,  spreading  on  the  surface  of  the  solution,  lead  to  the  separa- 
tion of  salt,  and  the  solidification  of  the  solution ;  while,  if  such  liquids, 
instead  of  spreading,  assume  a  lenticular  form,  they  become  inactive, 
and  by  shaking  the  flask  with  a  circular  motion,  are  dispersed  through 
the  solution  in  numerous  globules,  without  any  immediate  nuclear 
action. 

There  are  several  circumstances  which  favour  the  action  of  these 
liquid  nuclei,  such  as  (1)  chemically  clean  flasks  and  solutions,  so  as  to 
maintain  (2)  the  surface-tension  of  the  solution  as  high  as  possible,  in 
order  to  spread  the  oils;  (3)  bright  and  clear  weather,  with  strong 
evaporative  force.  Under  such  conditions  the  oils,  &c.,  usually  form 
films  with  nuclear  action. 

But  it  has  been  shown  that  in  closed  flasks,  with  special  precautions 
against  the  entrance  of  particles  from  the  air,  the  oils,  &c,,  may  be 
made  to  spread  on  the  surface  of  these  solutions  without  any  nuclear 
effect. 

The  negative  results  arrived  at  by  M.  VioUette,  Mr.  Liversidge,  and 
other  eminent  observers,  led  them  to  conclude  that  oils,  alcohol, 
ether,  &c.,  as  well  as  porous  bodies,  have  no  action  whatever  on  these 
solutions,  and  that  the  only  nucleus  is  a  salt  of  the  same  kind  as  the 
one  in  solution,  or  isomeric  therewith  ;  and  that,  when  the  oils,  &c., 
appear  to  act  they  really  contain  particles  of  such  a  salt ;  or  when  the 
flask  is  uncovered  for  the  purpose  of  introducing  the  oil,  Ac,  such  a 
saline  speck  enters  from  the  air,  which  is  supposed  to  contain  saUne 
nuclei  floating  about  in  it. 

The  objections  made  to  my  mode  of  experimenting,  as  well  as  to  my 
conclusions,  were  fair  enough,  since,  if  my  experiments  always  con- 
tained a  flaw,  the  conclusions  drawn  from  them  would  be  worthless. 
But  the  thousands  of  results,  recorded  in  my  note  books,  are  suffici- 
ently harmonious  to  satisfy  me  that  my  mode  of  experimenting  is 
trustworthy ;  nevertheless,  I  have  to  account  for  the  results  and  con- 
clusions of  other  observers  which  stand  in  direct  opposition  to  mine. 

It  was  a  long  time  before  I  could  hit  upon  a  right  method  of  pursu- 
ing the  inquiry.  At  length  I  was  led  to  make  a  number  of  observations 
daily,  during  some  months,  on  the  action  of  a  freshly-distilled  volatile 
oil  on  solutions  of  sodic  sulphate,  and  found  that  during  certain 
winds  the  oil  was  active,  and  that,  while  other  winds  prevailed,  it  was 
passive.* 

It  was  clear  then  that,  during  some  winds,  a  force  was  present  in 
the  air  which  rendered  the  oil  active ;  while,  during  other  winds,  the 
force  being  absent,  the  oil  became  passive.  I  succeeded  in  identify- 
ing this  force  with  ozone;  and  the  point  now  to  be  determined  is, 

•  These  obserrations  were  made  at  Highgate.    Other  obseryations  by  the  sea-side, 
Ac,  are  noticed  in  **  Proc.  Rov.  Soc,"  vol.  xxix,  p.  24. 
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what  is  the  peculiar  function  of  ozone  in  rendering  oils,  &c.,  active,  as 
nuclei  ? 

It  is  evident,  from  the  behaviour  of  ozone  on  volatile  oils  exposed  to 
its  influence  that  its  action  is  an  oxidising  one,  diminishing  their 
cohesion,  just  as  rust  weakens  the  cohesive  force  of  the  particles  in  a 
bar  of  iron. 

The  effect  which  ozone  produces  quickly  on  a  volatile  oil  is  pro- 
duced slowly  on  the  same  oil  by  long  keeping.  Its  cohesive  force  is  so 
far  weakened,  if  not  destroyed,  that  a  drop  of  it  on  the  surface  of  a 
solution  no  longer  tends  to  assume  the  lenticular  form,  or  to  disperse 
in  globules  through  the  solution.  Under  such  circumstances,  since  oil 
adheres  much  more  strongly  to  salt  than  to  water,  and  the  super- 
saturated  solution,  being  a  highly  charged  system,  capable  of  yielding 
to  a  force  that  is  exerted  in  the  right  direction,*  such  an  oil  is  capable 
of  adhering  to,  and  separating,  a  portion  of  the  salt,  and  the  action, 
once  begun,  is  propagated  rapidly,  until  the  whole  solution  is  solid. 

The  action  of  a  foreign  nucleus  introduced  into  the  cold  solution 
from  without,  is  to  determine  the  formation  of  the  ten-atom  or 
normal  salt :  but  if  a  solid  body  be  boiled  up  with  the  solution,  and 
the  covered  flask  be  lefb  to  cool  to  temperatures  about  and  below 
40°  P.,  the  modified  or  seven- watered  salt  will  be  found  clustered 
about  the  solid  body.  An  explanation  of  this  may  be  found  in  the 
behaviour  of  the  salt  while  undergoing  solution.  Suppose  the  flask 
to  contain  six  parts  of  the  crystallised,  not  effloresced,  salt  and  three 
of  water.  If  the  heat  be  applied  too  strongly,  the  salt  gives  up  its 
water  of  crystallisation,  and  the  anhydrous  salt  is  thrown  down,  and 
produces  violent  bumpings  of  the  flask.  But  if  the  heat  be  kept 
below  the  temperature  of  maximum  solubility  of  the  salt  (about  93** 
F.)  until  the  whole  of  it  is  dissolved,  the  solution  may  be  raised  to 
the  boiling  point  and  also  be  cooled  down  in  covered  vessels  to  about 
40°  F.,  without  any  separation  of  salt.  The  anhydrous  salt  now 
appears  to  be  in  solution,t  and  a  solid  body  previously  heated  in  the 
solution  forms  a  portion  of  it,  or  rather  a  portion  of  the  flask,  and 
may  be  regarded  as  a  prolongation  of  its  sides.  Under  a  proper 
reduction  of  temperature,  crystals  of  the  seven-atom  salt  will  cluster 
about  such  a  body,  but  it  cannot  be  said  to  exert  any  active  nuclear 
function.     It  was  pointed  out  by  Ziz,  as  long  ago  as  the  year  1809, 

•  See  a  paper  *'  On  the  Function  of  the  sides  of  the  Vessel  in  maintaiuing  the 
State  of  Supereaturation.'*     "  Proc.  Roy.  Soc.,**  vol.  xxrii,  p.  189 . 

t  See  "  Chemical  News,'*  3rd  and  10th  December,  1869.  In  Wullner's  experi- 
ments on  the  elasticity  of  steam,  when  sodic  sulphate  was  added  to  the  water,  the 
diminution  in  the  elasticity  wa«  found  to  be  proportional  to  the  quantity  of  dry 
sttlt  in  solution  at  temperatures  from  lO''  to  100°  C.  At  the  point  of  maximum 
solubility  of  the  salt  no  molecular  change  occurred,  or  it  would  have  impressed 
iteclf  ou  the  curve  wliich  repn»8onte<l  the  elasticity  of  the  ^^tcuin. 
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tliat  solid  bodies,  boiled  tip  with  the  solution,  are  inactive ;  and  I  hav^ 
fonnd  them  to  be  so  when  put  into  the  hot  or  warm  solution,  and  left 
till  cold;  and  that  oils  and  other  liquids,  boiled  or  heated  with  the 
solution,  become  equally  inactive.  Several  observers,  who  have  more 
or  less  recently  worked  on  the  subject  before  us,  have  not  attended  to 
this  condition,  and  hence,  obtaining  negative  results,  have  declared 
that  the  oils,  &c.,  have  no  nuclear  action  under  any  circumstances. 

If,  however,  a  nucleus  from  without  be  introduced  into  the  cold 
solution,  a  nucleus  that  is  capable  of  adhering  to  the  salt  and  not  to 
the  water  of  the  solution,  a  molecule  of  the  anhydrous  salt  is  thereby 
set  free,  and  in  the  very  act  of  separating,  ten  atoms  of  water  enter 
into  combination,  and  thas  determine  the  solidification  of  the  whole 
of  the  solution  in  the  form  of  the  normal  salt.* 

If  the  nucleus  fail  to  catch  one  of  these  saline  molecules,  as  it  were 
in  the  nascent  state,  but  disperses  through  the  solution,  its  efifect  is  to 
lessen  the  adhesion  between  the  water  and  the  salt,  and  a  portion  of 
the  seven-atom  salt  is  liberated  (mostly  at  the  bottom  of  the  vessel, 
where  the  solution  is  richer  in  salt)  provided  the  temperature  be  not 
too  high :  this  effect  is  also  produced  by  cold  alone. 

If  an  essential  oil,  which  acts  as  a  nucleus  in  determining  the 
formation  of  the  normal  salt,  be  submitted  to  distillation,  the  distillate 
reassumes  its  cohesive  force,  and  when  added  to  the  solution,  is  no 
longer  active,  seeing  that  whether  in  the  lenticular  form,  or  dispersed 
in  globules,  it  has  a  separate  existence  of  its  own,  the  lens  and  each 
minute  globule  being  bound  up  in  their  own  surface  tension,  which 
prevents  them  from  coming  into  contact  with  the  salt.  If,  however, 
the  drop  of  oil  spread  out  into  a  film  upon  the  surface  of  the  solution, 
the  cohesion  is  so  far  weakened  that  adhesion  between  it  and  the  salt 
becomes  possible,  separation  usually  takes  place,  and  large  crystals  of 
the  normal  salt  mould  themselves  on  the  under  surface  of  the  film. 

If  such  be  the  true  explanation,  it  is  clear  that  any  other  force 
which  diminishes  or  destroys  the  cohesive  force  of  the  oil,  must  confer 
upon  it  the  same  nuclear  property.  Consequently,  a  freshly  distilled 
essential  oil,  mineral  naphtha,  &c.,  which  are  inactive,  become  active 
by  the  addition  of  a  little  absolute  alcohol,  ether  and  similar  liquids 
in  which  they  are  soluble. 

The  fixed  oils  which  tend  to  become  rancid  through  age  are  also 
active,  and  the  stearine  deposited  by  them  is  especially  so.  Newly 
refined  fixed  oils,  which  are  inactive,  become  active  on  the  addition  of 
a  little  alkali ;  but  the  tendency  of  potash,  soda,  and  ammonia  is  to 

*  LOwel  noticed  that  when  the  transparent  seven-atom  salt  is  removed  from  the 
solution,  it  becomes  opaque  and  hot  in  consequence  of  the  fixation  of  three  addi- 
tional atoms  of  water.  In  such  case  the  supersaturated  mother  liquor  on  the 
surface  and  entangled  among  the  crystals,  produces,  in  the  absence  of  a  nucleus,  a 
crystal  of  the  normal  salt  by  evaporation,  and  this  acts  as  a  nucleus. 
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form  soluble  soaps  with  the  oils,  which  mingle  with  the  solution  often 
without  nuclear  action.  Lime  and  magnesia  are  more  manageable. 
On  mixing  the  oil  with  one  of  these,  and  adding  a  drop  or  two  to  the 
solution,  then  inchning  the  flask  nearly  horizontally,  and  rotating  it 
slowly  on  its  axis,  these  insoluble  soaps  adhere  to  the  side  and  form 
smears,  upon  which  masses  of  large  crystals  of  the  normal  salt  start 
into  existence  in  a  striking  manner,  and  the  solution  immediately 
becomes  solid,  so  that  on  restoring  the  flask  to  its  erect  position,  a 
vertical  wall  appears,  with  a  solid  mass  on  one  side  and  an  apparently 
empty  space  on  the  other. 

Some  of  the  solid  and  semi-solid  fats  in  their  natural  state,  or  as 
they  leave  the  hands  of  the  cook,  are  admirable  nuclei.  Such  are  snet, 
dripping,  fat  of  bacon  and  ham,  lard,  butter,  and  some  others.  But  in 
all  cases  a  freshly  cut  surface  acts  most  effectually,  and  a  fiat  that 
sometimes  does  not  act  for  hours  if  cut  one  way,  will  act  instantly 
if  cut  at  right  angles  to  the  former  direction.  Lard  contains  a 
good  deal  of  entangled  water;  this  should  be  driven  offl  The  lard 
when  cold  sometimes  acts  better  when  smeared  on  a  clean  glass  rod 
than  in  a  small  lump. 

The  action  of  solid  porous  nuclei,  such  as  plaster  of  Paris,  pumice, 
Ac.,  in  determining  the  sadden  solidification  of  these  solutions  admits 
of  easy  explanation.  When  these  bodies  are  moderately  absorptive 
they  act  by  separating  water  from  the  solution ;  but  when,  by  exposure 
to  heat,  their  absorptive  power  is  considerably  increased,  they  become 
immediately  saturated  not  with  water,  but  with  a  portion  of  the  solu- 
tion itself,  and  hence  there  is  no  separation  of  salt.  When  such  an 
apparently  inactive  body  is  exposed  to  the  open  air,  its  absorptive  power 
becomes  somewhat  diminished  by  access  of  moisture,  and  it  is  brought 
into  a  condition  to  absorb  more  water  from  the  solution,  instead  of  the 
solution  itself.  In  the  experiments  of  Mr.  Liversidge  and  others  the 
porous  bodies  were  thoroughly  heated  and  dried  before  they  were 
brought  into  contact  with  the  solution,  and  this  will  suflBciently  explain 
the  negative  results  obtained  by  them  in  their  carefully  conducted 
experiments. 

The  action  of  nuclei  on  the  supersaturated  solutions  of  other  salts 
that  have  engaged  my  attention,  such  as  those  of  alum,  zincic  and 
magnesic  sulphates,  and  one  or  two  others,  admits  of  similar  explana- 
tions ;  but  there  are  peculiarities  belonging  to  each  which  need  not  at 
present  occupy  the  time  of  the  Society. 

The  curious  condition  of  supersaturation  was  first  observed  by  Dr. 
Black,  towards  the  end  of  the  last  century,  and  from  that  time  to  the 
present  innumerable  notes  and  memoirs  have  been  written  on  its  varied 
phenomena.  Some  observers  who  have  treated  the  subject  most  elabo- 
rately have  adopted  methods  which,  by  the  action  of  heat  and  the  ex- 
elusion  of  air,  have  tended  to  promote  the  cohesive  or  adhesive  force  of 
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the  bodies  examined  by  them,  and  obtaining  only  negative  results,  and 
always  a  certain  result  with  a  crystal  of  the  salt,  they  have  insisted 
that  this  is  the  only  naclens.  Others,  again,  have  sought  for  an 
explanation  in  some  catalytic  or  other  mysterious  force  ;  while  a  third 
set  of  observers  have  declared  it  to  be  a  matter  of  uncertainty  or- 
hazard  whether  a  foreign  body  acts  as  a  nucleus  or  not.  In  reviewing 
the  subject  and  repeating  my  experiments  in  various  ways,  I  see  no 
reason  for  withdrawing  from  the  theory  which  I  had  the  honour  of 
submitting  to  the  Society  eleven  years  ago,  namely,  that  the  action  of 
nuclei  is  simply  mechanical,  and  is  capable  of  being  expressed  by  the 
familiar  word  adhesion. 


VIII.  **  On  Definite  Integrals  involving  Elliptic  Functions."  By 
J.  W.  L.  Glaisher,  M.A.,  F.R.S.,  Fellow  of  Trinity  CoUege, 
Cambridge.    Received  July  31,  1879. 

§  I.  The  chief  object  of  this  paper  is  to  apply  to  definite  integrals 
involving  elliptic  functions  certain  special  methods  which  have  been 
employed  for  the  evaluation  of  integrals  of  a  similar  kind  involving 
circular  functions. 

§  2.  One  of  the  most  elegant  and  direct  investigations  of  the  value 
of  the  integral 

I    log  sin  X  (ic=^  log  (i) 

is  afforded  by  the  product 

sin  -  sm  —  .  .  .  sm  ^    ^    ^  =  ^n  .  2^^*^', 
n        n  2n 

for,  taking  the  logarithm  of  both  sides  of  this  equation,  and  writing 

n 
Klog8inA+logsin2A.  .  .  +logBin^»r)=,rlim..,,  logfy/w  •  2-*"-')} 

=  -i9rlog2. 
The  same  principle  also  gives  the  value  of  the  integral 

j  Iog(l— 2acosiB-|-a2)iaj (1), 

which  =0  or  27rlog  a  according  as  a  <  or  >  1,  and  it  is  easy  to  see  in 
general  that  if 

the.        (■*''iog*(.)*.=iiiiD.„.!££4W=jS!ii?2. 

J«  n  ^(  go) 

2  A  2 
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For  example,  from  the  product 

r(a)rfa+-^  . .  .  r(a-f!ii:il'\=r(na)  .  (2ir)«»-i>n*-~, 

since,  when  n  is  great, 

r(na)  =  (2?r)*(wa)»«-*e-»«, 
we  derive  the  eyalnation, 

f«+i 

logr(x)dx=^log  (23r)  +  a(loga— 1). 

The  nnmber  of  products  that  yield  integrals  of  interest  is  not  great, 
and  those  j  OS t  noticed  are  all  that  I  remember  to  have  seen  applied  to 
this  purpose.  The  transformation  formulas  in  elliptic  functions  lead, 
however,  in  this  manner,  immediately  to  definite  integrals,  as  will 
appear  in  the  next  section. 

§  3.  Writing  sn,  en,  dn  in  place  of  sin  am,  cos  am,  A  am,  we  have 
("  Fundamenta  Nova,"  p.  46)  :— 

{sn2ft;sn4ft;  .  .  .  sn(n-l)ftiP=^""-^^^*"^Yj^Y      .     .     (2). 
{cn2«cn4(u...cn(n-l)«P=(^Y (3). 

{dn2ii;dn4i.;...dn(»-l>}«=(^Y (4). 

In  the  case  of  the  first  real  transformation  (n  being  an  uneven 
prime) 


K 

n 

^   ^ 

-1- 

Thus,  when  n  is  infinite, 

A=i,r, 

nir 

*■=*•'!'. 

but  A'=log|,  so  that 

X=6        K  , 

and  we  therefore  have 

ios(i)'=-K^-l»ioe». 

log(^")*=     i«logfe'-ilog(i^). 
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whence  the  products  (2),  (3),  (4),  give 

riogBiiakZ»=—J«-K'— iKlogfc      ....  (5), 

riogCIliKto=-}arK'-fiKlog(|^).      .      .      .  (6), 

riogdnak2aj=iKlogA;' (7), 

which  are  the  anaJognes  in  elliptic  functions  of  the  integrals 

logsinaj(Zaj=Jirlog(J) (8), 

logcoBajdB=j5rlog(i) (9). 


i: 


Jo 
The  other  formul®,  such  as,  ex,  gr,, 


brubr{u'\'4m}  .  .  .  sn{tt+4(n— l)iw}=(— -jsn(™  xY 
do  not  lead  to  new  integrals,  for  this  product  gives 


i: 


log  sn  (t* + «)  dflj=  —  ?rK' — 2K  log  A;, 


in  which  the  sign  of  sn  (u-^x)  when  negative  is  to  be  changed,  so  that 
the  quantity  under  the  integral  sign  should  be  written  ^logsn^  (u-^-x). 
This  result,  however,  may  be  readily  deduced  from  (6J. 

The  remaining  formulsB  on  page  61  of  the  "  Fundamenta  Nova " 
only  produce  the  equation 

?^ii!og(l^^-^ydx=z?']og(l^ 

which  may  be  otherwise  deduced  from  the  formulsd  (44)  and  (45)  of 
§10. 
§  4.  In  the  second  real  transformation 

n 


so  that  we  find 

r 


ilogBiiHxdx--\K'logk (10), 

^      r'logcnwj(iaj=i7rK+iK'log(|^)    ....     (11), 
r'logdnw?(fo=i^K+iK'logA;' (12), 
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but  if,  in  virtue  of  the  f  ormuleB 

.  sn  (zy  h') 
en  (aj, «  ) 

cnM;= 


en  (aj,  k') 

en  (aj,  k) 

these  equations  be  written  in  a  real  form,  they  only  reproduce  (5), 
(6),  and  (7),  as  might  have  been  anticipated  a  priori, 
§  5.  The  double  products  ("  Fundamenta  Nova,"  p.  66) 

"'"  n =     i^<»-i>     ' 

n  \k  / 

jj^^a  2mK + 2nt'iK'  _  j^fn^*-i) 

give  rise  to  the  remarkable  integrals 

rr   logBn(a!+ry)tia!(^y=-KK'logA?    .     .     .     (13), 

jT   logcn(aj  +  tV)(Za5(Zy=KK'log(^|^  .     .     .     (U), 

rr   logdn(a!+iy)c?ajiy=KKMogik'  ....    (15). 

These  may  of  course  also  be  written 

I    I    log  {sn  (x  +  iy)  sn  (x—ty)  }dxdy:=z  — KK'  log  k ;  Ac. 

§  6.  Using  the  values  of  the  three  integrals  in  (6),  (6),  (7),  and 
observing  that 

I    log  sn  2a;(2a;=^  I  log  sn  xdx^ 

^i\  log-sn  xdx'\-^  I  log  sn  xdx, 

=il  logsnak^aj+ij  logsn(2^— a;)di;, 

=    I  log  sn  xdxy 
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we  find,  by  means  of  the  formula 

o       2  en ;»  on  a;  dn  09 

sa  2aj=  —J — - — , 

1— A:*8n*aj 

that  f*log(l-ifc»8n*aj)(iaj=-iirK'+Klog(-^)     .     .     (16). 

Similarly 

I  ^logcn^2ii;ia;=:l    logcnasia;, 

j;;iogda2.i.=j;iogdn.«i,. 
whence,  from  the  formnlso 

en  2a?= — -- — , 

1— A;*8n*aj 

1— Aj^sn^a? 
by  the  nse  of  (16),  we  find 

pilog(l-28n2x+A;28n*af)«tZaj=-i^K'  +  Klogff)      .     .     (17). 

plog(l-2^38n2a;+Jk28n*a;)iaj=-i7rK'+Klog(?^)       .     .     (18). 
These  two  int^rals  may  also  be  put  respectively  in  the  forms 

I    ilog(cn^a;— 8n'ajdn2a5)*ia> (19), 

I    log(dn»a5— Ar*sn9aJcn2a5)cLB (20), 

the  former  expression  is  written  \  log  (  )^,  as  the  quantity  in  brackets 
is  negative  from  oj=^K  to  a;=:K. 
§  7.  Using  the  formulsB 

1— en  2aj=28n2aj  dn^aj  -^-(l— A^  8n*a;), 

H-cn2a5=2cn2a5  -=-(1— Aj^sn^a;), 

1— dn2jj=2A;2  8n3a;cn«a5  -^(1-A;2sn*a;), 

H-dn2aj=2dn2aj  -4-(l-A:2  8n*aj), 

cn2a;=(dn2aj+cn2aj)  -7-(l  +  dn2a;), 

dn3a;=(ik'3  4-dn  2»-i-A^  en  2aj)~(l +dn2a;), 

and,  observing  that 

I  0(2aj)(Zaj=il%(»):fe, 
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\ogO.±cax)dx=-iirK'-Klogk (21), 


I 

f*^log(l-dnaj)iaj=-f5rK'-fKlogA; (22), 

ploga+dnaj)c2aj=     ^^K'+KlogA; (23), 

[*^log(dnaj+cn«)c2iB=-.iTK'-fKlog(^      .    .     .     (24), 

\^'^log(k'^+djiX'{'Jficnx)dx-i7rK'+K\og;(W^)      .     (25). 

Since  8n(2K— u)=:8nt*,  dn(2K— u)=dnt*,  cn(2K— tt)=— cnu,   it 
follows  that 

I     <t>(Bnx)dx=:2  I  i/>(snz)dx 

I    0(diia;)(22=2 1  (/){dax)dx    .     ...     .     .    > 

I     <f>((mx)dx=:    I   {0(cnaj)-f0(— cna;)}6Zaj 
Jo  Jo  ^ 

and  therefore  from  (22)  and  (23)  we  deduce  that 

riog(l— dna;)(Za;=-|^K'+iKlogA;  .     .     . 

I    log  (1  +  dn  aj)cZa;=     ^ttK' +iK  log  A;  .     .     . 
Bnt  (21)  only  gives  the  value  of 

{log  (1  —en  x)  +  log  (1  -fen  x)}dx, 


(26). 


(27). 
(28). 


and  is,  therefore,  equivalent  to  (5),  while  (24)  and  (25)  are  merely 
transformations  of  (5)  and  (28). 

We  also  see  that  in  (24)  and  (25)  the  integrals  may  be  written 

I     log(dnaj— cna5)(iaj (29), 

r'^log(A?'»  +  dna>-A;2cnaj)cia: (30), 

Applying  (26)  to  (17)  and  (18)  in  the  forms  (19)  and  (20),  we  see 
that 

P''ilog(cnaj±8najdna;)2(Za5=-i7rK'-fKlog(?|^).     .     .     (31), 
[^log(dnaj±A;sn«cn«)(iaj=--i»K'-|-Klog(^^y     .     .    (32). 
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§  8.  Since 

?'^(t>{x)dx=?'(t>(K^x)dx (33), 

it  foUows  from  (27)  and  (28)  that 

riog(dnai-A^)(Zr=-}TK'+iKlog(JfcA;')    .     .     .     (84), 

riog.(dna+ifc')^=     i^K'+lKlog(W)  .     .     .     (35). 

It  may  be  remarked  that  the  transformation  (33)  applied  to  the 
functions  sn,  en,  dn  does  not  suffice  to  give  the  values  of  the  integrals 
in  (5)  and  (6),  although  we  thus  immediately  obtain  (7)  ;  for 

I    logdnaMZaj=l    logdn(K— a>)cZaj=      log  A; 'da?— I    logdnajcfoj, 
giving  I    log  dn  xdx^^K  log  V ; 

fK  fK  ("K 

but  I    logsna^=  I    \ogcin.xdx^  I    logdna^, 

and        I    logcnxdj;=l    logA;'diBH-|    logsnaj^aj— I    logdna^, 
Jo  Jo  Jo  Jo 

only  lead  to  one  equation  between  the  integrals  of  log  sn  x  and  log  en  a?, 

I    logcnajia;— I    logsna;(ia;=|Klogfc'. 

§  9.  Putting  SB=^  in  the  formula 

e(»+y)e(a,-y)=^gy(l-i38n»a>sn«y)  .     .    .     (36), 


VIZ.. 


it  becomes 


whence 


e(2a,)=|^(l-A:«sn*a.) (37), 


I    log  e(2aj)c?aj=4  j    log  exdx  -  3  T  log  eOdx  -f  T  log  (1 — ifc3  sn*  x)dz. 

Now  loge(2aj)(24J=      \ogBxdXy 

so  that  the  equation  is 

r  log  Qxdx=^lL  log  GO-i  I    log  {l-l^  ^^x)dx, 
and  substituting  the  value  of  the  last-written  integral  from  (16)  and 
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putting  for  90  its  valne,  viz.  I j ,  tHis  gives 

riogearcZ^=TV^K'+iKlog(?^^    ....     (38). 

Also  Haj=  ^/k  .  sn  qrQs, 

and  integrating  the  logarithm  of  this  equation,  using  (6)  and  (38), 
we  have 

Replace  x,y  in.  (36)  bj  mx,  nx  and  the  fornmla  becomes 

e(ffH-»)»e(m-n)»=?!^^J§5!(^(l  -]^  sn*  mx  sn*  nx), 

0*0 

whence,  since  (p  being  any  integer) 

I    log  9 (px)dx  =  I    log  Bxdxy 

we  have 

riog(l— A^sn2majsn5»naj)ciB=2^Klog90-riog9aj(iaj  j    .     (39), 

if  m  and  n  be  different  integers,  and 

=3(Klog90-riog9ajiaj)   .     (40), 

if  m  and  n  be  equal  int^ers. 
Thus  we  find 

riog(l-^28n2majsn3naj)(&j=-^K'+|Klog(p.')      .     (41). 

if  m  and  n  be  different  integers,  and 

=  -i:rK'+Klog(^')     .     (42), 

if  m  and  n  be  equal  integers. 
The  relation  . 

riog(l-A;2  8n2m«sn«naj)(2a5=§riog(l-;k2sn*wM;)<£aj    .     .     (43) 

is  curious.     The  value  of  the  latter,  integral  is  of  course  immediatelj 
derivable  from  (16). 

§  10.  (Lemma,)     If  (f>{x)  be  an  even  function  of  a?,  and  if  0(aj  +2K) 
=0(aj),  then 

J  0(«H-y)<^+     0(aj— y)(2flj=2r0(a5)(fe, 

y  Google 
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for,  if  u  denote  the  left  hand  member  of  this  equation, 

ay    Jody  Jody 

f  K  ^  f  *  d 

=0(K+y)-0(y)-0(K-y)+^(-y), 

=0, 

80  that  u  is  independent  of  y  and  the  lemma  is  proved.  Now  from 
(36), 

I    loge(z'^y)dx-\-\    loge(x—y)dx=2\    logexdx'\'2KlogQy 

-2K  log  90  +  r  log  (1  -  A^  8n2  X  sn«  y)iar, 

and  since  Ox  satisfies  the  conditions  supposed  in  the  lemma,  the  left- 
hand  member  of  this  equation  is  equal  to  the  first  term  on  the  right- 
hand  side,  so  that  we  obtain  the  formula 

^\og(l-J^sD^xsn^y)dx=2K\og^=Klo^(?^^-2Klogey   (44), 

which  we  may  write  in  the  form 

p  log  (1  -a3  sn3  x)dx=K log(?^- 2K  loge(8n-i|\ 

In  virtue  of  the  formula 

/    I     \       /         \        sn^aj— sn^y 

sn  (aj+y)  sn  {x-y)=- — - — ^, 

1— A^sn^ajsn^y 

/    ,    \       /         \     1— sn^iT— 8n^yH-A;^sn^aJsn*y 
cn(.+y)cn(.-y)= ^_^J,,,,^,y ^ 

1— A:*sn^a?sn*y 

we  can  deduce  by  means  of  (44),  since  sn^a?,  cn^»,  and  dn»  each 
satisfy  the  conditions  of  the  lemma,  that 

rilog(snaaj-8n3y)Vaj==-i7rK'+Klog(?|^--2Klog0y     .     (45), 

I   alog(l— sn*aj— sn'y  +  A;^8n*aJsn^y)*iaj 

=  -i^K'+Klog(?^-2Klogey    .    (46), 
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I  log(l— fc^sn'flj— fc*Bn'y+^Bn*aj8n*y)cZa5 

=Klog(?^!!^-2Klogey    .    (47). 
The  laat  two  int^rals  may  also  be  written 


I    log  (dn*  x^Jfi  en*  x  an'  y)dXf 

and  if  these  be  transformed  by  the  sabstitntion  of  K—x  for  x^  thej 
become  respectiy^lj 

r  i  log  (sn«  aj-8n«y)«(2aj— 2  r  log  dn  aj(to+ 2K  log  it', 

j    log(l— A;»8n8ajsn«y)(2flj-2riogdnjw2aj  +  2KlogA;', 

so  that  of  the  four  integrals  (44),  (45),  (46),  (47),  the  pair  (44), 
(47)  are  convertible  one  with  another,  and  also  the  pair  (45),  (46),  by 
the  substitution  of  K— -it;  for  x. 

Integrating  (44),  .  .  .  (47)  with  regard  to  y  between  the  limits  K 
and  0,  and  using  (38)  we  obtain  the  following  evaluations : — 

''^log(l-A;8sn2ajsn2y)rfajdy=-i^KK'+fK?log(^  .     .     (48). 


ojo 

K 


tt 


ilog(8n«a!-8n'y)«(£eiy=-fxKK:'+fK»log(-^    .     .     (49), 

prilog(l-8n»iB-Bn»y+A!«Bn«xsn"y)*<ie<iy=-f»-KK'+fB?log(^l) 

.    .     (50), 

log  (1  —A^  an'  »  —Jfi  sn*  y  +  ft*  BH*  as  an'  y)dxdy 

=  -iTKK'+fK«log(^)    .    .    (51), 

§  11.  The  lemma  at  the  beginning  of  the  last  section  may  be  de- 
duced directly  from  the  definition  of  integration  when  y  is  real ;  for, 
in  virtue  of  the  equation  0(a;H-2K)=0(aj),  0(ajH-y)H-0(aj— y)  can 
always  be  reduced  to  the  form  0(ap+a)  +0(a}— a)  where  a<K;  and 

I  4>(x+a)dic-\- 1  0(aj— a)i» 

=A{0(a)+0(a-|-A)+0(a+2^)  . . .  +0(a+K) 
+0(-a)+0(-a+^)+0(-^)+0(O)+0(^)  .  . .  +0(K-fl)}. 
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Since  0(K+a—A)=(^(2K-K-a+A)=0(K+a+A),  &c.,  and  0(— A) 
=0(^),  &c.,  this 

=M0(O)+0W  .  .  .  +0(K-a)+0(K-a+^)  .  .  .  +0(K) 

+0(0) +0W  .  .  .  +0(a)+0(a+A)  .  .  .  +0(K)} 


=2r  0(flj)c2». 


The  lemma  is  thns  evidently  true  for  all  real  values  of  y,  and  from 
the  proof  in  §  11  it  would  appear  that  in  general  it  was  probably  true 
when  y  was  imaginary  or  of  the  form  a-\-'bi.  It  is,  however,  certainly 
not  true  in  the  case  of  y=2iK',  for 

e(aj+2tK')= -el<'^'-*'>eaj. 

80  that      log0(aj+2iKO+logG(aj-2iK')=?^+21og0«, 
and  therefore 

I    log  e(aj + 2tK')(2aj  +  |    log  G(aj— 2iK')^=2tK'  +  2  T  log  Qxdx. 

It  is  also  evident  that  (44),  .  .  .  (47)  cannot  be  universally  true>  for 
the  left-hand  members  of  these  equations  remain  unaltered  when  y  is 
increased  by  2iK',  which  is  not  the  case  with  the  right-hand  members, 
since  9  is  not  periodic  with  respect  to  2iK'. 

To  determine  the  imaginary  values  oi' y  for  which  the  lemma  and 
the  theorems  (44),  .  .  .  (47)  deduced  from  it  are  true,  consider  the 
expansion  of  log  8(2;)  in  a  series  of  cosines,  viz. : 

l<.ge«=A-^,cos5-ijM,cos^-i^.cos^-  Ac.    (62). 

where  A=Af +ilog(?^^. 

From  this  we  obtain  (38),  viz. : 

logea5cZaj=AK, 

i: 


r 


0 

since  •  I  cos-^r^=0. 


K 
Now  log  9(a5 + a)  -f  log  e(aj — a) 

=2A~sl -JgV(cos^^^t^^)+coB^^(^"^)  \ 


o  A     XI 1     4(7*         nirx       mra 
=2A— 2  -  - — i~-  cos  -—:-  cos  -— -, 
nl-q^         K  K 
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BO  that  the  lemma  will  necessarily  hold  good  so  long  as  the  series 

is  convergent. 

Let  a=wwK',  then 

and  the  series 

^2H-a^***  ,n— ti        w^raj 
=2f--!-i  -g**i  "'cos— — . 

which  is  convergent  when  m<l. 

It  follows  therefore  that  the  lemma  and  the  theorems  (44), .  .  .  (47) 
are  true  when  t/  is  of  the  form  a-\-hi,  where  h  lies  between  K'  and 
— K',  and  a  is  unrestricted. 

In  the  case  of  i=K'  the  series  becomes  neutral,  but  it  is  easy  to  see 

that  the  lemma  and  theorems  are  still  true ;  for,  transform  (44)  by 

putting  y=tK'H-2,  so  that 

,  1 

A;sny= , 

snz 

then  loge2/=loge(iK'+«) 

=:log{tA^e"^^^''^"^«i«©4 
=ilogA;+i^+logsn«+logG«+logt— g. 

Thus  we  have 

plog(sn2;r-sn2aj)cic=-i7rK'  +  Klog(?^-2KlogG^+tV(r-K). 

The  imaginary  term  iV(2—K)  is  due  to  the  fact  that  sn^«— sn'jf 
changes  sign  when  a; =2,  so  that  we  might  expect  the  term 
(K— 2)log(— 1)  to  appear  in  the  equation.  Writing,  therefore,  the 
integral  in  the  real  form 

Jo 

and  throwing  away  the  imaginary  term,  we  have  (4f5).  It  may  be  ob- 
served that  (46)  and  (47)  are  also  connected  by  the  same  substitution 
of  y=iK'  +  «. 

§  12.  In  the  formula  (44),  viz. : 

I    log  (1-A;^  sn»  x  sn*  y)iaj=2K{log  eO-log  By}, 

pat  y  equal  to  iK,  iK+iK',  i^K',  K+iiK',  iK-JiK',  iK  +  ^iK'  re- 
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spectively;  we  thas  find,  on  substituting  for  sn^  its  value  in  the 
different  cases 

riog{l-(l-^)  ^n^x]dx    =2K{logeO-logG(iK)}, 
plog{l-(l+A;')sn2aj}cZa;    =2K{logG0-loge(iK+iK')}, 
r  \o^{l'\-'k^^x]dx  =2K{log  eO-log  oQtK')}, 

^\og{\-'kHv?x}dx  =2K{logeO-loge(K+iiK')}, 

^  \og{l-h{lc-ik')  Bo.^x]dx  =2K{logeO-loge(iK-iiK')}, 

plog{l-K^+tA;')8n2ic}(^=2K{logG0-loge(iKH-iiK')}. 

To  obtain  the  values  of  the  thetas,  put  aj=^K,  2/=iK  in  (36),  and 
this  equation  gives 

e*(iK)=l±*'e'>OeK, 

whence 

e(iK)=?^V»(i+fc')* (53). 

in 
From  this,  bj  taking  a;=^K  in  the  formula 

G(iB + iK')  =z%h^q-^e^r  sn  x  Ga?, 

we  deduce  that 

G(iK+tXO=e'i^l±^V»(l-^0*   .     .     •     (54). 

The  value  of  G(iiK')  may  be  deduced  from  (53)  by  putting  a;=.^K 
in  the  formula 

and  changing  the  modnlas  from  ktoh' :  it  is  thus  found  that 

e(itK')=e^?5-V(l-Jk)» (65), 


and  thence  that 


G(K+itK')=eI^?^V(l+A;)*. 


Finally,  from  (36)  by  putting  x=:\K'\-\iK!,  y=iK+iiK',  we  find 
that 
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=8'«'i§ifc»ife'»(&'+tfe) (56). 

Snbstitating  these  values  in  the  integrals  and  reducing,  we  have 
jyg{l-il-k')sn^x}dx=iKlog[^] (57), 

j'ilog{l-(H-fc')8n«a,}«i^=-i^K'+iKlog{^}      .    .  (58), 

['log{l+ft8n»a!}<fe=-i^K'+iKlog|?M^j     ....  (59), 

j'log{l-&8n2a!}<i«=-J;rK'+iKlog{^(lz:^J     ....  (60), 

riog{l-Kfc-tV)8n«a!}(fo=-i^K'+iK:iog|?i^M±i^}  (61), 

[' log{l-fc(fe+ty)  8n« x}dx=-^K'  +iK log  { 2^'Kfe -*fe)  1      (62). 

In  (58)  as  the  integral  u  so  written  that  its  valne  may  be  real,  the 
term  inTolring  i  that  enters  from  (54)  has  been  rejected. 

By  the  addition  of  (57)  and  (58)  we  obtain  (17),  while  (59)  and 
(60)  lead  in  a  similar  manner  to  (16),  and  (61)  and  (62)  to  (18). 
The  reason  why  this  happens  is  easily  seen,  for  since  1— 2sn'a!+ifc*8n** 
is  the  numerator  of  en  2x,  we  have 

which  ={l-A;3sn»a?sn2(iK+iK')}{l-A;28n3aJ8n«JK}, 

and,  similarly 

l-A;8sn*aj={l-A^8n8aJsnHtK'}{l-A;«sn«aj8n8(K+Ji-K')} 
=  {1  + A;  sn«  «}  {1  -  A;  sn«  a;}, 
and 
l-2A^8n8aj+A^8n*aj 

=  {l-A;2sn2aj8n2(iK-iiK')}{l-A^8n3a?8n8(iK+i»K')} 

§  13.  In  any  integral  we  may  replace  sn  «,  en  a?,  dn  aj,  by  sin  «,  cos  ^ 

(1— A^sin^aj)*,  if  we  also  replace  dx  by— — ,^   .  ^   ,^,  and  make  the 

(1— A;*sm*aj)* 
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necessary  changes  in  tHe  limits.     This  is  evident,  since 

(2  am  a;     •• 
—J — =dnaj, 
ax 

and  as  am  K=|9r,  am  2K=9r,  we  see  that  to  the  limits  K  or  2K  and 
corr^pond  respectively  the  limits  ^5r  or  w  and  0. 
Thus  (6),  (6),  (7)  may  be  written 

f*'_!^!i5^.  d.=  -i.K'-iK  log  k. 
Jo  (1— A^sin^aj) 

[^'7,('/.ty^=Kiosv. 

Jo     (1— AJ^sm^a?)* 
while,  for  example,  (57)  becomes 

r*>iogU-(i-^>^^^^}cf.=^Kiog(J^\ 

and  the  other  integrals  may  be  similarly  transformed. 

In  this  form  several  of  the  above  integrals  have  been  obtained  by 
Mr.  William  Roberts  in  his  papers  "  Snr  I'Evaluation  de  qnelqnes 
Int^grales  D6finies  par  les  Fonctions  BUiptiques "  ("  Liouville's 
Jonmal,"    t.   xi,    1846,   pp.    157—173),    "Snr    Tlntegrale    D^finie 

f*^log(l-hnsin8g^^„  ^j^^  pp  471--476),  and  "Note  snr  qnelqnes 
Jo     (1 — At  sin* 0)* 

Int^grales  Transcendantes "  (Id.,  t.  xii,  1847,  pp.449 — 456),  which 
contain  evalnations  equivalent  to  (5),  (6),  (7),  (16),  (38),  (44),  (48), 
(57),  (59),  (60).  In  the  first  of  these  papers  the  value  of  the  integral 
in  (7)  is  found  by  means  of  the  transformation  A;'  tan  0  tan  ^=1,  which 
is  equivalent  to  the  substitution  of  K— a?  for  a? ;  and  in  the  last  paper 
the  values  of  the  integrals  in  (5)  and  (6)  are  found  directly  from  the 
gr-products,  viz. : 


2Ka?\     ^  giji  a.  (l~2g8coa2a;H-g^)(l-2g^cos2a;+g8)  . 
/A;*        *  (l-22COs2«  +  g2)(l_2^co8  2aj+2«)  . . 


Bid' 

cn('?^'i=2|'AX* cos X  (l  +  2g^co8  2^+g")(l  +  Veos2a;-hg«)  . . . 
\w   J      \kj^  (l-2(?cos2aj  +  22)(l-22»cos2aj+2«)  ... 

by  nieans  of  the  integral  (1),  which  gives 

Ckrr 

log(l— 22»  cos  2aj+g2»)(Zaj=0. 


i: 


The  equation  (38)  is  also  obtained  directly  from  the  gr-product  for 

O;  this  is  of  course  practically  equivalent  to  the  use  of  the  cosine 
series  (52)  for  log  Ox  quoted  in  §  11. 
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The  last  two  papers  relate  chiefly  to  the  integral 
log(lH-nsn2a;)daj, 


r 


Jo 

and  one  of  the  methods  indicated  for  obtaining  its  valne  depends  upon 
the  formula 
2Yamj?+2Yamg=Yam(p+g)H-Yam(i3—g)— log  (1—^2  gn8|,sn«^)^ 

and  is  therefore  the  same  in  principle  as  that  employed  in  §  10. 
Mr.  Roberts  generally  uses  the  Legendnan  notation  and  the  function 
Y,  for  example  the  formula  (44),  viz. : 

riog(l-A;2sn3ajsn2y)(iaj=2Klog?2 
Jo  Gy 

is  written 

but  he  remarks  ("  Liouville,"  t.  xii,  p.  453)  that  some  of  the  resulta 
could  have  been  obtained  more  readily  by  the  use  of  0  instead  of  Y. 
Mr.  Roberts  also  gives  the  values  of  the  integrals 
f*^  log  (1  H-cotg  ^  sing  0)  , 
Jo        (1-Aj»sin2  0)*      ^' 

f*^log{l-(l-A;'2sin2^)sing0}  , 
Jo  (1-A;2  8in2  0)4  *^' 

M^        Iog(l-hcot3^sin80) 

Jojo  (1-A;28in20)*(l-A;'38in2^)*     ^' 

f*-f*Mog{l-(l-ik-2sin2^)sing0} 

Jo  Jo  (1-A;2  8in2  0)*(l-A;'3  8in2^)*     ^' 

These  can  be  derived  from  (44)  by  the  substitution  of  tK'— ly  and 
K+iK'— ty  in  place  of  y,  for 

fc8n(tK'-ty)=t«'°(y'^'), 
'■  ^^       8n(y,&')' 

k  sn  (K+ tK'-ty)=dn  (y,  Jf), 

e(»K'-%)=^elKv«'-|"'  sn  (y,  k')9(r,,  k'), 

whence  we  find 

=  -i^.(K'-2/)«+Klog(?5!)-2Kloge(y,  fc')-2Klogsi.(y,  AO  (63). 
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plog  {l-dn2  (y,  V)  sn^ajjrfaj 

=  -iJ(K-y)«-hKlog(?^')-2Kloge(y,^')     .    .    .     (64), 

and  integrating  with  regard  to  y  between  the  limits  K'  and  0  these 
give 

|^j''log{l-dn»(y,i')  8n2  x}dx=  -i^K^-^K'^+^KK'log^^)  (66), 

which  are  in  fact  Mr.  Roberts's  results  ("  Liouville,'*  t.  xii,  p.  456). 
In  the  "Philosophical  Magazine,"  for  December,  I860,*  Professor 
Sylvester  has  given  the  values  of  two  integrals  which  are  equivalent 
to  (5)  and  (28).  The  method  depends  upon  an  expansion  in  a  series 
and  is  quite  different  to  any  employed  in  this  paper.  Professor 
Sylvester  notices  particularly  the  fact  that  the  values  of  the  integrals 
in  (5)  and  (28)  should  be  equal  in  magnitude. 

§  14.  Recently  in  the  "  Mathematische  Annalen*'  of  Clebsch  and 
Neumann  (t.  xi,  1877,  pp.  567 — 570),  Dr.  Enneper  has  obtained  the 
evaluation 

p  dn2  X  log  dn  a5cZa;=p  log  h'+\{\  -|-A/2)K-E 

by  the  substitution  of  K—aj  for  «  and  further  transformations :  but  the 
value  of  this  integral  had  been  previously  found  in  a  somewhat  similar 
manner  by  Mr.  Roberts,  in  a  note  in  **  Liouville's  Journal  "  for  1846 
(^*  Extrait  d*une  Lettre  address^  k  M.  Liouville,"  t.  xi,  pp.  343,  344). 
Dr.  Enneper,  in  his  paper,  by  the  use  of  (33)  shows  that 

arc  tan  <  -— ^  ,     . r-  >  dx 

Jo  Ldn  (aj+a)  dn  (aj— a)  J 

=J^arctan{^i£M^^^^^5=^}<to=i;rK   .     .     (67), 

and  it  may  be  observed  that,  by  following  the  same  method,  we  have 
at  once 

*  *'  Notes  to  the  Meditation  on  Poncelet's  Theorem,  including  a  Valuation  of  the 
two  new  Definite  Integrals 

fe      logcos^      ,  f-log{l.hv/rry(-^^} 

"Phil.  Mag.,"  ser.  iv,  t.  xx,  pp.  526—533  (1860).  See  also,  by  the  same  author, 
"  Note  on  certain  Definite  Integrals,"  "  Quarterly  Journal  of  Mathematics,"  t.  iv, 
pp.  819—324  (1861). 

2  B  2 
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=*l:{-^(Tr")+-'»G-r.)}^ 

=^{^^w<ks=^K (68). 

Also,  n  being  any  qnantitj,  we  see  from  (33)  that 


J0-,  I  dn"a»    Jo,  ,    &'** 

•+dn*aj     A/*»-|-dn'«aj/ 


1^ 


■"^JoW*^ 


so  that 


'    ^^^;^     ^=^K (70), 


I, 


and,  similarly, 

f ^:! dx 

JoA/'»+dn'«  («— a)  dn"  (aj+a) 

Jo  A;'»  +  dn'»  (aj— a)  dn"  (a; -fa) 

=iK ,     .    .     (71). 

Further,  if  0  be  an  uneven  function  and  n  any  quantity, 

whence 

and    of     course    there     are    other    formulaa    involving    —  -    and 

I,      -^-^  which  may  be  proved  in  a  similar  manner. 
tc 
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§  15.  It  was  shown  in  §  6  that 

pj'^^^log  en  (aj+i:y)(My=KK'log ~ ; 

the  value  of  this  integral  when  the  limits  with  regard  to  y  are  K'  and 
0  may  be  fonnd  as  follows. 
In  the  formula 

cni*=--g*eaK  — ^^ — ■ ^' 

pnt  tt=aj-|-ty— K— iK', 

and,  taking  logarithms,  we  find 

logcn(;r+tV-K-tK0=ilog|^-i!^Vi^'(a5+iy--K-tK0 

+  logG(aj+ti/)-logG(«-|-iy-K-iK')     .     .     .     (72) 

Now  I    I    0(aj+iy— K— iK')(Za^y=|    I    <t>{x-\-iy)dxdy 

Jojo  Jojo 

if  0  be  an  even  fnnction,  so  that  (72)  gives 
Pf^'logcn  («+ty)<Zaj^y=iKK'log-^-i^K'« 

+i^(iK8K'+iiKK'2-K«K'-iKK'») 

=iKK'log-^-it5rKK'      .....    (73). 

§  16.  I  conclude  with  the  determination  of  the  values  of  the  in- 
tegrals 

when  n  is  a  positive  integer. 

e(?^'\=l-2gcos2aj+2g*cos4aj-22»cos6aj+  Ac, 
whence 

^.,,^2Ka«\     ^.,,_2^^^.  cos2aajH-2g*6-''  cos 4aa;^  Ac. 

Now  I    e"'*  coa2bxdx=:^6'^\ 

so  that  we  have 

pe-''e^?^y«==i7r*(l--23e-«-H-23*e-^'-25V»«*+  &c.) 
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Let  e"'"=g*, 

n  being  a  positive  integer,  whence 


a 
aud 


^AViK^^A* (74)^ 

where  A/^+j,  K,^^  are  what  k  and  K  become  when  q  is  replaced  by  5""*"^ 
so  that  kn^i  is  the  modulus  obtained  by  the  first  real  transformation  of 
the  (n-hl)***  order. 

As  a  particular  case  put  w=l,  and  the  formula  (74)  gives 

fV''e|2a/5^')*|cLc=(iKA;'*)*      ....     (75). 

To  evaluate  the  other  integral,  multiply  the  equation 

HI  — ?5  )= 2^*  sin  ax — 2qi  sin  Sax + 2q^  sin  5a x  —  Ac. 

by  e~'*  and  integrate,  replacing  the  integrals  on  the  right  hand  side 
by  their  values  from  the  formula 

xe''*  Bin2hxdx=:^be-^% 
we  thus  find 

paje-'^H  (?^\dx=i7r^a(q^e-^* - 3g«e-f» •  +  5gVe-Y«'  -  Ac.) 

Put,  as  before,  e-«*=2*, 

n  being  a  positive  integer,  then 

and  the  equation  becomes 

But  23«-6jl+102V_  Ac.=  |fcif('^'} 
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("  Fandamenta  Nova,"  p.  184),  so  that 

Put  n=l  and  this  formula  gives 


IX.  "  Values  of  the  Theta  and  Zeta  Functions  for  certain  Values 
of  the  Argument."  By  J.  W.  L.  Glaisher,  M.A.,  F.R.S., 
Fellow  of  Trinity  College,  Cambridge.  Received  July  31, 
1879. 

§  1.  In  §  12  of  the  preceding  paper  "  On  Definite  Integrals  ii\volv- 
ing  Elliptic  Functions,"  it  was  necessary  to  determine  the  values  of 
e(iK),  e(iK+VK'),  e(iiK'),  e(KH-i/K'),  and  e*(iK+itK'),  which 
were  required  in  the  evaluation  of  some  of  the  integrals.  This  led  me 
to  calculate  a  table  of  the  values  of  the  9  and  H  functions  when  the 
arguments  were  of  the  form  K-|-»iK' ,  for  the  values  0,  i,  1,  |,  of 
m  and  n^  and  the  results  are  contained  in  this  paper.  For  the  sake  of 
completeness  the  corresponding  values  of  the  Z  function  are  also 
given ;  and  some  remarks  connected  with  the  ^-series  to  which  the 
formuhe  lead  are  added. 

A  table  of  the  values  of  the  sn,  en,  dn  for  the  above-mentioned 
arguments  is  given  by  Professor  Cayley  on  page  74  of  his  "  Elemen- 
tary Treatise  on  Elliptic  Functions  "  (1876)  :  this  table*  is  so  useful 
that  it  seemed  desirable  to  supplement  it  by  a  similar  one  for  the  0, 
H,  and  Z  functions. 

§  2.  The  values  found  in  §  13  are 

e(iK)         =^k\i+yy, 
e(iK+tK')   =r*^fc''(i-«'')»(i+0. 

•  I  may  here  note  that  the  value  of  en  (iK  +  iiK!)  should  be  -^  -^--_  instead 
1-t  v/if 


of  - 


v/2  ^k 

Googk 


Digitized  by  ^ 


352  Mr.  J.  W.  L.  Glaiaher  on  [Nov.  20, 

e(K+itK')     =j-A?!JVa+*)', 

e*(iK-hiiK')  =(r^?^W*(^+»A;). 

From  this  last  equation  the  value  of  eC^KH-^iK')  may  be  deduced ; 
but  it  is  more  convenient  to  avoid  ambiguities  of  sign  as  follows. 
In  the  formula 

e(t*+i;)e(i*-t;)=^^(l-A^sn8t*8n»t;), 
put  M=^K,  v—^iK.',  then 

e(iK+i,-K')e(iK-iiK') 

=5-»?!?ifc»i'» (1), 

since  1  +  A;+A/={2(H-A;)(H-Aj')}*. 

Also,  in  the  formula 

put  «=— JK— JiK',  and 

e(^K-^{K')=^l±Ktg0^iK)le(iK+i{K')    .    .    (2), 

whence  from  (1)  and  (2) 

e2(iK+itK')=2-»— fc»jf*{O+*')*+*(l-*0*}- 

IT 

Extracting  the  square  root,  we  have 

e(iK+iiK')=2-A^*'*"[{2'+(i+*')»}»+»'{2»-a+i')'}*]; 

it  is  evident  from  the  ^-series  for  8  (see  §  8  of  the  present  paper), 
that  the  sign  of  the  real  or  imaginary  parts  is  positive  as  above. 

Since  e*(iK+ iiK')  =g-*?Sk*A/*(^' + tA) 

=3-*?^V  A;'»(oos  ^-h  *  sin  ^), 
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where  0  is  the  modular  angle,  it  follows  that 

e«(iK+iiK') =2"*  —  Aj*)k'*(co8  i^+i  sin  i^), 

and  e(iK+^iK')=q-*^k*k'i(coBl0+iBin  {0). 

This  last  result  is  readHj  identified  with  that  found  above,  since 

§  8.  Prom  the  values  of  Gw  for  «=iK,  ^iK',  ^K+^X',  the  values 
of  8i&  for  the  other  arguments  contained  in  the  table  were  deduced  by 
means  of  the  fbrmuks 

e(i*H-K)  =A;'-*dn«ett, 

e(t* + iK')  =*5^y6-  IK  sn  u  Qu, 

The  values  of  Ht*  were  deduced  from  those  of  0m  by  the  formula 

« 

For  example, 

= g-A^A;»A!'*(l  -t)  (sin  \6->fi  cos  Jd) 

=2-A?!^W»{co8  i(»— tf)  +tsm  i(,r-e)}, 
and  it  can  be  shown  that 

The  values  in  the  table  were  verified  throughout  by  the  formula 
=A*sn«*,  — 1— ! — ^=--cnM: 

several  of  the  results  are  of  course  deducible  at  once  from  one  another 
by  the  relations  e(i*4-2K)=ett,  H(w-f2K)  =  — Hi*,  and  a  change  in 
the  sign  of  i. 
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u. 

eu. 

Hm. 

tK 

2*^V»(H-&')» 

2^V»(l-if)» 

fK 

2*J*'»(H-ifc')» 

^*J^V*(i-ft')» 

iK+iK' 

2-»2f^fc"(l-«^)»a+i) 

«-*^*'»(i+mn-»-) 

iK+tK' 

r'gfJi^^'d-A^OKi-O 

s-^^^^'^d+^O'd-*-) 

iiK' 

3-A2«V(l_fc)» 

;3-A2*Jy(i_fc)» 

1 
1 

K+^-K' 

i?-A^*J^(l  +  i)' 

r^^Jm+hy 

iiK' 

-5-A^*i«(l-i)* 

n-^^^'Hi-^y 

1 

1 

K+|iK' 

S-A^;^V(l+fc)» 

3-A^J&»(l  +  fc)* 

iK+iiK' 

J- A^*5**'A;'»{co8  ie+f  sin  i^} 

iBmi(v—C] 

|K+iiK' 

r  A^'^W»{cos  i^-tsin  i«} 

3-A^'^'jk»ifc'Hco8i(»-«)- 

t8in^(x— ^j 

iK+|iK' 

2-A^^W»{8initf +toos  i^} 

g-A2'^*A;»A;'»{8m  iC^-^)  + 

i  cos  ^(w^O] 

|K+itK' 

q-A^^*]<*yi{sm  i^-t  cos  i^} 

3-A  2*^*A;«ik'»{8m  i(ir-d)  - 

*OOS^(a— ^ 

where  0  is  the  modular  angle,  and 

,^_{2'+(i+y)*}* 


cos  2 


2* 


,-..L.-{2'-(l+y)'}' 


sin^^ 


2« 


cos 


«,-.)=i?±(^m!,     .i.K._.,=i!!zi^*W. 
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§  4.  Also,  Bqnaring  the  yalnes  in  the  last  group, 

e2(iK:+itK')=2-*— A:*A;'*{coBi^+i8mi^},  Ac., 

BO  that  we  have  the  following  table : — 


355 


t          u. 

e»M. 

H2«. 

iK  +  i-K' 

g-»^;fc»jfe'»{(l+&')«+f(l-*')*} 

3-»^&»^fc'»{(l-^)»+t(l +&')♦} 

1 

j-t^jyi-jfCi +ifc')»-t(i  -k'y) 

g-i^A^if  »{(l-r)»-t(l  +  fc')»} 

,  AK+itK' 

-q-\^mi{0.-\-h'y-i(x-ky} 

-q-i^m'i{  o—hy-iQ. + r)»} 

|K+ftK' 

-q-\^m^{0.  +  /fc')»  +  t(l  -if )»} 

-2-|^;fc»i'»{(l-fc')*+i(l+fc')*} 

and,  squaring  again, 

«. 

e*u. 

H*«. 

iK+iiK' 

2-*2JW»(i'+tfc) 

2-*^^W»(-ifc'+t/k) 

fK+itK' 

g-»^J*A;»ifc'*(A;'-i&) 

g-*^-^W*(-&'-ti) 

iK+|t-K' 

q-l^mKh'-ik) 

2-l2KVft'*(_ft'_ii) 

|K+|iK' 

g-J^JW»(A;'+tA;) 

2-»^^V;f*(-fc'+tA;) 

§  5.  In  the  case  of  the  Z  fanction,  we  hare 
Z(iK)  =\0-h'), 

Z(itK')  =_ij+it(l+fc), 
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and  the  following  formnleo 

Z(u+v)       =Zit+Zt;— A;*8nttsnt?8n(i*+»), 

Z(t*+tK')   =— ^—-f-ZttH- , 

K  snu 

Z(t*-|-2tK')  =  — ^+Zt*. 
Prom  these  we  obtain  the  following  table : — 

Yalnes  of  Zu. 


u. 

Zt*. 

|K+tK' 

K-|-i.K' 
K+itK' 

-lj-ii(l-ft) 

iK+it-K' 
|K+iiK' 
iK+|tK' 
fK+|tK' 
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§  6.  It  is  conyenient  also  for  the  sake  of  completeness  to  plaoe  here 
the  values  of  the  fonctions  for  u=0,  K,  iK',  &c. 


tt. 

eu. 

Hu. 

Zu. 

0 

E 

iE' 

E+tE' 

2E 

2tE' 

2E+tE' 

E+2iE' 

2E+2tE' 

2»fc'»E» 
2«E* 

0 

2«A;'*E» 

_^_i2»^»E» 

0 
_,2»E* 

_^.,2«A.'*E' 

0 
2*A:»E» 

0 
0 

0 

0 
0 

00 

*E 
0 

E 

00 

tV 
E 
♦V 

E 

§  7.  It  follows  from  the  ralaes  of  9u  and  Eu  in  §  3  that  if 
A' =?^V»(1 +  &')♦, 

B'=^A'»(l-i')», 
A=?^V(l+&)», 


*  The  Talue  of  Z(2tE0  ^  hy  mistake  giTcn  as  0  on  page  164  of  the  "  Fondamenta 
Nova." 


Digitized  by 


Googk 


358 
then 

e{iK)=e(fK)  = 
e{iK+tK')  = 
e(|K+tK')     = 
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A' 
3-».B'.Kl+0 

j-'.B'.Ki-*-) 


e(K+iiK') 

e{f<K') 

e(K+|tK') 

Thns 


=  3-A.B 
=  2-A.A 
=  -g-A.B 
=     2-A,A 


H(iK)=(H|K)=        B' 
H(iK+tK')      =g-».A'.i(H-t) 
H(|K+iK')      =2-*.A'.i(l-t) 


H(itK') 
H(K+itK') 
H(|»K') 
HCK+ltKO 


=i5-A.B 
=  j-A.A 
=t3-A.B 
=2-A.A 


A'=e(iK)=e(iK) 

=j»(l  -t)H(iK+tK')  =     g»(l  +  t)H(|K +tK') 
B'=H(iK)=H(|K) 

=2»(l-»)e(iK+tK')  =     3»(l  +  t)e(tK+tK') 
A=gAe(K+i.-K')  =     jAe(K+|tK') 

=yAH(K  +  itK')  =     gAH(K+f»K') 

EzsgAeCiiX')  =-gAe(|tK') 

=  -t2AH(itK')  sr-tgAndtKO 

whence 

B'_H(JK)    H(|K)  _  e(^K + tKQ _  e  (|K + tKQ 


A'     e(iK)     e(|K)     H(iK+tK')     H(|K+tK') 

B_    e(i»K')    _       e(|.K')    _     .    H(iiK')     _. 

.    HCf-KO 

A    e(K+itK')        e(K+fiK')          H(K+itK') 

HCK+tt-K-), 

equations  which  admit  of  inunediate  verification. 

Also,  if                           c=—m% 

TT 

then  e(JK+ifK')H(iK+i;K')=    g-*C(H-0, 

e(|K+itK')H(fK+ifK')=     !Z-*C(l-0, 

e(iK+f/K0H(iK+|»K')=-2-K)(l-t). 

eaK+f»K')H(|K+li-K')  =  -2-»C(l +0- 

§  8.  The  g-series  for  d  and  H  are 

ett=l-22co8?^+22*co8?^-22»cos?p+  4c., 

Hw=2g*sing-22t8iii^  +  22V8iii^-  Ac., 

and  comparing  the  gr-series  for  8(iK),  Ac,  with  their  yalnes  A',  Ac., 
given  at  the  beginning  of  §  7,  we  have  the  following  equations : — 
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l-2g*+22i«-22»«+ Ac.  =?5V»(1 +*')*•  •  •  (3), 

qi-^-  qV+   qy+   qV-&c.=^k'Kl-ky.  .  .  (4), 

gA  +  <?A+   3"+   q»+  ?«+  &C.  =?^V(l  +  fc)»    .  .  .  (5), 

jA_jA_  qH+  gH+   gH-  &c.  =?^V(1-A:)»    .  .  .  (6), 

the  signs  of  the  terms  in  (4)  and  (6)  being,  after  the  first,  alternately 
n^ative  and  positive  in  pairs. 

Of  these  (3)  is  dedncible  at  once  from 

by  the  transformation  of  q  into  q^  twice  repeated.     The  same  double 
transformation  converts  (6)  into  (4),  and  (5)  into  the  formula 

qi+qi+qV+qV+  &c.  =^S 

so   that  (3),  .  .  .  (6)  may  be  readily  obtained  independently  of  the 
values  of  e(^K),  &c: 
■If  the  modulus  be  changed  from  k  to  Jc\  (6)  becomes 

r^^rfk-^rH-^r^+r^^  Ac.  =?^V*(1-A;')*, 

where  rsse-K'". 

Thus  gi-<yl-gV  +  ^V  +  yV-&c.,l  /KV 

""  rA-rA-rH+rH+rH-  Ac.     2*  \K7  ' 

so  that  if  g,  r  be  any  quantities  less  than  unity  connected  by  the  re- 
lation 

logllogl=^, 

q       r 

then  (logiYCgri-gf-gV+gY-i-jV-  &c.) 

=  -^(logiY(rA-rA-rtt+rtt+rH-  &c.), 

which  may  also  be  written 

e"*'— e-»«*-e-25«*H-e-««'+  &c. 

zfa 
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or  /**(«-*»*— e-l^—e-V^'-f-e-V*'-!-  4c.) 

=,;*(e-*.'-e-t^-e-V.'-he-V»'+ Ac.)     ....     (7), 
where  /t,  u  are  any  quantities  connected  by  the  relation 

Changing  q  into  j^,  (6)  becomes 

gi_^-2Y+2Y+  Ac.  =]^W*, 

which  also  leads  to  (7).  This  identity  is  of  the  same  kind  as  the  well- 
known  formula 

viz.,  in  which  a  function  of  /t  is  equated  to  the  same  function  of  — . 

Identities  of  this  class  form  the  subject  of  a  paper  in  the  fifth  volume 
of  the  **  Messenger  of  Mathematics,*'*  pp.  174 — 179 ;  and  the  identity 
which  results  from  (3)  an4  (6),  viz. : 

2/t*(c"^  +  e-^+e-V''-f  <fcc.)=i^(l-2e-»+2e-*^-2e-^+  Ac.) 

is  given  on  page  177  of  that  paper. 

§  9.  From  the  third  group  of  values  in  §  3  it  might  be  shown  that 

^-^H-^+^W-h^V/-  &c.  =?!^W»cosi^    .     .     (8), 

jft-jH-gW+gW+gW-  &c.  =?|Jx!»ifc'»8mi«    .     .     (9), 

where  0  denotes  the  modular  angle.     We  thus  have 

tan  i^,g^-g»~gW+gVy+gV/-  Ac. 

^       giV-gtJ-^fiH-gW+gW-   Ac. 

It  is  a  known  theoremf  that 

^=  arc  tan  g*—  arc  tan  jl-h  arc  tan  g*—  Ac., 
so  that  arc  tan  g*—  arc  tan  q\ -h  arc  tan  gl—  Ac. 

^-jH-^+^'WH-gW-  Ac.* 

In  the  "  Philosophical  Magazine  "J  for  December,  1875,  it  is  shown 
that 

•  "  Notes  on  certain  FormulaD  in  Jacobi*8  *  Fundamenta  Nova  * "  (Maroh  and 
April,  1876). 

t  "  Fundamenta  Nova,"  p.  108. 

X  "  On  some  Identities  deriyed  from  Elliptic-Function  Formula,"  ser.  4,  voL  50, 
pp.  689—^42. 
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COB  (arc  tan  q  —  arc  tan  ^  +  arc  tan  q^  —  <fcc.) 
_  l~7«-7^0-hg"8-fg3g-  &c. 


sin  (arc  tan  q—  arc  tan  5^+  arc  tan  q^—  Ac.) 

-  ^-^8~grl6-t-g21-|-g^-  Ac. 


(10), 


(11), 


the  exponents  being  the  triangular  numbers.     These  formulae  can  be 
readily  identified  with  (8)  and  (9)  ;  for 

80  that,  replacing  q  by  gr*  and  putting  for 

arc  tan  gr*  —  arc  tan  gl  -|-  arc  tan  gi  —  Ac, 
its  valae  ^0,  (10)  and  (11)  become 

coBi«=-^j^,(l-?»-2H9"+?i«-  Ac), 
8mi<>=^|^,(2*-j'.-3V+gV  +  gV_  Ac), 
which  are  in  fact  (8)  and  (9) . 


X.  "  On  certain  Definite  Integi-als."     No.  5.     By  W.  H.  L. 
Russell,  F.R.S.    Received  October  13,  1879. 

The  following  is  a  continuation  of  four  papers  inserted  in  the 
*'  Proceedings  of  the  Royal  Society."  In  my  last  paper  I  gave  a  proof 
that 

sin  (2w -1-3)^— sin  (2»  + 1)^=0 

when  (n)  is  infinite.     We  may  consider  the  subject  also  thus.    Taking 
the  expression 

^  ^        1.2.3  -1.2...2W+1 

(g^-H)^_(2n-H)-^^3      ,,,.H    (2n+l)«'^^i    ^~ 
^  ^        1.2.3  -1.2.3.2m+l 

we  see  manifestly  that  as  (n)  increases  to  infinity  the  fraction  becomes 
unity.      And  this  is  true   however  large   (m)  is   considered  to   be. 
VOL.  XXIX.  2  c 
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Manifestly  therefore  when  (n)  is  infinite  ?I5_L_^ZLJ_=  1    another 
^  ^  ^  sin(2n+l)^ 

form  of  the  same  theorem. 

Moreover  asin0-|-a'^sin3^+  . . .  =-      .  ^'^     1^^  when  at  is  less 

1-2*2  cos  2^ -ha* 

than  nnit  J. 

As  a  approaches  nnity  in  the  limit, 

sin  e-\-  sin  3^  +  sin  hO  ,  , .  =z     i — , 

2sm£^ 

a  well-known  theorem. 

Bnt  also 

.    z»  .    •    o^  .  •    /o     .1NZI     28in^— 8in(2«  +  3)(?+8in(2»+l)^ 

V      ^   >'  2(1 -cos  2^) 

Making  {n)  infinite  and  subtracting  the  last  equation  we  have  again 
sin  (2/1  + 3)^-sin  (2/1-1-1)^=0. 

T  have  considered  this  subject  at  length  on  account  of  a  remark  of 
Professor  Stokes,  that  sin  (2w-|-3)^— sin  {2^-^-1)0  cannot  converge  to 
zero  in  the  ordinary  manner,  on  account  of  the  perpetual  fluctuation  of 
the  signs  of  sin  (2?i-|-3)^  and  sin(2/i-hl)^.  There  can  only  I  think 
be  one  explanation  of  this,  namely,  that  the  sine  of  an  infinite  angle 
is  zero.     Following  up  then  the  theorem  we  find 

(86.)   ['^.«-* sin  (» sin 0)=^(«.-.-.). 
Josm^  2 

(87.)    r-^cos«sin^(6«-»"«-e-*^-'"«)=25rsin«. 
Jo  sin  ^ 


c?^sin(2n-hl)^_ 
sin^ 


(88.)  I 

We  shall  also  obtain  the  following:  — 

(89.)   r ^^c*'^'^^ cos  (a; sin  ^-h^)  log.  (l  +  2«cos^-h«g)  =  '^*^^""^\ 

(90.)    f-^.^-!;^s(^sin^-gH  cos^  loge(l-2.cos^-h^) 
^      '^  Jo        6^^^*«'«-|-2€^'^''^cos(.r.sin^)-|-l     ^  ^ 


=![log.!:^±l. 


Jo  yL-^-ZaCO^d-^-ar)" 


l-a2 

Since  j^+_^+JEL+..=.c+(l-.r)log.(l-*), 

when  .(!  is  any  quantity  from  0  to  1,  inclusive,  we  shall  have 
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1.22.33.4  2    *  V         2/       2 

We  shall  call  this  expression  9,  and  shall  write  more  generally 

ft(r)  _cosr^        cos(r  +  l)^ 
mn         (ni+l)(/i  +  l) 

then  it  is  manifest  that  G^fi,  8i,*i, may  be  found  immediately  in 

terms  of  9. 
Again,  since 

1.3    2.4    3.5        2/  4         2        ^^        ^' 
we  may  find  a  precisely  similar  expression  for  Q\*\  and  consequently 

forego?'.... 

We  thiiB  sbtain 
<92.){;ecos...^=_-J_. 

<93.)  ['  Ode .  ';'";^"-;  ?"f =|{«+ (l-»)  log.  (1  -,)  }■ 

Jo  1  — 2aC08^  +  a3         2 

<94.)   f'9<Z^«*«cos(«sin^-|-2^)  =  ^(fr-l+*\. 

Jo  2  L  at-         a-     J 

<95.)   r  9ff d^{log.  (1  +  2.i;  cos  O-^-x'-)  -f  2x  cos  ^+.t^2  cos  20} 

=  ^{(l~a.)^log.(l~a.)-(u^H.^)}. 

<96.)   f'd^9g'€««»-«cos(«8ind+3(?)=-^{€«(«-2)  +  («+2)}. 
Jo  2«^ 

<97.)   ('c«^9iV^''*cos(«sin^+4^)==-^|€«(«2-3«-|-3)+-*---3}. 

Jo  2a*  I  ii  J 

<98.)  j> .  e{5'eiJ'=fg.  (99.)  j>ei;-eu=^. 

More  generally  we  may  find 

<ioo.)  ^'^deeli!M% 

where  m,  n,  r,  «,  are  in  order  of  magnitude. 

The  instance  I  have  mentioned  at  the  commencement  of  this  paper, 
is  not  the  only  instance  of  my  obligation  to  the  kindness  of  Professor 
Stokes.  He  prevented  me  on  another  occasion  from  being  led  to  » 
false  conclusion,  by  taking  for  granted  without  due  examination  an 
integral  which  had  appeared  in  print. 

2  c  2 
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XL  "  On  the  Normal  Paraffins.  Paii;  III."  By  C.  Schorlemmer^ 
F.R.S.,  Professor  of  Organic  Chemistry  in  Owens  College^ 
Manchester.    Received  August  2,  1879. 

(Abstract.) 

The  isomeric  monochlorides,  obtained  from  the  normal  paraffins  exist- 
ing  in  petrolenm,  yield  by  the  abstraction  of  hydrochloric  acid  a 
mixture  of  defines,  one  portion  of  which  readily  combines  with  hydro- 
chloric acid  in  the  cold,  whilst  the  other  unites  with  it  only  on 
heating.* 

The  chlorides  formed  in  the  cold  boil  with  partial  decomposition 
and  at  a  lower  temperature  than  the  others,  which  distil  without 
undergoing  any  change,  and  have  the  general  formula 

CH3-CHCI— C„H,^,.t 
They  are  therefore  derived  from  the  defines  of  the  series 

CTT2       CH —  CnHj»^.i. 

Similar  results  have  been  obtained  by  Le  Bel.} 

The  constitution  of  the  defines  combining  with  the  acid  in  the  cold 
is  not  yet  known.  They  are  possibly  not  derived  from  normal 
paraffins,  but  from  isomerides,  which  cannot  be  separated  from  the 
former  by  distillation.  On  the  other  hand  their  formation  can  also 
be  explained  without  making  this  assumption.  This  question  can 
only  be  decided  by  using  an  absolutely  pure  paraffin.  § 

For  this  purpose,  normal  hexane  from  mannite  was  selected,  whicb 
possibly  might  yield  three  isomeric  monochlorides  : 

(1.)  CH3— CHg— CKj-^CHa—CHsj— CHgCl 
(2.)  CH3— CH3— CH.— CH2— CHCl— CHs 
(3.)  CH3— CHg-^CH^— CHCl— CH2— CHj 

The  formation  of  the  first  two  has  already  been  proved.  (|  The 
following  seemed  capable  of  determining  whether  the  third  is  alsa 
produced.  By  the  abstraction  of  hydrochloric  acid  three  bexylenea 
might  be  formed  : — 

Butylethylene       ..  ..      CH3— CH3— CHg— CHg— CHlzCHg 

Methylpropylethylene     . .      CH3--CH3— CHg— CHlzCH— CH, 
Diethylethjlene     . .         . .      CHg— CHg— CEtZlCH— CHg— CHj 

The  first  of  these  does  not  combine  with  cold  hydrochloric  acid ; 
the  second  is  the  hexylene  obtained  from  secondaiy  hcxyl  iodide.  |t 

•  "  Journ.  Chem.  Soc.,"  1873,  p.  319. 

t  Morgan,  tftw?.,  1875,  p.  301. 

X  ''Bull.  Soc.  Chim.,"  (2),  xxyiu,  p.  460. 

§  "Journ.  Chem.  Soc.,"  1875,  p.  306. 

II  Hecht,  "  Deut.  Chem.  Ges.  Ber.,"  xi,  p.  1162. 
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Le  Bel  and  Wassermann  have  found  that  cold  hydrochloric  acid  has 
no  action  on  it,  from  which  it  follows  that,  if  normal  hexane  from 
mannite  yields  a  hexylene  combining  with  hydrochloric  acid  in  the 
<x)ld,  it  conld  be  only  diethylhexylene,  which  coold  be  easily  identified 
by  conversion  into  ethylpropyl  carbinol  and  6xidising  it,  when  only 
propionic  acid  shonld  be  formed. 

This  was  my  programme ;  the  results  were,  however,  quite  unex- 
pected. 

The  hexylene  obtained  by  decomposing  the  hexyl  chlorides  was  left 
in  contact  with  cold  fuming  hydrochloric  acid  for  some  weeks.  The 
whole  of  it  combined  and  the  hexyl  chloride  thus  formed  boiled  constantly 
and  without  the  least  decomposition  at  124 — 125°.  It  was  converted 
into  the  alcohol,  which  on  oxidation  yielded  only  acetic  acid  and 
butyric  acid,  and  consequently  is  methylbutyl  carbinol.  We  have, 
therefore,  the  remarkable  fact,  that  two  hexanes  exist,  which  must  be 
regarded  as  normal  compounds,  and  therefore  according  to  our  present 
theory,  to  be  identical.  This  is,  however,  not  the  case.  I  have 
already  in  my  first  paper  pointed  out  some  other  differences  existing 
between  the  two  hexanes,  but  left  the  question  open,  whether  these 
are  caused  by  impurities  contained  in  the  hexane  from  petroleum, 
or  whether  we  have  here  a  case  of  fine  isomerism,  for  which  an 
explanation  has  to  be  found.*  1  believe  the  results  of  my  present 
research  speak  strongly  in  favour  of  the  latter  view. 

For  several  reasons  1  am  inclined  to  believe  that  petroleum  consists 
ehiefly  of  an  inextricable  mixture  of  isomenc  and  homologous  paraffins, 
in  which,  however,  the  normal  hydrocarbons  preponderate.  This 
would  certainly  explain  why  it  is  so  difficult  to  isolate  from  it  bodies 
having  a  constant  boiling  point,t  but  not  the  differences  exhibited  by 
the  two  hexanes. 

A  continuation  of  these  researches  has  already  been  commenced. 
My  friend  Thorpe,  who  has  made  the  most  interesting  discovery  that 
the  terebinthinate  exudation  of  Finns  Sabiniana  contains  a  large 
quantity  of  normal  heptane, |  has  kindly  offered  me  to  join  him  in  the 
chemical  investigation  of  this  hydrocarbon.  At  the  same  time  we  shall 
compare  it  with  other  "  normal  *'  heptanes  from  different  sources. 


XXL  "  The  Geometric  Mean,  in  Vital  and  Social  Statistics." 
By  Francis  Galton,  F.R.S.    Received  October  21, 1879. 

My  purpose  is  to  show  that  an  assumption  which  lies  at  the  basis  of 
the  well-known  law  of  "  Frequency  of  Error  "  (conmionly  expressed 

•  "  Phil.  Trans.,"  vol.  chrii,  p.  119. 
t  "  Journ.  Chem.  8oc."  1876,  p.  306. 
t  "  Journ.  Chem.  Soc.,"  1879,  p.  296. 
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by  the  formula  y=e"  *''*),  is  incorrect  in  many  gronps  of  vital  ami 
social  phenomena,  although  that  law  has  been  applied  to  them  by  sta- 
tisticians with  partial  success  and  con^esponding  convenience.  Next,  I 
will  point  out  the  correct  hypothesis  upon  which  a  Law  of  Error 
suitable  to  these  eases  ought  to  be  calculated ;  and  subsequently  I  wilF 
communicate  a  memoir  by  Mr.  Donald  McAlister,  who,  at  my  sugges- 
tion, has  mathematically  investigated  the  subject. 

The  assumption  to  which  I  refer  is,  that  errors  in  excess  or  in 
deficiency  of  the  truth  are  equally  probable;  or  conversely,  that  if 
two  fallible  measurements  have  been  made  of  the  same  object,  their 
arithmetical  mean  is  more  likely  to  be  the  true  measurement  than  any 
other  quantity  that  can  be  named. 

This  assumption  cannot  be  justified  in  vital  phenomena.  For  example, 
suppose  we  endeavour  to  match  a  tint ;  Fechner*s  law,  in  its  approxi- 
mative and  simplest  form  of  sensation=log  stimulus,  tells  ns  that 
a  series  of  tints,  in  which  the  quantities  of  white  scattered  on  a  black 
ground  are  as  I,  2,  4,  8,  16,  32,  &c.,  will  appear  to  the  eye  to  be  sepa- 
rated by  equal  intervals  of  tint.  Therefore,  in  matching  a  grey  that 
contains  8  portions  of  white,  we  are  just  as  likely  to  err  by  selecting 
one  that  has  16  portions  as  one  that  has  4  portions.  In  the  first  case 
there  would  be  an  error  in  excess,  of  8 ;  in  the  second  there  would  be 
an  error  in  deficiency,  of  4.  Therefore,  an  error  of  the  same 
ma^itude  in  excess  or  in  deficiency  is  not  equally  probable  in  the 
judgment  of  tints  by  the  eye.  Conversely,  if  two  persons,  who  are 
equally  good  judges,  describe  their  impressions  of  a  certain  tint,  and 
one  says  that  it  contains  4  portions  of  white  and  the  other  that  it 
contains  16  portions,  the  most  reasonable  conclusion  is  that  it  really 

contains  8  portions.     The  arithmetic  mean  of  the  estimates  is  — - — 

or  10,  which  is  not  the  most  probable  value.  It  is  the  geometric  mean 
8  (4  :  8  :  :  8  :  16)  which  is  the  most  probable. 

Precisely  the  same  condition  characterises  every  determination  by 
any  of  the  senses ;  for  example,  in  judging  of  the  weight  of  bodies  and 
of  their  temperatures,  of  the  loudness  and  of  the  pitch  of  tones,  and  of 
estimates  of  lengths  and  distances  as  wholes.  Thus,  three  rods  of  the 
lengths  a,  h,  c,  when  taken  successively  in  the  hand,  appear  to  differ 
by  equal  intervals  when  a  :  b  : :  b  :  c,  and  not  when  a'-b=^b^c.  In 
all  physiological  phenomena,  where  there  is  on  the  one  hand  a  stimulus 
and  on  the  other  a  response  to  that  stimulus,  Fechner's  law  may  be 
assumed  to  prevail ;  in  other  words,  the  true  mean  is  the  geometric. 

The  same  condition  of  the  geometric  mean  appears  to  characterise 
the  majority  of  the  influences,  which,  combined  with  those  of  purely 
vital  phenomena,  give  rise  to  the  events  with  which  sociology  deals. 
It  is  difficult  to  find  terms  sufficiently  general  to  apply  to  the  varied 
topics  of  sociology,  but  there  are  two  categories  of  causes,  which  are 
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of  common  occurrence.  The  one  is  that  of  ordinary  increase,  as 
exemplified  by  the  growth  of  population,  where  an  already  large 
nation  tends  to  become  larger  than  a  small  one  under  similar  cir- 
cumstances, or  when  a  capital  employed  in  a  business  increases  in 
proportion  to  its  size.  The  other  category  is  that  of  surrounding 
influences,  or  *'  milieux  "  as  they  are  often  called,  such  as  a  period  of 
plenty  in  which  a  larger  field  or  a  larger  business  yields  a  greater 
excess  over  its  mean  yield  than  a  smaller  one.  Most  of  the  causes 
of  those  differences  with  which  sociology  are  concerned,  and  which 
are  not  purely  vital  phenomena,  such  as  those  already  discussed,  may 
be  classified  under  one  or  other  of  these  two  categories,  or  under  such 
as  are  in  principle  almost  the  same.  In  short,  sociological  phenomena, 
like  vital  phenomena  are,  as  a  general  rule,  subject  to  the  condition  of 
the  geometric  mean. 

The  ordinary  law  of  Frequency  of  Error,  based  on  the  arithmetic 
mean,  corresponds,  no  doubt,  sufficiently  well  with  the  observed  facts 
of  vital  and  social  phenomena,  to  be  very  serviceable  to  statisticians, 
but  it  is  far  from  satisfying  their  wants,  and  it  may  lead  to  absurdity 
when  applied  to  wide  deviations.  It  asserts  that  deviations  in  excess 
must  be  balanced  by  deviations  of  equal  magnitude  in  deficiency 
therefore,  if  the  former  be  greater  than  the  mean  itself,  the  latter 
must  be  less  than  zero,  that  is,  must  be  negative.  This  is  an  impossi- 
bility in  many  cases,  to  which  the  law  is  nevertheless  applied  by  statis- 
ticians with  no  small  success,  so  long  as  they  are  content  to  confine  its 
application  within  a  narrow  range  of  deviation.  Thus,  in  respect  of 
stature,  the  law  is  verj-  correct  in  respect  to  ordinary  measurements, 
although  it  asserts  that  the  existence  of  giants,  whose  height  is  more 
than  double  the  mean  height  of  their  race,  implies  the  possibility  of 
the  existence  of  dwarfs,  whose  stature  is  less  than  nothing  at  all. 

It  is,  therefore,  an  object  not  only  of  theoretical  interest  but  of 
practical  use,  to  thoroughly  investigate  a  Law  of  Error,  based  on  the 
geometric  mean,  even  though  some  Of  the  expected  results  may 
perhaps  be  apparent  at  first  sight.  With  this  view  I  placed  the  fore- 
going remarks  in  Mr.  Donald  McAlister's  hands,  who  contributes  the 
following  memoir. 


Xin.  "The  Law  of  the  Geometric  Mean."  By  Donald 
McAusTER,  B.A.,  B.Sc,  Fellow  of  St.  John's  College, 
Cambridge.  Communicated  by  Francis  Galton,  F.R.S. 
Received  October  21,  1879. 

Suppose  we  have  before  us  a  large  number  of  measurements.  They 
may  either  be  all  approximations  to  the  true  value  of  a  single  unknown 
quantity,  or  may  refer  to  the  several  members  of  a  large  class.     The 
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measurements  will  disagree  among  themselves,  but  on  arranging  them 
in  order  of  size  thej  show  a  tendency  to  cluster  round  some  medium 
value.  We  are  naturally  inclined  to  infer  that  the  true  value  of 
the  unknown,  or  typical  member  of  the  class,  is  not  far  from  this 
value.  How  to  define  and  determine  the  appropriate  ^nedium  in 
various  classes  of  measurement  becomes  thus  a  natural  object  of 
inqairy.  On  examination  we  find  that  there  is  no  strict  and  final 
criterion  applicable  to  all  cases.  We  have  to  start  with  an  empirical 
assumption,  more  or  less  justifiable  on  general  grounds,  but  not 
capable  of  rigid  proof.  In  the  ordinary  Theory  of  Errors,  which  deals 
primarily  with  discrepant  observations,  the  assumption  made  is  re- 
ducible to  this : — that,  on  the  whole,  the  best  medium  we  can  take  is 
the  Arithmetic  Mean  of  the  discordant  measures.  This  is  equivalent 
to  the  statement  that  errors  (or  differences  from  the  truth)  of  equal 
amount  in  excess  or  defect  are  equally  likely  to  occur.  In  the  class  of 
measures  referred  to  by  Mr.  Gtdton,  which  are  not  of  the  nature  of 
instrumental  observations,  reason  is  given  for  thinking  that,  on  the 
whole,  a  better  medium  value  is  likely  to  be  obtained  by  taking  the 
Geometric  Mean  of  the  discrepant  measures.  This  is  equivalent  to  the 
assumption  that  measures  are  equally  likely  which  bear  to  the  truth 
ratios  of  equal  amount  in  excess  or  defect,  so  to  speak.  For  example, 
that  measures  which  are  respectively  (t^^)*!^  ^^^  ({gg?)th  of  the 
truth  are  equally  likely  to  occur.  This  paper  seeks  to  develop  some 
consequences  of  this  fundamental  principle. 

The  practical  outcome  is  a  method  for  the  treatment  of  a  series  of 
measures  which  naturaUy  group  themselves  round  their  Geometric 
Mean.     This  method  may  be  briefly  presented  as  follows : — 

Let  the  measures  be 

*^'l>  •^2»  •'3       •       •       •       •      ^»' 

Take  the  (hyperbolic)  logarithm  of  each  measure,  thus  forming  a  new 
series,  say 

l/v  y%^  Vz     '     '     '     y^'y  where  yr=log*a;r. 
Form  the  Arithmetic  Mean  (A.M.)  of  the  a;'s,  so  that 

n(A.M.)=2». 

Form  the  Arithmetic  Mean  of  the  y^% :  this  will  be  the  logarithm  of 
the  Geometric  Mean  (G.M.)  of  the  s's,  so  that 

nlog(G.M.)=2y. 

If  then  ,-^=4  (log  (A.M.)— log  (G.M.)),  we  have  in  A  a  "  measure  of 

h" 

precision  "  of  the  series  of  a;'s  which  we  call  the  "  weight,** 

The  series  of  y's  m^y  then  he  treated  as  a  series  grouped  rowid  its 
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Arithmetic  Mea/n^  and  the  formulm  of  the  ordinary  theory  are  at  once 
applicable  to  it,  the  weight  ascribed  to  it  being  h,  as  above  defined. 

When  the  i/-series  is  so  treated,  we  can  at  once  pass  from  it  to  the 
■ovseries.  Thus  the  probability,  frequency,  &c.,  of  any  x  are  the  same 
as  for  the  corresponding  y :  and  any  term  interpolated  in  the  y-series 
will  be  the  logarithm  of  the  corresponding  term  in  the  aj-series. 

1.  K  it  be  granted  that  the  Geometric  Mean  of  the  measures  is  the 
most  probable  valae  of  the  quantity  measured,  it  follows  that  measures 
which  differ  from  the  mean  have  a  probability  which  becomes  less 
as  the  discrepancy  becomes  greater,  either  in  excess  or  defect.  We 
naturally  seek  for  some  scale  which  shall  define  the  respective  proba- 
bility to  be  assigned  to  each  measure  of  any  given  series. 

Thus,  if  aj  be  one  of  the  measures,  and  a  be  the  Geometric  Mean  of  the 
whole  series,  and  if  we  can  assign  a  form  to  the  function  0,  such  that 

^1 -|  is  the  probability  of  a?,  the  curve  y=0  ( IJ  will  afford  us  (gra- 
phically) the  required  scale,  and  0(-)  will  be  the  ^^Law  of  Frequency '' 

2.  By  a  method  analogous  to  the  first  method  of  Gauss  ("  Theoria 
Motus,'*  ii,  3, 186),  it  can  be  shown  that 

0(-^B  exp.  (-7^2  log2  ?'^Be-*'0^^)'» 

where  B  and  h  are  constants.  B  is  determined  from  the  condition 
that  the  sum  of  the  probabilities  of  all  the  measures  must  be  unity ;  h 
depends  on  the  grouping  of  the  measures,  being  large  when  they  agree 
closely  and  small  when  they  are  generally  discordant ;  h  is  thus  taken 
as  a  measure  of  the  precision  of  the  series  in  general,  and  is  briefly 
called  the  *^ weight^'  of  the  series,  or  sometimes  the  '^weight"  of  the 
tnean  derived  therefrom.     (See  fig.  1.) 

Fig.  1. 


y-Bexp.(-A»log»i). 
In  forming  a  scale  of  probability,  </>\-\  which  shall  be  appli- 
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cable  to  any  series  of  measares  of  which  the  mean  and  the  weight  are 
known,  we  must  suppose  the  valne  of  0  to  be  given  (either  graphi- 
cally or  by  table)  for  all  possible  values  of  a*.  In  other  words,  we 
must  suppose  the  number  of  entries  to  be  indefinitely  great  and 
indefinitely  close  together.  It  is  clear  that  the  actual  probability  of 
any  individual  measure  becomes  in  such  a  series  infinitesimal,  though 
the  relative  magnitudes  of  any  pair  of  probabilities  remain  unaltered. 
This  is  indicated  in  the  formula  of  §2  by  the  constant  B  becoming 
infinitesimal.  To  avoid  this  inconvenience  we  are  led  to  modify  our 
original  problem,  and  ask,  not  *'  what  is  the  probability  of  a  measure 
a?  ?  "  but  "  what  is  the  probability  of  a  measure  lying  between  the 
very  close  limits  x  and  a;+&u  ?  " 

4.  From  the  principle  indicated  above,  viz.,  that  on  the  whole  there 
are  as  many  measures  less  than  the  mean  as  there  are  greater  than 
the  mean,  we  deduce  that  the  required  probability  is 


VfT  \  0,1    X 


the  constant  factor  A-r-  v  x  results  from  the  condition  that  the 
sum  of  all  the  values  of  this  function  from  a;=0  to  a;=QO  must  be 
unity.     And  it  will  be  found  that 


f'4.exp.(-Plog^f:)^=l. 
Jo  Vtt  V  a/  a; 


as  should  be  the  case. 

The  coefficient   of   hx^  viz.: — Aexp.l  —  A'log^-J-f-v/x.y,    I   have 

ventured  to  distinguish  from  the  previous  function  by  calling  it  the 
^'kLaw  of  Facility''  This  function  may  be  defined  in  words  as  "the 
ratio  which  the  chance  that  a  measure  lies  within  a  given  small 
interval  bears  to  the  magnitude  of  the  interval. 

5.  Tracing  the  curve  which  represents  the  "  Law  of  Facility,"  we 
find  that  its  form  resembles  that  of  the  curve  of  frequency,  but  that 

the  maximum  ordinate  occurs  at  aj=a  exp.  (  —  ^to-)  ^  *^®  former,  and 

of  coarse  at  x=^a  in  the  latter.  The  latter  result  implies  that  the 
mean  is  the  most  probable  value :  the  former  means  that  there  is  more 
chance  of  a  measure  lying  within  a  given  small  fraction    (Jcx)    of 

a  .  exp.  I  —  — Tg  )  than  within  the  same  small  fraction  of  any  other  value 

that  can  be  named. 

6.  We  may  graphically  represent  our  results  in  three  ways : — 

1°.  Trace  the  curve  yvx=^  exp.  (— ^^log^oj),  (the  mean  being 
taken  as  unity) .  Let  the  space  between  the  curve  and  Ox  be  the  boundary 
of  a  lamina  of  varying  density.     Take  the  density  along  the  ordinate 
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at  ,r  to  be  -.  Then  the  ordinate  at  j*  is  proportional  to  the  (in- 
finitesimal) probability  of  x,  and  the  mass  of  the  section  bounded  by 
the  ordinates  at  a?^,  x^  measnres  the  probability  of  a  measure  lying 
between  x^  and  x^.  If  we  are  dealing  with  a  very  large  number  of 
measnres,  this  mass  will  be  found  to  represent  the  number  of  measures 
which  actually  he  between  those  limits.  The  mass  of  the  lamina  is 
bisected  by  the  ordinate  at  a;=l  (fig.  2). 

Fi0.  2. 


{y  v/ir-Aexp.  (-*'log*x). 
deimity  at  a:  — -. 


J  deimity 

2°.  Regard  the  equation  yv/9r=^  exp.  {—h-\o^x)  as  that  of  a 
cylinder.  Let  it  be  cut  by  another  cylinder  zi>*=l,  at  right  angles  to 
it.  The  solid  included  between  these  surfaces  and  the  planes  ajz,  xyr 
obviously  corresponds  to  the  lamina  of  1°,  volume  being  read  for  mass 
(fig.  3).  Methods  1°  and  2°  thus  represent  in  one  figure  both  the  fire- 
quency  and  the  facility  functions. 

Fio.  3. 


("y  V  ir—Aexp.  (—Jf?\of^x) 


z.l. 

X 
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3°.  The  law  of  facility  alone  will  be  represented  by  the  cnrve 

Here  the  area  inclnded  between  any  two  ordinates,  the  cnrve,  and  the 
axis  of  X,  measures  the  probability  of  a  measure  lying  between  the 
<x>rresponding  abscissee.     The  area  of  the  cnrve  is  bisected  at  x=l, 

hut  the  maximum  ordinate  is  at  aj=exp.  (  — sts)  (%•  ^)- 

Fig.  4. 


(xtf  y/n  «=  h  exp.  ( — A*  log*  r) . 

7.  (Quetelet's  method.)  Suppose  the  measures  we  are  considering 
-to  be  a  series  of  estimates  of  the  magnitude  of  some  single  object 
(sach  as  the  depth  of  a  given  tint).  In  forming  such  an  estimate  the 
mind  is  acted  on  by  many  small  causes  tending  to  make  us  err  either 
in  excess  or  defect.  Suppose  each  small  cause  acts  in  such  a  way  as 
to  make  us  under-  or  over-estimate  in  a  fixed  ratio ;  and  as  a  particular 
case  let  this  fixed  ratio  be  the  same  for  all  the  small  causes.  If,  then, 
half  the  causes  tend  to  over-  and  half  to  under-estimation,  we 
estimate  rightly.  Our  estimate  in  any  given  case  depends  on  the  par- 
ticular combination  of  the  causes  which  has  (so  far  as  our  knowledge 
is  concerned)  fortuitously  arisen.  Let,  then,  the  number  of  causes  be 
2n,  the  fixed  ratio  a.  The  total  number  of  possible  combinations  will 
be  2**.     The  resulting  possible  ratios  are 


««»,  a^ 


t2«-3,  .  .  .  a2,  1,  «-3,  .  .  .  «-2«+2,  «-2«. 


The  chance  of  a  correct  estimate  (ratio  1)  is  by  the  theory  of  com- 
binations |2n-7-22"  \n  \n :  the  chance  of  an  estimate  bearing  a  ratio 
itt*"  to  the  truth  will  be  |2n-j-2*  \n—r  |n-|-r.  Let  now  n  become 
very  large,  and  a  very  near  to  unity;  while  r  remains  finite.     Then, 
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by  a  known  approximation,  the   chance  nltimatelj  takes  the  form 

/ —  exp.  I  — — 1.     If  we  are  asked  the  chance  of  a  ratio  »,  we  put 
vnw  \      n/ 

x=:arj  and  thus  find  log  x—r  log  a;  the  chance  required  is  then 

corresponding  to  the  law  of  frequency. 

Next  determining  the  chance  that  the  estimate  shall  lie  between 
narrow  limits  x  and  «+«',  we  find  that  we  have  to  multiply  the  above 
expression  by  x'-i-xloga.  Thus,  if  we  take  h'~^=n(\oga)^,  the  ex- 
pression agrees  exactly  with  that  already  found  for  the  law  of  facility. 
This  verification  is  interesting,  for  thoagh  it  depends  on  certain 
special  suppositions,  the  process  seems  to  throw  light  on  the  genesis  of 
the  law,  and  the  significance  of  the  modulus  h,  ' 

8.  Another  method  of  exhibiting  the  law,  suggested  by  Mr.  Gkdton's 
Method  of  Intercomparison,  is  the  following.  Let  the  series  of 
measures  be  represented  by  a  series  of  ordinates :  arrange  these  side 
by  side  at  equal  small  distances  and  in  order  of  magnitude.  Their 
extremities  will  then  lie  on  a  curve  of  contrary  flexure,  which  Mr. 
Galton  calls  an  Ogive  ;  we  may  speak  of  it  as  the  "  curve  of  distrihu- 
fion"     Its  equation  can  be  shown  to  be 


f  A  logy 

hkx=  I        e~'*  dt^eri.  (h  log  y). 


k  being  a  constant  depending  on  the  interval  between  the  ordinates  as 
they  stand  (fig.  5). 


Fio.  5. 


(hkx^eH.  (h  log  If). 

jOB-OB'-iOA. 
iBC-B'C-iOA. 
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9.  We  may  next  show  that  if  the  Arithmetic  Mean  (A.M.)  of  all  the 
measures  be  formed  then 


1      ,,      /A.MA 


This  follows  strictly  when  the  nnmber  of  measnres  is  indefinitely 
great.  It  still  gives  a  good  approximation  to  the  value  of  h  when  the 
number  is  considerable. 

10.  Among  the  measures  greater  than  the  mean  there  is  one  which 
may  be  called  middlemost :  i.e.,  such  that  it  is  an  even  wager  that  a 
measure  (greater  than  the  mean)  lies  above  it  or  below  it.  A  similar 
middlemost  measure  exists  among  those  that  are  less  than  the  mean. 
As  these  two  measures,  with  the  mean,  divide  the  curve  of  facility 
into  four  equal  parts,  I  propose  to  call  them  the  "  higher  quartUe  " 
and  the  "  lower  quartile "  respectively.  It  will  be  seen  that  they 
correspond  to  the  ill-named  "  probable  errors  "  of  the  ordinary  theory. 
If  Q,  q  be  the  quartiles  we  can  show  that 

7aog-^='47G9  .  .  .  =-Alog2, 
a  a 

#    so  that  Qq=a^,     Thus  also 

(2*06208  .  .  )=a*=^*  (1-611  .  .  ). 

Similarly  between  zero  and  lower  quartile  we  place  a  mid-measure 
which  we  call  the  **  loiaer  octile.*'  The  "  higher  octile  "  will  subdivide 
the  interval  between  the  higher  quartile  and  infinity.  If  0,  o,  be  the 
octiles,  we  have — 

0*  (•443)=a*=o*  (2-255  .  .  )  : 
as  before  Oo^a^i  and 

©'=©'-«•  •• 

It  will  be  observed  that  in  the  curve  of  distribution  Q  and  q  are 
ordinates  equidistant  from  the  mean  and  the  terminal  ordinates.  0  is 
equidistant  from  Q  and  the  asymptote. 

The  analogues  suggested  by  the  mean  error,  and  mean  square 
error,  Ac.,  of  the  ordinary  theory  have  no  very  practical  value  or 
significance  for  us.  It  will  be  remembered  that  they  are  introduced 
to  obviate  the  difficulties  arising  from  negative  errors.  In  our 
problem  these  somewhat  artificial  functions  have  no  special  place.* 

*  The  mean-square-measure  is  a  exp.  (-  -V    The  geometric  mean  of  the  measures 
1-lj. 
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The  gauges  of  the  series  given  by  the  weight  and  the  quartiles  and 
octiles  will  generally  suffice. 

11.  Let  two  fallible  measures  be  given  whose  respective  weights 
are  known,  and  let  their  product  be  formed.  This  product  will  be  a 
fallible  measure  like  its  factors.  It  can  be  shown  that  the  product  is 
subject  to  a  law  of  fsucWiij  of  the  form  already  obtained,  and  further 
that,  as  in  the  ordinary  theory,  the  weight  is  such  that  the  square  of 
its  reciprocal  is  equal  to  the  sum  of  the  squared  reciprocals  of  the 
weights  of  the  factors.  More  generally,  if  .Ti,  jca  .  .  .  be  a  series  of 
measures  whose  weights  are  lh,h^  .  .  .  ,  and  if  z  be  connected 
with  them  by  the  equation 

z=.rj'»iX{r3'*aX   .  .  .  ., 

Then  h  the  weight  of  z  is  given  by 

These  results  are  strict ;  that  which  follows  is  closely  approximate 
and  applies  to  series  whose  weight  is  not  small. 

I^t  /  («i>  Oa  .  .  .  )  be  any  function  of  the  fallible  measures 
au  a^  ,  .  .  ,  each  of  which  may  be  the  mean  of  some  considerable 
number  of  measures,  so  that  the  weights  are  respectively  Ai,  ^  .  .  . 
Required  the  weight  to  be  assigned  to  the  value  of  the  function 
obtained  from  these  fallible  values  of  its  variables.  We  are  able  to 
show  that  if  lif  be  the  weight  in  question 


hf    \i  log  aj  V     \8  log  03/  V 


12.  It  only  remains  to  establish  the  practical  method  presented  in 
§  1.     We  have 

Chance  of  a  logarithm     1  —  /       Chance  of  a  measure 
lying  between  y  and  y  +  ^y  I      \  lying  between  x  and  x  +  ex 


V 


(x\  tx__  h  2 

-A31og2-j— -— exp.  (-A2y_ioga  )cy. 


This  is  the  expression  of  the  ordinary  law  of  grouping  of  the  t/'s 
round  their  arithmetic  mean  (log  a). 

It  follows  that,  for  example,  the  number  of  ai's  between  Xr  and  a*, 
must  be  proportional  to 


4-f'''exp.(-fcV)<^y: 


this  can  be  readily  evaluated  by  means  of  the  ordinary  tables  of  the 
error-function. 

Again,  still  using  h  for  the  weight,  the  **  probable-error"  of  the 
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y-series  corresponds    to   "  qnartile "  of  the  as-series.     For,   by  the 
ordinary  theory 

A  (probable  error)  =4769  .  .  . 

.  • .  =  7i  (log  Q— log  a) 
.  • .  log  a+  prob.  error  =log  Q, 

In  words — ^the  term  which  differs  from  the  Arithmetic  Mean  by 
probable  error  in  the  ^-series  is  the  log.  of  the  qnartile  in  the  ie-series. 

We  infer  that  no  new  tables  are  necessary  for  the  practical  working- 
of  onr  method.  We  reqnire  only  the  tables  of  the  error-function  and 
of  hyperbolic  logarithms.  Of  coarse  common  logarithms  may  be 
used,  if  we  remember  to  introduce  the  appropriate  modolns  into  our 
formnlaB. 

In  conclusion,  I  desire  to  acknowledge  my  indebtedness  to  Mr. 
Galton,  not  only  for  the  suggestion  of  the  problem  I  have  here 
attempted  to  solve,  but  also  for  many  valuable  practical  hints  in  the 
working. 


XIV, 

(Received  September  19,  1879.) 

Colaba,  Bombay, 

29th  August,  1879. 
Dear  Sir, 

I  regret  that  in  my  paper  on  the  *'  Diurnal  Variations  of  the  Wind 
and  Barometric  Pressure,"  published  in  vol.  xxv,  p.  402,  of  the  **  Pro- 
ceedings of  the  Royal  Society,"  I  have  inadvertently  referred  the 
Bermuda  wind  observations  to  civil  time  instead  of  to  astronomical 
time. 

The  correction  of  this  error  shows  that  the  variation  of  the  values 
of  the  hourly  inequalities  of  the  wind  components  at  Bermuda  is  very 
much  less  during  the  hours  when  the  sun  is  above  the  horizon  than 
during  those  when  he  is  below  it,  especially  in  the  winter  half  year. 

The  calculated  barometric  variations,  depending  on  the  wind  varia- 
tions, should  also  be  referred  to  astronomical  instead  of  to  civil  time ; 
but  the  general  reasoning  of  the  paper  remains  the  same,  leaving  the 
principal  portions  of  the  variations  (viz.,  those  which  have  half  a  day 
for  their  period)  unafEected. 

(Signed)         F.  CHAMBERS. 
The  Secretary  of  the  Royal  Society. 
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November  27,  1879. 

THE  PRESIDENT  in  the  Chair. 

In  pursuance  of  the  Statutes,  notice  was  given  from  the  Chair  of 
the  ensuing  Anniversary  Meeting,  and  the  list  of  Officers  and  Council 
nominated  for  election  was  read  as  follows : — 

President. — William  Spottiswoode,  M.A.,  D.C.L.,  LL.D, 

Treasurer. — John  Evans,  D.C.L.,  LL.D. 

^       .     .    f  Professor  George  Gubriel  Stokes,  M.A.,  D.C.L.,  LL.D. 

L  Professor  Thomas  Henry  Huxley,  LL.D. 

Foreign  Secretary. — Professor  Alexander  W.  Williamson,  Ph.D.,  LL.D. 

Other  Members  of  the  Council. — G-eorge  Bask,  V.P.L.S. ;  Professor 
Arthur  Cayley,  LL.D. ;  Major-General  Henry  Clerk,  R.A. ;  Edwin 
Dunkin,  F.R.A.S. ;  Augustus  G.  Vernon  Harcourt,  F.C.S. ;  Sir 
Joseph  Dalton  Hooker,  C.B.,  K.C.S.I.;  John  Whitaker  Hulke, 
F.R.C.S. ;  Lieut.-General  Sir  J.  Henry  Lefroy,  C.B. ;  William  New- 
march,  Inst.  Pr.  Corr. ;  Professor  Alfred  Newton,  M.A.,  V.P.Z.S.; 
Professor  William  Odling,  M.B.,  V.P.C.S. ;  Sir  James  Paget,  Bart., 
D.C.L. ;  William  Henry  Perkin,  Sec.  C.S. ;  Charles  William  Siemens, 
D.C.L. ;  John  Simon,  C.B.,  D.C.L. ;  Professor  John  Tyndall,  D.C.L., 
LL.D. 

The  Presents  received  were  laid  on  the  table,  and  thanks  ordered  for 
them. 

The  following  Papers  were  read : — 


I.  **  On  the  Structure  of  Serous  Glands  in  Rest  and  Activity." 
By  J.  N.  Langley,  M.A.,  Fellow  of  Trinity  College,  Cam- 
bridge. Communicated  by  Professor  Michael  Foster, 
M.D.,  F.R.S.    Received  October  13,  1879. 

The  Parotid  Gland  of  the  Babbit 

In  yoxing  animals  portions  of  this  gland  are  sufficiently  thin  to  allow 
them  to  be  viewed  by  transmitted  light  in  their  normal  state. 

With  care  the  gland  of  a  narcotised  animal  can  be  stretched  out  and 
looked  at  without  injury  to  the  blood  circulation.  The  rapid  capillary 
current  continues  for  many  hours  shooting  around  and  between  the 
alveoli.     Stimulation  of  the  sympathetic  nerve  in  the  neck,  besides 

YOL.  xux.  2  D 
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cansing  a  secretion  in  the  glands,  produces  the  most  striking  effects  on 
the  blood  circulation ;  the  current  all  but  ceases. 

The  resting  gland  thus  viewed  shows  alveoli,  in  which  the 
boundaries  of  the  cells  are  faintly  marked  out  by  light  lines  between 
the  many  granules  that  fill  the  cells.  The  granules  stretch  from 
lumen  to  basement  membrane.  No  nuclei  are  to  be  seen  in  the 
alveoli,  nothing  but  a  mass  of  not  very  refractive  granules  with  an 
indistinct  network  of  light  lines  which  mark  the  separate  cells. 

The  secreting  gland  similarly  viewed  strikes  the  eye  at  once  as  being 
much  more  transparent ;  with  a  low  magnifying  power,  the  iobnles 
even  when  thick,  are  no  longer  the  dense  dark  masses  of  the  resting 
gland.  With  a  Zeiss  D  or  E  objective,  it  is  seen  that  this  is  caused  by 
the  disappearance  of  the  granules  at  the  outer  part  of  the  alveoli,  the 
part  near  the  basement  membrane.  The  later  the  stage  of  secretory 
activity,  the  larger  the  non-granular  clear  zone.  It  is  however  only  in 
the  earlier  secretory  stages  that  the  clear  portion  is  in  the  form  of 
a  ring  in  section,  later  the  clear  zone  dips  down  at  fairly  regular 
intervals  towards  the  lumen.  The  granules  thus  acquire  a  star- 
like arrangement.  This  comes  about  in  the  following  manner: — As 
secretion  goes  on,  the  cells  draw  away  from  one  another  slightly  at  the 
lumen,  and  at  their  sides  contiguous  to  the  lumen  (perhaps  because 
they  are  there  being  used  up)  :  so  that  the  lumen  can  be  more  or  less 
distinctly  seen  with  short  prolongations  running  out  between  the 
cells ;  at  the  same  time  the  granules  disappear  more  rapidly  from  the 
interior  than  from  the  periphery  of  the  cells,  hence  the  granules  become 
arranged  in  a  clump  at  the  luminar  margin,  and  stretch  out  from  this 
some  little  distance  along  the  cell  sides. 

The  rather  troublesome  method  given  above  is  not  necessary  for 
the  observation  of  the  living  condition  of  the  tissue ;  small  pieces  cut 
out  and  mounted  without  the  addition  of  fluid  preserve  for  a  short 
time  very  closely  their  normal  appearance.  If  to  such  a  specimen 
any  of  the  ordinary  indifferent  fluids  be  added,  the  gpitnules  become 
more  highly  refractive,  and  later  a  thorough  alteration  takes  place  in 
the  cells,  the  granules  originally  present  to  a  large  extent  at  any  rate 
disappear  and  others  are  formed. 

A  veiy  satisfactory  and  economical  method  of  noting  the  changes 
which  take  place  in  the  gland  during  secretion,  is  to  narcotise  an 
animal  and  then  to  snip  out  small  bits  from  various  parts  of  the  gland 
at  different  stages  of  sympathetic  stimulation  or  pilocarpin  injection. 
The  alveoli,  at  first  granular  throughout,  become  less  and  leas  so,  until 
hardly  any  granules  are  to  be  seen.  At  this  later  stage  very  litUe 
saliva  can  be  obtained. 

The  cells,  during  the  process  of  losing  their  granules,  become 
much  smaller ;  the  reparation  is  not  sufficient  to  cover  the  waste. 

I  may  remark  that  it  does  not  necessarily  happen  that  eveiy  hungij 
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rabbit  has  parotid  alveoli  throughout  granular,  the  secretion  is  not 
solely  dependent  on  feeding,  but  in  whatever  stage  the  glands  are  at 
the  beginning  of  an  experiment,  they  become  less  granular  after 
having  been  made  to  secrete. 

I  have  said  that  the  changes  can  be  seen  either  after  sympathetic 
stimulation  or  after  injection  of  pilocarpin.  This  is  noteworthy,  since 
Heidenhain,*  dealing  with  alcohol-hardened  specimens,  failed  to 
observe  any  of  the  changes  after  pilocarpin  injection,  which  he  could 
obtain  by  stimulation  of  the  sympathetic  nerve. 

The  appearances  in  the  gland  described  above  are  not  observed  in 
alcohol- hardened  specimens. 

It  wUl  be  remembered  that  Heidenhain  describes  the  secreting 
gland  as  being,  in  alcohol  specimens,  more  granular  than  the  resting ; 
this  depends  on  the  relative  amounts  of  cell  substances  soluble  and 
insoluble  in  alcohol. 

Treated  with  osmic  acid  and  subsequently  with  alcohol  the  gland 
has  a  markedly  different  appearance  in  the  resting  and  active  state. 

In  the  resting  state  the  alveolar  cells  viewed  with  a  Zeiss  F  have 
a  close-meshed  network  throughout.  The  nuclei  are  fairly  apparent, 
evenly  stained,  rather  compressed,  and  peripherally  placed.  With 
Zeiss  D  the  cells  appear  densely  granular. 

In  the  active  state  the  punctated  look  caused  by  a  network  and  in- 
terfibrillar  substance  of  differing  staining  power  is  absent,  the  cells 
stain  fairly  evenly  throughout,  thus  the  nuclei  are  with  diflBculty  seen ; 
they  are  spherical,  and  are  placed  more  in  the  middle  of  the  cell. 

The  Parotid  Qland  in  the  Bog,  Gat,  and  Bat. 

In  these  animals  the  account  given  above  of  the  resting  and  active 
states  in  the  main  holds.  A  more  prolonged  secreting  activity  is, 
however,  necessary  to  produce  the  clear  zone  and  star  arrangement  of 
the  granules. 

In  a  former  paper  t  I  have  mentioned  that  when  just  sufficient 
atropin  to  paralyse  the  secretory  nerves  is  injected  into  the  blood,  the 
paralysing  effect  can  be  antagonised  and  a  slight  secretion  obtained 
many  times  in  succession  by  injecting  small  quantities  of  warm  pilo- 
carpin into  the  duct.  I  was  curious  to  observe  if  the  secretion 
obtained  by  repeatedly  antagonising  the  atropin  effect  would  produce 
the  secretory  change.  The  experiment  was  tried  on  a  cat,  and  with  a 
positive  result,  the  granules  at  the  periphery  of  the  alveoli  disappeared, 
a  clear  zone  was  formed. 

In  the  dog  few  observers  have  seen  any  saliva  follow  stimulation  of 
the  sympathetic  nerve.     Heidenhain  J  obtained  only  now  and  then  a 

•  Pfluger.    "  Arch.  f.  d.  Ges.  Physiologie,"  Bd.  xrii,  p.  45, 1878. 
t  Foster.   "  Journal  of  Phyeiologj,**  vol  i,  p.  356, 1878. 
J  Op.  cU.,  p.  29. 
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drop  or  two;  he  found,  nevertheless,  that  the  stimulation  caused  a 
marked  change  in  the  histological  characters  of  the  gland.  This  I 
have  tried  in  one  dog  only ;  then  stimulation  of  the  sympathetic  a 
little  below  the  superior  cervical  ganglion  caused  a  flow  of  saliva,  slow 
indeed,  but  sufficiently  distinct.  Stimulation  about  one  minute  out  of 
every  two  to  three  minutes  gave  in  three  hours  1'3  cub.  centims.  of 
saliva.  This  is  not  a  great  quantity,  but  the  quality  of  the  saliva  was 
most  remarkable,  it  was  a  thick  jelly;  if  the  result  of  successive 
stimulations  were  allowed  to  collect  in  the  cannula,  the  whole  came 
out  in  a  cohering  clot.  From  time  to  time,  indeed,  it  was  found 
necessary  to  clear  the  duct  by  squeezing  the  clotted  saliva  out  of  it. 
The  saliva  was  kindly  analysed  for  me  by  Mr.  Waters,  of  Christ's 
College.  It  contained  8*477  per  cent,  of  solids,  of  which  7'803  per 
cent,  was  organic  matter. 

It  is  possible,  though  I  think  very  improbable,  that  in  stimulating 
the  sympathetic,  Jacobson's  nerve  was  stimulated  reflexly,  and  hence 
the  apparent  presence  of  secretory  fibres  in  the  sympathetic.  The 
highest  percentage  of  solids  obtained  by  Heidenhain*  by  combined 
stimulation  of  the  sympathetic  and  Jacobson's  nerve  was  2  82  percent. 

The  gland  examined  fresh  showed  a  beginning  clear  zone,  often  only 
seen  as  a  thinning  of  granules  at  the  periphery ;  after  a  larger  amount 
of  saliva  had  subsequently  been  obtained  by  pilocarpin  injection  the 
clear  zone  became  more  marked. 

The  Sub-maxillary  Oland  of  the  Babbit. 

In  the  fresh  state  this  has  one  very  characteristic  point,  the  transition 
cells  are  crowded  with  large  conspicuous  granules.  The  outlines  of 
the  ductule  or  transition  cells  apart  from  these  granules  are  quite  un- 
recognisable, they  appear  as  patches  and  bands  much  darker  than  the 
surrounding  gland  substance.  Some  of  the  cells,  which  from  their 
shape  would  be  called  ductule  cells,  certainly  contain  similar  granules, 
though  they  are,  I  am  inclined  to  believe,  absent  from  the  ductule 
cells,  springing  immediately  from  the  ducts.  The  absence  of  cell  out- 
lines and  the  difficulty  of  obtaining  thin  sections  of  the  fresh  gland 
makes  a  decision  on  this  point  dimcult  to  arrive  at. 

The  alveoli  are  clearer  than  in  the  parotid ;  they  contain  granules 
not  so  refractive  and  rather  smaller  than  those  in  the  parotid.  I  have 
been  unable  in  the  animals  of  varying  age  with  which  I  have  worked 
to  find  any  constant  difference  in  hunger  and  digestion,  exceptions  to 
what  I  regard  as  the  rule  being  all  too  frequent.  The  rule  is,  I  think, 
mainly  from  experiments  on  stimulation  of  the  sympathetic  and  in- 
jection of  pilocarpin,  that  during  secretion  the  granules  disappear 
from  the  outer  portion  of  the  cells.     The  exceptions  I  have  spoken  of 

•  Op.  cU.,  p.  80. 
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were  the  following : — In  some  adult  rabbits  in  digestion  the  clear  zone 
was  very  doubtfully  apparent ;  in  some  young  rabbits  in  hunger  there 
were  distinctly  two  zones,  and  in  one  or  two  of  adult  and  young 
sympathetic  stimulation  produced  but  very  little  effect. 

Nussbaam  •  found  that  the  transition  cells  stained  black  with  osmic 
acid,  whilst  the  alveolar  cells  were  but  lightly  coloured.  His  con- 
clusion from  this  that  the  transition  cells  formed  the  ferment  was 
contested  by  me  t  on  the  ground  that  if  the  gland  were  treated  with 
alcohol  before  treating  with  osmic  acid,  the  transition  cells  did  not 
stain  black,  and  that  it  was  highly  improbable  that  the  ferment  had 
been  dissolved  by  alcohol.  Nussbaum,  in  a  later  paper,  J  upholds  his 
opinion  and  rejects  my  argument  on  the  ground  that  he  can  obtain  a 
substance  from  the  gland  which  is  insoluble  in  alcohol,  and  which  yet 
does  stain  black  with  osmic  acid,  this  substance  being  the  ferment. 

It  is  a  matter  easy  to  decide ;  a  fresh  gland  is  placed  in  absolute 
alcohol  for  twenty-four  hours;  sections  are  made  and  placed  in 
osmic  acid  one  per  cent,  for  the  time  mentioned  by  Nussbaum, 
viz.,  two  hours,  and  examined.  The  whole  has  a  yellowish-brown 
tint,  the  transition  cells  are  but  a  trifle  more  deeply  stained  tliaii 
the  alveolar  cells;  they  have  to  be  looked  for  instead  of  striking 
the  eye  in  the  manner  they  do  when  the  ^land  is  treated  with  osmic 
acid  first  and  alcohol  afterwards.  A  stay  of  twenty-fours  in  the  acid 
does  not  materially  alter  the  appearances.  It  is,  perhaps,  hardly 
necessary  to  bring  forward  my  original  argument;  for  numerous 
later  experiments  have  shown  me  that  the  prominence  of  the  transition 
cells  and  their  depth  of  tint  depend  on  the  subsequent  treatment 
with  alcohol  rather  than,  on  the  prior  treatment  with  osmic  acid.  The 
gland,  placed  in  osmic  acid  one  per  cent,  and  that  only,  for  two 
hours,  has  the  ducts  darkest  stained,  the  transition  cells  are 
slightly  deeper  in  tint  than  the  alveolar  cells,  mainly  because  the  former 
are  evenly  stained  throughout,  whereas  the  latter  are  not;  both  are 
yellowish- brown.  One,  two,  or  even  more  days  do  not  make  the 
transition  cells  conspicuous.  But  if,  after  two  hours  in  osmic  acid,  the 
glands  are  placed  in  dilute  alcohol  60  to  75  per  cent,  for  twenty- 
four  hours,  sections  show  the  brown-black  clumps  of  the  transition 
cells  scattered  amongst  the  much  lighter- coloured  alveoli.  The  ducts 
are  in  this  case  equally  or  even  less  dark  than  the  transition  cells. 
If  alcohol  be  used  absolute  instead  of  diluted,  the  appearances  are 
similar,  bat  in  the  first  day  or  two  at  any  rate,  less  marked. 

In  other  glands,  too,  I  have  found  that  the  selective  staining  of 
osmic  acid  is  best  brought  out  by  subsequent  treatment  with  alcohol. 

The  resting  and  active  glands  treated  with  osmic  acid  and  alcohol 

•  Max  SchUltze.   "Arch.  f.  Mik.  Anat.,"  Bd.  xui,  p.  724,  1877. 

t  Foster.     "  Journal  of  Phjsiology,"  vol.  i,  p.  68,  1878. 

J  Max  Schultze.    **  Arch.  f.  Mik.  Anat.,"  Bd.  xri,  p.  643, 1879. 
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show  differences  similar  to  those  described  above  for  the  parotid  under 
similar  circumstances.  In  early  digestive  stages,  however,  the  granules 
appear  sharper  and  more  refractive,  the  distinctness  of  the  cell  net- 
work depends  largely  on  the  alcohol  treatment. 

I  can  confirm  the  observations  of  Bermann*  on  the  presence  of  a 
**  tubular  gland  "  in  the  sub-maxillary  of  the  rabbit.  The  large  lumen 
and  small  cubical  epithelium  of  the  majority  of  the  tubes  do  not 
suggest  that  it  has  any  important  secretory  function. 

Hie  Infraorbital  arid  Lachrymal  Glands  of  the  Babbit. 

In  these  glands  the  two  zones  in  the  secretory  condition  are  even 
more  conspicuous  than  in  the  parotid.  Even  more  readily  too  than  in 
parotid  can  lobules  thin  enough  for  observation  be  obtained. 

In  different  animals  the  alveoli  may  be  granular  throughout,  or 
may  have  a  more  or  less  distinct  outer  non-granular  zone.  But 
whichever  condition  occurs  the  granules  can  always  be  diminished  by 
setting  up  a  secretion  with  pilocarpin.  A  similar  change,  I  think,  too* 
occurs  on  stimulation  of  the  sympathetic. 

These  glands  are  distinguished  from  the  parotid  and  sub-maxUlary 
by  preserving  fairly  their  normal  aspect  after  osmic  acid  and  alcohol 
treatment.  The  resting  gland  is  not  unlike,  in  chief  features,  the 
resting  parotid ;  the  network  is  particularly  obvious. 

When  a  clear  zone  is  present  in  the  fresh  state  it  stains  easily  with 
osmic  acid,  showing  ordinarily  no  network ;  with  a  small  non-grannlar 
zone  the  granular  zone  appears  as  a  network  in  the  preserved  specimen, 
as  the  former  increases  the  latter  appears  more  granular  and  less  as  a 
network.  In  iewitivity  the  nuclei  become  spherical,  move  towards  the 
middle  of  the  cells,  and  become  less  conspicuous. 

Eecalling  what  has  been  said  of  the  parotid  and  sub-maxillary 
glands,  it  will  be  seen  that  in  these,  ^s  well  as  in  the  inlraorbital  and 
lachrymal  glands,  the  alveolar  cells  in  the  secreting  condition  stain 
much  more  homogeneously  with  osmic  acid  than  they  do  in  the 
resting  condition.  In  the  two  latter  glands  the  homogeneous  staining 
corresponds  in  extent  with  the  clear  zone  of  the  fresh  specimen,  in 
the  parotid  this  is  to  a  slight  extent  only  the  case,  in  the  sub- 
maxillary gland  scarcely  at  all.  I  am  inclined  to  think  that  by  a 
modified  use  of  osmic  acid,  the  normal  appearances  in  all  these  glands 
may  bo  more  nearly  preserved  than  is  commonly  the  case,  though, 
undoubtedly,  a  great  part  of  the  divergence  mentioned  above  in  their 
behaviour  in  the  secretory  state,  depends  on  a  chemical  difference  in 
the  substances  broken  down  and  re-formed. 

The  investigations,  of  which  the  foregoing  is  a  brief  account,  were 
carried  on  in  the  Physiological  Laboratory  of  the  University  of 
Cambridge. 

•  "  Uober  die  Zusammensetxung  der  Glandula  Submaxillapis."    WupxbuPR,  1878. 
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II.  "  On  the  Changes  in  Pepsm-forming  Glands  during  Secre- 
tion." By  J.  N.  Langley,  M.A.,  Fellow  of  Trinity  College, 
Cambridge,  and  H.  Sewall,  B.Sc,  Fellow  of  the  Johns 
Hopkins'  University,  Baltimore,  U.S.A.  Communicated  by 
Professor  Michael  Foster,  M.D.,  F.R.S.  Received  Oc- 
tober 13, 1879. 

The  (Esophageal  Glands  of  the  Frog.     (Rana  temporaria.) 

In  a  frog  three  to  four  days  after  food  the  acini  of  the  oesophageal 
glands  in  the  living  state  are  granular  throughout,  and  so  thickly 
granular  that  the  outlines  of  the  alveoli  are  but  faintly  indicated,  the 
outlines  of  the  cells  not  at  all  seen,  nor  are  there  any  indications  of 
nuclei. 

Shortly  after  food  is  given,  the  granules  thin  away  at  the  peri- 
pheries of  the  alveoli  and  so  render  the  alveolar  outlines  more 
obvious.  This  thinning  proceeds  so  rapidly  that  in  a  few  hours  there 
is  a  well-marked  clear  zone  in  the  outer  part  of  each  alveolus,  the 
part  nearest  the  basement  membrane. 

Later  the  clear  zone  becomes  larger,  the  granular  zone  becoming 
smaller,  but  as  the  clear  zone  enlarges  it  ceases  to  forin  in  section  a 
ring,  it  dips  down  into  the  granular  zone  at  intervals,  or  in  other 
words,  the  cells  in  using  up  their  stored  granules  do  not  all  use  them 
up  at  the  same  rate,  some  are  more  energetic  than  others,  so  that  the 
granular  zone  takes  in  section  a  somewhat  star  shape.  In  addition  to 
this,  the  star-form  of  the  granular  zone  is  aided  by  the  granules 
along  the  margins  being  less  readily  used  up  than  those  in  the 
interior  of  the  cells. 

Nuclei  are  as  little  seen  in  the  digesting  as  in  the  resting  gland. 
The  glands  having  then  as  digestion  goes  on  got  rid  of  a  large  number 
of  their  granules,  proceed  to  form  others  as  digestion  ceases.  The 
clear  spaces  between  the  points  of  the  star  are  filled  up,  and  the  clear 
zone  forms  granules  from  within  outwards,  until  the  granules  once 
more  extend  to  the  basement  membrane. 

An  indication  of  the  changes  taking  place  in  the  alveoli  of  the 
glands  can  be  seen  in  the  oesophagus  itself  with  the  unaided  eye ;  in 
a  hungry  frog  the  oesophagus  is  an  opaque  white,  in  a  digesting  frog 
it  is  greyer  and  more  transparent. 

Frogs  in  an  ill  state  of  health  do  not  show  the  full  granular  con- 
dition characteristic  of  the  hungry  frog,  the  granules  are  much  less 
numerous,  and  often,  indeed,  do  not  extend  to  the  basement  mem- 
brane; with  these,  however,  as  with  healthy  frogs,  the  granules 
diminish  during  digestion. 

The  granules  we  have  hitherto  spoken  of  may  be  called  "  central " 
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granules,  to  distinguish  them  from  others  which  occur  immediatelj 
beneath  the  basement  membrane.  These  "border"  granules  are 
smaller  •  and  more  highly  refractive ;  they  occur  usually  in  small 
clumps. 

The  points  mentioned  above  as  observable  in  the  fresh  tissue,  can 
also  in  the  main  be  observed  in  glands  treated  first  with  osmic  acid 
and  then  with  alcohol.  There  are  one  or  two  things  to  be  noticed  in 
sections  of  glands  so  treated.  The  border  granules  stain  more  deeply 
and  readily  than  the  central  granules.  The  mucous  cell  granules 
have  disappeared,  the  cells  present  the  usual  characters  of  a  mucous 
cell  in  hardened  specimens.  In  the  resting  gland  the  nuclei  are 
generally  hidden;  in  the  digesting  gland  the  nuclei  are  large,  spherical, 
situated  in  the  clear  zone,  with  faint  outlines ;  the  nucleolus  is  deeply 
stained  and  prominent.  In  the  digesting  there  are  fewer  obvious 
mucous  cells  than  in  the  resting  gland. 

Nussbaum*  has  made  some  observations  on  the  glands  treated  with 
osmic  acid ;  it  will  be  noticed  that  we  differ  from  him  in  almost  every 
respect. 

Swie9ickit  found  the  glands  after  treatment  with  alcohol,  to  be, 
in  the  digesting  state  as  a  rule,  larger,  more  granular,  and  better 
staining.  The  greater  granulation  here  obviously  only  means  that  in 
the  digesting  state  there  is  a  greater  amount  of  substance  precipi table 
by  alcohol  in  the  granular  condition.  The  cells  when  alive  are  less 
granular  during  digestion. 

Partsch, J  working  also  with  hardened  specimens,  found  the  glands 
to  increase  in  size  as  they  secreted,  but  only  for  the  first  5 — 10  Lours. 

Whilst  not  prepared  to  deny  that  an  increase  of  size  may  in  the 
first  stages  take  place,  we  have  failed  to  observe  it,  and  are  inclined 
to  think  that  as  the  granules  are  used  up,  there  is  a  steady  diminution 
in  the  size  of  the  glands. 

Comparing  Grutzner*s§  observations  on  the  amount  of  ferment 
present  in  the  glands  in  hunger  and  digestion  with  our  own  on  their 
varying  granular  state,  we  find  that  the  ferment  diminishes  during 
digestion  as  do  the  granules.  For  this  and  other  reasons  we  are 
inclined  to  consider  the  granules  as  stored  up  cell  products  which,  on 
suffering  molecular  re-arrangement,  give  rise  amongst  other  substances 
to  the  proteid  ferment. 

Nussbaum  also  holds  this,  ascribing  however  both  to  granules  and 
ferment  a  different  maximal  time.  We  cannot  agree  with  Nussbaum's 
view  that  the  depth  of  staining  with  osmic  acid  tells  the  amount  of 
ferment  unless  perhaps  it  is  restricted  much  more  than  he  is  inclined 

•  Max  Schiiltze.    "Arch.  f.  Mik.  Anat."    Bd.  xiii,  p.  746, 1877. 
t  PflUger.    •*  Arcbiv  f.  d.  Ges.  Phyaiologie,"  Bd.  xui,  p.  444,  1876. 
t  Max  Schiiltze.    "  Arch,  f .  Mik.  Anat."    Bd.  xiv,  p.  179,  1877. 
§  Pflugep.     '*  Arch.  f.  d.  Gea.  Physiologie,"  Bd.  iri,  p.  122,  1877. 
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to  restrict  it.     On  Mb  view  it  appears  to  ns  the  border  rather  than 
the  central  granules  should  be  connected  "with  the  ferment. 

TJis  Gastric  Olands  of  the  Newt  (Triton  Tasniatus). 

In  the  newt  the  glands  were  observed  through  the  muscular  coat  of 
the  stomach,  with  a  rapid  capillary  circulation  still  going  on. 

Twenty-four  hours  after  feeding,  the  glands  of  the  fundus  are 
thickly  granular  throughout;  about  three  hours  after  feeding,  the 
maximal  change  takes  place ;  it  corresponds  in  the  main  to  that 
already  described  for  the  oesophageal  glands  of  the  frog.  In  the  newt 
the  lumina  and  cell  outlines  become  more  conspicuous,  the  clear  zone 
is  generally  less  sharply  marked  off  from  the  granular  zone ;  and  the 
star  arrangement  of  the  granules  is  apparently  only  caused  by  the 
presence  of  granules  along  the  lateral  margin  of  the  cells  after  those 
in  the  interior  have  disappeared. 

The  glands  recover  their  granular  appearance  comparatively  quickly ; 
in  six  hours  after  feeding,  the  granules  have  usually  again  crept  up 
to  the  periphery,  they  then  increase  in  number  throughout  the  cells 
up  to  about  the  twenty-fourth  hour.  Later  than  this  they  diminish 
somewhat,  in  six  days  the  peripheries  of  the  glands  have  become 
more  sparsely  populated.  It  is  at  this  period  that  digestion  changes 
are  most  readily  observed. 

The  pyloric  glands  are  clear,  or  very  6nely  granular,  changes  in 
tbem  would  be  much  less  conspicuous,  in  such  observations  as  we 
have  made ;  we  have  seen  no  difference  in  the  hungry  and  digesting 
states. 

In  Triton  cristatus  the  digestive  changes  are  of  the  same  nature,  but 
much  less  pronounced. 

The  Oastric  Olands  of  SticJdehack  (Gasteropodus  trispinatus  ?) 

We  chose  the  stickleback  mainly  for  its  voracity,  there  is  seldom 
any  difficulty  in  feeding  it. 

In  the  gastric  glands  of  the  hungry  fish,  the  granules  thin  away 
somewhat  from  the  centre  to  the  periphery,  the  lumina  are  incon- 
spicuous ;  three .  to  five  hours  after  feeding  the  lumina  are  much 
larger,  the  gp^nules  are  aggregated  about  it  leaving  a  peripheral  clear 
rim,  the  glands  are  more  unequal  in  size,  some  having  lost  more 
granules  and  diminished  more  in  size  than  others. 

The  Oastric  Olands  of  Mammals, 

Examining  in  the  fresh  state,  the  glands  of  the  fundus  of  the  dog,  cat, 
or  rat,  we  find  that  the  body  of  each  gland  is  marked  out  sharply  into 
two  parts.  A  central  part  near  the  Inmen,  consisting  of  many  rather 
large  sharp  granules,  these  granules  form  a  central  mass,  which  here 
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and  there  branches  out  to  the  periphety,  no  cell  outline  at  all  can  be 
seen.  A*  peripheral  very  finely  granular  almost  homogeneous  part. 
■  The  necks  of  the  glands  are  finely  granular,  with  scattered  small 
dark  granulat  patches.  By  treatment  with  33  per  cent,  potash  and 
other  re-agents,  it  can  be  seen  that  the  dark  granules  are  contained  in 
the  chief-cells ;  the  outer  finely  granular  or  clear  portion  of  the  glands 
being  the  border-cells.  At  the  outer  border,  the  outlines  of  the  border- 
cells  can  be  well  seen ;  at  the  junctions  of  the  cells,  however,  the 
outlines  disappear.  No  nuclei  are  visible.  The  small  dark  granular 
patches  in  the  necks  of  the  glands  are  found  to  be  also  the  chief-cells 
which  are  here  and  there  scattered  amongst  the  border-cells. 

The  pyloric  glands  in  the  fresh  state  are  fairly  transparent,  finely 
gi*anular  to  homogeneous.  The  lumina  are  usually  distinct,  and  often 
stretch  up  between  the  cells ;  apart  from  this  no  cell  outlines  are  visible. 
No  nuclei  are  to  be  seen. 

Heidenhain*  described  correctly  the  appearance  of  the  fresh  fnndus 
glands ;  except  that  he  mentions  the  nuclei  of  the  border-cells  as  being 
normally  just  visible. 

Ebstein,t  I  think,  implies  that  the  pyloric  glands  are  normally  not 
coarsely  granular. 

Yet  Heidenhain,  Ebstein,  Griitzner,  and  others,  who  advocate  ihe 
identity  of  the  chief-cells  with  the  pyloric  gland  cells,  do  not  seem  to 
have  noticed  the  difference  existing  between  the  two  cells  in  the 
fresh  state.     The  difference  is,  however,  most  marked. 

The  above  description  is  of  the  chief-cells  in  the  resting  state.  If 
the  glands  are  observed  a  few  hours  after  a  hungry  animal  has  been 
fed,  the  central  granular  mass  in  the  body  of  the  gland  is  found  to 
have  very  much  diminished.  A  transverse  section  instead  of  showing 
a  thick  mass  of  granules  stretching  here  nearly,  there  quite  to  the  peri- 
phery, show  a  narrow  rim  or  star  of  granules. 

During  secretion  then  the  granules  of  the  chief-cells  are  used  up. 

The  stomach  of  the  rabbit  deserves  especial  consideration.  It  may 
be  divided  into  four  portions,  each  in  succession  graduating  into  the 
next. 

1.  The  Fundus  or  dilatation  at  the  cardiac  end  of  the  stomach.  This 
is  to  the  eye  of  an  opaque  white  colour.  The  body  of  each  gland 
shows  comparatively  few  border-cells,  but  consists  mainly  of  a  darkly 
granular  mass  of  chief- cells. 

2.  The  Greater  Curvature,  This  is  to  the  eye  somewhat  pink;  in 
fresh  specimens  scarcely  any  dark  granules  are  to  be  seen.  In  passing 
from  the  fundus  to  the  greater  curvature,  the  number  of  dark  granules 
gradually  diminishes,  at  first  being  confined  more  and  more  to  the 

•  Max  Schiiltze.     «  Arch.  f.  Mik.  Anat."    Bd.  vi,  p.  868, 1870. 
t  P.  516, 1870. 
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deeper  parts  of  tlie  glands  than  those  also  taking  a  thin  rim  or  star 
arrangement. 

3.  The  Lesser  Curvature,  The  glands  here  have  the  character  given 
above  for  pyloric  glands. 

4.  The  Pylorus.  The  glands  are  simply  shallow  depressions  of  the 
mncoiLs  membrane,  and  are  still  more  transparent  than  the  glands  of 
the  smaller  cnrvatnre. 

In  hunger  the  opaque  thickly  granular  region  encroaches  on  the 
greater  curvature. 

In  digestion  the  granules  diminish,  beginning  at  the  opaque  part 
near  the  greater  curvature,  so  that  the  opaque  thickly  granular  region 
is  more  and  more  limited  to  the  extremity  of  the  fundus. 

As  far  as  concerns  the  diminution  of  the  coarse  granules  of  the 
chief-cells  during  digestion,  this  is  but  a  repetition  of  what  we  have 
already  said  of  the  dog,  cat,  and  rat.  The  point  of  additional  interest 
is  this.  Sections  of  alcohol-hardened  fragments  of  the  greater  curva- 
ture show  that  here,  as  well  as  in  the  fundus,  there  are  a  large  number 
of  chief -cells.  Probably  no  one  examining  such  sections  of  the  greater 
curvature  would  consider  them  as  other  than  typical  fundus  glands 
with  chief-cells  and  border-cells.  Yet  the  former  cells  in  the  fresh  state 
do  not  contain  the  coarse  granules  characteristic  of  chief-cells. 

Deferring  for  a  moment  the  consideration  of  this,  we  would  mention 
some  experiments  we  have  made  on  the  amount  of  ferment-content  of 
the  various  parts  of  the  rabbit's  stomach. 

Equal-sized  pieces  of  the  mucous  membrane  of  a  rabbit  were  taken 
and  put  in  absolute  alcohol.  A.  From  the  fundus.  B.  From  the 
greater  curvature.  C.  From  the  smaller  curvature,  including  part  of 
the  pylorus.  These  were  kindly  tested  for  ferment  by  Mr.  Sheridan 
Lea,  of  Trinity  College,  both  by  the  ordinary  digestive  method  and  by 
Oriitzner's  colorimebric  method.  The  result  was  that  A  contained 
more  ferment  than  either  B  or  C ;  B  and  C  contained  a  not  very 
different  amount,  B  rather  more  than  C. 

Now  A  contained  border-cells  and  coarsely  granular  chief-cells ;  B 
contained  more  border-cells  than  A,  but  chief- cells  with  scarcely  any 
coarse  granules ;  C  contained  only  pyloric  cells,  with  possibly  here 
and  there  a  solitary  border-cell. 

Hence  the  part  with  the  pre-eminently  large  number  of  border- cells 
offered  hardly  appreciably  more  pepsin  than  the  part  containing  few, 
if  any ;  the  conclusion  that  the  border-cells  do  not  form  pepsin  appears 
to  us  unavoidable. 

Moreover  a  comparatively  very  large  amount  of  pepsin  was  con- 
tained in  the  part  of  the  mucous  membrane  with  a  densely  granular 
chief-cell.  This,  we  think,  is  enough  to  connect  the  ferment  with 
these  granules ;  in  this  opinion  we  are  confirmed  by  the  result  of  the 
following  experiment.     Two  rabbits  of  the  same  breed,  and  in  all 
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respects  as  mucli  as  possible  alike,  were  taken ;  one  was  killed  hungry, 
i.e.,  twenty-four  hours  after  feeding,  the  other  in  full  digestion  some 
b — 6  hours  after  a  plenteous  meal.  The  gastric  mucous  membrane 
showed  the  usual  difference  to  the  unaided  eye  and  to  microscopical 
examination ;  equal-sized  pieces  were  removed  from  as  near  as  possible 
a  corresponding  position  of  the  fundus  of  each  animal.  They  were 
tested  by  Mr.  Lea  for  ferment,  the  resting  more  granular  piece  was 
found  to  possess  a  not  inconsiderably  greater  ainount  of  ferment  than 
the  active  less  granular  piece.  We  may  recall  that  Griitzner  found 
the  amount  of  ferment  to  diminish  during  digestion. 

There  is  one  other  fact  which  leads  us  to  connect  the  chief-cell  gra- 
nules with  the  ferment ;  in  protracted  hunger  the  chief-cell  granules, 
instead  of  increasing  diminish,  as  we  have  mentioned  above,  occurs  in 
the  newt ;  according  to  GriitzDer,  in  protracted  hunger,  the  ferment- 
content  of  the  gastric  mucous  membrane  diminishes. 

To  return  to  the  consideration  of  the  meaning  of  the  finely  gra- 
nular chief-cells  of  the  greater  curvature.  These  differ  but  little, 
histologically,  from  the  pyloric  gland  cells.  Both  form  pepsin.  Such 
close  similarity  in  form  and  function  justify  us  in  considering  tliem  to 
be  fundamentally  the  same  kind  of  cell.  How,  then,  do  they  stand 
related  to  the  coarsely  granular  chief -cells  ?  The  distinguishing  features 
of  the  latter  are  their  coarsely  granular  appearance  and  their  large 
ferment-content ;  in  an  extreme  digestive  stage  these  features  become 
much  less  conspicuous.  We  are  led,  then,  to  think  that  the  coarsely 
granular  chief-cells  are  but  a  more  highly  developed  form  of  tlie  cells 
found  in  the  other  parts  of  the  stomach  as  the  finely  granular  chief- 
cells  and  pyloric  gland  cells. 

The  greater  curvature  of  the  rabbit  probably  corresponds  to  the 
intermediary  portion  of  the  stomachs  of  dog,  cat,  and  rat. 

It  will  be  noticed  that  in  the  main  we  advocate  Heidenhain's  views, 
objecting,  however,  to  the  statement  that  the  chief-cells  and  the  pyloric 
gland  cells  are  identical,  since  their  normal  appearance  is  so  strikingly 
different. 

The  investifjfations,  of  which  the  foregoing  is  a  brief  account,  were 
carried  on  in  the  Physiological  Laboratory,  Cambridge. 


III.  "Report  on  Phyto-Palaeontological  Investigations  of  the 
Fossil  Flora  of  Sheppey."  By  Dr.  Constaxtix  Baron 
Ettingshausen,  Professor  in  the  University  of  Graz, 
Austria.  Communicated  by  Professor  Huxley,  Sec.  ILS. 
Received  November  3,  1879. 

One  of  the  most  important,  if  not  the  most  important,  locality  for 
the  Eocene  Flora  of  Great  Britain,  and  perhaps  of  the  tertiai-y  forma- 
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tion  generally,  is  the  London  Clay  of  the  Isle  of  Sheppey,  in  which  are 
found  great  numbers  of  plant  remains  belonging  to  many  different 
kinds  of  fossil  fmits  and  seeds.  After  an  examination  of  the  rich 
collection  in  the  British  Museum,  I  feel  now  sure  that  we  possess,  in 
the  fmits  and  seeds  of  Sheppey,  the  key  to  a  more  precise  determina- 
tion of  many  of  the  genera  and  species  of  fossil  plants  which  in  other 
localities  are  known  only  by  their  leaves. 

The  literature  of  the  Sheppey  fruits  is  not  very  extensive ;  a  detailed 
account  of  all  the  works  relating  to  it  is  published  in  Mr.  Grardner*s 
"Introduction  to  our  Monograph  on  the  British  Eocene  Flora." 
PalsBontographical  Society,  1879,  p.  11.  The  only  work  on  this 
subject  with  scientific  determinations,  and  which  need  here  be  referred 
to,  was  published  in  the  year  1840  by  James  Scott  Bowerbank,  and  is 
entitled  "  A  History  of  the  Fossil  Fruits  and  Seeds  of  the  London 
Clay."  He  enumerates  twelve  genera,  which  are  divided  by  him  into 
nine  families.  The  genera  are  as  follows :  Nipadites,  Hightea,  Petro- 
philoides,  Cupressinites,  Cupanoides,  Tri carpel lites,  Wetherellia,  Cucu- 
mites,  Faboidea,  Leguminosites,  Mimosites,  Xulinosprionites.  Of  these 
only  one  (Nipadites),  belongs  to  the  Monocotyledons  and  one  (Cupres- 
sinites) to  the  Gymnosperma9,  while  the  rest  are  Dicotyledons. 

I  am  now  able  materially  to  advance  the  knowledge  of  this  Flora. 
Since  my  investigations  in  tlie  course  of  the  winter  1878-9,  at  the 
British  Museum,  I  have  ascertained  that  the  Fossil  Flora  of  Sheppey 
contains,  including  those  above  mentioned,  at  least  72  genera  and 
200  species,  which  may  be  distributed  into  41  families.  Of  these 
genera  one  belongs  to  the  Thallophyta,  7  to  the  Gymnospermee,  18  to 
Monocotyledons,  43  to  the  Dicotyledons,  and  3  are  indeterminable. 

The  existence  of  this  Flora  and  generally  of  the  Eocene  Flora  of 
Great  Britain  required,  we  believe,  at  least,  a  sub-tropical  climate.  This 
is  indicated  by  many  of  the  ferns  and  palms,  and  by  the  Musacesd, 
Pandanee,  Cinchonacesd,  LoganiacesB,  Sapotacead,  Ebenacees,  Biittneria- 
ceae,  SapindacesB,  &c. 

Some  only  of  the  fossil  fruits  and  seeds  of  Sheppey  can  be  placed 
in  living  genera,  but  with  regard  to  the  rest,  forming  a  considerable 
port  of  these,  it  was  impossible,  notwithstanding  a  cai-eful  comparison. 
I  therefore  assume  that  some  of  the  fruits  and  seeds  belong  to  genera 
which  no  longer  exist  in  the  present  Flora  of  the  world.  In  several  of 
these  extinct  genera,  however,  I  recognise  their  affinity  with  living 
genera,  or  at  least  determine  the  family  to  which  they  belong.  I  have 
expressed  this  in  the  name  of  the  genus.  But  with  many  even  that 
was  impossible,  and  these  I  have  placed  in  the  meantime  under  the 
provisional  name  Carpolithes.  It  is  an  important  fact  that  the 
number  of  such  extinct  forms  is  relatively  much  larger  than  it  is  in 
any  of  the  already  known  Miocene  Floras.  I  have  also  discovered 
fruits,  but  chiefly  leaves  belonging  to   many  of  the  genera  of  the 
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Sheppey  Flora  in  the  Fossil  Floras  of  Bonmemonth  and  Alum  Bay  in 
the  collections  of  the  British  Museum,  and  that  of  Mr,  John  Starkie 
Gardner,  indicating  that  in  age  these  are  not  far  removed.  It  is  well 
known  that  the  Sheppey  Flora  preceded  the  other  two.  The  genera 
which,  I  feel  sure,  are  common  to  Sheppey  and  Bournemouth  are : 
SphaBria,  Sequoia,  Cyperites,  Smilax,  Sahal,  Inartea,  Aronium, 
Quercus,  Juglans,  Liquidambar,  Proteoides,  Laurus,  Nyssa,  Cinchoni- 
dium,  Apocynophyllum,  Sapotacites,  Diospyros,  Magnolia,  Acer, 
Sapindus,  Cupania,  Eugenia,  Eucalyptus,  Metrosideros,  Bauhinia. 

I  believe  that  even  some  species  of  these  genera  are  the  same 
in  both  Floras.  It  is  surely  probable  that  the  fruits  and  seeds  of 
Sheppey  were  related  to  the  leaves  found  at  Bournemouth  and  Alum 
Bay ;  and  it  would  be,  therefore,  undesirable  always  to  propose  separate 
specific  name^  for  the  related  fossils  found  in  these  different  localities. 

Among  the  plant-fossils  of  Bournemouth  and  Alum  Bay  I  also 
found  many  leaves  which  I  could  not  class  with  existing  genera. 
There  is  probability  that  these  partially  correspond  with  the  extinct 
fruit-  and  seed-genera  of  Sheppey. 

Before  I  enumerate  the  genera  and  species  of  the  Fossil  Flora  of 
Sheppey,  I  have  to  remark  as  follows : — 

Amongst  the  Sheppey  fossils  are  now  and  then  found  fragments  of 
the  basis  of  the  leaf  of  a  palm,  probably  of  Sabal  major.  On  such  a 
fragment  I  found  the  apothecia  of  a  Splueria.  Of  the  Oymnosperms 
of  Sheppey  there  were  found  fruits  and  seeds  of  the  Sequoia  Bower- 
bankii,  also  fragments  of  twigs.  The  seeds  of  the  Cupressinete  and 
Abietineffi  had  lost  their  wing-like  expansions,  which  shows  that  the 
fruits  and  seeds  of  Sheppey  were  carried  some  distance  in  water,  con- 
sequently their  delicate  membranous  wings  were  injured  and  broken 
ofE  by  rubbing.  There  are  therefore  no  perfect  winged  fruits  and 
seeds  to  be  found.  In  fact,  even  the  firmer  wings  of  the  Aoer-froit 
have  been  entirely  lost,  and  it  is  impossible  to  determine  the  species 
of  the  Acer-nucules,  which  remain. 

The  appearance  of  the  Salisburia  seeds  is  interesting.  They  are 
very  remarkable  for  their  sharp,  prominent  edge.  The  easily- 
determinable  leaves  of  this  genus  have  not  as  yet  been  found  in  the 
Eocene  Flora  of  Great  Britain. 

The  Agave  is  indicated  by  a  valve  of  fruit ;  Smilax,  of  which  leaves 
are  not  unfrequently  found  at  Bournemouth,  is  indicated  by  a  berry. 
Of  Musa,  of  which  only  leaves  had  as  yet  been  found,  there  are 
seeds.  Of  Ainomum,  two  kinds  of  fruit  have  been  found.  These 
have  hitherto  been  mistaken  for  smaller  fruits  of  the  Nipadites.  Of 
particular  interest  are  the  many  species  of  palms.  The  fruits  and 
seeds  of  some,  for  instance,  Sabal  major,  Trinax  Bowerb&nkii,  Eleis 
oocenica,  Iriartea  striata,  Livistona  eocenica,  have  been  found.  Of  the 
Sabal  and  Iriartea  the  leaves  are  found  at  Bournemoutk.     The  Elesis 
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eocenica,  the  most  common  palm. of  the  Sheppej  Flora,  is  nearly 
allied  to  the  E.  melanococca,  and  the  Liyistona  eoceniea  to  the  L. 
chinensis. 

I  do  not  yet  know  whether  the  Aroidea  seed,  which  I  have  placed  in 
Aroninm,  might  be  nnited  with  the  Aroidea  leaf  of  Boamemonth. 
On  the  other  hand,  I  think  it  is  very  .likely  that  some  of  the  kinds  of 
oak  fruits  correspond  with  some  of  the  kinds  of  oak  leaves,  which  are 
to  be  met  with  at  Boamemonth.  Two  of  the  Bournemouth  species  are 
also  found  in  the  Miocene  Flora,  and  one  of  these,  Quercus  Lonchitis, 
also  in  other  Eocene  Floras. 

A  small  nut  shows  all  the  characters  of  the  Corylus,  which  is  found 
in  the  Miocene  Flora.  The  absence  of  the  Fagus  is  very  remarkable, 
as  two  kinds  of  leaves,  which  can  only  belong  to  this  genus,  have  been 
found  in  Bournemouth.  Fagus  is  frequently  found  in.  the  Miocene 
and  Post- Tertiary  formations,  and  also  in  the  Cretaceous  formation, 
and  I  believe,  therefore,  that  it  may  still  be  found  in  Sheppey. 

The  Liquidambar-fruit  of  Sheppey  may  belong  to  the  same  species 
as  the  inflorescence  of  Liquidambar,  which  I  found  amongst  the  fossils 
of  Bournemouth.  The  Laurus-berry,  which  I  have  found  amongst 
the  Sheppey  fruits,  is  placed  by  me  in  Laurus  Lalages,  the  leaves  of 
which  have  been  not  only  found  in  Bournemouth,  but  also  in  the 
Austrian  Eocene  (Sotzka,  Heering),  where  they  occur  associated  with 
l^erries. 

The  occurrence  of  a  species  of  Nyssa,  I  think,  may  be  also  accepted 
for  the  Bournemouth  strata.  Of  the  Proteacess,  besides  Petrophiloides, 
a  seed  belonging  to  the  ProtesB  occurs,  perhaps  corresponding  with 
tl^e  leaf  which  I  have  seen  among  the  fossils  of  Alum  Bay.  In  Bourne- 
mouth and  Alum  Bay  were  found  the  seeds  of  some  other  ProteacesB 
which  are  not  in  Sheppey,  as  they  have  delicate  wings.  Some  of  the 
cones  referred  by  Bowerbank  to  Petrophiloides  belong  to  Sequoia. 

The  Gamopetalas  are  represented  by  many  genera,  of  which  almost  all 
appear  also  in  the  Miocene  Flora.  The  fruit  of  Cinchonidium  of  Sheppey 
and  the  leaves  of  a  species  of  Cinchonidium  from  Bournemouth  may 
belong  together.  I  accept  the  same  for  the  Apocynophyllum  fruit  of 
Sheppey  and  the  corresponding  leaf  of  Bournemouth.  This  last 
accords  in  all  its  characters  with  A.  Reussi,  which  also  appears  in  the 
fossil  Flora  of  Sagor.  But  I  have  not  found  up  to  the  present  time,  in 
the  Eocene  Flora  of  G-reat  Britain,  any  leaf  belonging  to  the  charac- 
teristic genus  Strychnos,  the  seeds  of  which  are  met  with  at  Sheppey. 

Of  the  Sapotace®  there  are  two  species  of  seeds,  which  perhaps  cor- 
respond with  two  species  of  Sapotaceaa  leaves  of  the  Bournemouth 
Flora.  One  of  these  extends  throughout  in  the  Tertiary  Flora ;  the 
other,  on  the  contrary,  seems  to  be  peculiar  to  the  Eocene  Flora. 
Also  peculiar  to  this  Flora  are  two  species  of  Diospyros,  which  are 
common  both  to  Sheppey  and  Bournemouth. 


Digitized  by 


Googk 


392  Baron  Ettingshausen.  [Nov.  27, 

The  species  of  Symploeos  is  common  to  Sheppey  and  Sagor.  In 
these  two  localities  the  putamen  of  this  species  were  found.  In  cor- 
responding abundance  are  represented  the  Dialypetalae.  They  are 
specially  characteristic  of  the  Eocene  Flora  in  general,  and  of  the 
Sheppey  Flora  in  particular.  To  the  first  belong  Magnolia  eocenica, 
Eugenia  eocenica,  Sapindus  eocenicus,  Metrosideros  microcarpa,  and 
Bauhinia  primigenia,  whose  leaves  or  fruits  are  to  be  found  associated 
together  in  Boamemouth.  To  the  last  belong  the  genera  Menisperm- 
acites,  Victoria,  Thlaspidium,  Corchorites,  Theobroma,  Lawsonia; 
the  species  Illicium  Apollinis,  Nelumbium  microcarpum,  Cucumites 
Sheppyensis,  Cotoneaster  Sheppyensis,  Prunus  prisca  and  Druidnm, 
Amygdalus  eocenica,  and  Sporadum,  Podogonium  Sheppyense,  Ac. 
Belonging  also  to  other  Eocene  Floras  and  to  the  Miocene  Flora  we 
have  here  only  the  Dialypetalous  plants,  Nelumbium  Buchii,  and  Euca- 
lyptus oceanica. 

Amongst  the  fruits  and  seeds  of  Sheppey  we  find  also  some  species 
of  herbaceous  or  tender  plants  whose  leaves  wo  aid  not  be  preserved 
in  the  Tertiary  strata.  To  these  belong  the  seeds  of  Solanites  elegans, 
Menispermites  abutoides,  Cacumites  Sheppyensis,  the  fruits  of  Thlaspi- 
dium ovatum,  and  of  the  Corchorites  species. 

In  conclusion  I  desire  to  express  my  thanks  to  the  Royal  Society 
for  the  important  assistance  it  has  rendered  me  by  the  granU 
from  its  funds  by  which  I  have  been  enabled  to  prosecute  my  investi- 
gations in  England ;  and  for  personal  assistance  in  this  work  I  desire 
to  record  my  indebtedness  to  Sir  Joseph  Hooker,  Dr.  Henry  Wood- 
ward, Dr.  William  Carruthers,  and  Mr.  John  Starkie  Gardner. 

The  descriptions  and  illustrations  of  the  species,  here  enumerated, 
will  appear  in  the  Monograph  now  in  course  of  publication  by  the 
Palaeontographical  Society. 

Genera  and  Species  of  the  Fossil  Fruits  and  Seeds  of  Sheppey. 

Thallophtta. 
Sphffiria  Flabellaria.    JSU.  and  Gard, 

GymnospebhjB. 

Cupresnnea. 

CalUtris  curta.    Bowerh.  tp.  Solenostrobus  semiplotus.     Bowerh.  $p. 

(Syn.  Cupressinites.     c.  Bowerh.)  (Syn.  Cupressinites.     #.  Bowerb.) 

Callitris  comptoni.    Bowerh.  ep.  Hybotbja  crassa.     Bowerh,  ap. 

(Syn.  Cupressinites.    c.  Bowerh.)  (Syn.  Cupressinites.     c.     Bowerh.) 

Solenostrobus  subangulatus.  Bowerh.  tp.  Capressinites  globosus.         Bowerh, 

(Syn.  Cupressinitetf.    t.  Bowerh.)  „  elongatus.  „ 

Solenostrobus  corrugatus.     Bowerh.  ep.  „  recurrafeus  „ 

(Syn.  Cupredsinitos.    c.  Bowerh.)  „  subfusiformis.      „ 

Solenostrobus  sulcatus.     Bowerh.  tp. 

(Syn.  Capressinites.    t.  Bowerh.) 
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AhieHnetB, 
Sequoia  Bowerbankii.     EH.  and  Gard,  (Sjn*  PetropHiloides  oellularis.   Bim. 

(Sjn.  Petrophiloides  Biohardsoni.  „  „  ellipticus.     „  ) 

Bowerh,  PinuB  Sheppjensis.    Ett,  and  Qard, 

„       Petrophiloides    ojlindiicTiB. 
Bawtrh.) 

Taxinem. 
Salisboria  eooenioa.    Ett,  and  Gard. 

MON0COTYUBI>ONBS. 

Cifperacem, 
pTperites  eocenicos.    Ett,  and  Gard, 

Liliacem. 
AgaTo  eocenica.    Ett.  and  Gard, 

8milace€B, 
Smilax  prifltina.    Ett,  and  Gard, 

Najadea. 
Caulinites  Sheppyensii.    Ett.  and  Gard, 

Mutacea, 
MuBa  eocenica.    Ett.  and  Gard. 

Zingiber  acecB. 
Amomum  Sheppyense.  Ett,  and  Gard,    Amomum  stenocarpum.     Ett,  and  Gard. 

Pandanea. 
Nipa  Bortini.    Brongn.  tp,  Nipa  lanceolata.    Bovoerb.  sp, 

(Sjn.  Nipadites  umbonatus.  Botoerb.  (Sjn.  Nipadites.     I.  Bawerb.) 

„         crassus.  „        Nipa  Parkinsonis.     Brongn,  tp. 

„         oordiformifl.       ,,  (Syn.  Nipadites  P.    Bowerb. 

„  pruniformis.       „  „  turgidus.    Bowerb. 

„         aoutus.  „        Nipa  semiteres.     Bowerb.  sp. 

„         olayatus.  „  (Sjn.  Nipadites.    e.    Bowerb. 

„         giganteus.  ,,     )  ,,      pjramidalis.  Bowerb.) 

Nipa  elliptica.    Bowerb.  ep. 

(Sjn.  Nipadites.    e.  Bowerb.) 

Palmm. 

OenocarpuBSheppjensis.  Ett.  and  Gard,  Sabal  Dian®.    Ett.  and  Gard. 

Aieca  prisoa.    Ett.  and  Gard.  Chsmeerops  borealis.    Ett.  and  Gard. 

„      reoentior.    Ett.  and  Gard.  Trinax  Bowerbankii.    Ett.  and  Gard. 
Iriaiiea  striata.     Ett.  and  Gard.  Tar.  «.  globosa. 

yy       punctata.     Ett.  and  Gard.  var.  jS.  elliptica. 

Liriatona  eocenica.     Ett.  and  Gard.  Bactris  priflca.    Ett.  and  Gard. 

Sabal  major.     Ung.  Asterocarjum  Europfcum.  Ett.  and  Gard. 

„    Brjadum.    Ett.  and  Gard.  EUeis  eocenica.    Ett.  and  Gard. 

t,    Oreadum.    Ett.  and  Gard. 

Aroidea, 
Aronium  eocenicum.    Ett,  and  Gard, 
VOL.  XXIX.  2   E 
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DiCOTYLBDOKES. 
APETALfi. 

QaercoB  Loncbitis.     Ung.  QuercuB  oooenica.     "EtU  and  Gard. 

„      drymeja.     Ung.  Corylus  primigenia.    Stt.  amd  Oard, 

Juglandem. 
Juglans  eocenioa.    Ett,  and  Ocwd, 

Euphorhiacem, 
Euphorbiophjllum  eocenicum.     Ett.  and  Gard. 

Balsamiftua, 
Liquidambar  eocenicum.     Ett,  and  Oard, 

Proteacea. 
Petropbiloides  imbricatus.    Bowerh.         Petropbiloldes  OYifonnis.    Bowerb. 

,,  oonoideus.  ,,  Proteoides  bisiilcatus.    Ett,  and  Gard. 

Lanrinem. 
Laurus  Lalages.     Ung. 

Nyctaginea. 
"Sysaa  eocenica.    Ett.  and  Gard. 

Gamopbtalje. 

Cinchonace€B. 
Cincbonidium  priscum.    Ett.  and  Gard, 

Loganiacea. 
Strycbnofl  TJrani.    Ett.  and  Gard. 

Apocgnacea. 
ApooynophyUum  Sbeppyenae.    Ett.  and  Gard. 

8ol<in€tce<B. 
Solanites  elegans.     Ett.  and  Gard. 

Sapotace<B. 
Sapotacites  Mimusops.    Ett.  Sapotacites  cbrysopbylloides.      Ett.   and 

Gard. 

Ebenacea. 
Piospyros  eocenica.    Ett.  and  Gard.        Diospyros  Pleadum.    Ett.  and  Gard. 

Sgmplocea. 
Symplocos  radobojana.     Ung, 

DiAXYPETAL*. 

MenispermaeecB. 
Menispermacites  abutoides.    Ett. 

Magnoliacea. 
Magnolia  eocenica.    Ett.  and  Gard.  Illicium  ApoUinis.    Ett.  and  Gard. 
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Cruciferm, 
Thiaspidium  ovatum.     Eit.  and  Oard, 

Nymphaeacem, 
Nelumbium  Buchii.    Ett  Victoria  Sheppyensis.    Ett.  and  Gard, 

„  miorocarpuin.      Ett.  and  „      Najadam.    Ett.  and  Oard. 

Gard. 

Oucurbitacem. 
Cucumites  Sheppjensis.    Ett.  and  Gard. 

EUttneriacea. 
Thcobroma  Nimrodis.    Ett.  and  Gard.     Theobroma  Zoroastri.    Ett.  amd  Gard. 

MaltacetB. 

Hightea  elliptica.     Boioerb.  Higbtea  oviformiB.  Bowerb. 

(Sjn.  Hightea  attenuata.    Bowerb.  ,,      turbinata.  „ 

„       fusiformis.        „       )  „      orbicularis.        „ 

Hightea  elegans.     Bowerb,  „      minima.  „ 

„      inflata.  „  „      turgida.  „ 

Tiliacea. 
Apeibopsis  TariabiliB.    Bowerb.  ep.  Corchorites  quadrioostatus.  Ett.  and  Gard. 

(Syn.  Oacomites.     r.  Bowerb.)  „         quinquecostatus.      Ett.    and 

Gard. 

Acerinea. 
Acer  sp.  adhnc  indeterminata. 

Sapindacea. 

-Sapindos  eoceiiicus.    Ett.  and  Gard.  Cupania  corrugata.      Bowerb.  sp. 
Cupania  lobata.     Bowerb.  sp.  (9j^*  Cupanoides.     c.  Bowerb.) 

(Syn.  Cupanoides.     I.  Bowerb.)  Cupania  grandis.     Bowerb.  ep. 
-Cajmnia  snbangulata.     Bowerb.  sp.  i^T^'  Cupanoides.    ^.  Bowerb.) 

(Syn.  Cupanoides.     s.  Bowerb.)  Cupania  inflata.    Bowerb.  sp. 
•Cupania  tumida.    Bowerb.  sp.  (Syn.  Cupanoides.     i.  Bowerb.) 

(Syn.  Cupanoides.    t.  Bowerb.)  Cupania  pygmsea.    Bowerb.  sp. 
•Cupania  depressa.    Bowerb.  sp.  (■^Ji^*  Cupanoides.    p.  Bowerb.) 

(Syn.  Cupanoides.    d.  Bowerb.) 

MyrtacetB. 
Eugenia  eocenica.    Ett.  and  Gard.  Metrosideros  microcarpa.    Ett.  and  Gard. 

Eucalyptus  ooeanica.     Ung. 

LythrariecB. 
Lawsonia  EuropsML    Ett.  and  Gard, 

Bomacea. 
Cotoneast'Cr  Sheppyensis.    Ett.  and  Gard. 

Amygdalea, 
Prunus  prisca.    Ett.  and  Gard.  Amygdalus  eocenica.     Ett.  and  Ckird. 

„      Druidum.    Ett.  and  Gard.  „  Sporadum.    „  „ 

2b2 
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Podogonium  Sheppyense.  Ett.  and 

Bauhinia  primigenia.  „ 
Faboidea  longiuscula.      Bawerb. 

crassa.  „ 

crassicutis.  ,, 

planidona.  „ 

symmetrica.  „ 

plana.  ,, 

marginata.  ,, 
semicurrilinearis.  ,, 

larga.  „ 

complanata.  „ 

subdisca.  „ 

oblonga.  „ 

ovata.  „ 

TeDtricosa.  „ 

robusta.  „ 

pinguiB.  „ 

subrobusta.  „ 

planimeta.  ,, 

quadrapes.  „ 

bifalcis.  ,, 

tenuis.  „ 

subtenuis.  „ 

rostrata.  ,. 


Papilionacetp. 

Oard.    Faboidoa  doliformis.     Bowerb, 
f,  ♦,        acuta.  „ 

„        angustissima.     £tt.  and  Gard. 
Leguminositcs  suboratus.  Bowerb. 

„  oras8U8. 

,f  elegans. 

„  rotundatus. 

„  longissimoB. 

„  gracilis. 

,r  enormis. 

„  dimidiatus. 

„  lentiformis. 

„  planus. 

„  lobatus. 

,y  inconstans. 

„  reniformis. 

„  curtus. 

if  subquadrangularis. 

„  a>quilateTalis. 

,,  trapeziformis. 

„  cordatus. 

Xulinosprionites  latus. 

„  zingiberiformis. 

Mimoeites  Brownianus. 


Wetherellia  variabilis. 
Tricarpellites  communis. 

patens. 

curtus. 

crassus. 

gracilis. 

aciculatns. 

rugosus. 
Carpolitlies  zizypboides. 

hydrophylloides.  „ 
metrosideroidos.  „ 
colletioides.  ,, 

Nimrodis.  „ 

populoidcs.  „ 

bispermus.  „ 

amygdaloides.  „ 
caryopsiformis.  „ 
tcnue-punctatus.  „ 
radiato-punctatus.  „ 
Terrucosus.  „ 

Morrisii.  „ 

Zoroastri. 
brjcooides.  „ 


PlAKTJ?   INCBBTiG   8EDI8. 

Bowerb. 


Carpolithes  reticulate- rugosus.  Eil.if  Oar^ 

)T                            M  affinis.  ,, 

ff                           jy  Atlautidis.  ,, 

„                           „  nyssseformis.  „ 

„                           „  Napsarum.  „ 

,,                            ,y  foUiculiformis.  „ 

„                            ,,  brevicristatus.  „ 

„                            ,,  crueiferinus.  „ 

Etf:  4'  Gar.            „  franguloides.  „ 

„          „                ,,  websterioides.  „ 

yy                             „                                              ,y  diSCifOnUiS.  y, 

y,          ,«                „  muBffiformis.  „ 

I,          y,                ,y  punctato-striatus.  „ 

y,                          ,y                                          yy  BUlCatUS.  yy 

„          „                ,y  costatus.  „ 

„          „                ,,  caryotoides.  „ 

,y          „                yy  biocculatus.  „ 

pluriocculatus.  „ 

„  lineatus.  „ 

„  breyiangidatus.  „ 

„  circomscriptus.  „ 

„  .•<ubalatus.  ,, 
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IV.  "  A  Memoir  on  the  Single  and  Double  Theta-Fnnctions." 
By  A.  Cayley,  F.R.S.,  Sadlerian  Professor  of  Pure  Mathe- 
matics in  the  University  of  Cambridge.  Received  Novem- 
ber 14,  1879. 

(Abstract.) 

The  theta-f unctions,  although  arising  historically  from  the  elliptic 
functions,  may  be  considered  as  in  order  of  simplicity  preceding  these, 
and  connecting  themselves  directly  with  the  exponential  function 
(e*  or)  exp.  x:  viz.,  they  may  be  defined  each  of  them  as  a  sum  of  a 
series  of  exponentials,  singly  infinite  in  the  case  of  the  single  functions, 
donbly  infinite  in  the  case  of  the  double  functions,  and  so  on.  The 
number  of  the  single  functions  is=4 ;  and  the  quotients  of  these,  or  say 
three  of  the  functions,  each  divided  by  the  fourth,  are  the  elliptic  func- 
tions, sn,  en,  dn :  the  number  of  the  double  functions  is  (4'=)  16 ;  and 
the  quotients  of  these,  or  say  fifteen  of  the  functions,  each  divided  by  the 
jsixteenth,  are  the  hyper-elliptic  functions  of  two  arguments  depending 
on  the  square  root  of  a  sextic  function :  generally  the  nnmbor  of  p-tuple 
theta-functions  is  =4^ ;  and  the  quotients  of  these,  or  say  all  but  one  of 
the  functions,  each  divided  by  the  remaining  function,  are  the  Abelian 
functions  of  p  arguments  depending  on  the  irrational  function  ij 
defined  by  the  equation  F(»,  2/)=0  of  a  curve  of  deficiency  p.  If 
instead  of  connecting  the  ratios  of  the  functions  with  a  plane  curve, 
we  consider  the  functions  themselves  as  coordinates  of  a  point  in  a 
•(4' — 1)  dimensional  space,  then  we  have  the  single  functions  as  the 
four  coordinates  of  a  point  on  a  quadriquadric  curve  (one-fold  locus) 
in  ordinary  space :  and  the  double  functions  as  the  sixteen  coordinates 
of  a  point  on  a  quadriquadric  (two-fold  locus)  in  15-dimensional  space, 
the  deficiency  of  this  two-fold  locus  being  of  course  =2. 

The  investigations  contained  in  the  first  part  of  the  present  memoir, 
although  for  simplicity  of  notation  exhibited  only  in  regard  to  the 
donble  functions,  are  in  fact  appb'cable  to  the  general  case  of  the 
jj- tuple  functions :  but  in  the  main  the  memoir  relates  only  to  the 
single  and  double  functions ;  and  the  title  has  been  given  to  it 
accordingly.  The  investigations  just  referred  to  extend  to  the  single 
functions ;  and  there  is,  it  seems  to  me,  an  advantage  in  carrying  on 
the  two  theories  simultaneously  up  to  and  inclusive  of  the  establish- 
ment of  what  I  call  the  product-theorem :  this  is  a  natural  point  of 
jseparation  for  the  theories  of  the  single  and  the  double  functions 
respectively.  The  ulterior  developments  of  the  two  theories  are  indeed 
x^losely  analogous  to  each  other ;  but  on  the  one  hand  the  course  of  the 
single  theory  would  be  only  with  difficulty  perceptible  in  the  greater 
<;omplexity  of  the  double  theory  ;  and  on  the  other  hand  we  need  the 
single  theory  as  a  guide  for  the  course  of  the  double  theory.     I  ac- 
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cordingly  stop  to  point  out  in  a  general  manner  the  course  of  the 
single  theory ;  and  in  connexion  with  it,  but  more  briefly,  that  of  the 
double  theory;  and  I  then,  in  the  second  and  third  parts  respec- 
tively, consider  in  detail  the  two  theories  separately ;  first,  that  of  the 
siiii^le  functions,  and  then  that  of  the  double  fanctioDS.  The  para- 
graphs of  the  memoir  are  numbered  consecutively. 

The   definition  adopted   for  the   theta-functions  differs  somewhat 
from  that  which  is  ordinarily  used. 


V.  *'  On  the  Spectra  of  Sodium  and  Potassium."  By  G.  D, 
Liveing,  M.A.,  F.R.S.,  Professor  of  Chemistry,  and  J. 
Dewar,  M.A.,  F.R.S.,  Jacksonian  Professor,  University  of 
Cambridge.     Received  November  20,  1879. 

In  the  course  of  our  observations  on  the  reversal  of  the  spectra  of 
metals,  we  have  many  times  had  occasion  to  observe  the  spectra  of 
sodium  and  potassium,  and  have  noticed  that  they  have  been  imper- 
fectly described.  M.  Lecoq  de  Boisbaudran  describes  them  more  com- 
pletely than  anyone  else  ;  but  as  seen  in  the  electric  arc  in  one  of  the 
crucibles  described  by  us  in  connexion  with  the  reversals,  there  are  in 
each  spectrum  several  additional  lines,  which  make  the  whole  far  more- 
regular  and  symmetrical  than  they  appear  in  his  account.  These 
additional  lines  are  seen  in  the  arc  given  by  a  battery  of  25  Grove's- 
cells  as  well  as  in  that  given  by  a  dynamo-electric  machine.  They 
show  best  in  a  long  arc,  and  as  the  vapours  conduct  well  it  is  easy  to- 
draw  out  the  arc  of  25  cells  to  the  length  of  an  inch  or  more.  We 
have  generally  used  carbonates  of  the  metals,  sometimes  chlorides. 

In  the  case  of  sodium  we  have  already  noticed  ("  Proc.  Roy.  Soc./' 
vol.  xxviii,  p.  478)  that  the  pair  of  lines  next  more  refrangible  than  D 
(which  we  may  for  convenience  call  the  third  group)  are  accompanied 
by  a  fainter  pair  on  their  more  refrangible  side.  Lecoq  de  Boisbaudran 
notices  one  only  of  these  faint  lines.  By  micrometer  measurements  of 
their  distances  from  their  brighter  companions,  we  have  deduced  the 
wave-lengths  5673*6,  5668*6,  for  this  pair.  A  line  closely  correspond- 
ing to  the  latter  of  these  lines  is  to  be  found  in  Kirchhoff*s  map  of 
the  Solar  Spectrum  (1165-2). 

The  next  pair  of  lines,  or  fourth  group  (5155,  5152),  are  sharply 
defined,  and  have  no  other  line  close  to  them ;  but  the  bright  green 
pair,  or  fifth  group  (4983,  4982),  are  diffuse  lines,  usually  seen  as  a 
band  but  noted  by  Lockyer  to  be  a  double  line,  and  have  a  third 
line  on  their  more  refrangible  side,  of  which  we  find  the  wave- 
length  to  be  4980*5.  We  feel  sure  that  there  ought  to  be  a  fourth 
line  in  this  group,  but  have  never  been  able  to  detect  it.  It  is- 
possible  that  two  of  the  four  lines  may  overlap,  and  so  appear  as  one ; 
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bnt  the  reversal  of  the  brighter  pair  of  the  group  seems  to  miHtate 
against  such  a  supposition,  as  the  third  line  has  not  been  seen  re- 
versed.    It  is,  however,  much  fainter  than  the  other  two. 

The  sixth  group  consists  of  a  pair  of  lines  sharply  defined,  for  which 
we  have  found,  by  measurements  of  their  distances  from  some  bright 
manganese  lines  in  their  neighbourhood,  the  wave-lengths  4751*4, 
4747*5.  The  first  only  of  this  pair  is  described  by  Leooq  de  Bois- 
baudran.  We  have  not  seen  either  of  them  reversed,  but  there  are 
lines  in  the  solar  spectrum  which  correspond  closely  to  them  and  may 
therefore  reasonably  be  attributed  to  sodium. 

The  seventh  group  is  a  pair  of  lines  with  diffuse  edges,  which  we 
have  seen  reversed  as  fine  dark  lines  in  the  middle  of  the  diffuse  blue 
bands.  For  these  we  deduced  the  wavelengths  4667*2,  4663'7.  The 
first  only  is  described  by  Lecoq  de  Boisbaudran,  and  he  assigns  to  it 
the  wave-length  4670.  By  putting  some  titanic  oxide  into  the  cmcible 
the  titanium  line  4666*5  was  seen  between  the  sodium  lines,  and  we 
have  no  doubt  that  it  is  sodium  which  gives  the  winged  appearance  to 
the  corresponding  ray  in  the  solar  spectrum.  The  ray  4663*5  in  the 
"  normal  solar  spectrum  "  is  probably  the  other  ray  of  this  pair,  as  the 
difference  between  the  wave-length  of  this  and  that  found  by  us  is 
within  the  limits  of  error  in  our  measurements  of  such  diffuse  lines. 

The  eighth  group  is  a  more  sharply  defined  pair,  for  which  by 
measurement  of  their  distances  from  neighbouring  barium  lines  we 
deduced  the  wave-lengths  4543*6,  4540*7.  The  lines  4543*9,  4540*2 
in  the  *'  normal  solar  spectrum  "  probably  represent  this  pair. 

The  ninth  group  is  again  a  diffuse  pair  for  which  we  deduced,  by 
measurements  from  two  bright  manganese  lines  near  them,  the  wave- 
lengths 4496*4,  4494*5.  These  are  too  diffuse  for  very  exact  measure- 
ment, but  a  bright  line,  which  we  could  not  certainly  recognise  as  the 
manganese  line  4495,  appears  nearly  coincident  with  the  more  re- 
frangible of  them.  Lines  nearly  corresponding  to  these  are  in  the 
solar  spectrum. 

The  tenth  group  is  again  a  more  sharply  defined  pair,  for  which,  by 
measurements  from  calcium  and  iron  lines,  we  found  the  wave-lengths 
4423, 4419*5.  The  lines  26567,  2664-9  of  Kirchhoff's  map  of  the  solar 
spectrum  may  represent  this  pair. 

The  eleventh  group  is  a  very  diffuse  pair,  sometimes  seen  as  a  con- 
tinuous band  dividing  as  the  sodium  evaporates,  for  which  we  found 
the  wave-lengths  about  4393,  4390.  There  is  a  line  corresponding  to 
the  former  in  the  "  normal  solar  spectrum,"  and  Kirchhoff's  line  2709*6 
may  represent  the  latter. 

The  twelfth  group  is  a  diffuse  but  narrow  band,  which  we  have  not 
seen  divided.  The  middle  of  it  has  a  wave-length  about  4343,  very 
nearly  coincident  with  a  line  which  we  took  to  be  an  iron  line,  and 
rather  more  refrangible  than  a  chromium  line  4344*5. 
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The  thirteenth  group  is  a  diffuse  broad  band  nearly  bisected  by  the 
iron  line  4325. 

The  snccessiye  groups  become  fainter  and  more  diffuse  as  they  ai*e 
more  refrangible,  at  the  same  time  the  distance  between  successive 
groups  diminishes.  Their  positions  are  shown  on  the  accompanying 
diagram  to  a  scale  of  wave-lengths.  It  is  worthy  of  note  that  every 
alternate  group  is  much  more  sharply  defined  than  the  others.  More- 
over, it  is  only  the  diffuse  groups  (3)  (5)  (7)  which  show  reversal 
except  the  first  group,  in  the  orange,  which,  however,  is  more  difficult 
oi  reversal  than  the  others.  The  whole  series,  exclusive  of  D,  looks 
very  like  repetitions  of  the  same  set  of  vibrations  in  a  harmonic  pro- 
gression ;  the  first  (visible)  term  consisting  of  the  six  vibrations 
represented  by  the  orange  pair  (6160,  6154)  and  the  four  lines  of 
group  (3)  ;  the  next  term  of  the  five  lines  of  the  fourth  and  fifth  groups, 
one  of  the  six  vibrations  being  now  too  faint  to  be  seen;  the  next 
three  terms,  of  each  of  which  only  four  lines  are  visible,  consisting  of 
the  sixth  and  seventh,  and  eighth  and  ninth,  and  the  tenth  and 
eleventh  groups,  and  the  last  term  of  the  two  faint  bands  of  the 
twelfth  and  thirteenth  groups. 

Simple  harmonic  relations  can  be  found  to  subsist  between  some  of 
the  groups ;  for  instance,  the  wave-lengths  of  the  fifth,  seventh,  and 
eleventh  groups  are  very  nearly  as  ^ :  ^ :  t^,  but  the  whole  series  cannot 
be  represented  as  simple  harmonics  of  one  set  of  six  vibrations  with  any 
probability.  The  smallest  numbers,  which  are  nearly  proportional  to 
the  reciprocals  of  the  wave-lengths  of  groups  (1),  (4),  (6),  (8),  (10), 
(12)  are  81,  97,  105,  110,  113,  11-5;  and  these  numbers  are  only 
approximately  in  the  same  ratios  as  the  reciprocals  of  wave- 
lengths. 

The  potassium  spectrum  as  seen  in  the  arc,  leaving  out  of  account 
the  two  pairs  of  lines  in  the  red  and  that  in  the  violet,  consists  of  a 
series  of  groups  of  four  lines  each,  succeeding  one  another  at  shoi*ter 
intervals  and  becoming  fainter  as  they  are  more  refrangible.  They 
all  are  more  or  less  difhise,  markedly  more  so  on  their  less  refrangible 
edges.  They  are  shown  on  the  accompanying  diagram  to  a  scale  of 
wave-lengths.  Lecoq  de  Boisbaudran  gives  a  more  complete  list  of 
potassium  lines  than  other  observers,  but  while  the  spark  which  he 
used  brought  out  several  lines  which  axe  not  seen  in  the  arc,  the  higher 
terms  of  the  rhythmical  series  brought  out  very  distinctly  by  the  arc 
are  not  so  well  seen  in  the  spark. 

The  first  and  least  re&angible  group  of  this  series  consists  of  the 
four  lines  to  which  Lecoq  de  Boisbaudran  assigns  the  wave-lengths 
5831,  5812,  5801,  5783.  The  second  of  these  lines  (5812)  is  much 
less  strong  than  the  others  as  seen  in  the  spark.  In  the  arc  they  are 
all  nearly  equal  in  brightness,  but  we  have  not  seen  the  second  line 
reversed. 
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Between  the  first  and  second  group  Lecoq  de  Boisbaudran  gives  a 
line  whieli  was  not  noticed  by  us  in  the  are. 

In  the  second  .gronp  the  two  middle  lines  are  very  close,  and  Lecoq 
de  Boisbaudran  gives  only  their  mean  wave-length.  Measuring  the 
distances  of  the  middle  from  the  extreme  lines  of  the  group,  the  wave- 
lengths of  this  quartet  are  5355,  5338,  5334*5,  5319.  These  are  aU 
about  of  equal  brightness,  but  we  have  not  seen  the  third  (5334*5) 
reversed. 

The  third  group  consists  of  the  lines  5112,  5098,  5095,  5081.  Of 
these  the  second  is  not  given  by  Lecoq  de  Boisbaudran,  and  only  the 
first  has  been  seen  by  us  reversed. 

Three  lines  given  by  Lecoq  de  Boisbaudran  between  the  third  and 
fourth  groups  are  not  seen  in  the  arc,  or  at  least  are  not  nearly  so 
conspicuous  as  the  groups  here  described. 

The  fourth  group  consists  of  lines  for  which  we  find  the  wave- 
lengths  about  4964,  4956, 4950,  4942.  Of  these  the  first  and  last  only 
ai*e  given  by  Lecoq  de  Boisbaudran  as  4963  and  4936. 

The  fifth  group  has  lines  of  which  we  find  the  wave-lengths  about 
4870,  4863,  4856,  4850. 

The  sixth  group  has  lines  of  about  the  wave-lengths  4808,  4803, 
4796,  4788. 

The  seventh  group  is  too  faint  and  difPuse  to  be  distinctly  resolved. 
The  wave-length  of  the  least  refrangible  edge  is  about  4759. 

None  of  these  last  three  groups  are  seen  by  Lecoq  de  Boisbaudran, 
and  they  are  too  diffuse  for  exact  measurement ;  on  the  other  hand,  he 
gives  several  other  lines  which  are  not  noticed  by  us  in  the  arc. 

As  in  the  case  of  sodium  the  repetition  of  these  quartets  of  lines  at 
decreasing  intervals  with  decreasing  brightness  and  sharpness  as  they 
proceed  from  the  less  to  the  more  refrangible,  gives  the  impression  of 
a  series  of  harmonics ;  but  the  wave-lengths  do  not  seem  to  be  in  a 
simple  harmonic  progression,  though  simple  harmonic  relations  may 
be  found  between  some  of  the  groups. 


VL  "On  thfe  Reversal  of  the  Lines  of  Metallic  Vapours." 
No.  VIL  By  G.  D.  Liveing,  M.A.,  F.R.S.,  Professor  of 
Chemistry,  and  J.  Dewar,  M.A.,  F.R.S.,  Jacksonian  Pro- 
fessor, University  of  Cambridge.     Received  November  18, 

1879. 

The  experiments  of  which  the  results  are  here  given  were  all  made 
in  the  Chemical  Laboratory  of  the  Royal  ListitutioD,  with  the  powerfol 
electric  current  from  the  Siemens  dynamo-electric  machine.  Limestone 
crucibles  similar  to  those  before  employed  were  in  all  cases  used,  but 
the  opening  through  which  the  arc  was  observed  was  in  general  placed 
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horizontallj,  bo  that  the  axis  of  the  collimator  of  the  spectroscope  was 
directed  immediat<el j  on  to  the  arc  without  the  intervention  of  a  mirror, 
and  a  small  vertical  opening  was  made  for  the  introduction  of  the 
substances  under  observation,  and  was  closed  when  not  in  use  by  a 
piece  of  lime. 

With  sodium  carbonate  the  green  pair  wave-lengths  4983, 4982  were 
i-eversed,  showing  dark  lines  in  the  middle  of  the  bright  ones,  the  less 
refrangible  of  the  two  giving  the  stronger  dark  line.  The  sodium  line 
given  by  Lecoq  de  Boisbaudran  at  wave-length  4670  showed  as  a 
diffuse  blue  band  with  a  jpair  of  fine  dark  lines  in  it,  of  which  the 
stronger  and  more  lasting  was  the  less  refrangible.  The  diffuse  blue 
band  resolved  itself  into  two  diffuse  lines  as  the  sodium  carbonate 
evaporated,  and  the  measurement  of  their  positions  in  comparison  with 
a  conspicuous  titanium  line,  which  lies  between  them,  and  was  made  to 
show  at  the  same  time  by  introducing  a  fragment  of  titanic  oxide  into 
the  crucible,  gave  for  this  sodium  pair  the  wave-lengths  4667,  4664.. 
The  orange  pair,  wave-lengths  6160,  6154,  were  also  seen  reversed  in 
like  manner,  but  we  failed  to  detect  any  difference  in  the  strength  or 
continuance  of  the  dark  lines  in  this  case.  These  reversals  of  sodium 
lines  were  many  times  observed,  and  we  noticed  that  the  reversals  of 
the  other  pairs  continued  after  that  of  the  red  pair  had  ceased  to  be 
visible,  that  next  after  the  disappearance  of  the  dark  lines  in  the  red  pair 
those  in  the  diffuse  blue  pair  ceased  to  be  visible,  then  the  dark  lines 
in  the  green  pair,  and  then  those  in  the  yellowish-green  (5687,  5681). 
In  some  cases  when  a  large  quantity  of  sodium  carbonate  was  put  into- 
the  crucible  a  curious  double  reversal  occurred.  In  the  middle  of  an 
enormous  dark  expansion  of  D  a  bright  yellow  band  appeared,  which 
in  turn  had  a  narrower  dark  band,  or  a  pair  of  dark  lines,  in  its  middle. 
A  similar  double  reversal  of  the  lithium  blue  line  occurred  so  far  as  to 
show  a  bright  line  in  the  middle  of  the  dark  one.  Of  the  two  violet 
lines  of  potassium  we  observed  that  the  more  refrangible  remained 
reversed  longer  than  the  other. 

In  addition  to  the  reversals  of  calcium  lines  before  observed  by  us, 
we  have  noticed  the  reversal  of  all  the  more  conspicuous  calcium  lines 
of  the  G  group,  viz.,  those  wave-lengths— 4282, 4289, 4»8,  4307,  4318, 
besides  4302  before  noted,  also  that  of  4379,  and  all  three  lines  of  a  triplet 
4585, 4581, 4578.  The  finer  lines,  wave-lengths  4434*3, 44545, slightly 
less  refrangible  than  the  strong  lines  4434,  4454,  were  reversed,  but 
only  when  one  of  the  poles  was  a  bar  of  iron,  instead  of  carbon.  The 
strong  lines  just  mentioned  were  expanded  so  as  to  cover  their  neigh- 
bours, and  all  four  lines  were  seen  black  against  the  bright  back- 
ground in  the  positions  and  of  the  same  relative  strengths  as  when 
bright. 

When  strontium  chloride  was  put  into  the  crucible  the  lines  with 
the  following  wave-lengths,  besides  those  before  noted,  were  observed 
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reversed— 4305,  4865,  4892,  5223,  5225,  5228,  5480,  5503,  5522,  and 
momentarily  onlj,  5155,  5238,  5256.  Besides  these,  many  dark  bands 
were  observed  in  the  less  refrangible  part  of  the  spectrum,  of  which 
three,  with  wave-lengths  5920,  6035,  6060,  appear  to  be  identical  with 
bright  bands  ascribed  to  strontia,  and  one,  with  wave-length  6597,  is 
identical  with  a  bright  line  given  by  strontium  chloride. 

Manganese,  introduced  as  sulphate,  gave  with  facility  the  violet 
triplet,  4029,  4032,  4033  as  dark  lines  on  the  continuous  background. 
The  bright  blue  lines  of  manganese  were  not,  however,  reversed  until 
some  metalHc  magnesium  was  introduced.  This  brought  out  the 
reversal  of  the  lines,  wave-lengths  4753, 4783,  and  4823,  the  last  being 
the  most  easily  reversed  of  the  three. 

Lead  introduced  in  the  metallic  state  gave  a  reversal  of  the  violet 
line,  wave-length  4058,  which  Comu  had  previously  seen  reversed,  but 
this  reversal  was  far  better  seen,  becoming  a  wide  black  band,  when 
the  lead  was  introduced  as  an  alloy  with  zinc.  Probably  the  lead 
vapour  was  not  so  rapidly  oxidised  when  mixed  with  zinc,  and  a 
thicker,  if  less  dense,  stratum  interposed  between  the  arc  and  the  spec- 
troscope. When  lead  ferrocyanide  was  used,  not  only  the  line  above 
mentioned  was  reversed,  but  also  much  less  strongly,  a  line  near  it, 
wave-length  4062. 

With  zinc,  only  the  less  refrangible  two  of  the  three  blue  lines, 
wave-lengths  4810,  4721,  were  seen  reversed.  The  very  bright  lines, 
wave-lengths  4924,  4911,  seen  in  the  spark  between  zinc  poles,  were 
not  seen  by  us  at  all  in  the  arc,  resembling  in  this  respect  the  magne- 
sium line,  wave-length  4481,  and  the  cadmium  lines,  wave-lengths 
5377,  5336. 

When  cadmium  was  put  into  the  crucible  the  lines,  wave-length 
5085,  4799,  and  4677,  were  reversed,  not  the  line,  wave-length  4415. 
With  a  large  dose  of  cadmium  the  red  line,  wave-length  6438,  was 
once  seen  reversed  for  an  instant  only. 

With  silver,  besides  the  reversals  before  observed  by  us,  the  line, 
wave-length  4053,  showed  a  dark  line  in  the  middle  of  its  exx>an8ion 
as  noticed  by  Mr.  Lockyer,  but  we  could  see  no  reversal  of  the  line, 
wave-length  4208.  Instead  of  the  reversal  of  this  line  we  observed  that 
a  second  bright  line  came  out  close  to  it,  rather  diffuse,  and  about  mid- 
way between  the  line  4208  and  the  calcium  line  4215.  By  measuring 
the  intervals  and  interpolating,  we  deduced  4211*3  for  the  wave- 
length of  this  silver  line,  which  we  could  see,  though  it  was  fainter, 
in  the  less  powerful  current  of  a  De  Meritens'  machine.  This  second 
line  coining  out  near  the  other  silver  line  gave  the  appearance  of  a 
^reversal  in  the  middle  of  a  difiEuse  line,  but  besides  the  measurements 
made  with  a  micrometer  we  assured  ourselves  of  the  fact  of  there  being 
two  lines  by  watching  the  fading  of  the  second  line  as  the  silver 
evaporated.     The  use  of  an  alloy  of  zinc  with  silver  did  not  alter 
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the  appearance  of  these  two  lines,  or  brin^  out  a  reversal  of  either 
of  them.  We  failed  to  see  any  line  of  silver  either  bright  or  re- 
versed with  wave-length  about  4240,  as  mentioned  bj  Comu,  whether 
the  silver  were  used  pure  or  alloyed  with  zinc  or  .with  lead.  With 
the  carbons  arranged  vertically  as  shown  in  our  last  communication 
on  this  subject,  p.  472  (vol.  xxviii),  and  the  light  viewed  through  the 
perforated  carbon,  silver  gave  a  channelled  spectrum  as  described  by 
Lockyer  and  Roberts.  As  this  channelled  spectrum  was  not  seen  with 
silver  in  any  other  arrangement  of  our  crucibles,  we  are  led  to  attri- 
bute it  to  a  comparatively  cool  condition  of  the  silver  vapour  ascending 
the  carbon  tube,  a  condition  of  near  approach  to  a  state  of  liquefaction. 

Having  observed  that  lines  frequently  came  out  with  mixtures 
which  were  not  visible  when  the  separate  ingredients  were  used,  we 
tried  a  few  amalgams.  None  of  these  showed  any  reversals  of  the 
mercury  lines.  But  an  amalgam  of  bismuth  gave  readily  the 
reversal  of  the  bismuth  line,  wave-length  4722,  and  with  more  difficulty 
that  of  the  line,  wave-length  4119. 

Antimony  did  not  appear  to  give  any  lines,  or  none  easily  dis- 
tinguishable, in  the  arc. 

With  copper  we  observed  the  reversal  of  two  lines  only,  wave- 
length 6105,  5153. 

Iron  introduced  as  metal,  or  as  chloride,  in  the  usual  way,  gave  us 
no  reversal ;  with  an  iron  rod  used  as  positive  pole  instead  of  one 
of  the  carbons,  we  succeeded  in  getting  the  reversal  of  one  line,  wave- 
length 4045,  which  expanded  and  showed  a  fine  dark  line  in  its  middle ; 
but  by  passing  an  iron  wire  into  the  arc  through  the  positive  carbon, 
which  was  perforated  in  the  manner  described  in  our  last  communica- 
tion on  this  subject  (p.  472),  for  the  introduction  of  gases  into  the 
arc,  and  pushing  in  the  wire  slowly  as  the  end  burned  away,  we 
succeeded  in  reversing  several  of  the  brightest  of  the  iron  lines.  The 
three  violet  lines,  wave-lengths  4045,  4063,  4071,  were  the  first  to  be 
reversed.  They  all  expanded  before  showing  reversal,  and  the  order 
of  reversal  was  that  of  refrangibility.  Besides  these  the  lines,  wave- 
lengths 4957,  4920  (the  stronger  and  less  refrangible  of  a  pair),  4404, 
4383,  4325,  5040,  4307  (G)  were  reversed.  These  last  two  lines  could 
not  be  certainly  distinguished  from  calcium  lines,  as  the  last  is  almost  if 
not  quite  coincident  with  a  calcium  line,  and  the  other  is  too  close  to 
a  calcium  line  to  be  distinguished  without  more  exact  measurement 
than  the  time  during  which  it  could  be  observed  would  allow,  but 
we  judged  from  their  relative  intensity  that  they  were  the  iron  lines. 
The  line,  wave-length  4415,  was  not  seen  reversed  when  the  other 
bright  lines  near  it  were  reversed. 

Nickel,  whether  put  into  the  crucible  in  the  old  way,  or  fed  into  the 
arc  in  small  fragments  filling  a  platinum  tube  which  was  passed 
through  a  perforated  carbon  pole,  gave  no  definite  reversal  of  any  of 
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its  lines ;  nor  did  cobalt,  even  when  a  bar  of  cobalt  was  used  as  the 
positive  pole. 

Tin,  palladium,  and  platinum  gave  no  reversals. 

It  is  worthy  of  remark  in  regard  to  the  difficulty  of  obtaining  sub- 
stances chemically  pure,  that  we  found  that  carbon  poles  which  had 
been  for  some  hours  ignited  in  a  current  of  chlorine  and  further  in- 
tensely heated  in  the  arc,  while  chlorine  was  passed  through  perfora- 
tions down  their  axes,  still  showed  in  the  arc,  of  course  without  any 
crucible  being  employed,  a  multitude  of  lines,  amongst  which  the  so- 
<^ed  carbon  lines  and  those  of  calcium  and  iron  were  oonspicuons. 


December  1,  1879. 

ANNIVERSARY  MEETING. 

THE   PRESIDENT  in  the  Chair. 

Mr.  Perkin,  for  the  Auditors  of  the  Treasurer's  Accounts,  on  tlie 
part  of  the  Society,  reported  that  the  total  receipts  during  the  past 
year,  including  a  balance  of  £916  14?.  7rf.,  carried  from  the  preceding 
year,  amount  to  £9,048  5«.  Id.,  and  that  the  total  expenditure  in  the 
same  period,  including  purchase  of  stock,  amounts  to  £7,783  18#.  5<I., 
leaving  a  balance  at  the  Banker's  of  £1,222  12*.,  and  £41  14*.  8J.  in 
the  hands  of  the  Treasurer. 

The  thanks  of  the  Society  were  voted  to  the  Treasurer  and  Auditors. 

The  Secretary  read  the  following  Lists  : — 

Fellows  deceased  since  the  last  Anniversary. 

On  the  Hcnne  List, 

Peyton  Blakiston,  M.D.  |  Isaac  Fletcher,  P.R.A.S. 

Edward  Blore,  LL.D.,  F.S.A.  '  William  Froude,  M.A.,  M.I.C.E. 

€harles  Brooke,  M.Ai,  F.R.C.S.         A.  H.  Garrod,  M.A. 


John  Allan  Broun. 

Oeorge         William        Callender, 

F.R.C.S. 
James  Robert  Christie. 
W.  Kingdon  Clifford,  M.A. 
Oeorge  William  Drory. 


John    Benjamin,    Baron     Heath, 

F.S.A. 
Sir  Rowland  HiU,  K.C.B.,  D.C.L., 

F.R.A.S. 
Rev.      Philip      Kelland,      M.A, 

V.RR.S.E.,  F.C.P.S. 
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Major-General  Sir  Thomas  Aiskew 

Larcom,    Bart.,    K.C.B.,    K.E., 

M.R.I.A. 
Sir  John  George   Shaw  Lefevre, 

K.C.B.,  M.A.,  D.C.L. 
Sir  Thomas  Maclear,  F.R.A.S. 
Anthony  Mervyn  Story  Maskelyne, 

M.A. 
Sir  James  Maiheson,  Bart. 
J.  Clerk  Maxwell,  M.A. 
John  Miers,  F.L.S. 


Charles  Murchison,  M.D.,  LL.D. 

William  Wilson  Saunders,  F.L.S. 

Thomas  Sopwith,  M.A.,  F.G.S. 

Arthur  Hay,  Marquis  of  Tweed- 
dale. 

Sir  Richard  Rawlinson  Vyvyan, 
Bart. 

John  Waterhouse. 

Samuel  Charles  Whitbread, 
F.R.A.S. 

Bennet  Woodcrof  t. 


0)1  the  Foreign  List, 
Heinrich  Wilhelm  Dove.  |  Johann  von  Lamont. 


Fellows  elected  since  the  last  Anniversary. 


Prof.  John  Anderson,  M.D, 
Rev.  Miles  Joseph  Berkeley, F.L.S. 
Sir  Henry  Bessemer. 
Prof.    Alexander    Crum    Brown, 

M.D. 
Walter  LawryBuller,  Sc.D.,F.L.S. 
Right   Hon.    Richard    Assheton 

Cross. 
Oeorge  Howard  Darwin,  M.A. 
Prof.   Joseph  D.   Everett,  M.A., 

D.C.L. 


Prof.     Francis    Stephen    Bennet 

Francois  de  Chaumont. 
Prof.   George  Downing  Liveing, 

M.A. 
George  Matthey,  F.C.S. 
George     John     Romanes,    M.A., 

F.L.S. 
Arthur  Schuster,  Ph.D.,  F.R.A.S. 
Prof.  Harry  Govier  Seeley,  F.L.S. 
Benjamin  Williamson,  MA. 
Thomas  Wright,  M.D.,  F.G.S. 


On  the  Foreign  List 

Arthur  Auwers. 
Luigi  Cremona. 
Jean  Louis  Armand  de  Quatrefages. 


Georg  Hermann  Quincke. 
Theodor  Schwann. 
Jean  Servais  Stas. 


The  President  then  addressed  the  Society  as  follows  : — 

Gentlemen, 

In  the  spring  it  is  our  duty  to  elect  into  the  Royal  Society  our 
annual  complement  of  new  Fellows,  and  at  our  early  summer  meet- 
ings we  admit  to  our  ranks  the  young  and  vigorous  in  the  career  of 
science.  But  in  the  autumn,  or  fall,  as  on  the  other  side  of  the  Atlantic 
it  is  so  aptly  termed,   it  is  our  custom  to  recount  the  names  of 
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those  who  have  dropped  from  oar  list.  Some  of  these  have  fallen  in  a 
plenitnde  of  years,  and  in  maturity  of  mind :  others  in  that  early  stage 
of  yonth  where  insight  and  imagination,  as  yet  scarcely  differentiated^ 
have  both  lent  their  aid  to  the  first  flights  of  thought.  Which  of  these 
classes  we  can  best  afford  to  spare  is  hard  to  say ;  but  whether  it  be 
the  one,  or  whether  it  be  the  other,  it  is  certainly  the  case  that  the 
number  of  those  whom  we  have  thus  lost  since  our  last  anniversary  has 
been  unusually  great ;  it  has  in  fact  reached  a  total  of  twenty-nine  on 
the  home,  and  two  on  the  foreign^  list.  Many  of  them  find  a  place 
among  the  obituary  notices  which  appear  from  time  to  time  in  our 
Proceedings ;  but  there  are  a  few,  of  whom,  from  personal  knowledge, 
or  from  special  interest  in  their  works,  I  am  led  to  make  additional, 
although  passing,  mention  here. 

In  looking  over  the  list  we  are  reminded  in  a  striking  manner  of  a 
fundamental  difference  between  the  Boyal  Society  and  the  Academies  of 
the  Continent,  a  difference  which  may  perhaps  be  the  best  described  by 
the  term  comprehensiveness.  For,  beside  the  class  of  Fellows  selected, 
in  accordance  with  our  recent  legislation,  from  the  members  of  the 
Privy  Council,  it  has  always  been  our  custom  to  gather  into  our  ranks 
not  only  men  of  emineuce  in  science  proper,  and  in  subjects  which  border 
on  it,  but  also  men  of  distinction  in  other  paths  of  life,  provided  that 
they  have  followed  those  paths  on  principles  which  are  analogous  to  oar 
own,  and  which  by  no  undue  strain  of  the  analogy  may  themselves  be 
called  scientific. 

In  illustration  of  this  remark,  I  might  point  in  the  present  list  to  the 
man  of  letters,  to  the  architect,  to  the  politician,  to  those  who  have 
honourably  served  in  various  departments  of  the  public  service,  to  the 
*  man  of  wealth  who  has  turned  his  large  means  to  large-minded  pur- 
poses for  the  welfare  of  the  people.  And  although  the  act  of  erasing 
them  from  our  list  marks  our  loss,  yet  the  fact  of  having  once  reck- 
oned  them  among  our  number  is  in  itself  a  gain,  and  must  help  to 
enlist  the  sympathies  of  the  world  outside  in  our  special  function, 
viz.,  the  promotion  of  natural  knowledge,  while  at  the  same  time  it 
tends  to  enlarge  our  own. 

To  mention  briefly  a  few  of  these :  in  Sir  James  Matheson  we  have 
lost  a  wealthy  and  enlightened  member,  who  devoted  much  of  his 
time,  his  energy,  and  his  means  in  promoting  the  welfare,  both  moral 
and  intellectual,  of  the  people  among  whom  he  made  his  home. 

In  the  Marquis  of  Tweeddale  we  have  an  instance,  happily  not  sin- 
gular, of  one  who,  without  any  professional  connexion  with  the  subject, 
contrived  amidst  the  distractions  of  active  service  to  lay  the  foanda- 
tions  of  a  solid  knowledge  of  one  branch  of  science ;  while  in  later 
years  he  became  an  active  collector  and  the  author  of  valuable  cnotri- 
butions  to  the  pubhcations  of  the  Geological  Societies  over  which  be 
presided. 
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In  the  category  of  men  of  cultivation  and  leisure,  who  have  turned 
their  attention  with  good  purpose  and  success  to  scientific  pursuits,  we 
may  fairly  reckon  our  late  Fellow  John  Waterhouse,  of  Halifax. 

Sir  Thomas  Larcom  was  one  of  a  long  series  of  distinguished  men  who 
have  been  elected  Fellows  of  the  Royal  Society  from  the  Corps  of  the 
Koyal  Engineers.  Travelling  beyond  the  strict  limits  of  his  profes- 
sional career,  he  endeavoured  to  give  to  his  official  work  a  wider  range. 
And  it  was  due  to  suggestions  emanating  from  him  that  the  Irish 
Survey  was  so  extended  as  to  make  it  the  opportunity  for  collecting  a 
great  variety  of  local  information,  history,  language,  and  antiquities, 
and  that  the  map  became  the  admiration  of  scientific  travellers. 

Mr.  Bennet  Woodcroft's  name  will  always  be  associated  with  the 
foundation  of  that  important  department  the  Patent  Ofiice,  with  its 
Library,  and  Museum,  of  which  he  was  the  first  executive  officer. 

Professor  Kelland  and  Mr.  Brooke  were  among  oar  veterans  in  the 
Society,  and  many  of  us  will  long  recollect  the  lively  interest  in  science 
which  the  latter  showed  during  his  frequent  attendance  at  our  evening 
meetings. 

In  Mr.  W.  Froude,  to  whom  one  of  the  Royal  Medals  was  awarded 
in  1878,  the  Society,  the  public  service  of  the  country,  and  science  in 
general  have  sustained  a  loss  which  at  one  time  would  have  been 
irreparable,  and  which  even  now,  when  his  work  has  become  an 
established  science,  is  difficult  to  replace. 

Of  Professor  Clifford,  and  the  gap  which  his  death  has  caused 
among  our  friends  and  the  world  of  science  at  large,  I  know  not  how 
to  speak.  His  mathematical  papers  are  being  collected  by  a  careful 
and  trusty  hand,  while  his  philosophical  remains  have  been  given  to 
us  by  one  who  knew  and  loved  him  as  he  deserved.  To  the  same 
friend  we  owe  the  memoir  of  his  life,  written  indeed  so  far  as  that  life 
can  ever  be  written,  but  reminding  us  also  at  every  line  that  his  life 
was  one  the  full  story  of  which  will  always  seem  but  half  told. 

If  in  Professor  Clifford  we  have  lost  one  of  our  youngest,  in  Sir 
J.  G.  Shaw-Lefevre  we  have  lost  one  of  the  oldest  of  our  mathematical 
Fellows.  Bom  before  the  present  century,  and  Senior  Wrangler  at 
Cambridge  before  many  of  us  were  in  existence,  he  seems  to  belong  to 
a  pest  age.  But  through  a  long  and  honourable  course  of  unusually 
varied  and  responsible  public  life  he  always  retained  his  interest  in 
mathematics,  and,  himself  no  mean  geometer  of  the  old  school,  he  had 
in  his  later  years  projected  and  actually  begun  a  new  edition  of  the 
works  of  Archimedes.  Of  his  labours  in  connexion  with  University 
College,  and  afterwards  with  the  University  of  London,  all  who  are 
interested  in  liberal  education  will  retain  an  appreciative  and  grateful 
memory. 

Our  last  loss,  that  of  Professor  Clerk  Maxwell,  has  been  in  some 
respects  the  greatest.     In  him  the  full  maturity  of  a  mind  which  had 
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sniPered  no  check  or  shadow  of  abatement,  was  devoted  to  the 
foundation  of  a  more  thorough  knowledge  of  Molecular  Physics  and 
of  Electrical  Laws  than  has  hitherto  been  attained.  The  clear  iiisighi, 
the  keen  criticism,  the  just  and  liberal  appreciation  of  the  yiews  of 
others,  evinced  both  elsewhere  and  especially  in  his  Reports  to  the 
Committee  of  Papers,  will  long  be  remembered ;  while  the  more 
general  side  of  his  character,  exemplified  in  the  numerous  scintilla- 
tions struck  off  with  his  pen,  will  be  no  less  cherished  by  those  to 
whom  his  scientific  writings  were  as  a  sealed  book. 

To  replace  such  a  man  seems  at  first  impossible  ;  but  we  should  be 
doing  scant  justice  to  his  memory  if  we  did  not  beheve  that  the  good 
seed  which  he  so  liberally  sowed  would  bear  such  fruit  that  in  the 
time  of  need  there  should  be  no  lack. 

The  only  change  which  I  have  to  record  among  our  staff  is  that  in 
the  post  of  Clerk  and  assistant  in  the  library.  Mr.  Wheatley,  who  had 
held  that  office  for  eighteen  years,  has  been  appointed  Assistant  Secre- 
tary to  the  Society  of  Arts.  His  place  has  been  supplied  by  Mr.  Rix, 
who  will  doubtless  justify  the  high  recommendations  by  which  his 
candidature  was  supported. 

My  predecessor  in  office  wisely  made  the  anniversary  address  the 
occasion  of  communicating  to  the  Fellows  at  large  a  summary  of  the 
business  which,  apart  from  that  which  is  brought  before  our  evening 
meetings,  has  occupied  the  attention  of  the  Council  during  the  current 
year.     This  practice  I  purpose  to  continue. 

The  subjects  which  have  come  before  the  Council  and  its  Com- 
mittees during  the  past  year,  although  perhaps  less  multifarious,  have 
not  been  less  important  than  those  with  which  they  have  had  to  deal 
in  former  years.  They  may  perhaps  be  conveniently  classed  under  the 
following  heads:— (1)  Property;  (2)  Regulations  and  Procedure; 
(3)  the  Government  Grant  and  Fund ;  (4)  Matters  referred  to  us  by 
the  Government ;  (5)  the  Publications  of  the  Society. 

(1.)  Property.  The  Fees  Redaction  Fund. — This  has  received  a  few, 
but  not  large,  contributions.  It  was  calculated,  as  stated  on  a  former 
occasion,  that  an  investment  of  the  surplus,  after  providing  for  the  loss 
of  income  arising  from  the  abolition  of  entrance  fees,  and  the  reduction 
of  annual  payments  from  £4  to  £3,  would  render  the  fund  permanently 
self-supporting.  It  will,  however,  be  in  the  recollection  of  the  Fellows 
that  two  objects  presented  themselves  to  the  mind  of  the  Council 
when  the  fund  was  originated,  viz.,  the  reductions  above  mentioned, 
and  a  provision  for  the  expenses  of  our  publications;  and  that  neither 
of  them  has  been  wholly  abandoned.  Although  the  Fund,  as  now 
constituted,  is  primarily  directed  to  the  first  of  these  objects,  yet  it 
has  been  hoped  that,  through  accretions  which  may  arise  from  time 
to  time,  the  seqpnd  purpose  may  eventually  be  also  furthered.  And 
bearing  in  mind  the  increasing  demands  upon  the  Society's  inoome 
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from  the  increase  of  scientific  communications,  and  the  larger  expense 
now  incurred  for  illustration,  it  is  much  to  be  desired  that  augmenta- 
tions to  the  Fund  may  be  actually  made. 

As  the  period  seems  now  to  have  arrived  for  improving  the  value  of 
the  estate  at  Acton  belonging  to  the  Society,  by  applying  the  whole  or 
a  part  of  it  to  building  purposes,  it  may  be  well  to  say  a  few  words 
with  regard  to  this  property. 

The  capacity  to  purchase  and  hold  lands,  the  Statute  of  Mortmain 
notwithstanding,  was  granted  to  the  Society  by  charter  soon  after  its 
foundation,  and  subsequently,  under  George  the  First,  a  special 
licence  to  purchase  in  mortmain  to  the  yearly  value  of  £1,000,  and  to 
receive  lands,  tenements,  rents,  or  hereditaments  by  will  or  any  deed 
of  conveyance,  was  granted  by  Letters  Patent.  In  1731,  when  the 
Society  had  some  money  to  invest,  an  estate  of  a  good  title  near  Fulham 
was  mentioned  as  a  suitable  investment  by  the  President,  Sir  Qans 
Sloane ;  and  in  June,  1732,  a  freehold  farm,  the  estate  of  Mr.  Pannet, 
of  Kensington,  having  a  dwelling-house  and  out-houses,  with  about 
forty-eight  acres  of  arable  land,  was  recommended  for  purchase  by 
Mr.  West.  In  the  following  month  the  purchase  of  this  estate  at 
Acton  was  settled,  the  purchase-money  being  £1,600,  but  Mr.  Pannet 
agreeing  to  lay  out  £30  on  repairs.  The  total  rent  at  that  time  was 
£65  per  annum  an^  a  quit-rent  of  £1  4^.  In  1772  and  1774  the  house 
and  four  acres  of  land  were  sold  for  £620.  Another  plot  was  sold  in 
1792.  In  1858  the  estate,  which  at  first  consisted  of  many  separate 
plots,  was  consolidated  under  an  award  of  the  Enclosure  Commis- 
sioners, and  within  the  last  few  years  other  portions  have  been  sold  to 
the  North  and  South- Western  Junction  Railway,  and  for  the  purpose  of 
erecting  a  church,  parsonage,  and  schools.  The  sums  received  from  these 
various  sales  have  been  considerably  in  excess  of  the  £1,600  originally 
paid  for  the  estate,  so  that  the  thirty-four  and  a  half  acres  which, 
until  within  the  last  few  months,  remained  the  property  of  the 
Society,  and  produced  an  annual  rent  of  £170  per  annum,  had  practi- 
cally cost  the  Society  nothing.  During  the  present  summer  the  rail- 
way company,  being  desirous  of  constructing  a  station  upon  the 
ctstate,  purchased  somewhat  more  than  an  acre  of  our  land ;  but  it 
has  been  thought  desirable  to  devote  a  portion  of  the  purchase - 
money  to  buying  a  strip  of  land  to  give  access  to  a  part  of  the 
estate,  the  only  approach  to  which  was  by  a  level  crossing  over  the 
railway,  which  the  company  wished  to  close.  The  lease  of  the 
whole  property  will  shortly  fall  in,  and,  in  re-letting  it,  provision 
will  have  to  be  made  to  enable  the  Society  to  take  any  portion 
of  the  land  which  may  be  required  for  building  purposes.  A 
considerable  part  of  the  estate  is  well  intersected  by  roads,  and 
offers  desirable  frontages,  bat  in  order  to  make  the  whole  of  these 
available    some  outlay  will  be  necessary,   and  it  may  perhaps   be 
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found  desirable  to  laj  out  additional  roads  at  the  expense  of  the 
Society.  There  appears,  however,  to  be  every  probability  that,  by 
selling  and  letting  various  plots  on  the  estate,  the  eventual  income  of 
'the  Society  from  this  source  may  be  materially  increased. 

Besides  the  estate  at  Acton,  the  Society  is  possessed  of  a  small  ^^raadng 
farm  at  Mablethorpe,  in  Lincolnshire,  and  although  this  has  been  let 
to  a  substantial  tenant  at  a  moderate  rent,  it  seems  not  improbable 
Ubkt  our  income  «o  arising  may,  like  that  of  many  others,  be  affected 
by  the  prevailing  agricultural  depression.  The  amount,  however,  is 
in  this  case  comparatively  small. 

Legacies. — Under  this  head  I  have  the  pleasure  to  mention  two  impor- 
tant contributions  to  the  Society's  funds.  First.,  an  unconditional  be- 
quest of  1,000L  by  the  late  Mr.  Sydney  Ellis,  of  Leicester ;  and  secondly, 
a  legacy  by  the  late  Sir  Walter  Trevelyan,  "  the  interest  of  which  is 
to  be  applied  to  the  promotion  of  scientific  research."  The  object  of 
this  last  bequest  appears  to  be  almost  identical  with  that  of  the 
Donation  Fund ;  and  the  name  of  our  benefactor  may  not  improperly 
be  associated  with  those  of  WoUaston  the  founder,  and  of  others  who 
have  from  time  to  time  contributed  to  augment  that  fund. 

The  Royal  Society,  as  is  well  known^  possesses  a  rather  extensive 
gallery  of  portraits,  almost  exclusively  of  Fellows  of  the  Society,  but 
among  them  also  a  fine  painting  of  Lord  Chancellor  Bacon.  Many  of 
these  portraits,  however,  have,  through  the  lapse  of  time,  begun  to  show 
signs  of  decay.  Acting  under  the  advice  of  Mr.  F.  W.  Burton,  F.S.A., 
Director  of  ihe  National  GtkUery,  the  Council  has  entrusted  the 
pictures  which  seemed  most  to  require  attention  to  the  care  of  Mr. 
Dyer,  of  Orchard  Street,  who  is  now  engaged  upon  them.  Some  of 
the  portraits  require  lining,  and  others  cleaning,  or  partial  restoration. 
As  will  be  seen  from  those  which  have  been  returned  to  their  places, 
the  work  appears  i^  have  been  done  in  a  satisfactory  manner.  The 
present  appearance  of  the  pictures  has  been  much  improved,  and  it  is 
hoped  that  these  intere&rting  portraits  of  those  who  have  gone  before 
us  may  now^be  passed  on  in  an  unimpaired  condition  to  future  genera- 
tions. 

Among  other  acquisitions  to  the  Society's  property,  I  would  call  the 
attention  of  the  Society  to  the  collection  of  no  fewier  than  973  portraits 
of  Fellows  of  the  Royal  Society,  formed  by  the  late  J.  P.  Gttssiot,  Esq., 
F.R.S.,  and  bought  during  the  past  year.  The  collection  consists 
mainly  of  engravings ;  many  of  which  are  of  great  artistic  merits  and 
in  excellent  condition.  It  is  to  be  hoped  that  the  existing  Fellows 
will  aid  in  completing  and  continuing  this  intei'esting  series,  by  con- 
tributing engravings  or  even  photographs  of  themselves  or  of  other 
Fellows,  88  occasion  may  offer. 

Mention  should  also  be  made  of  a  bequest  by  the  late  Mrs.  Faraday 
of  ''a  book  containing  the  numerous  diplomas  and  other  docoments  of 
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bonoTir  and  compliment  conferred  on,  or  addressed  to  her  late  hus- 
band, Michael  Faraday." 

(2.)  Regulations  and  Procedure. — At  the  last  anniversaiy  your  late 
President  explained  the  changes  then  in  progress  for  the  abolition  of 
entrance  fees,  and  for  reduction  in  the  annual  payments  made  to  the 
Society  by  the  Fellows.  I  have  now  only  to  add  that  the  alterations 
in  the  Statutes,  necessary  for  carrying  this  out,  have  been  completed. 

During  the  past  year  a  small  but  perhaps  not  unimportant  change 
in  the  mode  of  dealing  with  the  papers  to  be  read  at  the  weekly 
meetings  has  been  made.  This  consists  first,  in  deciding  a  week  earlier 
than  heretofore,  what  papers  should  be  advertised  for  reading ;  and 
secondly,  in  reading  each  week  as  many  as  practicable  of  those  in  hand, 
so  as  to  leave  as  few  as  possible  to  stand  ^yer.  The  weekly  journals 
are  now  able  to  announce  to  the  public  the  papers  which  will  be  read 
at  the  Boyal  Society  (as  has  in  fact  long  been  the  case  with  other 
Societies)  during  the  next  week.  But  the  main  object  of  this  arrange- 
ment  has  been  early  publication ;  that  is  to  say,  publication  both  in  its 
technical  sense  of  reading  before  the  Society,  and  in  its  more  widely 
accepted  sense  of  appearance  in  the  Society's  Proceedings.  When  this 
was  first  proposed,  it  was  feared  there-  would  soon  arrive  a  period  of 
scientific  famine,  and  that  occasions  might  occur  when  the  Society 
would  meet  with  no  papers  before  it.  Whether  this  would  be  so 
great  a  calamity  as  was  at  first  imagined  is  still  an  open  question,  for 
such  has  been  the  scientific  fertility  of  the  season,  that  the  threatened 
catastrophe  has  never  yet  actually  occurred.  But,  more  than  this, 
your  President  was  supported  in  any  anxiety  which  he  may  have 
felt  on  this  score,  by  an  afisurance  on  the  part  of  the  Secretaries  that 
in  the  event  of  no  other  communication  reaching  us  from  other 
quarters,  one  or  other  of  them  would  contribute  something  from 
their  own  store.  And  although  our  stock  of  papers  has  never 
reached  a  famine  level,  our  two  principal  Secretaries  have  fulfilled 
their  promise  by  anticipating  it.  Having  regard  to  this  prompt 
action  on  their  part,  I  doubt  not  that  the  Society  will  agree  with  me 
in  thinking  that  the  prospect  of  a  dearth  of  papers  has  proved  to  be 
productive  of  advantages  rather  than  the  reverse. 

But  so  far  from  suffering  by  a  deficiency  of  matter,  we  have  more 
often  found  our  difficulties  in  the  number  of  papers  to  be  read  in  a 
single  evening.  And  on  such  occasions  the  Secretaries  have  been  good 
enough  to  take  especial  pains  to  make  themselves  masters  of  the 
contents  of  the  papers,  and  to  communicate  in  a  few  words  to 
the  meeting  the  substance  of  each.  It  is,  1  believe,  not  too  much 
to  say  that  the  "reading**  of  papers  carried  out  in  this  way  has 
been  the  most  agreeable  and  instructive,  and  has  been  particularly 
provocative  of  intelligent  and  pertinent  discussion.  The  previous 
preparation  necessary  to  effect  this  must,  I  know,  entail  considerable 
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trouble  on  the  part,  of  our  already  hard- worked  Secretaries ;  but  I  am 
equally  sure  that  all  those  who  have  been  present  at  those  their  vita 
voce  expositions  will  join  with  me  in  an  expression  of  our  sense  of 
the  obligations  which  they  have  thus  conferred  upon  us. 

Of  the  utility  of  printing  copies  of  the  abstracts  of  papers  in  time 
for  the  meetings,  and  of  circulating  copies  to  the  authors  themselves, 
I  myself  entertain  no  doubts.  But  it  must  still  be  admitted  that  full 
use  of  these  facilities  has  hardly  yet  been  made,  and  that  the  dis- 
cussions on  the  papers  have  not  apparently  been  much  promoted  by 
them.  I  trust,  however,  that  the  authors  of  papers  and  others  who 
may  attend  our  weekly  meetings  will  endeavour  to  make  every  use  of 
facilities  which  are  afforded  at  a  not  inappreciable  cost  to  the  Society. 

There  is  a  possible  alteration  in  our  arrangements  which  has  often 
appeared  to  me  to  be  worthy  of  consideration,  and  which  from  con- 
versations with  some  of  our  Fellows  appears  to  meet  vnth  sufficient 
support  to  justify  my  bringing  it  before  this  our  anniversary.  I  refer 
to  the  hour  at  which  our  weekly  meetings  are  held.  Hitherto,  in 
accordance  with  the  usage  of  Scientific  Societies  in  London,  we  have 
met  in  the  evening.  But  changes  in  the  habits  of  society,  and  the 
increasing  distances  from  Burlington  House  at  which  many  of  our 
Fellows  reside,  seem  to  render  a  large  weekly  attendance  difficult. 
On  this  account  it  appears  to  me  desirable  to  inquire  whether  an 
ademoon  hour  might  not  better  suit  the  convenience  of  our  members. 
In  that  case,  I  should  suggest  5.0  p.m.  ;  and  as  our  meetings  seldom 
extend  to  two  hours  in  duration,  it  would  generally  be  practicable  for 
Fellows  to  reach  home  by  aboat  seven  o'clock. 

I  should,  however,  much  regret  if  any  such  change  should  deprive 
us  of  the  pleasure  and  of  the  substantial  benefits  arising  from  the  con- 
versations in  our  tea  room.  And,  having  this  in  view,  I  would  suggest 
that  on  Thursday  afternoons  tea  should  be  prepared  an  hour  before 
the  meeting,  so  as  to  give  opportunity  for  conversation  to  such  of  our 
Fellows  and  their  friends  as  might  be  disposed  to  avail  themselves  of  it. 

Under  such  an  arrangement  for  our  weekly  meetings,  •  it  would 
doubtless  be  necessary  to  make  further  provision  for  the  Meetings  of 
the  Council  and  of  the  Committee  of  Papers.  On  this  point  I  should 
desire  the  advice  of  the  Council  and  the  suggestions  of  individual 
Fellows.  But  in  the  meantime  I  would  venture  to  point  out  that  it 
might  be  sufficient  to  transfer  either  the  Council  or  the  Committee  of 
Papers,  or  both,  from  the  Thursday  to  the  Wednesday.  And  although 
the  former  plan  wonld  involve  bringing  the  Members  of  Council  rather 
more  often  together,  the  total  time  occupied  would  not  be  increased  ; 
and  it  might  be  not  without  advantage  that  the  Committee  of  Papers 
should  be  held  on  an  independent  day. 

These  changes,  if  adopted,  would  require  the  alteration  of  the 
Statute  relating  to  the  hour  of  meeting.     But  if  the  suggestion  were. 
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adopted  before  the  end  of  the  year,  there  would  still  remain  nearly 
half  the  Session  of  our  Society  after  complying  with  the  necessary 
formalities. 

At  the  risk  of  becoming  tedions  on  matters  of  internal  detail,  I 
venture  to  mention  another  subject.  It  has  often  been  suggested 
that  our  weekly  meetings  might  be  rendered  more  interesting  if  the 
communications  were  more  often  accompanied  by  experiments,  or  by 
other  modes  of  optical  illustration.  The  Council  has  hitherto  met 
these  requirements  by  supplying,  from  time  to  time,  such  appliances 
as  appeared  necessary.  But  that  important  element,  the  electric  light, 
and  batteries  on  a  large  scale,  have  generally  been  avoided,  on  account 
of  the  inconveniences  attending  them.  It  has,  however,  been  thought 
that  authors  would  be  much  encouraged  to  illustrate  their  communi- 
cations experimentally  if  the  main  appliances  were  known  to  be  always 
ready  to  hand. 

Again,  the  mode  of  lighting  our  meeting-room  by  means  of  sun- 
lights has  proved  inconvenient  to  many  of  our  Fellows,  on  account  of 
its  heat  and  glare  ;  and  it  is  considered  undesirable  to  adopt  ordinary 
gas-burners  in  its  stead  for  fear  of  injury  to  the  pictures.  We  are, 
however,  no  longer  driven  to  this  alternative,  as  we  may  now  look  to 
the  electric  light  as  a  possible  mode  of  illumination. 

These  considerations  have  led  me  to  make  an  offer,  as  I  now  do,  to 
the  Society,  of  a  gas-engine  of  eight  horse-power,  which,  in  the  opinion 
of  those  best  qualified  to  judge,  will  be  amply  sufficient  both  for  ex- 
perimental illustration  and  for  illumination.  And  I  have  much 
pleasure  in  adding  that,  on  hearing  of  this  offer,  our  Fellow, 
Mr.  Siemens,  immediately  expressed  his  wish  to  add  a  dynamo- 
machine,  or  rather  a  pair  of  such  machines,  of  improved  construc- 
tion (one  for  alternate,  the  other  for  direct  currents),  the  principle 
of  which  he  had  already  contemplated  bringing  before  the  Society. 
The  other  requisites,  such  as  an  optical  lamp  and  a  few  instruments 
of  frequent  use,  will  doubtless  soon  follow.  But,  in  proposing 
thus  to  promote  experimental  illustration  of  papers  read  befoie 
the  Society,  I  think  it  right  to  add  that  I  do  not  contemplate, 
nor  do  I  think  it  desirable,  that  the  Society  should  in  any  sense 
establish  a  laboratory;  all  that  is  here  intended  is,  that  the  main 
appliances  for  illustration  should  be  found  jeady  to  hand  here,  while 
the  special  apparatus  would  be  furnished  by  the  authors  themselves. 

If  these  proposals  meet  with  the  approbation  of  the  Society,  the 
experiment  may  shortly  be  tried ;  and  I  have  little  doubt  that,  with 
the  advice  of  the  Council  on  matters  of  detail,  the  undertaking  may  be 
brought  to  a  successful  issue. 

(3.)  The  Government  Grant  and  Fund, — The  particulars  of  the  grants 
made  from  these  two  funds  will  be  published  as  usual  in  our  "  Pro- 
ceedings," with  the  report  of  the  Anniversary  Meeting.     Some  of  the 
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results  are  already  before  you  in  the  "Philosophical  Transactions" 
and  "  Proceedings/'  and  others  may  be  expected  to  follow.  These  ami 
similar  publications  by  other  scientific  societies  must  serve  as  ihe 
main  basis  for  forming  a  judgment  of  the  yalue  of  the  grants  in 
question,  and  especially  of  that  which  is  technically  known  as  the 
"Government  Fund."  But  whatever  be  the  final  verdict  on  this 
head,  I  feel  sure  that  there  will  be  but  one  opinion  as  to  the  impar- 
tiality and  judgment  with  which  the  Committees,  to  which  the  matters 
were  referred,  have  discharged  their  onerous  duties.  We  are  now 
entering  the  fourth  of  the  five  years  to  which,  as  will  be  remembered, 
the  Treasury  limited  the  term  of  the  experiment.  It  is,  therefore, 
desirable  that  the  minds,  not  only  of  the  Council,  but  also  of  the 
Fellows  generally,  should  during  the  present  year  be  turned  to  the 
question,  whether  it  is  advisable,  in  the  interests  of  Science,  ihsi  Uie 
Fund  should  be  maintained :  and  if  so,  whether  in  its  present  or  any 
altered  form  P 

(4.)  Among  the  matters  referred  to  by  the  Gt>vemment  two  espe- 
cially require  mention.  In  November  last  the  Secretary  of  State  for 
the  Home  Department  addressed  a  letter  to  the  President  of  the 
Royal  Society,  in  which,  after  alluding  to  the  great  sacrifice  of  life  in 
colliery  accidents,  he  said,  "  I  cannot  help  thinking  that  science  may 
once  more  come  to  our  aid  in  this  very  practical  question;  and  I 
gladly  consult  you,  in  the  first  instance,  as  to  the  best  means  of 
obtaining  further  scientific  information  in  the  possession  of  scientific 
men,  likely  to  be  of  practical  utility  iii  the  prevention  of  accidents  in 
mines."  This  letter  was  referred  to  a  Committee,  and  on  their  recom- 
mendation the  Council  directed  a  reply  to  be  made  to  the  Home 
Secretary,  suggesting  an  inquiry  into  the  subjects  (indicated  some- 
what in  detail  in  the  letter)  bearing  upon  the  causes  of  explosions  in 
coal  mines,  and  upon  their  possible  prevention.  Acting  on  this  letter, 
Mr.  Cross  moved  the  appointment  of  a  Royal  Conmiission  on  the 
subject,  and  requested  the  President  and  Council  to  nominate  four 
members,  one  of  whom  should  act  as  Chairman  of  the  Commission. 
The  Fellows  nominated  in  accordance  with  this  request  were,  Mr. 
Wcurington  Smyth  as  Chairman,  Professor  Abel,  Professor  Clifton, 
and  Professor  Tyndall.  The  Commission  is  now  actively  engaged 
upon  the  inquiry. 

In  May  last  the  Secretary  of  State  for  India  asked  the  advice  of 
the  Royal  Society  on  the  question  of  deputing  to  this  country  Major 
J.  Herschel  on  the  subject  of  pendulum  observations.  The  subject  is 
one  in  which  the  Royal  Society  has  on  more  than  one  occasion  taken 
an  active  interest;  and  a  reply,  prepared  by  Professor  Stokes,  of 
which  the  following  is  an  extract,  was  sent : — "  There  are  two  in- 
dependent methods  by  which  a  knowledge  of  the  exact  figure  of  the 
earth  may  be  arrived  at ;  one  by  measurement  of  arcs  of  the  meridian, 
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or  arcs  of  parallels  of  latitude,  in  different  places ;  the  other  by  mea- 
snring  by  means  of  the  pendalum  the  variation  of  gravity  from  place 
to  place,  from  whence  the  figure  of  the  earth  may  be  deduced  by  an 
extension  of  Clairaut's  theorem. 

"A  very  elaborate  investigation  of  the  problem  as  deduced  from 
geodetic  measurements  has  been  made  within  the  last  few  years  by 
our  Fellow  Captain  (now  Colonel)  Clarke,  Br.E.,  in  connexion  with  the 
great  Trigonometrical  Survey  of  the  IJnited  Kingdom,  but  including 
results  of  the  geodetic  operations,  so  far  as  they  bear  on  this  problem, 
undertaken  by  other  nations  and  in  other  parts  of  the  world. 

"  The  results  as  to  the  figure  of  the  earth,  deducible  from  pendulum 
observations  that  had  been  then  executed,  were  discussed  by  the  pre- 
sent Astronomer  Boyal  in  an  article  published  in  the  '  Encyclopeedia 
Metropolitana.'  But  thirty  years  have  passed  since  the  publication 
of  that  work,  during  which  time  very  important  contributions  to  our 
knowledge  of  the  variation  of  gravity  over  the  earth  have  been  made 
by  different  nations.  Among  them  the  elaborate  series  that  was 
carried  on  in  connexion  with  the  great  Trigonometrical  Survey  of 
India  occupies  a  prominent  place.  It  appears,  therefore,  very  de- 
sirable that  the  conclusions  deducible  from  our  present  stock  of 
pendulum  observations  should  be  exhaustively  discussed." 

Major  Herschel  is  on  his  way  to  England,  to  carry  out  the  proposed 
work. 

(5.)  The  Publications  of  the  Society. — The  Catalogue  of  Scientific 
Papers. — The  second  volume  of  the  supplementary  ^ecade,  viz.,  1863- 
73,  has  been  brought  to  a  close,  and  copies  are  now  in  the  hands  of 
the  Fellows  and  the  public.  It  exceeds  in  bulk  any  of  the  earlier 
volumes  of  the  work,  and  extends  to  1,310  pages.  In  this  supplement, 
343  additional  scientific  serials  have  been  catalogued,  making  the 
total  of  such  serials  now  comprised  in  the  whole  no  less  than  1,938. 
The  donation  list  for  this  volume  has  been  the  same  as  that  for 
former  volumes,  with  the  addition  of  a  few  Societies  and  Institutions 
sanctioned  by  the  Treasury  at  the  recommendation  of  the  Council. 
The  Fellows  have  the  right  to  purchase  the  supplement  at  the  same 
reduced  price  per  volume  as  the  original  work.  The  Council  has 
authorised  the  preparation  of  titles  for  another  decade ;  and  some 
progress  has  already  been  made  in  the  work. 

Apart  from  the  Catalogue  of  Papers,  the  main  strength  of  the 
Library  of  the  Royal  Society  consists  in  its  collection  of  the  publica- 
tions of  scientific  Academies,  and  Societies,  and  of  scientific  journals, 
unrivalled  anywhere  in  this  country,  except  perhaps  in  the  British 
Museum.  It  has  always  been  held  that  the  first  duty  of  the  Library 
Committee  is  to  maintain,  and  wherever  possible  to  increase,  our 
efficiency  in  this  respect.  As  regards  our  general  collection  of  books, 
the  Committee  and  Council  are  of  opinion  that  it  will  be  best  to 
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restrict  their  parcbases,  as  far  as  possible,  to  recognised  standard 
works. 

The  change  of  printers,  mentioned  last  year  in  the  address  of  my 
predecessor,  has  as  then  hoped  effected  considerable  economy ;  and  I 
Rhould  not  allow  the  present  occasion  to  pass  without  expressing  the 
sense  of  the  officers  of  the  zeal  and  attention  shown  by  Messrs. 
Harrison  to  the  business  of  the  Society.  The  change  in  question 
occasioned  the  removal  of  our  stock  of  **  Philosophical  Transactions  " 
and  "  Proceedings  **  from  the  warehouses  of  our  late  printer,  and  as 
it  would  have  been  alike  unnecessary  and  expensive  to  hire  other 
warehouses  at  our  present  pnnters  or  elsewhere,  we  have  taken  the 
stock  into  our  own  custody.  This  has  been  the  more  easily  effected, 
owing  to  the  transference  of  the  stock  of  the  Catalogue  of  Scientific 
Papers  to  the  Stationery  Office.  The  change  has  been  made  the 
occasion  of  thoroughly  re-arranging  our  stock  of  **  Transactions  "  and 
**  Proceedings  ;  "  a  process  which  will  always  be  necessary  at  intervals 
of  some  years,  in  order  to  keep  the  stock  in  a  satisfactory  condition. 

An  extra  volume  of  the  **  Philosophical  Transaction .s,"  (vol.  168) 
has  been  issued,  in  which  the  observations  made  by  the  naturalists 
who  accompanied  the  Transit  of  Venus  Expeditions  to  Kerguelen'a 
jjand  and  Rodriguez,  and  descriptions  of  their  collections  by  persons 
specially  acquainted  with  the  several  subjects,  are  brought  together. 
The  volume  is  divided  into  four  sections,  viz.,  the  Botany  and  Zoology 
of  each  of  the  two  islands  respectively. 

The  Botanical  •collections  from  Kerguelen's  Land,  worked  out  by 
Sir  J.  D.  Hooker,  Mr.  Mitten,  the  Rev.  J.  M.  Crombie,  Dr.  Dickie, 
P.  F.  Reinsch,  and  the  Rev.  M.  J.  Berkeley,  have  added  largely  to  our 
knowledge  of  the  Cryptogams,  especially  the  Algas.  In  particular  the 
American  affinity  of  the  Kergnelen  Flora,  previously  established  by 
Sir.  J.  D.  Hooker,  in  his  examination  of  the  flowering  plants,  is  proved 
to  be  also  very  strongly  manifested  in  the  Cryptogams. 

Of  the  Zoological  collections  from  Kerguelen's  Land,  those  of  the 
MoUusca,  Crustacea,  Arachnida,  and  Insecta,  have  yielded  the 
greatest  number  of  novelties;  the  two  former  offering  distinct  evidence 
of  the  affinity  of  this  Fauna  (as  of  its  Flora)  with  that  of  South 
America.  The  Arachnids  and  Insects  of  the  southern  extremity  of 
America  are  unfortunately  too  little  known  at  present  to  admit  of  a 
comparison  with  the  highly  interesting  new  forms  discovered  by 
Mr.  Eaton,  and  described  in  this  section. 

In  estimating  the  affinities  of  the  Flora  and  Fauna  of  Rodriguez, 
the  authors  were  under  great  difficulties  owing  to  our  imperfect  know- 
ledge of  the  plants  and  animals  of  the  other  Mascarene  Islands.  But 
almost  all  their  observations  point  strongly  to  the  conclusion  that  the 
present  animals  and  plants  are  the  remains  of  a  once  more  extensive 
Flora  and  Fauna  which  has  been  gradually  broken  up  by  geological 
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and  climatic  changes,  and  which  more  recently  has  been  greatly  in- 
terfered with  by  the  agency  of  man.  The  greater  portion  of  the 
botanical  section  has  been  undertaken  by  Dr.  Is.  Bayley  Balfonr,  who 
himself  collected  the  materials.  He  estimates  the  total  number  of 
plants  found  at  present  in  Rodriguez  at  470  species  viz.: — 297 
PhaBuogams  and  1 73  Cryptogams ;  and  he  establishes  the  remarkable 
fact  that  of  the  Phcenogams  not  less  than  108  are  to  be  regarded  as 
introduced  into  the  island,  and  that  189  only  are  indigenous.  Great 
interest  attaches  to  remains  of  the  extinct  cave-fanna  of  Rodriguez  ; 
and  the  collection  made  by  Mr.  Slater,  supplied  materials  for  three 
papers  by  Mr.  B.  Newton,  Mr.  J.  W.  Clark,  and  Dr.  GiJnther.  With 
regard  to  Zoology,  the  marine  collections  were  those  to  which  least 
interest  was  attached,  as  they  consisted  principally  of  common  forms 
spread  over  the  whole  of  the  tropical  Indian  Ocean.  On  the  other 
hand,  our  knowledge  of  the  Terrestrial  Invertebrates  received 
considerable  additions,  especially  in  the  Myriopods  and  Arachnids, 
Ooleoptera  and  Tnrbellaria,  described  by  Mr.  A.  G.  Butler,  Mr.  C.  O. 
Waterhouse,  and  Mr.  G.  Gulliver. 

The  Papers  in  General. — The  papers  presented  to  the  Society,  and 
read  at  our  evening  meetings,  have  been  more  numerous  than  in  any 
previous  year  of  our  existence,  and  have  during  the  last  twelve  months 
reached  a  total  of  118.  Some  of  them  appear  to  have  excited  unusual 
interest  among  the  Fellows  and  their  friends ;  for,  on  more  than  one 
occasion  oar  meeting-room  was  filled  to  an  almost  unprecedented 
degree. 

Bat,  beside  the  interest  attaching  to  their  reading  and  discussion, 
the  papers  themselves  have  offered  some  very  striking  features.  It 
would  be  as  invidious  to  attempt,  as  it  would  be  impossible  to  establish, 
any  general  comparison  of  merit  among  so  varied  a  collection  of 
memoirs ;  but  I  may  still  be  permitted  to  take  this  opportunity  of 
expressing  my  own  impressions  of  a  few  which  fall,  more  or  less, 
within  my  own  range  of  study. 

In  purely  experimental  research,  that  is,  in  experiments  guided 
by  a  clear  conception  of  what  was  wanted  to  be  done,  and  exe- 
cuted with  adequate  instrumental  appliances  and  with  the  highest 
manipulative  skill,  we  cannot  but  be  struck  by  the  assiduity  and 
success  with  which  Mr.  Crookes  has  continued  his  labours.  He  has 
now  brought  to  a  termination  his  remarkable  seiies  of  papers  on 
Repulsion  resulting  from  Radiation ;  and  has  already  struck  out  into  a 
new  region,  viz.,  the  study  of  certain  Electrical  Phenomena  which 
appertain  especially  to  high  vacua.  In  the  vacua  to  which  he  has 
now  turned  his  attention,  the  exhaustion  has  been  carried  even  beyond 
that  in  which  the  phenomena  of  the  Radiometer  are  produced ;  and  it 
is  by  a  legitimate  and  sagacious  step  that  he  has  now  occupied  a  com- 
plete field  of  inquiry  intermediate  to  the  most  extreme  'vacua  ever 
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attained,  and  those  in  which  the  stratified  discharge  is  displayed.  Of  the 
delicacy  and  beanty  of  the  experiments  it  is  not  necessary  here  to  speak, 
for  they  have  been  already  exhibited  here,  as  well  as  to  more  than  one 
andience  on  a  large  scale.  Through  this  advance  on  his  part,  a  help- 
ing hand  will  doubtless  be  held  out  to  those  who  are  occupied  with 
the  subject  of  stratification;  for  in  this  matter,  the  two  advancing 
powers  desire  neither  a  "  neutral  zone  *'  nor  a  '*  scientific  frontier  *' 
to  separate  their  field  of  action. 

Another  communication,  full  of  promise  as  well  of  performance, 
should  also  not  pass  unnoticed.  I  allude  to  Professor  Hughes'  paper 
on  his  Induction  Currents  Balance,  the  application  of  which  has  already 
branched  out  and  borne  fruit  in  more  than  one  direction.  The  ex- 
treme simplicity  of  the  instruments,  and  their  maryelloos  adaptation 
to  the  purposes  for  which  they  were  intended,  reflect  the  highest 
CI  edit  on  their  inventor. 

Not  unconnected  with  Mr.  Crookes'  researches,  so  far  as  they  are 
directed  towards  the  ultimate  constitu^on  of  gases,  are  those  of  Pro- 
fessor Osborne  Reynolds.  In  his  remarkable  paper,  **0n  Certain 
Dimensional  Properties  of  Matter  in  a  Gtkseous  State,"  Professor 
Osborne  Reynolds  has  established  the  fact  of  what  he  calls  Thermal 
Transpiration,  namely,  that  when  two  portions  of  the  same  gas  are 
separated  by  a  porous  plug,  the  two  surfaces  of  which  are  of  different 
temperatures,  the  condition  of  equilibrium  is  no  longer  that  the  pres- 
sures of  the  gas  on  the  two  sides  of  the  plug  should  be  equal,  but  that 
the  pressure  on  the  hotter  side  should  exceed  that  on  the  colder  side 
by  a  certain  quantity ;  and  that  if  this  is  not  the  case,  the  gas  will 
transpire  through  the  plug  until  this  condition  is  satisfied.  Professor 
Reynolds  connects  this  principle  with  Mr.  Crookes'  Radiometer 
experiments ;  and  the  various  considerations  which  he  brings  to  bear 
on  the  subject  appear  to  have  this  idea  throughout,  that  the  dynamical 
similarity  of  two  gaseous  systems,  bounded  by  solid  surfaces,  geome- 
trically similar,  depends  on  the  ratio  of  the  homologous  lines  of  the 
system  to  a  certain  quantity,  having  the  dimensions  of  a  line,  and 
which  varies  inversely  as  the  density  of  the  gas.  Although  dimen- 
sional considerations  have  been  shown  by  previops  writers  to  have  an 
important  bearing  on  the  Theory  of  Ghises,  still  his  experimental  re- 
sults form  an  important  contribution  to  our  knowledge  of  the  subject ; 
and  in  his  theoretical  investigation  he  has  attacked  with  vigour,  and 
not  without  success,  some  elements  of  the  problem  avoided  by  his  pre- 
decessors in  this  field  of  research. 

Photography  has  of  late  years  become  so  completely  the  handmaid 
of  Physical  Science,  and  has  so  constantly  responded  to  the  calls  of  its 
master,  that  its  progress,  however  rapid  and  however  effective,  has  come 
to  be  taken  almost  as  a  matter  of  course.  But  the  step  which  Captain 
Abney  appears  now  to  have  taken  lies  entirely  out  of  the  ordinary  hne 
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of  advance.  M.  Becqnerel,  as  is  well  known,  succeeded  some  years 
ago  in  producing  natural  colours  by  the  agency  of  light ;  one  speci- 
men of  which,  a  solar  spectrum,  was  given  to  me  some  three  years 
since  by  M.  Cornu,  and  which,  through  being  carefully  preserved  in  a 
tin  box,  retains  all  its  chromatic  features.  Captain  Abney  has  now 
taken  up  the  subject  again,  and  believes  it  probable  that  the  colours 
obtained  by  this  process  may  be  preserved  unchanged  when  exposed 
to  ordinary  daylight.  His  saggestion  as  to  the  physical  causes  of  the 
colour  is  interesting,  and  leads  us  to  hope  that  we  may  hear  more  upon 
the  subject. 

It  was  at  one  time  thoug^ht  that  .Science  and  practical  life  were 
essentially  distinct,  and  that  in  their  cares  and  their  purposes,  in 
their  sorrows  and  their  joys,  neither  intermeddled  with  the  other. 
But  in  proportion  as  it  has  been  gradnally  recognised  that  Science, 
and  even  Philosophy  itself,  is  based  upon  experience,  so  has  their 
distinction  gradually  faded  from  our  view.  And,  among  many  other 
instances  of  forecasts  in  this  direction  by  far-seeing  men,  I  may 
adduce  the  dream  of  Babbage,  that  mathematical  calculation  might  be 
reduced  to  mechanism,  and  that  the  data  of  many  problems  both  of 
physics  and  of  life  might  be  handed  over  to  an  engine  which  would 
work  out  the  results.  That  dream  of  his  was  as  nearly  realised  as  any 
dream  of  his  ever  could  be  realised ;  for  the  merit  and  the  charm  of  the 
man  himself,  and  the  fascination  which  he  threw  about  all  his  projects, 
were  derived  from  the  fact  that,  at  whatever  rate  realisation  followed, 
his  ideas  flew  faster  and  faster  ertill  and  outstripped  them  all.  And  if, 
in  the  machinery  for  complicated  calculation  designed  by  the  brothers 
Thomson,  much  more  has  been  actually  achieved  than  ever  before,  it  is 
not  because  this  is  a  generation  of  more  feeble  folk,  or  because  there 
has  been  any  lack  of  elasticity  of  mind  or  of  fertility  in  idea,  but 
because  their  minds  and  their  ideas  have  been  more  under  control, 
and  because  these  men  have  succeeded  in  that  which  their  great  pre- 
decessor always  missed,  namely,  mastery  over  themselves. 

The  relations  between  the  Mechanism  of  the  Heavens  and  the 
History  of  the  Earth  have  for  some  years  past  been  the  subject  of 
speculation  and  of  argument  amongst  many  prominent  men  of 
science.  And  calculations  have  been  made,  tending  more  or  less 
to  confirm  the  views  of  the  various  writers  on  the  subject.  But  so 
vast  is  the  problem,  so  multifarious  in  its  data,  so  complicated  in  its 
laws,  that  eager  as  we  are  to  grasp  anything  solid  or  well  founded  in 
the  inquiry,  we  are  constantly  left  with  a  feeling  that  we  may  have 
clutched  at  a  mere  floating  weed,  when  we  hoped  that  we  had  laid 
hold  of  something  firmly  rooted.  And  on  this  account  we  may  look 
with  unusual  satisfaction  at  the  massive  and  philosophical  research  in 
which  Mr.  George  Darwin  is  engaged,  and  of  which  we  have  already 
some  substantial  instalments.     It  consists  in  an  investigation  on  the 
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precession  and  tides  in  a  viscoas  spheroid,  in  which  he  applies  his 
results  to  a  discussion  of  the  internal  condition  of  the  several  planets, 
and  of  the  evolution  of  the  moon  and  other  satellites  from  the 
primitive  nebulaB. 

I  now  pass  on  to  mention  briefly  a  few  other  subjects  which,  out- 
side our  immediate  sphere  of  action,  form  substantial  elements  of  the 
scientific  progress  of  the  past  year,  and  among  these  I  should  first 
mention  Meteorology,  because  the  Council,  to  whom  in  this  country  the 
subject  is  entrusted,  is  nominated  by  the  Royal  Society. 

The  science  of  Meteorology  has,  during  the  last  few  years,  attracted 
an  increasing  amount  of  attention,  more  perhaps  from  its  close  relation 
to  the  interests  of  all  classes  of  the  community,  than  from  the  definite- 
ness  or  novelty  of  the  scientific  results  to  which  it  has  led. 

The  second  International  Congress  of  Meteorology  met  at  Home  in 
April  of  the  present  year,  on  the  invitation  of  the  Italian  Grovem- 
ment ;  an  interval  of  nearly  five  years  having  elapsed  since  the  date  of 
the  first  Congress,  which  was  held  at  Vienna  in  1874,  The  main  object 
of  these  meetings  has  been  to  introduce  greater  uniformity  of  method 
into  the  meteorological  systems  of  Europe,  without  attempting,  how- 
ever, to  pledge  the  different  Governments  to  any  definite  engagements 
on  the  subject.  With .  this  view,  a  permanent  International  Com- 
mittee has  been  constituted,  to  furnish  a  point  d'appui  for  common 
action,  and  to  facilitate,  during  the  intervals  between  the  Congresses, 
a  personal  interchange  of  opinions  among  the  authorities  directing  the 
different  systems. 

A  great  number  of  valuable  reports,  on  questions  embracing  nearly 
the  whole  field  of  Meteorology,  ^ere  received  by  the  Roman  Congress. 
Among  them,  special  mention  may  be  made  of  the  reports  by  M.  Violle 
on  Solar  Radiation ;  by  M.  Pernet,  on  the  Determination  of  the  Fixed 
Points  of  Thermometers ;  and  by  Professor  Everett,  on  Atmospheric 
Electricity. 

A  Conference  of  a  semi-official  character,  which  was  originated  by 
the  Congress  at  Rome,  was  held  at  Hamburg  in  the  beginning  of 
October,  for  the  purpose  of  taking  into  consideration  a  proposal, 
emanating  from  Lieutenant  Weyprecht  and  Count  Wilczek,  to 
establish  for  one  complete  year  a  circle  of  meteorological  observations 
round  the  Arctic  regions  of  the  globe.  The  Conference  was  attended 
by  representatives  of  the  Meteorological  Institutes  of  Austria,  France, 
Germany,  Russia,  and  the  Scandinavian  countries ;  'and  it  was  agreed 
that  an  effort  should  be  made  to  establish  the  proposed  circumpolar 
system  of  meteorological  and  physical  observations  in  the  year  1881. 
Some  part  at  all  events  of  this  plan  will,  in  all  probability,  be  carried 
into  effect,  as  the  Canadian  Government  has  intimated  its  readiness  to 
co-operate  in  it,  and  as  Count  Wilczek  has  offered  himself  to  defray 
the  cost  of  an  Observatory  at  Nova  Zembla. 
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The  unfavourable  weather  which  has  charaoterised  the  present  year, 
lias  given  an  additional  impulse  to  the  studj  of  English  Meteorology ; 
and  our  own  Meteorological  Office  has  ventured  to  resume  the  issue  of 
Daily  Forecasts  of  Weather,  afler  they  had  been  discontinued  for  nearly 
thirteen  years.  The  attempt  has  been  made  under  somewhat  adverse 
circumstances,  as  the  uncertainty  of  the  weather  of  1879  has  even 
surpassed  the  proverbial  fickleness  of  the  British  climate.  But  the 
experiment  has  been  liberally  supported  by  the  Press,  and  has  been 
^watched  with  great  interest  by  the  public  generally.  Of  its  success 
or  failure  it  would  as  yet  be  premature  to  speak,  but  it  deserves 
TBCognition  as  a  serious  attempt  to  apply  to  one  of  the  most  uncertain 
of  the  sciences  the  severe  test  of  prediction. 

Transit  of  Venus  (1874)  Reductions. — The  calculations  of  every 
kind  relating  to  the  five  British  Expeditions  were  some  time  ago  con- 
cluded. The  mass  of  them  refers  to  the  determinations  of  terrestrial 
longitudes  and  the  discussion  of  the  measurements  of  photographs. 
The  preparation  of  the  Astronomical  (as  distinguished  from  the 
Photographic)  Observations  and  Results  for  Printing  is  complete  for 
the  expeditions  to  the  Hawaiian  Islands,  Rodriguez  Island,  and  New 
Zealand.  For  the  other  two  expeditions  much  remains  to  be  done — 
chiefly,  however,  mere  copying.  The  employment  of  the  staff  upon 
the  measurement,  re- measurement,  and  discussion  of  the  photographs, 
was  the  most  serious  cause  of  the  delay  that  has  occarred  in  present- 
ing  to  the  public  the  astronomical  results.  Those  who  are  now 
engaged  upon  this  subject  entertain  serious  doubts  as  to  whether 
any  result  of  value,  as  regards  the  special  object  of  the  expeditions, 
is  to  be  expected  from  the  photographs,  owing  to  a  want  of  sharp- 
ness in  the  images.  Some  of  the  photographs  taken  by  the  Russian 
Astronomers*"  have  been  measured,  but  not  very  successfully.  The 
telescopic  observations  of  the  internal  contacts,  at  many  stations  in 
India  and  Australia,  as  well  as  at  those  occupied  by  the  Government 
Observers,  in  all  thirty-one  observations  of  the  Ingress  and  forty- 
eight  of  the  Eijress,  have  yielded  a  value  of  the  mean  solar  parallax 
of  8"-85±0"-03.t 

The  Greenwich  Nine- Year  Catalogue  of  2,2G3  stars,  with  discussions 
of  the  systematic  errors  of  R.A.'s  and  N.P.D.'s  has  been  published. 

The  complete  reduction  of  the  measures  of  about  1,900  photo- 
graphs of  the  sun,  taken  at  Greenwich  from  1873  up  to  the  present 
time,  affords  data  immediately  available  for  determining  the  dis- 
tribution of  spots  and  faculee  on  the  sun's  surface,  and  the  position 
of  its  axis  of  rotation.  The  photographs  now  regularly  taken  at 
Greenwich  may  be  considered  a  continuation  of  the  Kew  series. 

The  redaction  of  the  Greenwich  magnetic  observations,  1841 — 

•  At  Haven  Possuit. 

t  "  Monthly  Notices,  E.A.S.,"  xxxriii,  p.  466. 
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1877,  has  afforded  an  opportunity  for  testing  the  connexion  (first 
suggested  bj  Sir  E.  Sabine  and  afterwards  investigated  as  regards  the 
element  of  declination  by  Professor  R.  Wolf)  between  magnetic 
variations  and  sun-spots.  Mr.  Ellis  has  compared  the  diurnal  ranges 
of  magnetic  declination  and  horizontal  force  with  Professor  WolTs 
curve  of  sun-spot  frequency,  with  tbe  result  that  not  only  is  there  a 
general  correspondence  in  the  two  sets  of  phenomena,  but  the  minor 
irregularities  of  the  sun-spot  curve  are  reproduced  in  the  curves  of 
diarnal  magnetic  range  for  both  elements,  and  further  that  the  well- 
marked  annual  inequality  in  the  latter  is  itself  variable,  being  greatest 
at  the  time  of  maximum  of  sun  spots  and  least  at  that  of  mini- 
mum. 

The  spectroscopic  determination  of  the  motions  of  stars  in  the  line 
of  sight  by  the  displacement  of  lines  in  their  spectra,  has  been  recently 
extended  at  Greenwich  to  stars  of  the  third  and  fourth  magnitude, 
raising  the  number  of  stars  available  for  the  application  of  this 
method  to  200  or  300.  Up  to  the  present  time,  the  motions  of  63 
stars  have  been  thus  determined  at  Greenwich.  Mr.  Seabroke,  at 
Rugby,  has  also  applied  the  method  to  28  stars,  and  his  results,  though 
presenting  some  discordances  inter  se^  generally  support  those  obtained 
by  Mr.  Huggins  and  by  the  Greenwich  observers.* 

A  new  determination  of  the  Figure  of  the  Earth,  in  which  th© 
results  of  recent  measurements  of  the  Indian  arc  of  24^  are  included, 
has  been  made  by  Colonel  Oarke.f 

A  connexion  between  the  Sun's  Outer  Corona  and  Meteor  Streams 
has  been  suggested  by  several  observers,  Professor  Cleveland  Abb6, 
Mr.  F.  C.  Penrose,  and  others,  J  of  the  Solar  Eclipse  of  1878. 

From  a  discussion  of  the  distribution  of  aphelia  and  inclinations  of 
oometary  orbits,  Professor  H.  A.  Newton  has  come  to  the  conclusion 
that  comets  have  come  to  us  from  the  stellar  spaces  (in  accordance 
with  Laplace's  hypothesis),  and  that  (with  the  possible  exception  of 
the  comets  of  short  period)  they  have  not  originated  within  the  solar 
system  as  Elant  supposed.  § 

Mr.  Gill  has  deduced  from  his  extensive  series  of  Heliometer 
Observations  of  Mars  at  Ascension,  the  value  8"'78±0"*015  for  the 
Sun's  Mean  Equat.  Hor.  Parallax.  ||  This  agrees  nearly  with  Uie  first 
published  result  of  the  British  Transit  of  Venus  Expeditions,  and  also 
with  the  result  of  Comu's  determination  of  the  velocity  of  light  com- 
bined with  Struve's  constant  of  aberration. 


•  "  Monthly  Notices,"  1879,  June.    1879,  October  10. 

t  "Phil.  Mag.,"  1878,  August. 

X  **  Monthly  Notices,"  1878,  November. 

§  "  Amer.  Joum.,"  1878,  September. 

II  "  Monthly  Notices,"  1879,  June. 
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The  publication  of  Lobrmann  and  Scbmidt's  Maps  of  the  Moon 
forms  an  important  contribution  to  Selenography. 

M.  Flammarion  has  published  a  valuable  Catalogue  of  Binary  Stars, 
giving  all  available  observations  (to  the  number  of  14,000)  of  these 
objects,  with  the  elements  of  their  orbits,  so  as  to  present  a  complete 
summary  of  their  history. 

Among  the  more  recent  Institutions  for  the  promotion  of  Science, 
mention  should  be  made  of  the  Observatories  for  the  study  of 
Astronomical  Physics  in  France  and  Germany. 

The  elder  of  these  in  point  of  date,  namely  that  in  France,  although 
founded  in  1876,  has  only  quite  recently  been  permanently  established 
in  the  Chateau  at  Meudon.  The  Director  has  ever  since  the  foundation 
been  principally  occupied  with  solar  photography,  and  he  has  esta- 
blished the  fact  that  photography  is  capable  of  revealing  phenomena 
which  must  necessarily  escape  ordinary  telescopic  observation.  In 
particular,  he  has  succeeded  in  photographing  the  granulations  pre- 
viously seen  on  the  solar  disk  by  other  astronomers  ;  and  by  means  of 
his  magnificent  pictures,  one  of  which  he  has  recently  presented  to 
the  Society,  he  has  established  the  existence  of  what  he  terms  the 
Ueseau  photospherique ;  in  other  words,  that  the  surface  of  the  sun  is 
divided  into  regions  of  calm  and  of  activity.  His  present  researches 
will  doubtless  enrich  onr  knowledge  with  many  new  facts. 

The  German  Observatory  has  been  placed  at  Potsdam,  In  the 
selection  of  the  locality,  320  feet  above  the  sea,  with  a  good  horizon, 
and  free  from  the  smoke  and  vibration  of  the  city,  and  in  the 
furnishing  of  the  Observatory,  the  German  Government  has  done 
everything  that  could  be  wished.  And  it  may  confidently  be  hoped 
that  in  the  hands  of  Professor  Yogel  and  his  colleagues  much  good 
work  will  be  there  done. 

The  ramifications  of  Science  are  now  so  various  in  direction,  so 
comprehensive  in  grasp,  and  so  immediate  in  their  applications,  that 
they  have  of  late  years  given  rise  to  the  establishment  of  special 
Institutes  and  Societies  for  the  study  and  encouragement  of  their 
respective  subjects.  Among  these  there  may  be  mentioned  the  Insti- 
tution of  Telegraph  Engineers,  the  Iron  and  Steel  Institute,  and 
others. 

At  the  meetings  of  these  bodies  it  frequently  happens  that  subjects 
which  may  have,  in  their  primary  form  of  a  scientific  discovery,  been 
laid  before  the  Royal  Society,  are  brought  up  again  and  discussed 
from  a  different  point  of  view,  e.g.,  in  their  relation  to  other  subjects, 
or  in  their  application  to  the  special  purposes  of  life.  For  instance, 
in  the  "Proceedings  of  the  Institution  of  Telegraph  Engineers"  we 
find  the  following : — 

1.  Wires  which  run  parallel  to  each  other  for  a  long  distance  are 
very  much  troubled  by  induction  between  wire  and  wire.     The  effect 
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on  telegraphs  is  to  diminisb  speed  of  working,  and  on  telephones 
to  render  speaking  impossible.  Hngbes  has  studied  these  e£Pects  in 
his  own  peculiar  way,  and  has  shown  how,  when  the  number  of  wires 
is  limited  and  the  working  confined  to  one  direction,  thej  can  be 
entirely  eliminated. 

2.  Mr.  Cowper  has  shown  how,  by  producing  the  two  rectangular 
components  of  a  plane  curve  at  a  distance,  it  is  possible  to  reproduce 
handwriting.  His  instrument  works  very  effectively,  but  is  still 
perhaps  in  an  early  stage  of  its  development 

3.  The  application  of  the  Duplex  system  to  long  cables  has  been 
practically  and  very  efficiently  carried  out  by  Mr.  Steams  on  the 
Atlantic  Cable,  and  by  Mr.  Muirhead  on  the  long  cables  of  the  Eastern 
Telegraph  Company  in  the  Mediterranean  and  Indian  Ocean. 

4.  The  Electric  Light  is  still  on  its  trial  for  general  street  illumina- 
tion in  Paris  and  London;  but  it  has  been  recently  very  effectively 
employed  in  surveying  and  sounding  the  Mediterranean  by  night,  and 
in  the  operation  of  laying  and  repairing  cables  by  the  steam-ship 
"  Dacia,"  belonging  to  the  Silvertown  Company.  By  its  aid  ninety-six 
soundings,  made  with  Sir  William  Thomson's  steel  wire  apparatus,  in 
water  averaging  1,500  fathoms  depth,  were  taken  in  seven  days  and 
nights,  bottom  in  every  case  being  brought  up. 

5.  Several  improvements  in  Telephones  have  been  brought  out, 
notably  Gower*s,  in  Paris,  and  Edison's  loud-sounding  arrangement, 
and  the  instruments  are  gradually  finding  their  way  into  practical 
use. 

6.  Experiments  are  being  made  both  in  England  and  in  France  in 
the  transmission  of  mechanical  power  by  electric  currents;  and  we 
may  hope  for  valuable  results  from  this  field  of  inquiry. 

The  Iron  and  Steel  Institute  was  founded  in  1869  under  the 
presidency  of  the  Duke  of  Devonshire.  The  Society  consists  of 
proprietors  and  managers  of  iron  and  steel  works,  of  metallurgici^ 
chemists,  geologists,  and  engineers.  The  number  of  its  members 
has  grown  gradually  from  140  at  its  commencement  to  its  present 
limit,  1,031,  of  whom  116  are  foreigners  residing  abroad,  and  com- 
prising the  leading  metallurgists  of  America  as  well  as  of  the  con- 
tinent of  Europe.  The  Association  meets  twice  a  year,  once  (during 
the  spring)  in  London,  and  once  (in  the  autumn)  by  invitation  at  one 
of  the  great  industrial  centres  in  England  or  abroad.  In  1873  it  mei 
at  Liege,  in  1878  at  Paris,  and  in  1880  it  will  meet  at  Dusseldorf. 
Eiach  meeting  lasts  from  two  to  four  days,  which  are  spent  partly  in 
reading  and  discussing  papers,  and  partly  in  visiting  works  of 
interest. 

The  results  of  the  Association  have  been  of  considerable  utility:  (1) 
by  bringing  the  scientific  metallurgist  into  contact  with  the  man  of 
practical  experience,  thereby  extending  the  appreciation,  and  in  many 
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instances  even  the  actnal  cultivation,  of  Science;  (2)  by  the  annual 
publication  of  a  very  valuable  record  of  the  progress  made  in  this 
important  branch  of  applied  Science ;  (3)  by  acting  as  a  kind  of  inter- 
national tribunal  on  the  merits  or  demerits  of  new  processes,  in  a 
manner  calculated  both  to  stimulate  and  to  guide  further  under- 
takings. 

Telegraph  Conference. — ^When  Telegraphy  began  to  assume  an  inter- 
national character,  great  inconvenience  arose  from  want  of  uniformity 
in  the  apparatus  used,  and  in  the  service  regulations  adopted  by 
different  European  countries. 

Although  the  construction  of  the  line  (whether  submarine,  under- 
ground, or  suspended)  and  the  details  of  construction  of  the  telegraphic 
apparatus  employed  may  fairly  be  left  in  the  hands  of  each  country  or 
telegraphic  administration,  it  was  soon  found  to  be  necessary  that  a 
certain  standard  of  efficiency  should  be  insisted  upon.  Agreement 
was  moreover  requisite  in  regard  to  the  general  character  of  the  in- 
struments to  be  used  in  international  telegraphy ;  for  instance,  whether 
or  not  acoustic  signals  were  to  be  admissible,  whether  an  indelible 
record  should  be  insisted  upon,  whether  a  type- printer,,  or  an  auto- 
graphic instrument  should  be  used,  or  a  recording  instrument  repre- 
senting the  letters  by  dots  and  dashes,  in  which  case  a  uniform  code 
would  be  a  matter  of  necessity.  Beside  these  points  there  remained 
the  subject  of  the  tariff  to  be  charged  in  each  country  for  transit  and 
for  terminal  messages,  involving  delicate  questions,  which  could  be 
settled  only  by  mutual  concessions  and  general  arrangements. 

These  considerations  led  the  French  Government,  in  1866,  to  invite 
those  European  Governments  who  had  already  taken  the  administra- 
tion of  the  telegraphs  in  their  own  hands,  to  meet  at  Paris,  in  order  to 
agree  if  possible  on  certain  resolutions,  subject  to  ratification  by  the 
respective  Governments.  England  was  not  represented  at  this  first 
Conference,  because  the  telegraphs  were  not  yet  a  Goverament 
Department,  and  it  was  not  thought  advisable  to  invite  telegraph 
companies  to  take  part  in  the  proceedings. 

The  result  of  the  first  deliberations  went  beyond  the  mere  settlement 
of  pressing  questions,  and  it  was  decided  to  hold  periodical  Conferences 
at  the  different  capitals  of  Europe,  and  to  institute  a  central  Inter- 
national "Bureau'*  (to  be  located  at  Berne)  to  see  to  the  proper 
application  of  the  resolutions  of  the  Conferences,  and  to  act  as  an 
International  Court  of  Appeal,  regarding  questions  of  difference  in 
telegraphic  matters  arising  between  the  contracting  countries. 

The  second  Conference  took  place  at  Vienna  in  1869,  in  which 
several  countries,  including  Turkey,  Persia,  and  British  India,  took 
part  for  the  first  time.  On  this  occasion  it  was  resolved  that  the 
leading  telegraph  companies  should  be  admitted  to  the  discussions, 
but  should  not  be  allowed  to  vote ;  the  power  of  voting  being  confined 
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to  the  Governments,  and  each  conntry  having  one  vote  only,  irrespec- 
tive of  its  size  and  importance. 

The  third  Conference  was  held  at  Rome  in  December,  1871,  when 
the  British  Government  (Post  Oflfice)  was  for  the  first  time  repre- 
sented, and  also  the  Indo-Enropean  and  Cable  Companies,  vrhich 
latter  are  bound  by  the  resolutions  of  the  Conference  only  in  matters 
of  international  administration,  and  of  tariff  in  cases  where  lines  join 
two  countries  belonging  to  the  Union. 

The  fourth  Conference  met  at  St.  Petersburg  in  1876,  and  the  fifth 
at  London  in  1879.  At  the  latter  meeting  diflBcult  questions  of  tariff 
arose,  which  protracted  the  sittings  over  nearly  two  months.  At 
previous  Conferences  it  had  already  been  decided  to  treat  eacb  conntry 
as  a  unit,  its  particular  charge  being  the  same,  whether  a  messi^ 
had  only  to  cross  the  frontier,  or  had  to  pass  over  long  distances  into 
the  interior.  At  the  London  Conference  it  was  proposed  by  Germany 
to  adopt  a  uniform  rate  per  international  message  for  the  wbole  of 
Europe,  analogous  to  the  uniform  postal  rate  for  letters,  while  France 
went  further  and  urged  the  adoption  of  a  universal  rate  per  word. 
Neither  of  these  measures,  however,  was  adopted,  but  a  compromise 
was  effected :  and  after  the  let  April,  1880,  each  word  will  be  charged 
at  a  specified  rate  for  each  country,  five  words  being  added  to  each 
message  to  cover  time  spent  in  advising,  commencing,  and  finishing  it. 

The-  next  Conference  will  meet  at  Berlin  in  1884. 

All  European  countries,  as  well  as  Brazil,  Persia,  India,  and  Japan, 
belong  to  the  Conference,  and  are  bound  by  its  decisions. 

Any  of  twelve  modern  languages  using  the  Roman  character  may 
be  employed;  Russian,  Greek,  Turkish,  being  thus  excluded  from 
use. 

It  would  be  difficult  to  over  estimate  the  beneficial  results  prodnced 
by  these  Conferences  in  stimulating  and  perfecting  international 
communication. 

Material  is  not  wanting  to  extend  these  notices  of  scientific  activity 
over  a  wider  range ;  for  our  foreign  neighbours  are  always  ready  to 
furnish  us  with  information  of  whatever  is  new  among  them  either 
in  matter  or  in  method.  But  a  mere  enumeration  of  these  things, 
however  interesting  in  themselves,  would  form  but  a  dull  chapter, 
unless  it  should  issue  in  a  judicial  estimate  of  results,  or  a  suggestive 
comparison  of  national  arrangements  for  the  promotion  of  science. 
On  such  an  enterprise  I  am  by  no  means  prepared  to  adventure 
myself;  and  even  if  I  should  be  ever  led  to  make  the  attempt  on 
some  special  topic,  or  some  particular  aspect  of  the  question,  I  must, 
at  all  events,  defer  it  to  a  future  occasion. 

On  the  motion  of  Mr.  Francis  Galton,  seconded  by  Sir  Joseph 
Fayrer,  it  was  resoked :— '*  That  the  thanks  of  the  Society  here. 
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tnmcd  to  the  President  for  his  Address,  and  that  he  be  requested  to 
allow  it  to  be  printed." 

The  President  then  proceeded  to  the  presentation  of  the  Medals  : — 

The  Copley  Medal  has  been  awarded  to  Rndolph  Jalins  Emmannel 
Clansins,  Foreign  Member  of  the  Royal  Society,  for  his  investigations 
in  the  Mechanical  Theory  of  Heat, 

The  Mechanical  Theory  of  Heat  as  at  present  understood  and  taught 
has  been  so  essentially  a  matter  of  growth,  that  it  would  be  difficult  to 
assign  to  each  investigator  the  precise  part  which  he  has  taken  in  its 
establishment.  It  will,  however,  be  admitted  by  all,  that  the  re- 
searches of  Clausius  rank  high  among  those  which  have  mainly  con- 
tributed to  its  development.  These  researches  extend  over  a  period 
of  thirty  years,  and  embrace  important  applications  of  the  theory  not 
only  to  the  steam  engine,  but  to  the  sciences  of  electricity  and 
magnetism. 

Even  to  enumeratci  those  who  have  contributed  to  one  branch  of  the 
subject,  viz.,  the  Kinetic  Theory  of  Gases,  would  be  beyond  my  pre- 
sent purpose  and  powers ;  but  as  Clausius  himself  states,  both  Daniel 
and  John  Bernoulli*  wrote  on  the  subject.  And,  even,  to  go  back  to 
earlier  times,  Lucretiusf  threw  out  the  idea ;  while  Grassendi,  and  oar 
own  Boyle,  appear  to  have  entertained  it.  Within  our  own  recollection, 
Joule,  Meyer,  Kroning,  Clerk  Maxwell,  and  others  have  made  in- 
valuable contributions  to  this  branch,  as  well  as  to  the  general  subject 
of  the  Mechanical  Theory  of  Heat.  But  however  great  the  value  of 
these  contributions,  it  may  safely  be  stated  that  the  name  of  Clausius 
will  always  be  associated  with  the  development  of  earlier  ideas  into  a 
real  scientific  theory. 

The  Davy  Medal  has  been  awarded  to  P.  E.  Lecoq  de  Boisbaudran. 
The  discovery  of  the  metal  gallium  is  remarkable  for  having  filled  a 
gap  which  had  been  previously  pointed  out  in  the  series  of  known 
elements.  Mendelejeff  had  already  shown  that  a  metal  might  probably 
exist,  intermediate  in  its  properties  between  aluminium  and  indium, 
before  Boisbaudran's  laborious  spectroscopic  and  chemical  investi- 
gation of  numerous  varieties  of  blende  led  him  to  the  discovery  and 
isolation  of  such  a  metaL 

The  separation  of  the  minute  traces  of  gallium  compounds  from 
blende  is  an  operation  presenting  unusual  difficulty,  owing  ^to  the  cir- 
cumstance that  compounds  of  gallium  are  carried  down  by  various 
precipitates  from  solutions  which  are  incapable  by  themselves  of 
depositing  those  compounds. 

*  In  the  loth  section  of  his  ^  Hydrodynamics." 
t  "  De  rerum  NaturA,"  hb.  ii,  111—140. 
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A  Royal  Medal  has  been  awarded  to  A.  C.  Bamsaj,  P.R.S.  Pro- 
fessor Ramsay  has  been  for  a  period  of  nearly  forty  years  connected  with 
the  Geological  Survey  of  Great  Britain,  and  during  by  far  the  greater 
part  of  that  time  either  as  Director  or  Director- General  of  the  Survey. 
During  this  long  period  in  addition  to  his  official  labours  in  advancing 
our  knowledge  of  the  geology  of  this  country,  he  has  published  works 
on  the  "  Geolooy  of  Arran,"  "The  Geology  of  North  Wales,"  *' The 
Old  Glaciers  of  North  Wales  and  Switzerland,"  and  "The  Physical 
Geology  and  Geography  of  Great  Britain,"  now  in  its  fifth  edition. 
His  papers  in  the  **  Quarterly  Journal  of  the  Geological  Society,"  and 
elsewhere,  are  numerous  and  important,  especially  those  on  theoretical 
questions  in  physical  geology,  such,  for  instance,  as  "The  Glacial 
Origin  of  Lake  Basins,"  "  The  Fresh- water  Formation  of  the  Older 
Red  Rocks,"  and  "  The  History  of  the  Valley  of  the  Rhine,  and  other 
Valleys  of  Erosion."  There  are,  indeed,  among  living  geologists  few 
who  can  claim  to  have  done  more  to  extend  our  knowledge  in  the  im- 
portant fields  of  geology  and  physical  geography. 

A  Royal  Medal  has  been  awarded  to  W.  H.  Parkin,  F.R.S.  Mr. 
William  Perkin  has  been,  during  more  than  twenty  years,  one  of 
the  most  industrious  and  successful  investigators  of  Organic  Chemistrj. 

Mr.  Perkin  is  the  originator  of  one  of  the  most  important  branches 
of  chemical  industry,  that  of  the  manufacture  of  dyes  from  coal-tar 
derivatives. 

Forty- three  years  ago  the  production  of  a  violet-blue  colour  by 
the  addition  of  chloride  of  lime  to  oil  obtained  from  coal-tar  was 
first  noticed,  and  this  having  afterwards  been  ascertained  to  be  doe  to 
the  existence  of  the  organic  base  known  as  aniline,  the  production 
of  the  colouration  was  for  many  years  used  as  a  very  delicate  test  for 
that  substance.  The  violet  colour  in  question,  which  was  soon  after- 
wards also  produced  by  other  oxidising  agents,  appeared,  however, 
to  be  quite  fugitive,  and  the  possibility  of  fixing  and  obtaining  in  a 
state  of  purity  the  aniline  product  which  gave  rise  to  it,  appears  not 
to  have  occurred  to  chemists  until  Mr.  Perkin  successfully  grappled 
with  the  subject  in  1856,  and  produced  the  beautiinl  colouring  matter 
known  as  aniline  violet,  or  mauve,  the  production  of  which,  on  a 
large  scale,  by  Mr.  Perkin,  laid  the  foundation  of  the  coal-tar  colour 
industry. 

His  more  recent  researches  on  anthracene  derivatives,  especially  on 
artificial  alizarine,  the  colouring  matter  identical  with  that  obtained 
from  madder,  rank  among  the  most  important  work,  and  some  ot 
them  have  greatly  contributed  to  the  successful  manufacture  of 
ulizarine  in  this  country,  whereby  we  have  been  rendered  independent 
of  the  importation  of  madder. 

Among  the  very  numerous  researches  of  purely  scientific  interest 
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which  Mr.  Perkin  lias  pablished,  a  series  on  the  hydrides  of  salicjl 
and  their  derivatives,  may  be  specially  referred  to ;  but  among  the 
most  prominent  of  his  admirable  investigations  are  those  resulting 
in  tlie  synthesis  of  coumarin,  the  odoriferous  principle  of  the  tonqain 
bean  and  the  sweet  scented  woodruff,  and  of  its  homologues. 

The  artificial  production  of  glycocol  and  of  tartaric  acid  by  Mr. 
Perkin  conjointly  -^ith  Mr.  Duppa,  afford  other  admirable  examples 
of  synthetical  research,  which  excited  very  great  interest  among 
chemists  at  the  time  of  their  publication. 

It  is  seldom  that  an  investigator  of  organic  chemistry  has  extended 
his  researches  over  so  wide  a  range  as  is  the  case  with  Mr.  Perkin, 
and  his  work  has  always  commanded  the  admiration  of  chemists  for 
its  accuracy  and  completeness,  and  for  the  originality  of  its  con- 
ception. 


The  Statutes  relating  to  the  election  of  Council  and  Officers  were 
then  read,  and  Prof.  Francis  de  Chaumont  and  Dr.  Gladstone  having 
been,  with  the  consent  of  the  Society,  nominated  Scrutators,  the  votes 
of  the  Fellows  present  were  taken,  and  the  following  were  declared 
duly  elected  as  Council  and  Officers  for  the  ensuing  year  : — 

President. — William  Spottiswoode,  M.A.,  D.C.L.,  LL.D. 

Treasurer. — John  Evans,  D.C.L.,  LL.D. 

^;j       ,     .    r  ProfessorGeorge  Gabriel  Stokes,  M. A.,  D.C.L.,LL.D. 

\  Professor  Thomas  Henry  Huxley,  LL.D. 

Foreign  Secretary. — Professor  Alexander  W.  Williamson,  Ph.D.,  LL.D. 

Other  Members  of  the  Council. — George  Busk,  V.P.L.S. ;  Professor 
Arthur  Cayley,  LL.D. ;  Major-General  Henry  Clerk,  R.A. ;  Edwin 
Donkin,  F.R.A.S. ;  Augustus  G.  Vernon  Harcourt,  F.C.S. ;  Sir 
Joseph  Dalton  Hooker,  C.B.,  K.C.S.L ;  John  Whitaker  Hulke, 
F.B.C.S. ;  Lieut.-General  Sir  J.  Henry  Lefroy,  C.B. ;  William  New- 
march,  List.  Pr.  Corr. ;  Professor  Alfred  Newton,  M.A.,  V.P.Z.S. ; 
Professor  William  OdUng,  M.B.,  V.P.C.S.;  Sir  James  Paget,  Bart., 
D.C.L. ;  William  Henry  Perkin,  Sec.  C.S.  ;  Charles  William  Siemens, 
D.C.L.;  John  Simon,  C.B.,  D.C.L. ;  Professor  John  Tyndall,  D.C.L., 
LLD. 

The  thanks  of  the  Society  were  given  to  the  Scrutators, 
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The  following  Table  shows  the  progress  and  present  state  of  ihe 
Society  with  respect  to  the  number  of  Fellows : — 


Patron 

and 

Koyal. 

Foreign. 

Com- 
pounders. 

£4 
yearly. 

£3 
yearly. 

1 

1 

Total    1 

1 

Nov.  30,  1878  .. 

4 

44 

253 

248 

i49  J 

Since  Elected    . . 

-h     6 

-1-     4 

-h      1 

H-    11 

+  a 

Since  Deceased . . 

-     2 

-  16 

-  18 

-  31  1 

1 

December  1,1879. 

4 

48 

241 

236 

11 

1 

1 
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440  Appropiiation  of  the  Government  Grant, 


[Dec.  1,    1 


Account  of  Grants  fi'om  the  Donation  Fund  in  1878-79. 

Messrs.  Morrison  and  Marsden,  for  a  Research  into  the 
Solubility  of  Carbon  and  Silicon  in  Fused  Metals, 
and  the  Fonn  in  which  they  crystallise  out  on  cooling  £20     0     0 

J.  Snodgrass,  for  a  Research  into  the  Absorption  of  Gases 

by  Solutions  of  Salts 50     0    0 

Sir  William  Thomson,  for  the  Construction  of  a  Machine 

for  solving  Simultaneous  Linear  Equations    30     0    0 

£100     0    0 


Account  of  the  appropriation  of  the  sum  of  £1,000  (the  Govern- 
ment Grant)  annually  voted  by  Parliament  to  the  Royal 
Society,  to  be  employed  in  aiding  the  Advancement  of 
Science  (continued  from  Vol.  XXVIII,  p.  75.) 

1879. 

1.  Dr.  Stenhouse,  for.  continuation  of  Researches  into  the 
History  of  Naphthaline  and  its  Derivatives,  and  into  Gardenine  £100 

2.  W.  Crookes,  for  continuation  of  Researches  on  the  Vis- 
cosity of  Gases  at  various  Exhaustions,  and  on  the  Trajectoiy 

of  Molecules 200 

3.  J.  Glaisher,  towards  the  expense  of  Printing  the  Factor 
Table  of  the  Fourth  Million    150 

4.  D.  Gill,  for  obtaining  assistance  of  Computers  in  finish- 
ing the  Reductions  of  the  Observations  which  he  made  on  Mars, 

at  Ascension,  1877       100 

5.  Capt.  Abney,  for  continuing  his  Reseai-ches  on  the  Spectra 
of  Skylight,  and  his  Investigations  on  Photographing  the  Ultra- 
red  Portion  of  the  Solar  Spectrum     30 

6.  G.  B.  Buckton,  for  aid  in  Publishing  a  Monograph  of  the 
British  Aphides,  which  may  lead  to  an  increased  knowledge  of 

the  Group,  and  the  Phenomena  concerned  in  their  Reproduction       75 

7.  G.  E.  Dobson,  for  Investigation  of  the  Natural  History  of 
the  Mammalian  Order  Insectivora,  embracing — (1)  Descriptions 
of  all  the  known  species ;  (2)  their  distribution  in  space  and 
time ;  (3)  the  anatomy  of  the  least  known,  most  interesting,  and 
most  typical  species 25 

Carried  forward £680 
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Brought  forward £680 

8.  Professor  Leith  Adams,  for  completion  of  the  Description 

of  the  Remains  of  British  Fossil  Elephants 30 

9.  W.  J.  Sollas,  for  an  Investigation  into  the  Microscopic 
Structure  of  Fossil  Sponges    25 

10.  W.  T.  Thiselton  Dyer,  for  aid  in  the  Preparation  of  an 
ninstrated  Monograph  of  CycadesB    25 

11.  E.  A.  Schafer,  for  Payment  of  an  Assistant  in  continuing 

his  Histological  and  Emhryological  Investigations 50 

12.  Baron  Ettingshausen,  for  Expenses  incurred  in  continuing 
the  Preparation  of  his  Monograph  on  the  Eocene  Flora  of  Great 
Britain    50 

13.  Professor  A.  H.  Church,  for  the  purpose  of  completing 
Researches  in  Plant  Chemistry,  and  for  extending  the  inquiry 
into  new  directions 40 

14.  E.  J.  Mills,  for  the  further  prosecution  of  Researches  on 
Standard  Industrial  Curves    70 

15.  J.  N.  Langley,  for  a  Research  into  the  Secretion  of  the 
Salivary  Glands,  and  on  the  Effect  of  Section  and  Stimulation 

of  any  one  Nerve  of  the  Frog  on  the  Reflex-time  of  the  rest  ....       50 


£1020 


Br. 

£     t.  d. 
To    Balance    on   hand,  Nov.  80, 

1878 1082    5  8 

Grant  from  Treasury,  1879   1000    0  0 

Interest 14    6  9 


2046  12    5 


Or. 
£     #.    d. 
By  Appropriations,  as 

above 1020    0    0 

Printing,  Postage,  and 

Advertising   4    2    6 

Balance  on  hand,  Dec. 
1,1879    1022    9  11 

2016  12    5 
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Account  of  Appropriations  from  the  Government  Fund  of  £4,000 
made  by  the  Lords  of  the  Coifunittee  of  Council  on  Educa- 
tion, on  the  reconmiendation  of  the  Coimcil  of  the  Royal 
Society. 

Amnlph  Mallock,  for  the  cost  of  CoDstniction  of  a  Machine 

for  Ruling  Diffraction  Gratings  of  large  size £200 

G.  Gore,  for  contin nation  of  Researches  into  the  Thermo- 
electric Properties  of  Liquids ;  the  Determination  of  the  Electro- 
motive Force,  and  internal  resistance  of  a  Liquid  Thermo-electric 
Battery,  and  to  complete  Tables  of  Electric  Relations  of  Metals 

at  different  Temperatures 100 

Sir  Wm.  Thomson,  for  completing  a  Tidal  Harmonic  Analyser       50 
Sir  Wm.  Thomson,  for  continnation  of  Experiments  on  the 

Effects  of  Stress  on  Magnetization 50 

J.  Kerr,  for  continuation  of  Electro-optic  and  Magneto-optic 

Investigations 100 

J.  H.  Pojnting,  for  continuation  of  Experiments  to  determine 
the  Mean  Density  of  the  Earth,  by  means  of  an  Ordinary  Balance       93 
Rev.  Dr.  Haughton,  for  continuing  his  Discussion  of  Tidal 

Observations  made  in  Arctic  Seas 50 

J.  N.  Lockyer,  for  continuation  of  Researches  on  the  Solar 

Spectrum    200 

A.  Tribe,  for  Researches  into  the  Distribution  of  the  Radicals 

of  Electrolytes  on  MetalUc  Conductors 50 

W.  C.  Roberts,  for  continuation  of  Researches  on  the  Passage 
of  Metals  and  Alloys  in  a  Molten  State  through  Capillary  Tubes      25 
R.  H.  Ridout,  to  investigate  more  fully  the  Sound  developed 

in  Homogeneous  Conductors  by  Electrical  Disturbance 15 

Professors  Liveing  and  Dewar,  for  continuing  their  Researches 
into  the  Spectra  of  Elements  and  Compounds  under  various  cir- 
cumstances       100 

E.  Neison,  for  continuation  of  Computations  in  the  Lunar 

Theory 75 

Alex.  Buchan,  for  the  expense  of  collecting  and  discussing 
Data  for  Determination  of  the  Hourly  Means  of  the  Barometer 
for  each  Month,  from  a  large  number  of  Stations,  on  Land  and 

Sea  over  the  Globe    100 

W.  E.  Ayrton,  for  extending  to  other  Gases  the  Investigations 
already  made  in  Air  (by  Professor  Perry  and  himself)  on  ihe 
Electro-motive  Force  of  Contact  of  Solids  and  Liquids 100 

Carried  forward £1;J08 
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Brought  forward £1308 

J.  B.  Jordan,  for  the  construction  of  a  Glycerine  Barometer, 

and  for  carrying  on  Observations  thereon 30 

W.  Galloway,  for  continuing  his  Investigation  of  the  Effect  of 
Coal  Dust  in  promoting  the  Explosion  of  a  Mixture  of  Air  and 

Fire  Damp 80 

H.  Tomlinson,  for  a  Research  into  the  Effect  of  Strain  and 
Pressure  on  Matter  when  under  the  Influences  of  the  Forces  of 

Heat,  Electricity,  Magnetism,  and  Chemical  Affinity 100 

J.  E.  H.  Gordon,  for  continuation  of  Experimental  Measure- 
ments of  the  Specific  Inductive  Capacity  of  Dielectrics 100 

Rev.  G.  Henslow,  for  aid  in  Researchea  in  Vegetable  Phy- 
siology:   On  the  Absorption  of  Dew  and  Rain,  and  on  the 

Transpiration  of  Plants 50 

B.  T.  Lowne,  for  further  Investigation  of  the  Structure  and 

Functions  of  the  Eyes  of  Invertebrates 40 

Professor  M.  F.  Heddle,  for  a  Research  connected  with  the 

Scientific  Mineralogy  and  Geognosy  of  Scotland    100 

W.  A.  Forbes,  for  an  Examination  of  the  Pterylosis  of  Parrots, 
with  a  view  to  a  better  Arrangement  and  Classification  of  the 

Genera  of  that  Sub-order 7 

Dr.  C.  Callaway,  for  a  Research  into  the  relations  of  the  Pre- 
Cambrian  and  Cambrian  Rocks  of  Shropshire,  extension  thereof 
into  Scottish  Highlands,  with  a  view  to  the  more  accurate  cor- 
relation of  the  subdivisions  of  the  Lower  PalsBOzoic  Rocks    ....        50 

Professor  W.  K.  Parker,  for  assistance  in  continuation  of 
Researches  on  the  Morphology  of  the  Vertebrate  Skeleton,  and 

the  Relations  of  the  Nervous  to  the  Skeletal  Structure. 300 

H.  T.  Stainton,  in  aid  of  the  Publication  Fund  of  tl^  Zoolo- 
gical Record  Association 100 

Professor  H.  A.  Nicholson  and  R.  Etheridge,  junior,  for  con- 
tinuance of  aid  in  Examining  the  Fossils  of  the  Silurian  Deposits 
of  Girvan,  Ayrshire,  and  in  publishing  a  Monograph  upon  them       60 

Colonel  Godwin-Austen  (Brit.  Assoc.  Committee),  for  Investi- 
gation of  the  Natural  History  of  the  Island  of  Socotra 175 

Rev.  A.  E.  Eaton,  to  defray  the  cost  of  Printing  and  Pub- 
lishing a  Descriptive  Monograph  of  the  Ephemerid© 75 

H.  Woodward,  for  continuation  of  Work  on  the  Fossil  Crus- 
tacea, especially  with  reference  to  the  Trilobita  and  other  ex- 
tinct Forms,  and  their  Publication  by  the  Palseontographical 

Society  , 75 

Dr.  W.  H.  Gaskell,  for  continuation  of  Researches  upon  Vaso- 
motor Action 25 

Carried  forward £2675 
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Brought  forward £2675 

C.  Lapworth,  for  assistance  in  work  among  the  Silnrian  Rocks 
^f  Sonth  Scotland,  and  in  special  Studies  of  the  British  Ghrapto- 
aites 50 

Professor  H.  O.  Seeley,  for  continuation  of  Investigation  into 
the  Structure,  Affinities,  and  Classification  of  the  Extinct  B^p- 
ftilia  and  allied  Animals    80 

Professor  W.  Stirling,  for  Investigations  into  the  BListology 
and  Physiology  of  the  Nervous  Apparatus  of  the  Lungs 25 

Dr.  W.  B.  Hodgkinson,  for  continuation  of  Researches  on  the 
Action  of  Chlorine  and  of  dry  Ammonia  on  Hydro-cinnamein, 
and  other  Investigations 175 

C.  G.  Williams,  for  investigation  of  the  Chemical  History  and 
Physiological  Action  of  /3  Lutidine;  and  for  continuation  of 
Researches  on  Emeralds  and  Beryls 50 

W.  N.  Hartley,  for  continuation  of  Researches  on  the  Action 
of  Organic  Substances  on  the  Ultra-violet  Rays  of  the  Spectrum     150 

Professor  Schorlemmer,  for  continuation  of  Researches  into 
(1)  Aurin ;  (2)  the  normal  Paraffins ;  (3)  Suberone 150 

J.  H.  CpUins,  for  continuation  of  Chemical,  Mineralogical, 
Microscopical,  and  Stratigraphic  Observations  on  and  Investiga- 
tions of  the  Rocks  of  Cornwall » ^ 

E.  A.  Letts,  for  Experiments  with  BleBmat-oxyline,  to  deter- 
mine its  constitution,  and,  if  possible,  to  obtain  it  by  Synthesis ; 
and  for  Experiments  on  the  Action  of  Sodium  on  Hydro-chlorate 
of  Turpentine  and  others    80 

G.  C.  Robinson,  for  the  Separation  and  Examination  of  Bases 
of  High  Boiling  Points  contained  as  Sulphates  in  the  "  Vitriol 
Tar  "  of  the  Paraffin  Oil  Manufacture,  and  the  Determination 
of  Composition  and  Properties  of  higher  and,  at  present,  un- 
known members  of  the  Leucoline  Series  of  Bases   15 

Dr.  C.  R.  A.  Wright,  for  continuation  of  Researches  on  certain 
points  in  Chemical  Dynamics,  and  on  some  of  the  less  known 
Alkaloids ;  and  for  a  Research  on  the  Determination  of  Chemi- 
cal Affinity  by  means  of  Electrical  Measurements   200 

P.  P.  Bedson  and  W.  C.  Williams,  for  an  Investigation  into 
the  Specific  Refractive  Powers  of  Benzene  Derivatives,  and  of 
the  Derivatives  of  other  Aromatic  Hydro-carbons 50 

Dr.  Armstrong,  for  continuation  of  Observations  on  the 
Phenols,  and  for  Experiments  on  the  Action  of  Reducing  Agents 
on  Nitric  Acid   150 

3880 
Administrative  expenses    75 

£3955 
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Report  of  the  Kew  Committee  for  the  Year  ending 
October  31,  1879. 


The  Kew  Committee  has  been  increased  by  one  new  member,  Lieu- 
tenant-General Sir  J.  H.  Lefroy,  K.C.M.G.,  daring  the  past  year,,  and 
is  now  constituted  as  follows : — 

General  Sir  E.  Sabine,  K.C.B.^  Chairman. 


Mr.  De  La  Rue,  Vice-chairman. 
Prof.  W.  G.  Adams. 
Capt.  F.  Evans,  C.B. 
Prof.  G.  C.  Foster. 
Mr.  F.  Galton. 

Lieut.-Gen.  Sir  J.  H.   Lefroy, 
K.C.M.G. 


Vice-Adm.  Sir  G.  H.  Richards. 

The  Earl  of  Rosse. 

Mr.  R.  H.  Scott. 

Lieut.- General  W.  J.^  Smythe. 

Lieut.-Gen.  R.  Strachey,  C.S.I. 

Mr.  K  Walker. 


Magnetic  Work. — No  change  has  been  made  in  the  Magnetographs,. 
which  have  worked  continuously  during  the  year.  The  curves  ob- 
tained have  been,  as  a  rule,  devoid  of  interest,  no  disturbance  of  note 
having  been  registered  for  some  time. 

Owing  to  wear,  the  vertical  force  cylinder  bearing  has  become  loose 
in  its  seat,  and  it  will  be  necessary  shortly  to  make  a  new  fitting  for  it.- 

In  consequence  of  the  illness  of  some  of  the  members  of  the  Sub^ 
Committee  mentioniH)  in  the  last  report,  as  appointed  to-  consider  the 
best  means  of  utilising  the  accumulated  records  of  the  Magnetographs^ 
no  decision  has  yet  been  arrived  at  in  the  matter. 

At  the  request  of  Professor  Balfour  Stewart  the  absolute  diurnal 
range  of  the  declination  needle  has  been  determined  for  every  day  for 
the  period  1858  to  1873. 

The  scale  values  of  all  the  instruments  were  re-determined  in 
January,  in  accordance  with  the  usaal  practice. 

The  monthly  observations  with  the  absolute  instruments  have  been 
made  regularly  by  Mr.  Figg,  and  the  results  are  given  in  the  tables 
forming  Appendix  I  of  this  report. 

The  magnetic  instruments  have  been  studied  and  a  knowledge  of 
their  manipulation  obtained  by  Mr.  D.  Gill,  the  Astronomer  Royal  at 
the  Cape  of  Good  Hope,  and  Mr.  H.  I.  Bell,  the  recently  appointed 
Assistant  to  the  Royal  Alfred  Observatory,  Mauritius. 
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Information  on  matters  relating  to  terrestrial  magnetism  and  various 
data  have  been  supplied  to  the  Hydrograpliic  Office,  Dr.  E.  Van 
Ryckevorsel,  Dr.  Atkinson,  Dr.  Thorpe,  Mr.  Elliott,  Mr.  Fleming,  and 
Mr.  Gordon. 

To  the  last-named  gentleman  the  Committee  also  lent  illustrations 
of  the  magnetographs  and  other  magnetic  instruments  employed  at 
Kew  for  use  in  a  work  he  has  in  preparation  upon  Electricity  and 
Magnetism. 

The  following  is  a  summary  of  the  number  of  magnetic  observations 
made  during  the  year : — 

Determinations  of  Horizontal  Intensity 29 

Dip    123 

„  Absolute  Declination 25 

Meteorological  Work, — The  several  self-recording  instruments  for 
the  continuous  registration  respectively  of  atmospheric  pressure,  tem- 
perature, humidity,  wind  (direction  and  velocity),  and  rain  have  been 
maintained  in  regular  operation  under  the  care  of  Mr.  T.  W.  Baker, 
assisted  by  Mr.  J.  Hillier. 

The  standard  thermometer  (No.  379)  for  eye  observations  of  the 
temperature  of  evaporation  was  accidentally  broken  in  September 
whilst  re-covering  the  thermograph  tube  with  new  muslin.  A  spare 
thermometer  (No.  473)  of  the  same  construction  was  at  once  set  up  in 
its  place,  so  that  no  loss  took  place  in  the  registrations. 

The  standard  eye  observations  made  five  times  daily,  for  the  control 
of  the  automatic  records,  have  been  duly  registered  through  the  year, 
together  with  the  daily  observations  at  0  h.  45  m.  p.m.  in  connexion 
with  the  Washington  synchronous  system. 

An  additional  daily  observation  has  been  made  since  July  1st  at 
6  h.  45  m.  P.M.,  to  be  used  in  a  second  synchronous  system  organised 
by  M.  Ma-scart,  Directeur  du  Bureau  Central  M6t6orologique,  Paris. 

The  tabulation  of  the  meteorological  traces  has  been  regularly 
carried  on  by  Mr.  Hawkesworth,  and  copies  of  these,  as  well  as  of  the 
eye  observations,  with  notes  of  weather  and  cloud,  have  been  trans- 
mitted weekly  to  the  Meteorological  Office. 

The  following  is  a  summary  of  the  number  of  meteorological  obser- 
vations made  during  the  past  year  : — 

Readings  of  standard  barometer 2270 

„          dry  and  wet  thermometers 5818 

„          maximum     and    minimum    thermo- 
meters    976 

„          radiation  thermometers    1670 

„          rain  and  evaporation  gauges 830 

Cloud  and  weather  observations 2607 
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Measurements  of  barograph  curves 9202 

dry  bulb  thermograph  curves . .  9202 

wet  bulb  thermograph  curves . .  91 19 

wind  (direction  and  velocity). .  18492 

rainfall  curves  . . . '. 8760 

sunshine  traces 2393 

Instruction  in  the  use  of  meteorological  instruments  has  been 
afforded  to  the  Rev.  Clement  Ley,  Inspector  of  English  Observing 
Stations,  and  Mr.  H.  I.  Bell. 

In  compliance  with  a  request  made  by  the  Meteorological  Council  to 
the  Kew  Committee,  the  Observatories  at  Aberdeen,  Armagh,  Fal- 
mouth, Glasgow,  Stonyhurst,  and  Valencia,  have  been  visited  and 
their  instruments  inspected  by  Mr.  Whipple  during  his  vacation. 

Mr.  Baker,  also  in  consequence  of  a  request  of  the  Meteorological 
Council,  visited  Stonyhurst  Observatory  in  January  last,  and  re- 
adjusted the  thermograph,  which  had  accidentally  been  deranged 
during  the  frost. 

With  the  concurpence  of  the  Meteorological  Council,  weekly  abstracts 
of  the  meteorological  results  have  been  regularly  forwarded  to  and 
published  by  the  "  Times,"*  "  Illustrated  London  News,"  "  Mid- 
Surrey  Times,"  and  "  Torquay  Directory,"  and  meteorological  datn 
have  been  supplied  amongst  others  to  the  editor  of  "  Symons'  Monthly 
Meteorological  Magazine,"  Professor  B.  Stewart,  Dr.  Rowland, 
Mr.  Greaves,  C.E.,  and  the  Institute  of  Mining  Engineers. 

Copies  of  selected  photographic  curves  have  been  made  and  supplied 
to  M.  Mascart. 

Elecirograph, — This  instrument  has  been  in  continuous  action 
through  the  year  under  the  care  of  Mr.  Constable. 

It  was  found  necessary  in  August  to  dismount  and  clean  the  in- 
strument in  order  to  restore  its  power  of  keeping  a  full  charge  of  elec- 
tricity, which  had  become  somewhat  impaired. 

On  consideration  it  was  deemed  inadvisable  to  alter  the  bifilar  sus- 
pension as  suggested  in  last  year's  report,  but  the  Mascart  insulating 
stands  were  fixed  for  the  support  of  the  water-dropping  cistern,  and 
the  action  of  the  instrument  has  been  greatly  improved  by  their 
adoption,  so  that  strong  charges  of  electricity  are  now  registered  even 
in  the  dampest  weather. 

Some  trouble  was  experienced  in  maintaining  a  constant  flow  of 
water  from  the  jet  during  the  severe  frosts  of  last  winter,  but  it  was 
not  considered  necessary  to  make  special  arrangements  for  heating  the 

*  A  detailed  investigation  was  made  in  tbe  month  of  Jannarj  into  the  accuracy 
of  the  weekly  meteorological  records  published  in  "  The  Times."  The  result  on  the 
whole  was  rcry  faTonrable,  the  principcd  difference  being  found  in  the  rainfall,  which 
is  usually  given  in  excess  of  the  true  amoimt. 
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water  in  the  cistern,  a  spare  jet  kept  in  readiness  being  screwed  on 
when  the  other  was  observed  to  be  frozen. 

Photo-heliograph, — The  re-examination  of  the  measurements  of  the 
Kew  snn-pictores,  as  noticed  in   tiie  last  report,  was  completed  in 

January,  and  the  preliminary  reductions  of  —  have  been  steadily  carried 

on  throughout  the  year  by  Mr.  Whipple,  assisted  by  Mr.  McLaughlin, 
who  has  been  temporarily  engaged  for  this  purpose.  It  is  expected 
that  the  above  reductions  will  be  completed  by  the  end  of  the  present 
year,  or  early  in  1880. 

Mr.  Marth  is  still  engaged  on  the  reduction  to  heliocentric  elements 
of  the  pictures  from  January,  1864,  to  April,  1870,  inclusive. 

All  these  operations  have  been  conducted  under  the  direction  and 
at  the  expense  of  Mr.  De  La  Rue. 

The  eye  observations  of  the  sun,  after  the  method  of  Hofrath. 
Schwabe,  as  described  in  the  report  for  1872,  have  been  made  on  151 
days,  in  or^ler  to  maintain  for  the  present  the  continuity  of  the  Kew 
records  of  sun-spots.  The  sun's  surface  was  observed  to  be  free  from 
spots  on  113  of  those  days. 

Transit  Observations. — Seventy-eight  observations  have  been  made 
of  sun-transits  for  the  purpose  of  obtaining  correct  local  time  at  the 
Observatory.  Eighty-six  clock  and  chronometer  comparisons  have  also 
been  made.     This  work  is  performed  by  Mr.  Constable. 

Extra  Observations, — The  four  solar-radiation  thermometers  and  one 
terrestrial-radiation  were  observed  daily  until  the  8rd  of  August,  when 
all,  with  the  exception  of  one  black  bulb  thermometer,  were  completel} 
destroyed  by  the  great  hailstorm  which  occurred  on  that  date.  Si'.ce 
then  only  one,  the  remaining  black  bulb,  and  a  new  terrestrial  radia- 
tion thermometer  have  been  daily  observed. 

The  Campbell  sunshine  recorder,  described  in  the  Report  for  1875, 
continues  in  action,  and  the  improved  form  of  the  instrume*«t,  giving 
a  separate  record  for  every  day  of  the  duration  of  sunshins,  has  been 
regularly  worked  throughout  the  year,  and  its  curves  tabulated. 

Two  papers  based  upon  these  records  have  been  read  hj  the  Super- 
intendent before  the  Meteorological  Society,  and  puViished  in  their 
Quarterly  Journal.  The  first,  "  On  the  Relation  betw^ten  the  Daration 
of  Sunshine,  the  amount  of  Solar  Radiation,  and  the  Temperature 
indicated  by  the  Black  Balb  Thermometer,"  printet4  in  vol.  v,  p.  142, 
shows  that  these  three  phenomena  are  intimately  connected  with  each 
other,  the  curves  resulting  from  the  plotting  down  of  the  daily  values 
given  by  the  three  instruments  rising  and  falling  together  almost  all 
through  the  year. 

The  second  paper,  published  in  vol.  v,  p.  213,  on  '^  The  Duration  of 
Sunshine,  Extent  of  Sky  clouded,  and  the  Height  of  the  Barometer,'" 
proves  that  at  the  Kow  Observatory  the  amount  of  cloud   varies 
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inversely  as  the  barometric  pressure  between  the  limits  of  29*0  and 
30*3  inches,  the  variation  being  most  rapid  between  29*8  and  30' 1 
inches.  Also  that  above  30'3  inches  cloud  increases  with  increasing 
pressure,  attaining  the  mean  about  30*5  inches,  and  rising  above  it  at 
30*6  inches. 

Various  experiments  have  been  made  with  the  sunshine-recorder 
from  time  to  time  with  the  view  of  improving  its  efl&ciency,  and  new 
instruments  with  certain  modifications  of  the  Kew  pattern  have  been 
submitted  for  approval  by  Messrs.  Beck  and  Mr.  Casella. 

Wind  Component  Integrator, — The  numerous  adjustments  and  elec- 
trical contacts,  altogether  190  in  number,  of  this  instrument,  render 
it  particularly  subject  to  derangement  in  this  country,  the  damp 
atmosphere  causing  frequent  failures  in  the  electrical  actions,  and  the 
high  winds  constantly  shaking  the  screws  loose.  The  continual  neces- 
sity for  readjustment  causing  a  greater  demand  upon  the  time  of  the 
Observatory  stafE  than  the  Committee  feel  themselves  justified  in 
bestowing  upon  it,  they  have  reluctantly  decided  upon  dismounting 
it,  and  it  will  shortly  be  returned  to  South  Kensington,  to  be  again 
set  up  in  the  Loan  Collection  of  scientific  apparatus. 

PkotO'nephoscope.  — At  the  request  of  the  Meteorological  Council  this 
instrument,  which  was  mentioned  in  the  last  Report,  was,  in  March, 
placed  in  the  hands  of  Captain  Abney,  R.E.,  F.R.S.,  that  gentleman 
having  kindly  offered  to  make  some  experiments  with  it. 

Exposure  of  Thermometers, — ^Experiments  have  been  for  some  time  in 
progress  at  the  Observatory  with  the  view  of  determining  the  relative 
merits  of  different  patterns  of  thermometer  screens.  For  this  purpose 
there  have  been  erected  on  the  lawn  a  Stevenson's  screen,  of  the  ordi- 
nary English  pattern,  and  a  large  wooden  cage,  containing  a  Wild's 
screen,  of  the  pattern  employed  in  Russia.  Each  of  these  screens  con- 
tains a  dry  and  wet  bulb  thermometer,  and  a  maximum  and  minimum, 
all  of  which  are  read  daily  at  9  a.m.  and  9  p.m.,  their  indications  being 
compared  with  those  of  the  thermograph  at  the  same  hours.  A  third 
portable  metal  screen,  designed  by  Mr.  De  La  Rue  for  use  on  ship- 
board, which  contains  a  dry  bulb  thermometer  only,  is  also  carried  out 
by  the  observer,  and  read  at  the  same  time  as  the  fixed  instruments. 

The  cost  of  these  experiments  is  borne  by  the  Meteorological  Council. 

Glycerine  Barometer. — Mr.  J.  Jordan,  having  obtained  a  grant  from 
the  Grovemment  Fund  of  the  Royal  Society  for  the  construction  of  a 
glycerine  barometer,  applied  to  the  Committee  for  permission  to  erect 
it  in  the  Observatory.  This  they  willingly  granted,  and  they  also 
undertook  to  read  it  regularly  for  one  year.  It  has  accordingly  been 
set  up  in  the  building,  bat  owing  to  its  great  length,  thirty  feet,  some 
difficulty  was  experienced  in  finding  a  suitable  situation  for  it. 
Eventually  it  was  decided  to  fix  the  cistern  (which  was  first  ascer- 
tained to  be  constructed  of  non- magnetic  materials),  in  the  magneto- 
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gp^ph  room,  to  lead  tbe  tube  of  composition  metal  up  tbrougli  tbe 
entrance  ball,  and  to  put  up  the  upper  part  of  glass,  with  the  verniers 
and  divided  scales,  in  the  north  library  in  a  convenient  position  for 
reading. 

It  was  successfully  filled,  by  Mr.  Jordan,  with  glycerine  (coloured 
red),  and  has  since  its  erection  been  read  five  times  daily,  simultaneously 
with  the  standard  mercurial  barometer. 

Bogen's  Barometers, — Mr.  F.  Bogen  has  deposited  two  of  the  patent 
standard  cistern  siphon  barometers,  described  by  him  in  the  "  Quarterly 
Journal  Met.  Soc,"  vol.  v,  p.  137,  in  the  Observatory,  with  the  re- 
quest that  comparisons  might  be  made  between  the  disk  reading  and 
the  ordinary  method  of  reading  barometers.  Mr.  Bogen  visited  the 
Observatory,  on  several  occasions,  to  give  instructions  as  to  the  proper 
method  of  filling,  setting  up,  and  reading  his  instruments. 

Mr.  Bogen  has  also  submitted  for  trial  an  improved  Artificial  Horizon. 

The  De  La  Bue  Evaporatuyti  Gauge. — The  Vice-Chairman  of  the  Com- 
mittee has  devised  a  small  evaporation  gauge,  by  means  of  which  the 
water  given  off  from  a  continually- wetted  sheet  of  vegetable  parch- 
ment is  measured  daily.  Two  of  these  instruments,  constructed  by 
Messrs.  Negretti  and  Zambra,  are  now  at  Kew,  and  their  indications 
have  been  noted  every  day,  at  10  a.m.,  for  the  past  six  weeks. 

The  Be  La  Rue  Anemograph, — The  Meteorological  Council,  having 
now  in  use  Thomson's  Harmonic  Analyser,  instructed  the  Superin- 
tendent to  again  test  the  anemograph  designed  by  Mr.  De  Lia  Rue,  for 
the  purpose  of  indicating  at  once,  without  replotting,  the  horizontal 
movement  of  the  wind  from  hour  to  hour. 

The  instrument,  when  tried  at  the  Observatory  in  1872,  was  found 
to  be  somewhat  defective  in  its  working,  as,  owing  to  the  mechanical 
arrangements  for  returning  the  pencil  to  zero,  its  indications  were 
left  unrecorded  for  intervals  varying  from  three  to  four  minutes  every 
hour.  An  electrical  attachment  has  now  been  substituted  for  part  of 
the  mechanism,  so  as  to  reduce  the  time  lost  to  about  twenty  seconds 
hourly,  and  the  instrument  is  at  present  working  in  the  experimental 
house. 

The  spare  Barograph,  belonging  to  the  Meteorological  Office,  is  also 
erected  in  the  experimental  house,  for  the  purpose  of  trying  various 
photographic  processes  suggested  from  time  to  time  as  desirable 
substitutes  for  those  now  employed  in  the  preparation  of  the  carves 
for  the  registering  instruments. 

At  the  request  of  Professor  Stokes,  a  series  of  comparisons  has 
been  made  between  a  Hodgkinson*s  Actinometer,  returned  to  England 
for  repair  by  Mr.  Hennessey  of  Calcutta,  and  the  three  standard 
instruments  retained  in  this  country  for  reference. 

Pendulum  Observations. — The  Committee  have  had  their  attention 
directed  to  an  ambiguity  in  a  paper  by  Messrs.  B.  Stewart  and  Loewy. 
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on  the  corrections  to  be  applied  to  Pendnlnm  Observations  printed  in 
the  "  Proc.  Roy.  Soc.,"  vol.  xvii,  p.  488. 

It  is  there  stated,  on  p.  489,  that  the  observations  were  made  with  a 
reversible  pendulum,  and  on  p.  497,  with  Kater's  invariable  pendulum. 

After  a  careful  investigation  the  Committee  find  that  only  one 
pendulum  was  employed  throughout  the  whole  series  of  experiments, 
and  that  pendulum  was  Kater's  convertible  pendulum,  designated  in 
the  Royal  Society  Catalogue  of  Scientific  Apparatus  as  "  the  basis  of 
the  present  system  of  British  Weights  and  Measures.'* 

The  original  observations  stated  in  the  paper  to  be  preserved  at  the 
Kew  Observatory  cannot  at  present  be  found,  and  the  authors  are 
unable  to  afford  the  Committee  any  information  as  to  what  has  become 
of  them. 

Verifications. — The  following  magnetic  instruments  have  been  veri- 
fied, and  their  constants  have  been  determined : — 

A  Dip-circle,  by  Barrow  and  Co.,  for  the  Austro-Hungarian 
Government. 

A  Dip-circle,  by  J.  Dover,  for  Dr.  Guido  Schenzl,  Budapest. 

A  pair  of  Dipping-needles  for  Professor  Smimow,  Kasan. 
There  have  also  been  purchased  on  commission  and  verified: — 

A  Unifilar,  Dip-circle,  and  Fox  Circle,  together  with  the 
apparatus  for  the  determination  of  temperature  and  in- 
duction co-efficients  of  Magnets,  for  Professor  Greene,  Bureau 
of  Navigation,  Washington. 

A  Unifilar  for  Professor  Honzeau,  Brussels  Observatory. 

A  Unifilar  and  Dip-circle  for  Professor  Young,  Princetown, 
United  States. 

A  Unifilar  for  Senhor  Capello,  Lisbon  Observatory. 

A  Bi filar  for  Captain  Wille,  Norwegian  Navy. 

A  Dip-circle  for  Lieutenant  van  Hasselt,  Utrecht. 

A  pair  of  Dipping-needles  for  Professor  Ferrari,  Rome. 

And  a  Tabulator  for  Don  Cecilio  Pujazon,  San  Fernando. 

There  are  at  present  undergoing  verification  a  Dip-circle  for 
Dr.  Mielberg  of  Tiflis,  and  a  Dip-circle  for  Mr.  Casella. 

Although  there  has  been  a  slight  falling  off  in  the  total  number  of 
barometers  verified  as  compared  with  last  year,  yet  as  regards  ther- 
mometers the  result  is  highly  satisfactory,  the  number  of  these 
instruments  having  considerably  increased.  This  is  due  to  the  great 
demand  for  verified  clinical  thermometers. 

The  branch  still  continues  under  the  charge  of  Mr.  T.  W.  Baker, 
who  is  assisted  by  Messrs.  J.  Foster,  T.  Gunter,  and  C.  Taylor.  The 
following  are  the  numbers  of  instruments  examined : — 
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Barometers,  Standard 68 

„  Marine  and  Station    77 

Aneroids 51 


Total 196 

Thermometers,  ordinary  Meteorological    ....  1286 

„              Standard    67 

„              Mountain    43 

„              Clinical 3405 

„              Solar  radiation   27 

Total 4828 

Besides  these  53  Deep-sea  Thermometers  have  been  tested,  tiie 
greater  number  of  which  were  sabjected  in  the  hydraulic  press, 
without  injury,  to  strains  exceeding  three  and  a-half  tons  on  the 
square  inch. 

8  Thermometers  have  been  compared  at  the  freezing  point  of 
mercury. 

Duplicate  copies  of  corrections  have  been  supplied  in  54  cases. 

12  Standard  Thermometers  have  been  calibrated  and  divided,  a  set 
of  three  being  specially  constructed  for  the  experiments  on  Air  Ther- 
mometers  now  in  progress  under  Dr.  Thorpe  at  Leeds. 

2  Thermograph  Tubes  were  examined  for  the  Zi-Ka-Wei  Obser- 
vatory, Shanghai. 

A  pair  of  special  Thermometers  have  been  selected,  verified,  and 
forwarded  to  the  Royal  Observatory,  Naples. 

The  following  miscellaneous  instruments  have  also  been  verified : — 

Hydrometers 1 20 

Anemometers 2 

Bain  Gauges 6 

Sextants     ', 4 

Theodolites 5 

There  are  at  present  in  the  Observatory  undergoing  verification, 
26  Barometers,  400  Thermometers,  and  4  Rain  Gauges. 

The  comparison  of  Messrs.  Hottinger*s  Aneroids  being  completed, 
the  Superintendent  drew  up  an  account  of  the  instruments  and  their 
performance,  which  he  read  before  the  Meteorological  Society. 

The  paper  was  published  in  the  "Quarterly  Journal,"  vol.  v, 
p.  189,  and  the  Aneroids  were  transferred  to  the  care  of  Mr.  Hicks, 
whom  Messrs.  Hettinger  have  appointed  their  agent  in  this  country. 

Several  attempts  made  to  verify  Thermometers  at  high  tempera- 
tures having  failed,  it  is  intended  to  construct  a  speciid  apparatus 
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when  its  pattern  shall  have  been  definitely  decided  upon.  Experimentn 
for  this  purpose  are  still  in  progress. 

The  Committee  finding  that  the  "  Hall  Mark  '*  for  Thermometers  was 
not  adopted  bj  opticians,  owing  to  the  fact  that  a  charge  was  made 
for  engraving  it,  decided,  in  December,  to  mark  all  Thermometers 
verified  at  the  Observatory  free  of  cost. 

This  resolution  having  been  advertised  in  the  leading  scientific 
journals,  and  a  special  assistant,  H.  Clements,  having  been  engaged 
for  the  purpose,  the  K.  O.  monogram  and  register  number  have  been 
etched  upon  every  Thermometer  tested  since  the  beginning  of  the 
present  year. 

As  the  '^  Hall  Mark  "  advertisements  caused  numerous  inquiries  to 
be  made  respecting  the  verification  of  instruments,  the  Committee 
took  advantage  of  the  opportunity  to  issue  a  new  and  revised  scale  of 
fees  chargeable  for  this  service. 

Air  Thermometer, — The  construction  of  the  Standard  Air  Thermo- 
meter has  been  delayed,  in  order  that  the  Committee  might  be 
enabled  to  adopt  certain  improvements  which  have  been  suggested  by 
Professors  Thorpe  and  Biicker,  who  are  at  present  engaged  in  mak- 
ing an  elaborate  and  accurate  comparison  between  the  mercurial  and 
air  thermometers. 

At  the  invitation  of  Prof essor  Thorpe,  Mr.  Whipple  recently  visited 
the  Yorkshire  College  of  Science,  Leeds,  in  order  to  witness  the  ex- 
periments in  progress. 

The  difference  between  the  old  Royal  Society  Standard  Barometer 
and  the  Kew  standards  having  been  well  determined,  the  daily  com- 
parisons were  brought  to  a  close  in  March  last.  The  former  instrument 
is  to  be  shortly  returned  to  Burlington  House,  and  again  set  up  in  the 
apartments  of  the  Royal  Society. 

Owing  to  an  accident  to  the  Gktlton  Thermometer- testing  apparatus, 
and  the  increased  risk  incurred  in  marking  the  Thermometers,  the 
breakage  of  Thermometers  has  been  slightly  larger  than  usual  during 
the  past  year,  but  it  has  only  amounted  to  about  one-half  per  cent,  of 
the  total  number  verified. 

Some  very  old  Standard  Thermometers  having  been  recently  tested, 
the  Superintendent  has  been  instructed  to  draw  up  an  account  of  the 
changes  in  their  indications,  for  presentation  to  the  Royal  Society. 

A  new  form  of  thermometer  has  been  designed  by  Mr.  Whipple,  and 
constructed  by  Mr.  Hicks,  for  the  purposes  of  conveying  indication  of 
temperature  to  a  distance  by  means  of  electricity  without  the  neces- 
sity of  employing  intervening  clockwork.  Professor  W.  G.  Adams 
has  kindly  consented  to  make  a  set  of  experiments  with  this  apparatus 
in  the  laboratory  of  King's  College. 

Waxed  Paper,  S^c,  supplied. — Waxed  paper  has  been  supplied  to  the 
following  Observatories : — 
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Bombay,  Mauritius,  Monteouris,  San  Fernando,  and  four  Observa- 
tories of  the  Meteorological  Council. 

Anemograph  sheets  have  also  been  sent  to  the  Mauritius  Observatory, 
and  blank  forms  for  the  entry  of  magnetic  observations  to  the  Horton 
Observatory,  the  Bureau  of  Navigation,  Washington,  and  the  Owens 
College. 

Loan  EzhihUion. — ^With  the  exception  of  the  Hodgkinson's  Aetino- 
meter  and  the  three  instruments  mentioned  in  last  year's  report,  the 
instruments  specified  in  the  Report  for  1876  still  remain  in  charge  of 
the  Science  and  Art  Department,  South  Kensington. 

Anemomnter  Testing. — The  Committee  have  had  before  them  the  ques- 
tion of  the  desirability  of  erecting  a  suitable  apparatus  for  the  testing 
of  Anemometers  and  Air-meters ;  but  in  the  opinion  of  Dr.  Robinson 
it  will  be  better  to  postpone  its  erection  for  a  time. 

Mauritius  Observatory, — The  Earl  of  Carnarvon,  Secretary  of  State 
for  the  Colonies,  having  requested  the  Committee  to  nominate  a 
suitable  person  to  the  appointment  of  First  Assistant  at  the  Royal 
Alfred  Observatory,  Mauritius,  they  eventually  selected  Mr.  Herbert 
Irving  Bell,  Laureate  of  the  Royal  College  of  Mauritius  in  1875,  from 
amongst  a  number  of  candidates. 

The  Crown  Agents  having  approved  of  their  choice,  Mr.  Bell  went 
thi'ough  a  course  of  training  in  observatory  work,  both  at  the  Kew 
Observatory  and  at  the  Royal  Observatory,  Greenwich,  before  he 
sailed  for  Mauritius  on  October  6th. 

Workshop, ^The  several  pieces  of  Mechanical  Apparatus,  such  as 
the  Whitworth  Lathe  and  Planing  Machine,  procured  by  Grants 
from  either  the  Government  Grant  Funds  or  the  Donation  Fund  for 
the  use  of  the  Kew  Observatory,  have  been  kept  in  thorough  order, 
and  many  of  them  are  in  constant,  and  others  in  occasional,  use  at  the 
Observatory,  but  the  funds  of  the  Committee  do  not  at  present  allow 
of  the  employment  of  a  mechanical  assistant,  although  one  is  much 
needed. 

Library. — During  the  year  the  Library  has  received,  as  presenia,  the 
publications  of 

11  English  Scientific  Societies  and  Institutions, 

46  Foreign  and  Colonial  Scientific  Societies  and  Institutions. 

A  large  number  of  scientific  works  have  also  been  presented  to  the 
Library  by  General  Sir  E.  Sabine,  and  duplicate  copies  of  woiks 
already  in  the  Obssrvatory  have  been  presented  to 

Dr.  Hinrichs. 

Professor  EZarlinski. 

The  Observatoiy,  Pekin. 

Mr.  Rundell. 

The  Society  of  Telegraph  Engineers. 
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The  Committee  have  also  received  back  from  the  Council  of  the 
British  Association,  a  number  of  works  on  Meteorology  originally  pre- 
sented to  the  Observatory,  but  transferred  to  the  Library  of  the 
British  Association  at  Albemarle  Street  in  1871,  when  the  control 
of  the  Observatory  was  placed  in  the  hands  of  the  Royal  Society. 

It  is  in  contemplation  to  make  a  complete  catalogue  of  all  the 
scientific  works  in  the  Library,  which  now  number  about  8,000. 

Ventilation  Experiments. — The  tubes,  cowls,  and  appliances  used  by 
the  Sanitary  Institute  of  Great  Britain  in  their  experiments  on  the 
ventilating  power  of  cowls  of  different  form,  still  remain  fitted  up  in 
the  experimental  house,  but  no  use  has  been  made  of  them  for  some 
months.  As,  however,  there  is  no  immediate  necessity  for  their  re- 
moval, the  Institute  has  not  yet  been  called  upon  to  dismount  them. 

Observatory  and  Grounds. — The  baildings  and  grounds  have  been 
kept  in  repair,  but  owing  to  the  great  outlay  caused  in  replacing  the 
windows  and  skylights,  which  were  broken  in  the  hailstorm  of 
August  3rd,  1879,  Her  Majesty's  Commissioners  of  Woods  and  Forests 
have  not  repainted  the  Observatory  this  year,  although  it  is  greatly 
needed  both  internally  and  externally. 

The  Workshops  have  been  painted  externally,  and  partially  whitened 
inside. 

Application  was  made  to  the  Conunissioners  to  repair  the  path 
across  the  Park,  which  had  become  impassable  in  the  long-continued 
wet  weather ;  as  however  they  did  not  accede  to  the  request  of  the 
Committee,  it  has  been  found  necessary  to  adopt  temporary  measures 
for  facilitating  the  approach  to  the  Observatory. 

Staff. — The  Staff  employed  at  Kew  is  as  follows: — Mr.  G.  M. 
Whipple,  B.Sc,  Superintendent;  T.  W.  Baker,  First  Assistant;  J. 
Foster,  J.  W.  Hawkesworth,  H.  McLaughlin,  F.  G.  Figg,  E.  G. 
Constable,  T.  Gonter,  J.  Hillier,  C.  Taylor,  A.  Dawson,  H.  Clements, 
and  J.  Dawson. 

Mr.  R.  W.  F.  Harrison  resigned  his  appointment  in  December,  and 
two  Junior  Assistants,  C.  Taylor  and  A.  Dawson,  were  then  engaged 
in  his  stead. 

Visitors. — The  Observatory  has  been  honoured  by  the  presence, 
amongnt  others,  of  : — 

The  President,  OflBcers,  and  Members  of  the  Council  of  the 

Meteorological  Society. 
Dr.  Abbe. 

Captain  I.  du  T.  Bogle,  R.E. 
Mr.  Gill. 
M.  Hagemann. 
Captain  Maxwell,  R.N.  • 
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APPENDIX  I. 


Magnetic  Observations  made  at  the  Kew  Ohservatory^  Lot.  51°  28'  6"  N.y 

Long.  0*»  1»  15"1  W.yfor  the  year  October  1878  to  September  1879. 

The  observations  of  Deflection  and  Vibration  given  in  the  annexed 
Tables  were  all  made  with  the  Collimator  Magnet  marked  K  G  1,  and 
the  Kew  9-inch  Unifilar  Magnetometer  by  Jones. 

The  Declination  observations  have  also  been  made  with  the  same 
Magnetometer,  Collimator  Magnet  N  E  being  employed  for  the  pnrpose. 

The  Dip  observations  were  made  with  Dip-circle  No.  33,  the  needles 
1  and  2  only  being  nsed ;  these  are  3^  inches  in  length. 

The  results  of  the  observations  of  Deflection  and  Vibration  give  the 
values  of  the  Horizontal  Force,  which,  being  combined  with  the  Dip 
observations,  fnmish  the  Vertical  and  Total  Forces. 

These  are  expressed  in  both  English  and  metrical  scales — ^the  nnit  in 
the  first  being  one  foot,  one  second  of  mean  solar  time,  and  one  grain ; 
and  in  the  other  one  millimetre,  one  second  of  time,  and  one  milligramme, 
the  factor  for  reducing  the  English  to  metric  values  being  0*46108. 

By  request,  the  corresponding  values  in  C.G.S.  measure  are  also  given. 

The  value  of  log  ^K  employed  in  the  reduction  is  1*64365  at  tem- 
perature 60°  P. 

The  induction-coefficient  fi  is  0*000194. 

The  correction  of  the  magnetic  power  for  temperature  t^  to  bh 
adopted  standard  temperature  of  35**  F.  is 

0*0001194(^0-35) +0*000,000,213(*o-35)». 

The  true  distances  between  the  centres  of  the  deflecting  and  deflected 
magnets,  when  the  former  is  placed  at  the  divisions  of  the  deflection- 
bar  marked  1*0  foot  and  1*3  feet,  are  1000075  feet  and  1*300097  feet 
respectively. 

The  times  of  vibration  given  in  the  Table  are  each  derived  from  the 
mean  of  12  or  14  observations  of  the  time  occupied  by  the  magnet  in 
making  100  vibrations,*  corrections  being  applied  for  the  torsion-force 
of  the  suspension-thread  subsequently. 

No  corrections  have  been  made  for  rate  of  chronometer  or  arc  of 
vibration,  these  being  always  very  small. 

The  value  of  the  constant  P,  employed  in  the  formula  of  reduction 

In  each  observation  of  absolute  Declination  the  instrumental  read- 
ings have  been  referred  to  marks  made  upon  the  stone  obelisk  erected 
about  a  quarter  of  a  mile  north  of  the  Observatory  as  a  meridian  mark, 
the  orientation  of  which,  with  respect  to  the  Magnetometer,  was  de- 
termined by  the  late  Mr.  Welsh,  and  has  since  been  carefully  verified. 
The  observations  have  all  been  made  and  reduced  by  Mr.  F.  G.  Figg, 
*  A  yibration  is  a  moTement  of  the  magnet  from  a  position  of  maximum  displace- 
ment on  one  side  of  the  meridian  to  a  corresponding  position  on  the  other  side. 

VOL.  XXTX.  2   1    /     r^niCilo 

Digitized  by  VjOO^  IC 


458  Report  of  tfie  Kew  Committee. 

Observations  of  Deflection  for  Absolute  Measure  of  Horizontal  Force. 


Month. 


Qt.  M.  T. 


Distances 

of 
Centres  of 
Magnets. 


Tempe- 
rature. 


Observed 
Deflection. 


Mean. 


t 

Xi 

o 


F. 


1878. 
October . . . 

NoTember. 

December . 

1879. 
January. . . 

February  . 

March   . .  • 

April 

May 

June 

July 

August  . . . 

September. 


d.    h.  m. 
28  12  24  p.m. 

2  28    „ 

25  12  28P.H 
2  24    „ 

23  12  87  P.M. 
2  86    „ 

28  12  17  p.m. 
2  19    „ 

25  12  27  p.m. 

2  27    „ 

26  12  25p.if. 

2  22    „ 

28  12  17P.M 
2  26    „ 

26  12  22  p.M 
2  28    „ 

25  12  80  P.M 

2  83    „ 

28  12  24  p.m. 
2  18    „ 

28  12  28  p.m. 
2  27    „ 

26  12  29P.M 

2  86    „ 


foot. 


10 


10 
3 


■0 
3 

0 
3 
0 
8 

0 
3 
0 
3 

0 
3 
0 
8 

0 
8 
0 
3 

0 
3 
0 
3 

10 

1-3 

10 

8 

1-0 
1-3 


50-3 
52*2 

54-9 
52-9 

28-2 
31  b 

34*6 
34-2 

40*3 
40-4 

37  0 
37  i 

52-7 
66-2 

63-9 
61-9 

61*4 
65-6 

72-3 
72-7 

65-4 
66'-8 

62-7 
64-9 


15  37  12 
7    2  38 

15  86  1 
7    2  10 

15  35  14 
7    1  47 

15  85  18 
7    1  48 

15  87  54 

7    2  54 

15  87  50 

7    2  48 

15  89  6 
7    8  29 

15  38  86 
7    8  16 

15  87  41 
7    2  49 

15  38  5 
7    3  10 

15  87  51 
7    3    0 

15  87  2 
7    2  33 

15  35  22 
7    1  42 

15  84  7 
7    1  12 

15  33  20 
7    0  53 

15  33  25 
7    19 

15  33  15 
7    0  52 

15  32  7 
7    0  24 

15  81  82 

7    0    7 

15  81    8 

6  59  50 

15  82  49 

7  0  87 
15  32    5 

7    0  87 

15  88  11 
7    10 

15  82  88 
7    0  27 


9  18057 


( 


9  13014 


9  12967 


9  13046 


9  13043 


9  13001 


912988 


912994 


F. 


F. 


F.  • 


F.I 


F. 


F! 


912962!   " 


9  12961! 
9  12974    " 

n 

n 

F 
9  12974 
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Vibration  Observations  for  Absolute  Measure  of  Horizontal  Force. 


Month. 

Or.  M.  T. 

Tempe- 
rature. 

Time  of 
one  Vi- 
bration. 

Log  «»X. 
Mean. 

Value 

of  «!.• 

i 

O 

1878. 
October 

d.   h.  m. 
28  11  38  a.m. 

3    2  P.M. 

48-9 
53-4 

sees. 
4-6328 

4-6317 

0-31198 

0-52634 

F. 

November 

25  11  43  a.m. 

53-4 

4*6867 

F. 

3    0  p.m. 

51-3 

4-6366 

0-31128 

0-52567 

»» 

December 

1 

23  12    5  p.m. 

261 

4-6258 

F. 

1 

1             1879. 
Januarv 

3    8  p.m. 
28  11  34  a.m. 

323 
33-3 

4-6293 
4-6335 

0-31162 

0-52558 

F 

2  53  p.m. 

340 

4-6817 

0-31093 

0-52564 

>» 

February 

25  11  48  a.m. 

38-3 

4-6317 

F. 

3      IP.M. 

89-4 

46334 

0-31118 

0-52578 

)i 

March 

26  11  37  a.m. 
2  58  p.m. 

351 
37-3 

4-6328 
4-6328 

0-31096 

0-52689 

F. 

A  Dril 

28  11  33  a.m. 
8    8p.m'. 

50-2 
561 

46382 
46372 

0-31107 

0-52539 

F. 

"^Jr*"  •••• 

May 

26  11  87  a.m. 

621 

46419 

F 

8    2  p.m. 

61-2 

4-6401 

0-31094 

0-52534 

)) 

June 

25  11  55  a.m. 
3  35  p.m. 

62-8 
68-5 

4-6403 
4-6415 

0-81137 

0-52540 

F. 

July 

28  11  32  a.m. 
2  55  P.M. 

72-3 
73-9 

4-6418 
4-6408 

0-31181 

0-52567 

F. 

Atiffiist  • . . .  . . .  1 1  • 

28  11  40  a.m. 

64*5 

4*6452 

F 

3    4  p.m. 

67-6 

46456 

0-31061 

0-52501 

» 

September 

26  11  44  a.m. 

61-6 

4-6106 

^ 

F. 

3  13  p.m. 

681 

4-6410 

0-81188 

0-52648 

>» 

m  =■  magnetic  moment  of  vibrating  magnet. 


2  I  2^  I 
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Dip  Observations. 


1 

G.  M.  T. 

J8 

1 

Dip. 

1 

1 

G.  M.  T. 

Sz< 

Dip. 

C 

c 

1 

o 

1878. 
Oct. 

Nov. 

Dec. 

1879. 
Jan. 

Feb. 

Mar. 

d.  b.  m. 
29  2  59  p.m. 

2  59   „ 
308    3   „ 

3  2   „ 

Mean.. 

No. 

1 
2 
1 
2 

North. 

Sj  43'o9 
42-88 
42-72 
42-59 

F. 

:: 

» 

F. 

» 

F. 

M 
>l 
M 

F. 
t* 

a 
a 

F. 
» 

«> 

F. 

>* 
>» 
i» 

1879. 
Apl. 

May 

June 

July 

Aug. 

Sept. 

d.  h.  m. 
29  3  16  p.m. 
3  16   „ 

30     2     59       yy 

2  59   ., 
Mean.. 

No. 
1 
2 

1 
2 

North. 

6^  42'09 
4281 
42-87 
42-37 

F. 

n 
» 

67  42-82 

67  42-53 

27  3    9  p.m. 

3    7   „ 
283    1    „ 

8    1    „ 

Mean.. 

30  2  55  p.m. 
2  58   „ 

31  3    3    „ 
8    2   „ 

Mean.. 

28  3    6  p.m. 
3    5   .. 

29  3    0   „ 
3    1    „ 

Mean.. 

1 
2 
1 
2 

67  42-50 
42-03 
42-94 
43-24 

1 
2 
1 
2 

67  42-25 
42-56 
42-03 
42-06 

F. 

n 
» 
n 

.... 

67  42-68 

67  42-22 

27  3  11  P.M. 

3    9    „ 
30  3    6   „ 

8    6   „ 

Mean.. 

1 
2 
1 
2 

67  42-62 
41-94 
43-56 
43-31 

1 
2 
1 
2 

67  43  12 
42-75 
41-88 
41*18 

1 

F.I 

.. 

n 

c 

67  42-86 

67  42-23 

29  3    1  P.M. 

3    2   „ 
31  2  53   „ 

2  52   „ 

Mean.. 

26  3    2  p.m. 

3  2   „ 

27  3    8   „ 

3  8   „ 

Mean.. 

28  4  27  p.m. 

4  25    „ 
31  3    7   „ 

3    7   „ 

Mean.. 

29  3    6  p.m. 
3    8   „ 

30  3    3    „ 
3    5    „ 

Mean.. 

1 
2 
1 
2 

67  42-93 

42-68 
43-00 
42-87 

1 
2 
1 
2 

67  42-62 
41-68 
42-43 
4218 

P. 

»  ! 



67  42-87 

67  42  23 

28  8  51  P.M. 
3  51    „ 

29  3  16   „ 
3  14   „ 

Mean.. 

1 
2 
1 
2 

1 
2 
1 
2 

67  4306 
42-37 
42-43 
4119 

67  4275 
42-25 
41-68 
41-50 

F. 

n 
« 
n 

F. 

n 
n 

... 

67  42  26 

67  42<H 

29  2  65  p.m. 
2  65   „ 

30  3  10   „ 
8  10   „ 

Mean.. 

1 
2 
1 
2 

67  42-99 
4275 
42-87 
4162 

1 
2 
1 
2 

67  42-87 
42^75 
42-87 
42^93 

67  42-56 

67  42  85 
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Presents,  November  20,  1879. 

Transactions. 

Bamslej :—  Midland  Institute  of  Mining,   Civil,   and  Mechanical 

Engineers.     Transactions.     Parts  46  and  47.     8vo.     Bamsley 

1879.  The  Institute. 

Batavia: — Oenootschap  van    Kunsten  en  Wetenschappen.      Tijd- 

schrift  voor  Indische  Taal-,  Land-   en  Volkenknnde.    Deel  25. 

Afl.   2.    8vo.    Batavia  1879.    Notulen  van  de  Algemeene  en 

Bestunrs-Yergaderingen.    Deel  16.  No.  3  en  4.  8vo.   Batavia 

1879.  The  Society. 

Berlin: — Kon.     Akademie     der    Wissenschaften.     Abhandlongen. 

1878.  4to.  Berlin  1879.  Monatsbericht.  May,  June,  1879.  8vo. 

Berlin  1879.  The  Academy. 

Berwickshire   Naturalists'  Club.    Proceedings.   Vol.  VIII.  No.  3. 

8vo.  Alntnck  1879.  The  Club. 

Bologna : — ^Accademia  delle  Sdenze.  Memorie.  Serie  III.  Tomo  IX. 

Ease.   3,  4.    4to.    Bologna  1878.   Tomo  X.   Fasc.   1,   2.    4to. 

Bologna  1879.  Rendiconto.  1878-79,  8vo.  Bologna  1879. 

The  Academy. 
Bombay  :— Royal  Asiatic    Society  :     Bombay    Branch.     Journal, 

1878.  8vo.  Bombay  1879.  The  Society. 

Bordeaux : — Society  de  M6decine  et  de  Chirurgie.  Memoires  et  Bul- 
letins. 1"  et  2*  Ease.  1878.  8va.  Pa/ris  and  Bordeaux  1878. 

The  Society. 
Boston : — ^American  Academy  of  Arts  and  Sciences.      Proceedings. 

1878-79.  8vo.  Boston  1879.  The  Academy. 

Brussels : — ^Acad^mie   Royale  des   Sciences.     Bulletin.    Nos.   5-8. 

8vo.  Bruxelles  1879.  The  Academy. 

Bu6nos- Ayres : — Museo  Publico.     Description  Physique  de  la  R6- 

publique  Argentine,  par  H.  Burmeister.   Tome  V.  1®  Partie. 

8vo.  BudnoS'Ayres  1878.  Atlas.  4to.  BuSnos-Ayres  1879. 

The  Museum. 
Cambridge: — Philosophical   Society.      Transactions.      Vol.    XII. 

Part  3.    4to.    Cambridge  1879.    Proceedings.    Vol.  III.    Parts 

3-6.  8vo.  Cambridge  1879.  The  Society. 

Cherbourg: — Soci^t6  Nationaledes  Sciences  Naturelles et Math6ma- 

tiques.     Memoires.     Tome  XXI.    8vo.    Paris    and    Cherbourg 

1877-78.  Catalogue  de  la  Bibliotheque.  2®  Partie.  2®  livraison. 

8vo.  Cherbourg  1878.  The  Society. 

Soci6t^  Nationale  Acad^mique.     Memoires.    8vo.    Cherbourg    and 

Caen  1879.  The  Society. 
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Transactions  {continued). 

Copenliagen  : — Kongelige  Danske  Videnskabemes  Selskab.  Over- 
sigt  over  defc  Selskabs  Forhandlinger.  1879.  No.  2.  8vo. 
Kjobenhavn  1879.  Skrifter.  5te  Baskke,  natnrvidenskabelig  og 
mathematisk.  Afd.  12te  Bd.  IV.  Grypotherinm  darwinii  af 
J.  Reinhardt.  4to.  Kjobenhavn.  1879.  The  Society. 

L'Universite : — Aper9u  sur  Torganisation  de  rUniversit^  de  Copen- 
hagne.  8vo.  Gopenhague  1878.  Kjobenhavns  Universitets 
Retshistorie  1479-1879.  af  Henning  Matzen.  Festachriffc.  8vo. 
Kjobenhavn  1879.  2  vols.  Description  des  serres  du  jardin 
botaniqne  de  rUniversit^ :  Jacobsen  and  Bo  the.  folio.  Gopen- 
hague 1879.  The  University. 

Dnblin : — Royal  Irish  Academy.  Transactions.  Science.  January, 
April,  Jane.  Literature.  February.  4to.  Dublin  1879.  Pro- 
ceedings.    April  and  July.  8vo.  Dublin  1879. 

The  Academy. 

Edinburgh: — Geological  Society.  Transactions.  Session  1877-79. 
8vo.  Edinburgh  1879.  The  Society. 

Gottingen.  Konigliche  G^sellschaft  der  Wissenschaften.  Abhand- 
lungen.  Band  XXIV.  4to.  Oottingen  1879.  The  Society. 

Helsingfors  : — Soci6t6  des  Sciences  de  Finlande. — Forhandlingar. 
Vols.  XVIII-XX.  8vo.  Helsingfors  1876,  1878.  Bidrag  till 
Kannedom  af  Finlands  Natur  och  Folk,  Vols.  XX,  XXV-XXXI. 
8vo.  Helsingfors  1876-79.  Observations  m^t^orologiques,  ann^ 
1874-76.  8vo.  Helsingfors  1876,  1878.  The  Society. 

Society  Zoologiqne  et  Botaniqne  de  Finlande : — Forhandlingar  1-3. 
4to.  Helsingfors  1848-57.  (2  copies.)  Ny  serie  1-4,  6-11.  8vo. 
Helsingfors  1858-75.  (2  copies.)  Genmale  med  anledning  af 
Sallskapets  Notiser.  Haft  V  och  VI  af  Th.  M.  Fries.  8vo.  Up- 
sola  1862  (2  copies).  Sallskapets  inrattning  och  verksamhet 
ifrJn  dess  stiftelse,  Nov.  1821-Nov.  1871.  Skildring  af  Adolf 
Moberg.  8vo.  Helsingfors  1871.  (2  copies).  Sallskapet  pro 
Fauna  et  Flora  Fennica  for  tiden  frSn  den  1  Nov.  1821,  till 
samma  dag.  1871.  8vo.  Helsingfors  1871.  (2  copies.)  Med- 
delanden  af  Societas  pro  Fauna  et  Flora  Fennica.  Forsta  Haf  tet. 
8vo.    Helsingfors  1876.  The  Society. 

Leipzig : — Astronomische  Gesellschaft.  Vierteljahrsschrift.  Jahrg. 
14.  Heft  3.  8vo.  Leipzig  1879.  Publication  XIV.  Funda- 
mental-Catalog, fiir  die  Zone  n-beobach  tun  gen  am  Nordlichen 
Himmel.  4to.  Leipzig  1879.  Publication  XV.  Untersuch- 
ungen  iiber  die  Durchmesser  der  Planeten  Venus  und  Mars.  4to. 
Leipzig  1879.  The  Society. 

Fiirstlich   Jablonowski'sche  Gesellschaft.    Jahresberichte.    1878, 
1879.  8vo.  Leipzig.  The  Society. 

Konigliche  Sachsische  Gesellschaft  der  Wissenschaften.  Math.- 
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Transactions  (continued), 

Phys.  Classe.      Abliandlnngen  Bd.  XI.  Nos.  6-8.   Bd.  XII. 

No.  1.  8vo.  roy.  Leipzig  1876-8.    Berichte.   1875,  II,  III,  IV. 

1876,  I,  11.  1877,  I,  II.  1878.  8vo.  Leipzig  1876-79.  PhiloL- 

Hist.  Classe.    Abhandlnngen  Bd.  VII.  No.  5.  No.  6,  AJbh.  1 ; 

No.  7,  Abh.  2.   No.  8,  Abh.  1.  Bd.  VIII.    No.  1,  Abh.  2.  8vo. 

roy.   Leipzig  1876-79.    Berichte.  1875.  II,  1876.  1877,  I,  II. 

1878,  I,  II,  III.  8vo.  Leipzig  1876-79.  The  Society. 

Natnrforschende   Gesellschaft.     Sitznngsberichte.     1878.      8vo. 

Leipzig  1878.  The  Society. 

London: — British   Association.      Report  of  the  Meeting  held  at 

Sheffield  1879.  8vo.  London  1879. 

Institution  of  Civil  Engineers.     Proceedings.  Vols.  LVI,  LVII. 

List  of  Members,  July,  1879.     Charter,  Regulations,  and  List 

of  Members,  August,  1879.  8vo.  London  1879. 

The  Institution. 
New  AthensBum  Club.     List  of  Members.     August,  1879. 

The  Club. 
Royal  Astronomical   Society.     Memoirs.      Vol.   XLIV.    1877- 
1879.  4to.  London  1879.     List  of  Fellows.     June,  1879. 

The  Society. 

Royal    Geographical    Society.      Journal.      Vol.   XLVIIL    8vo. 

London  1878.    Proceedings.    July  to  November,   1879.    8vo. 

London  1879.  The  Society. 

Royal  Medical    and    Chirurgical   Society.      Catalogue    of    the 

Library.  3  vols.  8vo.  London  1879.     Proceedings.     Vol.  VIII. 

No.  8.  8vo.  London  1879.  The  Society. 

University  College.      General  Library  Catalogue.     2  vols.  8vo. 

London   1879.     Calendar.     1879-80  (2  copies.)    870.    London 

1879.  The  Senate. 

Milan  : — ^Accademia      Fisio-Medico-Statistica.        Atti.        Anno 

Accademieo.  1879.  8vo.  Milano  1879.  The  Academy. 

Society  Italiana  di  Scienze  Naturali.     Atti.     Vol.  XIX.  Fasc.  4. 

Vol.  XX.  Fasc.  3-4.  Vol.  XXI.    Fasc.  3-4.  8vo.  MUano  1879. 

The  Society 

Montreal  :—McGill   College.      Annual   Calendar.      1879-80.    8vo. 

Montreal  1879.  The  College. 

Paris: — Museum   d*Histoire   Naturelle.      Nouvelles  Archives.    2* 

Serie.  2*  Tome.  V  Fasc.  4to.  Paris  1879.  The  Museum. 

Philadelphia : — Franklin  Institute.  Journal.  May  to  October,  1879. 

The  Institute. 

Yokohama: — Asiatic   Society  of  Japan.      Transactions.    Vol.  VI. 

Part  3.  VII.  Parts  2-3.  The  Society. 

Ziirich  : — Natnrforschende  Gesellschaft.    Vierteljahrsschrift.    1878 

1-4.  The  Society. 
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Observations,  Reports,  <Sbc. 

Adelaide:— Observatory.     Meteorological  Observations.     August  to 

December,  1878.  folio.  The  Observatory. 

Calcutta: — Geological  Survey  of  India.      Memoirs.      Vol.   XIV. 

Vol.  XV.  Part  1.  8vo.  OalcnUa  1878.     Records.    Vol.   XIL 

Part  2.  8vo.  Calcutta  1879.  The  Survey. 

Dehra  Dun : — Great  Trigonometrical  Survey  of  India.     Account  of 

the  Operations.     Vols.  2-4  (2  copies.)  4to.  Dehra  Dun  1879. 

India  Office. 
Dublin: — Dunsink   Observatory.     Astronomical  Observations  and 
Researches.     Part  3.  4to.  Dublin  1879. 

Provost  and  Senior  Fellows  of  Trin.  Coll. 
London : — Royal  Mint.     Ninth  Annual  Report.  1878.   8vo.   London 
1879.  The  Deputy  Master. 

Stockholm: — Kongl.  Svenska  Vetenskaps  Akademie.  Astrono- 
miska  Jattagelser  och  Undersokningar  anstalda  pa  Stockholms 
Observatorium.  4to.  Stockholm  1877.  The  Academy. 

Washington: — Coast  Survey.  Report  of  the  Superintendent.  1875. 
4to.  Washington  \S7^.  The  Survey. 

Committee  on  Metallic  Alloys.  Report  on  a  Preliminary  In- 
vestigation of  the  Properties  of  the  Copper-tin  Alloys.  8vo. 
WasUngton  1879.  W.  C.  Roberts,  F.R.S. 

Geological  Exploration  of  the  Fortieth  Parallel.  Report  by 
Clarence  King,  U.S.  Geologist.  I.  Systematic  G^eology.  4to. 
Washington  1878.  The  U.S.  Geologist. 

Meteorological  Reports.  Daily  Bulletin  of  Weather  Reports. 
Nov.  1874.  (2  copies.)  4to.  Washington  1877.  Dec.  1874. 
(2  copies.)  4to.  Washington  1878.  U.S.  War  Department. 


Angermann  (Joannes)  Microscopium  ....  Daa  ist  :  Ausfuhrliche 
Philosophisch  und  Medicinalische  Beschreibung  dess  ....  Sawr 
oder  R&ssbrunnen  zu  Prutz  ....  Small  8vo.   Ynsprugg  1673. 

Statthaltereirath,  Johann  Wieser. 

Bailey  (James  B.)  A  Subject-Index  to  Scientific  Periodicals.  Paper 
read  at  Conference  of  Librarians.  Oct.  1878.  12mo.  London 
1879.  The  Author. 

Cavendish  (The  Hon.  Henry),  F.R.S.  The  Electric  Researches  of. 
Edited  by  J.  Clerk  Maxwell,  F.R.S. 

The  Syndics  of  the  Cam.  Univ.  Press. 

Chatsworth,  Catalogue  of  the  Library  at.  4  vols,  folio.  London  1879. 
[One  of  fifty  copies  printed  on  large  paper.] 

The  Duke  of  Devonshire,  F.R.S. 

Czermak  (Joh.  Nep.)  Gesammelte  Schriften  (2  vols.)  8vo.  Leipzig 
1879.  The  Author. 
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Everett  (J.  D.),  F.R.S.     Units  and  Physical  Constants.  870.  London 

1879.  The  Author. 

Fajrer  (Sir  J.),  F.R.S.     Notes  of  the  Visits  to  India  of  T.R.H.  the 

Prince  of  Wales  and  Duke  of  Edinburgh.  8yo.  L<mdan  1879. 

[Printed  for  private  circulation.]  The  Author. 

Krause  (Ernst)     Erasmus  Darwin.     Translated  from  the  German  by 

W.  S.  Dallas,  with  a  Preliminary  Notice  by  Charles  Darwin. 

8vo.  London  1879.  Charles  Darwin,  F.R.S. 

Medlicott  (H.  B.),  P.R.S.,  and  Blanford  (W.  T.),  F.R.S.     A  Manual 

of  the  Geology  of  India  (2  vols,  and  map.)  8vo.  London  1879. 

The  Geol.  Survey  of  India. 
Mitra  (RdjendraUla)    Buddha  G^ayd.    The  Hermitage  of  Sakya  Muni. 

4to.  Galcuila  1878.  India  Office. 

Mueller  (Baron  Ferd.  von),  F.R.S.     The  Native  Plants  of  Victoria 

succinctly  Defined.  Part  1.  8vo.  Melbourne  1879. 

The  Government  Botanist. 
Nicholson   (H.   Alleyne)      On  the   Structure  and  Affinities  of  the 

"  Tabulate  Corals "  of  the  Palaeozic  Period.  8vo.  Edinburgh  and 

London  1879.  The  Author. 
A  Manual  of  Palaeontology.  (2  vols.)  2nd  edition.  8vo.  Edin- 
burgh and  London  1879.  The  Author. 
Pickering  (Charles)     Chronological  History  of  Plants.   4to.   Boston 

1879.  Mrs.  Charles  Pickering. 

Pole  (W.),  F.R.S.     The  Philosophy  of  Music.  8vo.  London  1879. 

The  Author. 
Reade  (T.  Mellard)     Chemical  Denudation  in  relation  to  Geological 

Time.  8vo.  London  1879.  The  Author. 

Retzius  (Gustaf )     Finska  Kranier  jamte  Nagro  Natur  och  Literatur- 

Studier  inom  andra  omr&den  af  Finsk  Anthropologi.  4to.  Stockholm 

1878.  The  Author. 

Smyth   (R.   Brough)     The  Aborigines  of  Victoria.  (2  vols.)    8vo. 

Melbourne  1878.  The  Government  of  Victoria. 

Symons  (G.  J.),  F.R.S.     On  the  Distribution  of  Rain  over  the  British 

Isles  during  1878.  8vo.  London  1879.  The  Author. 

Vejdovsky  (Franz)     Beitrage  zur  Vergleichenden  Morphologic  der 

Anneliden.  I.  4to.  Prag  1879.  Konigl.  Bohm.  G^esellschaft. 

Wheatstone  (Sir  Charles),  F.R.S.     The  Scientific  Papers  of.     8vo. 

London  1879.  (With  Harmonic  Diagram  in  case.) 

The  Physical  Society. 
Wilson  (Sir  Samuel)     Salmon  at  the  Antipodes.  8vo.  London  1879. 

The  Author. 

Wolf  (Rudolf)     Geschichte  der  Vermessungen  in  der  Schweiz.  4to. 

Zwrich  1879.  The  Author. 
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Works  of  Art. 

Bronze  Medal  stmck  on  the  occasion  of  the  Fonrth  Centenary  of  the 

University  of  Copenhagen.  The  University. 

Engraving:  Portrait  of  the  Rev.  M.  J.  Berkeley,  F.R.S.     Issued 

with  the  "  Gardeners'  Chronicle."  The  Editor. 


Presents,  November  27,  1879. 

Transactions. 

Briinn  : — Naturforschender  Verein.  Verhandlungen.  Bd.  XVI. 
8vo.  Briinn  1878.  The  Association. 

Cambridge  (Mass.)  : — Museum  of  Comparative  Zoology  at  Harvard 
College.  Memoirs.  Vol.  VI.  No.  1.  (1st  Part.)  4to.  Cambridge 
1879.  Bulletin.  Vol.  V.  Nos.  11-14.  8vo.  Cambridge  1879. 
Observatory  of  Harvard  College.  Annals.  Vol.  XI.  Part  1. 
4to.  Cambridge  1879.  The  College. 

Cardiff: — Naturalists'  Society.  Report  and  Transactions.  Vol.  X 
8vo.  Landon  1879.  The  Society. 

Harlem: — Soci^t^  Hollandaise  des  Sciences.  Archives  Neer- 
landaises.  Tome  XIV.  Livraisons  1,  2.  8vo.  Harlem  1879. 
Programme  1879.  The  Society. 

Heidelberg: — ^Naturhistorisch  -  Medicinisch  Verein,  Verhand- 
lungen. Bd.  II.  Heft  4.  8vo.  Heidelberg  1879. 

The  Association. 
Innsbruck : — ^Naturwissenschaffclich-Medizinisch  Verein.     Berichte. 
Jahrg.  VIII.  Heft  2,  3.  8vo.  Innsbruck  1879. 

The  Association. 
Kiel :— Universitat.     Schrif ten  1878.  Band  XXV.  4to.  Kiel  1879. 

The  University. 

Leeds : — Philosophical  and  Literary  Society.     Annual  Report.  1878 

-79.  8vo.  Leeds  1879.  The  Society. 

Liverpool: — Literary    and    Philosophical    Society.       Proceedings. 

1877-78.  No.  32.  8vo.  London  and  Liverpool  1878. 

The  Society. 

London : — Anthropological  Institute.     Journal.  Vol.  VIII.  No.  4. 

8vo.  London  1879.  The  Institute. 

British  Museum.     Descriptions  of  New  Species  of  Hymenoptera 

in  the  Museum.  8vo.  London  1879.  The  Trustees. 

Society  of  Biblical  Archaeology.     Transactions.  VoL  VI.  Part  2. 

Proceedings.  Vol.  L  1878-79.  8vo.  London  1879. 

The  Society. 
Zoological   Society.      List  of   the   Vertebrated  Animals.      7th 
Edition.  8vo.  London  1879.     Proceedings.  1879.  Parts  2,  3. 

The  Society. 
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Transactions  {continued,) 

Luxembourg: — Institat  Royal  Grand-Dacal.  Pablications  de  la 
Section  des  Sciences  Natnrelles.  Tome  XVII.  8vo.  Luxenu 
hourg  1879.  The  Institute. 

Melbourne  : — Royal  Society  of  Victoria.  Transactions  and  Proceed- 
ings.    Vol.  XV.  8vo.  Melbourne  1879.  The  Society. 


Reports,  Observations,  <fcc. 

Harrisburg  : — Board  of  Commissioners  of  Public  Charities  of  the 
State  of  Pennsylvania.     9th  Report.  8vo.  Harrishurg  1879. 

The  Commission. 
London : — General  Council  of  Medical  Education  and  Registration. 
Dentists*  Register,  1879.  8vo.  London,  The  Registrar. 

Meteorological  Office.     Daily  Weather  Reports.     July  to  Decem- 
ber, 1878.    Folio.  The  Office. 
Moscow: — L'Observatoire.  Annales.   Vol.  V.     Livr.  2.   4to.   Moscou 
1879.                                                                      The  Observatory. 
Stony  hurst : — The  College  Observatory.     Results  of  Observations, 
1878.  8vo.  Boehampton  1879.                 Rev.  S.  J.  Perry,  F.R.S. 
Turin : — Osservatorio  della  Regia  University.       BoUetino.    1878. 
Oblong.  Torino  1879.  (2  copies.)                       The  Observatory. 
Wellington : — Colonial  Museum  and   Laboratory.      13th    Report. 
8vo.  WelUngt(m  1878.                                       Dr.  Hector,  F.R.S. 
Wolverhampton : — Chamber  of  Commerce.     European  and  United 
States  Tariffa,  Ac.    4to.    Wolverhampton  1879. 

The  Committee. 


Adams  (A.  Leith),  F.R.S.   Monograph  on  the  British  Fossil  Elephants. 

Part  2.  4to.  London  1879.  The  Author. 

Hitchcock  (C.  H.)     The  Geology  of  New  Hampshire.     Vol.  III.  4to. 

Concord  1878.     Atlas.  The  U.S.  Survey. 

Lagrange,  OEuvres  de.     Tome  VII.  4to.  Paris  1877. 

Le  Ministre  de  Tlnstruction  Publique. 
Roscoe  (H.  E.),  F.R.S.,  and  Schorlemmer  (C),  F.R.S.    Treatise  on 

Chemistry.     Vol.  IL     Part  2.  8vo.  London  1879.     The  Authors. 
Schorlemmer  (C),  F.R.S.      The  Rise  and  Development  of  Organic 

Chemistry.  8vo.  Manchester  and  London  1879.  The  Author. 
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December  11,  1879. 

THE   PRESIDENT  in  the  Chair. 

The  Presents  received  were  laid  on  the  table,  and  thanks  ordered  fiv 
them. 

Professor  Joseph  David  Everett  was  admitted  into  the  Society;    ' , 

The  President  announced  that  he  had  appointed  as  Vice-Afl^ 

dents : —  "i 

The  Treasurer.  .f 

Mr.  Busk.  T; 

Sir  Joseph  Hooker.  •  fc 

Mr.  Simon.  .V 

Dr.  Tjndall.  ,";;" 

The  following  Papers  were  read : —  •  V* 


\ 


I.  **  Thermo-Electric  Behaviour  of  Aqueous  Solutions  vjh 
Mercurial  Electrodes."  By  G.  GoRE,  LL.D.,  F.R.S.  Hi* 
ceived  November  24,  1879. 

In  order  to  investigate  this  subject,  I  devised  and  constructed  fhi 
following  apparatus  : — A  and  B  are  two  thin  glass  basins,  81  iiiiHiMi 
internal  diameter  (=5,153  sq.  millims.  of  mercury  surface),  wmA 
6*0  centims.  deep;  each  containing  a  layer  of  mercury  about  1^ 
centim.  deep,  covered  by  a  layer,  about  3  centims.  deep,  of  iha 
aqueous  solution  to  be  examined.  C  is  a  thin  bent  glass  tube,  about 
3  centims.  diameter,  filled  with  the  liquid,  and  closed  by  means  of  a 
bung  at  D.*  E  and  F  are  stout  glass  tubes,  about  2  millims.  bore, 
E  having  a  platinum  wire  sealed  into  it  at  its  lower  end,  and  F  being 
filled  with  mercury ;  the  ends  of  these  tubes  are  usually  placed  in  the 
mercury  previous  to  adding  the  liquid ;  and  F  is  fixed  so  that  the 
solution  cannot  enter  it.  G  and  H  are  terminal  wires  of  platinum, 
touching  the  mercury,  but  not  the  liquid.  I  and  J  are  thermometers, 
with  their  bulbs  immersed  in  the  pools  of  mercury.  Each  cup  is  closed 
by  a  bung  (not  shown  in  the  sketch),  to  prevent  loss  of  liquid  by  evapo- 
ration, also  to  support  the  thermometer  and  keep  the  tubes  steady. 
The  dish  B  is  supported  on  wire  gauze,  placed  upon  au  iron  tripod 
with  a  Bunsen's  burner  beneath,  and  A  is  placed  on  a  shelf  level  with 

•  It  is  not  necessary  to  have  the  Tertical  limbs  of  this  tube  of  as  great  a  leogtli 
as  they  are  shown  in  the  sketch. 
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it.  K  K  K  K  is  a  wooden  frame  for  supporting  the  apparatus,  and  L 
is  a  weight  to  keep  it  steady.  This  kind  of  apparatus  was  used  in  all 
the  experiments,  and  acted  very  satisfactorily.  I  devised  one  of 
dijfferent  construction  for  a  similar  purpose  many  years  ago.  (See 
^'Phil.  Mag."  June,  1859.) 


Liquid  Thermo-Pair  with  Mercury  Electrodes. 

The  mercury  employed  was  prepared  by  distilling  the  ordinary 
metal  twice,  then  shaking  it  strongly  in  successiou  with  dilute  nitric 
acid,  water,  solution  of  cyanide  of  potassium,  distilled  water,  and 
filtering  it.     Distilled  water  was  used  in  making  all  the  solutions. 

In  using  the  apparatus,  the  mercury  was  first  poured  into  the 
basins;  the  tubes  B  and  F  placed,  taking  particular  care  that  the 
mercurial  column  in  F  and  its  contact  with  the  pool  were  complete. 
Two  very  shallow  india-rubber  bungs  were  next  inserted  in  the  lower 
ends  of  the  bent  tube  C,  the  tube  then  put  in  position,  and  filled  with 
the  liquid.  The  solution  was  now  put  into  the  basins ;  the  bung  D 
inserted  tightly,  the  shallow  ones  then  removed,  a*d  the  bungs  in- 
serted in  A  and  B.  The  completeness  of  the  circuit  was  next  tested 
by  attaching  a  galvanometer  to  the  instrument,  and,  if  necessaiy,  a 

2  K  2     . 
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minnte  swing  of  the  needle  was  obtained  bj  repeated  oonnezian 
at  proper  intervals  of  time.  6  was  now  heated.  About  seven  or 
eight  minutes  was  usually  occupied  in  raising  its  temperature  the 
required  number  of  deg^rees ;  the  deflections  at  the  various  tempom- 
tures  being  noted.  After  an  experiment  had  been  made,  the  mercury 
and  solution  of  both  vessels  were  mixed  and  cooled,  and  the  mercurj 
filtered,  before  repeating  the  trial  with  the  same  liquid. 

Care  was  taken  to  select  solutions  which  had  the  least  amount  of 
chemical  action  upon  the  mercury ;  those  of  salts  of  the  heavy  and 
less  positive  metals  were  therefore  not  employed.  No  Uquid  was  used 
which  produced  any  visible  film  or  dulness  upon  that  metal  when 
heated  with  it.  It  was  found  necessary  to  heat  each  solution  to 
about  180°  F.,  and  keep  it  at  that  temperature  some  little  time  to 
expel  dissolved  air,  and  then  cool  it  previous  to  making  experiments, 
otherwise  the  results  obtained  in  repetition  experiments  were  not 
quite  uniform.  In  a  previous  research  on  the  thermo-electric  pro- 
perties of  liquids  ("Proc.  Roy.  Soc.,"  No.  188,  1878,  pp.  513—543), 
in  which  platinum  electrodes  were  employed,  such  previous  heating 
was  less  necessary,  probably  because  the  thermo-electric  currents 
were  then  stronger.*  After  heating  and  cooling  the  liquid,  it  was 
freely  shake  a  with  the  mercuiy,  and  then  filtered,  previous  to  making 
experiments  with  it.  With  every  liquid,  one  or  more  repetition  ex- 
periments  were  made  in  order  to  obtain  uniform  results,  and  confirm 
their  reliability;  the  amount  of  difference  of  deflection  of  the  needles 
in  such  experiments  did  not  exceed  one  degree.  The  galvanometer 
employed  was  an  astatic  one,  having  two  coils,  each  of  50  ohms  re- 
sistance, the  two  being  connected  and  used  as  one  of  100  ohms 
resistance. 

I  have  ascertained  by  separate  experiments  of  a  different  kind,  that 
mercury  when  safficiently  agitated  with  solutions,  neutral  to  test 
paper,  of  salts  of  the  alkali  metals,  renders  some  of  those  liquids 
feebly  alkaline;  the  effect,  however,  is  so  slight,  requires  such 
extensive  and  long-continued  contact  of  the  substances,  that  it 
appears  consistent  with  the  view  that  chemical  action  is  not  the  cause 
of  the  currents  in  these  thermo-electric  experiments. 

The  following  are  the  results  obtained  with  different  liquids  in  the 
above  apparatus. 

Behaviour  of  different  Solutions, 

Experiment  No.  1.  Ten  ounces  of  water,  and  2 J  grs.  of  potassic 
cyanide  of  a  high  degree  of  purity.     Cold  mercury  was  positive  2° 

*  The  greater  strength  of  the  currents  with  the  platinum  electrodes  wss  partly 
due  to  the  circumstance  that  each  platinum  electrode  offered  a  surface  of  71.680  »q. 
millims.  of  contact  with  the  liquid,  or  fourteen  times  greater  than  that  of  the  aboTe- 
mcntioned  merouria]  surface.     The  solutions  employed  were  also  much  stronger. 
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^teadilj  at  180**  F.*  Agitation  either  of  the  cold  mercury  (A),  or 
of  the  hot  mercmy  (6),  did  not  alter  the  amonnt  of  the  deflection. 

No,  2.  A  solntionf  of  6  grs.  of  the  cyanide.  Cold  mercury 
positive  14°.     Agitation  either  of  A  or  B  had  no  effect. 

No.  3.  A  solution  of  50  grs.  of  the  same  salt.  Cold  mercury 
positive  45°.  Stirring  A  decreased  the  deflection  temporarily  J  to  34°, 
And  stirring  6  decreased  it  to  9. 

No.  4.  A  solution  of  100  grs.  of  the  same  salt.  Cold  mercury 
positive  50°.  Stirring  A  decreased  the  deflection  to  41,  and  stirring 
B  decreased  it  to  46. 

^0.  5.  A  solution  of  10  minims  of  selenic  acid  (of  sp.  gr.  1'32 
At  60°  F.).  Hot  mercury  positive  1^°.  Stirring  A  increased  the 
deflection  to  5,  and  stirring  B  increased  it  to  4.  There  was  a  simi- 
larity of  behaviour  of  this  liquid  to  that  of  dilute  sulphuric  acid, 
«ach  exhibited  a  zero  point  giving  no  current  at  about  120°  F. ;  but 
the  selenic  acid  gave  a  reverse  current  below  that  temperature,  whilst 
sulphuric  acid  did  not. 

No.  6.  A  solution  of  20  minims  of  the  same  acid.  Cold  mercury 
positive  3°  at  120°  F.  Needles  at  0  at  143°  F.,  and  hot  mercury 
positive  3|°  at  180°  F.  Stirring  A  decreased  the  deflection  to  IJ,  and 
stirring  B  increased  it  to  5|. 

No.  7.  A  solution  of  25  grs.  of  anhydrous  selenate  of  sodium. 
Hot  mercury  positive  8°.  Stirring  A  decreased  the  deflection  to  5, 
and  stirring  B  increased  it' to  14. 

No.  8.  A  solution  of  100  grs.  of  crystalline  sulphate  of  ammonium. 
Hot  mercury  positive  12^°.  Stirring  A  increased  the  deflection  to 
29^,  and  stirring  B  increased  it  to  19^. 

No.  9.  A  solution  of  50  grs.  of  crystalline  ammonic  alum.  Cold 
mercury  positive  2^.  Stirring  A  increased  the  deflection  to  5^,  and 
stirring  B  decreased  it  slightly. 

No.  10.  A  solution  of  100  grs.  of  the  same  salt.  Cold  mercury 
positive  4°.  Stirring  A  had  no  effect ;  stirring  B  reversed  the  deflec- 
tion 2^. 

^0.  11.  A  solution  of  40  minims  of  formic  add  of  sp.  gr.  1*18. 
Hot  mercury  positive  3J°.  Stirring  A  had  no  effect;  stirring  B 
increased  the  deflection  to  7. 

^0.  12.  A  solution  of  80  minims  of  the  same  acid.  Hot  mercury 
positive  5°.  Stirring  A  increased  the  deflection  to  6,  and  stirring  B 
increased  it  to  7. 

No.  13.     A  solution  of  100  grs.  of  potassic  nitrate.     Hot  mercury 

*  All  the  deflectiooB,  except  those  otherwiBe  stated,  were  taken  at  the  tempera- 
ture of  180^  F. 

+  Unless  otherwise  described,  10  ozs.  of  water  was  used  in  every  case  to  form  the 
solution. 

X  A.U  the  alterations  of  deflection  caused  by  stirring  were  only  temporary. 
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positive  10°.     StirriDg  A  increased  the  deflection  to  80,  and  stirring  B 
increased  it  to  20. 

No,  14.  A  solution  of  100  grs.  of  crystalline  potassic  sulphate. 
Hot  mercnry  positive  12°.  Stirring  A  increased  the  deflection  to  30, 
and  stirring  B  increased  it  to  22. 

^0.  15.  Seventy-nine  volumes  of  water,  and  one  of  pure  snlphurie 
acid.  Cold  mercury  positive  1^°,  Stirring  A  increased  the  deflection 
to  10,  and  stirring  B  increased  it  to  4. 

No.  16.  Thirty-nine  volumes  of  water,  and  one  of  the  same  acid. 
Hot  mercury  positive  6J°.  Stirring  A  increased  the  deflection  to  11, 
and  stirring  B  increased  it  to  13. 

No,  1 7.  Nineteen  volumes  of  water,  and  one  of  the  same  acid.  Gold 
mercury  positive,  14^°  at  120°,  and  6^°  at  180°  F.  Stirring  A  in- 
creased the  deflection  to  30,  and  stirring  B  increased  it  to  19. 

No.  18.  A  solution  of  50  grs.  of  pure  and  partly  dehydrated*  sodic 
carbonate.  Hot  mercury  positive  19°.  Stirring  A  increased  the 
deflection  to  41,  and  stirring  B  increased  it  to  25. 

No.  19.  A  solution  of  50  grs.  of  pure  and  partly  dehydrated 
potassic  carbonate.  Hot  mercury  positive  12°.  Stirring  A  increased 
the  deflection  to  18,  and  stirring  B  did  not  affect  it. 

^0.  20.  A  solution  of  100  grs.  of  crystalline  sodic  sulphate.  Hot 
mercury  positive  2^°.  Stirring  A  increased  the  deflection  to  8^,  and 
stirring  B  increased  it  to  5. 

No.  21.  A  solution  of  100  grs.  of  ammonic  nitrate.  Hot  mercury 
positive  4J°.  Stirring  A  increased  the  deflection  to  16,  and  stirring 
B  increased  it  to  20. 

No.  22.  A  solution  of  100  grs.  of  crystalline  boracic  acid.  Hot 
mercury  positive  2°.  Stirring  either  A  or  B  did  not  alter  the 
amount  of  deflection. 

No.  23.  A  solution  of  100  grs.  of  sodic  nitrate.  Hot  mercury 
positive  6°.  Stirring  A  increased  the  deflection  to  30,  and  stirring  B 
increased  it  to  18. 

No.  24.  A  solution  of  100  grs.  of  crystalline  phosphate  of  sodium. 
Hot  mercury  positive  8°.  Stirring  A  increased  the  deflection  to  28, 
and  stirring  B  increased  it  to  21. 

No.  25.  A  solution  of  50  grs.  of  baric  nitrate.  Hot  mercury 
positive  7^°.  Stirring  A  increased  the  deflection  to  22,  and  stirring 
B  increased  it  to  16. 

No.  26.  A  solution  of  60  grs.  of  crystalline  nitrate  of  strontium. 
Hot  mercury  positive  10°.  Stirring  A  increased  the  deflection  to  14, 
and  stirring  B  increased  it  to  17. 

No.  27.  A  solution  of  100  grs.  of  crystaUine  phosphate  of  am- 
monia. Hot  mercury  positive  28°.  Stirring  A  increased  the  deflec- 
tion to  38,  and  stirring  B  increased  it  to  32. 

*  See  page  482. 
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No.  28.  A  solution  of  50  grs.  of  crystals  of  borax.  Hot  mercury 
positive  10^°.  Stirring  A  increased  the  deflection  to  22,  and  stirring  B 
increased  it  to  16. 

^0.  29.  A  solution  of  50  grs.  of  crystalline  sodic  hyposulphite. 
Cold  mercury  positive  4".  Stirring  A  decreased  the  deflection  to 
3,  and  stirring  B  had  no  efEect. 

No.  30.  A  solution  of  10  grs.  of  crystals  of  sodic  sulphite.  Hot 
mercury  positive  2^°.  Stirring  A  increased  the  deflection  to  5, 
and  stirring  B  had  no  effect. 

No.  31.  A  solution  of  50  grs.  of  the  same  salt.  Hot  mercury 
positive  13^.  Stirring  A  increased  the  deflection  to  15,  and  stirring  B 
had  no  effect. 

No.  32.  A  solution  of  50  grs.  of  potassic  sulphite.  Cold  mercury 
positive  9°.  Stirring  A  increased  the  deflection  to  13,  and  stirring  B 
made  hot  mercury  positive  12". 

No.  33.  A  solution  of  50  grs.  of  crystalline  phosphate  of  sodium 
and  ammonium.  Hot  mercury  positive  5°.  Stirring  A  increased 
the  deflection  to  9,  and  stirring  B  increased  it  to  7. 

No.  34.  A  solution  of  100  grs.  of  the  same  salt.  Hot  mercury 
positive  2°.  Stirring  A  increased  the  deflection  io  4,  and  stirring  B 
had  no  efiect. 

No.  35.  A  solution  of  50  grs.  of  formiate  of  sodium.  Hot  mercury 
positive  4°.  Stirring  A  increased  the  deflection  to  20,  and  stirring  B 
increased  it  to  10. 

No.  36.  A  solution  of  100  grs.  of  the  same  salt.  Hot  mercury 
positive  6°.  Stirring  A  increased  the  deflection  to  10,  and  stirring  B 
increased  it  to  11. 

By  arranging  the  foregoing  results  in  a  series  with  the  solution  at 
the  top,  in  which  the  hot  mercury  was  the  most  positive  at  180°  F., 
and  that  at  the  bottom  in  which  it  was  most  negative,  the  following 
order  was  obtained.  The  horizontal  line  separates  those  liquids  in 
which  the  hot  metal  was  positive  from  those  in  which  it  was  negative. 

Amount  of  deflection. 

1.  Phosphate  of  ammonium 28  O-f 

2.  Carbonate  of  sodium    190 

3.  Sulphite  of  sodium  (50  grs.) 13*0 

4.  Sulphate  of  ammonium    12*75 

5.  Carbonate  of  potassium  1     120 

6.  Sulphate  of  potassium    J    120 

7.  Borax 105 

8.  Nitiiitc  of  potassium  1     10*0 

9.  Nitrate  of  strontium  /    lO'O 

10.  Selenate  of  sodium     1     8*0 

11.  Phosphate  of  sodium  J     8*0 
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Amount  of  dellectioii. 

12.  Nitrate  of  barium 75 

13.  Nitrate  of  sodium 1     60 

14.  Formiate  of  sodium  (100  grs.)  J     6*0 

16.  Microcosmic  salt  (50  grs.)  )    5*0 

16.  Formic  acid  (80  minims)    J    5*0 

17.  Nitrate  of  ammonium 4*25 

18.  Formiate  of  sodium  (50  grs.) 4*0 

19.  Selenic  acid  (20  minims)    3-75-h 

20.  Formic  acid  (40  minims)     3*5 

21.  Sulphate  of  sodium )    2-5 

22.  Sulphite  of  sodium  (10  grs.)  J    2-5 

23.  Microcosmic  salt  (100  grs.)  1      2*0 

24.  Boracic  acid J      2-0 

25.  Selenic  acid  (10  minims.)   1*5 


26.  Sulphuric  acid  (1  in  80) 1-25— 

27.  Ammonia  alum  (50  grs.)  1    2*0 

28.  Cyanide  of  potassium  (2^  grs.)  J    2*0 

29.  Hyposulphite  of  sodium     1    4*0 

30.  Ammonia  alum  (100  grs.)  J    40 

31.  Sulphuric  acid  (1  in  20) 625 

32.  Sulphuric  acid  (1  in  40) 675 

33.  Sulphite  of  potassium 9*0 

34.  Cyanide  of  potassium  (5  grs.) 14*0 

35.  Cyanide  of  potassium  (50  grs.) 45*0 

36.  Cyanide  of  potassium  (100  grs.)    50'0 

To  ascertain  whether  this  order  agreed  with  that  of  a  series  arranged 
according  to  the  difPerent  degrees  of  electromotiye  force  of  the  variouB 
couples,  I  simultaneously  employed  two  apparatuses  similar  to  that 
already  described  (but  with  basins  of  75  millims.  internal  diameter), 
charging  one  of  them  with  one  solution,  and  the  other  with  another 
which  was  next  to  it  in  the  above  series,  connecting  them  with  the 
two  wires  respectively  of  the  differential  galvanometer,  so  that  thdr 
currents  circulated  iu  opposite  directions  through  the  coil  of  that  in- 
strument, and  ascertaining  which  gave  the  strongest  current  at 
160®  F.  By  this  means  the  following  series  was  obtained,  in  which 
the  couple  giving  the  strongest  positive  current  is  at  the  top,  and  that 
giving  the  most  powerful  negative  current  at  the  bottom,  as  in  the 
previous  list.  The  horizontal  line  separates  those  liquids  in  which  the 
hot  metal  was  positive  from  those  in  which  it  was  n^^ve.  The 
relative  positions  of  the  solutions  in  the  two  series,  although  they 
agree  in  the  main,  are  not  identical ;  for  instance,  nitrate  of  potassium 
occupies  the  eighth  place  in  the  first  series,  and  the  second  place  in 
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the  second  series ;  phosphate  of  ammoninm,  sulphate  of  ammonium, 
&c.,  are  also  changed  in  position.  Such  changes  were  probably 
affected  by  the  circumstance,  that  whilst  in  the  first  series  the  elec- 
trodes were  81  miUims.  diameter  (=5,153  sq.miUims.  of  surface),  and 
the  current  from  a  single  apparatus  circulated  through  a  continuous 
double  length  of  wire  in  the  coil  of  the  galvanometer,  in  the  second  series 
the  electrodes  were  only  75  millims.  diameter  (=4,418  sq.  millims.), 
and  the  current  from  a  single  apparatus  circulated  through  a  single 
half  length  of  the  coil.  The  temperatures  at  which  the  deflections 
were  noted  were  also  different  in  the  two  series.  The  surfistce  of  one 
electrode  in  the  smaller  apparatus  was  about  ^  and  in  the  larger  one 
^  of  that  of  one  of  the  platinum  electrodes  in  the  apparatus  already 
referred  to  (see  foot  note,  p.  474). 

Difference  of  amount 
of  deflection. 

1.  Sulphate  of  ammonium 10-4- 

2.  Nitrate  of  potassium o./^ 

3.  Phosphate  of  ammonium   o./^ 

4.  Sulphite  of  sodium  (50  grs.)     ^-e 

5.  Carbonate  of  sodium ,  ^ 

6.  Carbonate  of  potassium ^ .^ 

7.  Sulphate  of  potassium    ^.ok 

8.  Nitrate  of  strontium   ^.oc 

9.  Phosphate  of  sodium ^,^^ 

10.  Borax    ^.^ 

11.  Selenate  of  sodium ,  ^ 

12.  Nitrate  of  barium    ^.^c 

13.  Nitrate  of  sodium    ,  ^ 

14.  Formiate  of  sodium  (100  grs.) ^.^ 

15.  Microcosmic  salt  (50  grs.) ^  ^^ 

16.  Formiate  of  sodium  (50  grs.)    ^.^^ 

17.  Formic  acid  (80  minims) ^.q 

18.  Nitrate  of  ammonium    ^ .  ^ 

19.  Sulphate  of  sodium    ^.og 

20.  Sulphite  of  sodium  (10  grs.)    ^^^ 

21.  Microcosmic  salt  (100  grs.) ^.^ 

22.  Boracic  acid 

23.  Ammonia  alum  (50  grs.) ^^^  slight- 

24.  Cyanide  of  potassium  (2 J  grs.)    q.^^ 

25.  Ammonia  alum  (100  grs.)     20 

2G.  Hyposulphite  of  sodium -^.q 

27.  Cyanide  of  potassium  (5  grs.) -^^,q 

28.  Cyanide  of  potassium  (50  grs.) 2-25 

29.  Cyanide  of  potassium  (100  grs.) 
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Remarks. — ^Many  of  the  remarks  which  I  have  made  in  a  preriouft 
paper  on  the  thermo-electric  properties  of  liquids  (Proc.  Roy.  Soc^ 
vol.  xxvii,  pp.  535-538)  respecting  the  cause  of  the  currents,  apply 
to  the  results  obtained  in  the  present  research ;  and  I  consider  that 
the  causes  of  the  currents  and  of  their  direction  are  similar  in  the  two 
cases. 

On  examining  the  results  it  will  be  observed  that  the  effects  are  not 
manifestly  related  to  the  chemical  nature  of  the  solutions ;  thus,  the 
liquids  in  which  hot  mercury  is  positive  include  those  of  acid,  as  well 
as  those  of  alkaline  reaction ;  and  similarly  with  the  solutions  in  which 
cold  mercury  is  positive.  To  what  extent  chemical  action  occurred  in 
the  experiments  and  operated  as  a  cause  of  electric  currents,  would 
be  a  difficult  point  to  completely  prove,  because  the  amount  required 
to  produce  such  feeble  currents  would  be  so  extremely  small ;  the 
result  of  a  general  examination  of  the  phenomena,  however,  does  not 
support  the  hypothesis  that  the  currents  were  of  chemical  origin. 

The  evident  cause  of  the  currents  was  heat,  and  the  direction  of 
them  was  probably  due  to  molecular  changes  in  the  liquid  attendant 
upon  alteration  of  temperature.  In  nearly  all  cases  the  magnitude  of 
the  current  increased  with  the  amount  of  difference  of  temperature ; 
the  apparent,  but  not  real,  exceptions  were  those  in  which  a  reversal, 
or  an  advance  towards  it,  occurred. 

The  strength  of  the  solution  manifestly  affected  the  quantity,  and  in 
some  cases  the  direction  of  the  current,  as  may  be  perceived  with  the 
solutions  of  potassic  cyanide  (Nos.  1,  2,  3,  and  4),  selenic  acid 
(Nos.  5  and  6),  ammonia  alum  (Nos.  9  and  10),  formic  acid  (Nos.  11 
and  12),  sulphuric  acid  (Nos.  15,  16,  and  17),  and  phosphate  of 
sodium  and  ammonium  (Nos.  33  and  34).  If  the  cause  of  the  cur> 
rent,  in  the  case  of  sulphuric  acid,  was  chemical  action,  the  direction 
of  the  current  would  probably  not  have  been  reversed  by  mere  altera- 
tion of  temperature,  or  by  variation  of  strength  of  the  mixture.  If, 
also,  the  cause  of  the  currents  in  general  was  of  a  chemical  nature, 
the  currents  would  probably  have  been  much  stronger,  especially  with 
the  stronger  solutions,  and  would  have  increased  in  all  cases,  with  the 
strength  of  the  solution,  until  the  latter  was  much  more  concentrated 
than  those  which  were  employed. 

Stirring  either  portion  of  the  liquid  influenced  the  deflection  in 
59  cases  out  of  72,  increased  it  in  49,  and  decreased  it  in  10  of  those 
cases.  Stirring  the  cold  portion  altered  the  current  in  31  cases  out  of 
36,  and  stirring  the  hot  portion  changed  it  in  28  cases  out  of  36. 
Stirring  the  cold  portion  also  had  a  greater  average  magnitude  of  effect 
upon  the  current  than  stirring  the  hot  portion.  Stirring  a  liquid  of 
acid  reaction  increased  the  current  in  13  cases  out  of  20,  decreased  or 
reversed  it  in  3  cases,  and  had  no  effect  in  4  cases.  Stirring  an 
alkaline  one  increased  the  deflection  in  12  cases  out  of  24,  decreased  it 
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in  5,  and  had  no  effect  in  7.  The  effects  of  stirring  upon  the  amonnt 
of  deflection  were  greater  in  alkaline  liquids  than  in  those  of  acid 
reaction. 

Influence  of  ;pT&oiously  heating  the  Solution, 

Having  observed,  even  with  solutions  formed  with  water  which 
liad  been  preboiled  to  expel  dissolved  air,  that  unless  such  liquids  had 
been  further  heated  to  180°  P.  (and  cooled),  after  the  salt,  &c.,  had 
dissolved,  the  currents  obtained  in  successive  experiments  with  such  a 
solution  were  not  quite  uniform  in  amount,  but  always  decreased,  I 
examined  this  circumstance. 

Twenty  ounces  of  distilled  water  was  boiled  and  cooled ;  the  salt  to 
be  employed  was  then  dissolved  completely  in  it,  and  the  solution 
shaken  with  pure  mercury.  The  mixture  was  then  divided  into  two- 
equal  portions,  one  of  those  portions  raised  to  a  temperature  of  180°  F. 
in  a  covered  glass  vessel,  and  the  evaporated  water  condensed  and 
returned  to  the  mixture,  so  that  the  solution  remained  unaltered  in 
composition ;  the  liquid  was  then  cooled.  These  preheated  and  non- 
preheated  portions  were  employed  respectively  to  charge  the  two  appa- 
ratuses  already  described.  The  two  thermo-pairs  were  then  simul- 
taneously excited,  their  currents  allowed  to  circulate  in  opj^osite 
directions  through  the  coils  of  the  galvanometer,  and  the  deflection 
noted  when  the  hot  portions  of  the  two  liquids  had  simultaneously 
acquired  a  temperature  of  160°  F.  The  following  is  a  brief  statement 
of  the  results. 

Twenty  ounces  of  distilled  water,  and  200  grs.  of  crystals  of  sodio 
phosphate.  The  non- preheated  portion  of  solution  yielded  the  strongest 
current ;  deflection  1°. 

Twenty  ounces  of  water  and  2  drms.  of  sulphuric  acid.  The  non- 
preheated  portion  gave  the  strongest  current ;  deflection  •25*'. 

Twenty  ounces  of  water  and  100  grs.  of  partly  dehydrated  sodia 
carbonate.  The  non-preheated  portion  gave  the  strongest  current; 
deflection  '33°  at  140°  F.,  and  '25°  at  160°  F. 

Twenty  ounces  of  water  and  200  grs.  of  baric  nitrate.  The  non- 
preheated  portion  yielded  the  strongest  current ;  deflection  1°. 

The  same  mixture  as  the  last ;  one  portion  of  the  solution  was  pre- 
heated with  mercury,  instead  of  being  preheated  alone.  The  non- 
preheated  portion  gave  the  strongest  current ;  deflection  1°  at  180°  F. 

In  each  of  these  five  experiments  the  non-preheated  portion  of  liquid 
yielded  the  current  of  greatest  electromotive  force.  This  accords  with 
the  original  observation  that  repetition  experiments  always  yielded 
weaker  currents  (see  p.  480). 

In  order  to  ascertain  whether  preheating  the  one  portion  of  salt 
before  dissolving  it  had  the  same  effect  upon  the  current  as  heating  it 
after  having  been  dissolved,  the  following  experiments  were  made : — 
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Preboiled  and  cooled  20  ozs.  of  distilled  water,  and  divided  into  two 
exactly  equal  portions.  Took  two  portions  of  50  grs.  each  of  partlj 
dehydrated  sodic  carbonate ;  heated  one  portion  to  180°  F.  for  fifteen 
minntes  nntil  it  ceased  to  evolve  moistnre  (it  lost  12*4  gprs.)^  and 
cooled  it.  Dissolved  the  two  separate  portions  of  salt  in  the  separate 
quantities  of  water,  and  tested  the  solutions  against  each  other  in  the 
two  apparatuses.  No  difference  of  strength  of  current  occurred  at  any 
temperature  up  to  that  of  180®  F. 

In  another  experiment  of  this  kind,  200  grs.  of  ammonia  alnm  were 
divided  and  treated  as  above.  The  solution  of  the  non-preheated  por- 
tion gave  the  strongest  current ;  deflection  "75°  at  180**  F. 

Remarks. — The  conclusion  I  draw  from  these  last  two  experiments 
and  results,  combined  with  those  of  the  previous  ones,  is  that  pre- 
heating the  salt  either  before  or  after  solution  usually  weakens  the 
•current,  both  in  thermo-electropositive  and  in  thermo-electronegative 
liquids. 

In  the  several  classes  of  cases  described  in  this  paper,  it  is  evident 
that  the  currents  are  not  due  to  chemical  action,  but  to  heat  acting 
npon  and  altering  particular  molecular  structures,  and  that  the  differ- 
ence of  electromotive  power  in  different  liquids  is  not  due  to  differences 
of  chemical  action,  but  probably  to  differences  of  molecular  arrange- 
ment of  the  solutions.  Also  that  in  the  class  of  experiments  where  the 
liquids  compared  had  the  same  chemical  composition,  but  had  been 
differently  heated,  the  differences  of  molecular  arrangement  were  less, 
and  the  currents  obtained  were  consequently  more  feeble.  A  difference 
of  strength  of  current  caused  by  repetition  of  experiments,  or  by  con- 
tinuance of  heat,  also  renders  manifest  the  change  of  molecular 
arrangement ;  and  the  above  method  may  be  employed  for  detecting 
molecular  differences  in  conducting  liquids  having  the  same  chemical 
•composition. 

In  the  class  of  cases  in  which  the  differences  of  molecular  arrange- 
ment were  the  least,  and  the  currents  the  most  feeble,  the  direction  of 
the  currents  was  the  most  uniform.  This  is  in  accordance  with  the 
•common  truth  in  science  that  the  smallest  phenomena  are  the  most 
<X)nstant. 


11.  **  Quantitative  Spectroscopic  Experiments."  By  Professor 
G.  D.  Liveing,  M.A.,  F.R.S.,  and  Professor  Jambs  Dewar, 
M.A.,  F.R.S.    Received  November  27,  1879. 

The  well-known  expansion  of  the  lines  of  sodium  and  other  metals, 
when  increased  quantities  of  the  metals  are  introduced  into  the  flame 
or  arc,  seems  to  afford  a  means  of  attaining  a  quantitative  spectrum 
analysis  in    certain  cases,   if  the  relations  between   the   width  of 
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the  lines  and  the  thickDess,  density,  and  temperature  of  the  Taponrs 
could  be  determined.  We  had  such  a  determination  in  view  during- 
our  experiments  on  the  reversal  of  the  lines  of  metallic  vapours  heated 
in  iron  tubes,  and  have  since  made  a  good  many  experiments  expressly 
for  the  purpose.  We  have  not  yet  overcome  all  the  difficulties  attend- 
ing these  experiments;  nevertheless,  some  results,  definite  and  in- 
teresting, have  been  reached,  which  we  now  communicate  to  the 
Society. 

The  first  experiments  were  made  with  wrought  iron  bottles,  of  the 
form  shown  in  the  accompauying  figure.  To  prevent  the  difhisiou  of 
carbonic  oxide  from  the  fire  we  found  it  essential  to  have  the  wide 


part,  a,  and  part  of  the  tube,  6,  coated  with  borax.  The  bottle  was 
then  packed  in  sand  in  two  crucibles,  one  of  them  inverted,  and  heated 
in  a  small  furnace  fed  with  gas  retort  carbon.  The  bottle  was  previ- 
ously treated  with  fused  caustic  potash  at  a  red  heat,  and  washed  with 
iicid.  Any  oxide  remaining  in  the  bottle  was  reduced  by  a  current  of 
hydrogen  introduced  by  the  side  tube  e,  and  forced  to  pass  to  the 
bottom  by  allowing  it  no  exit  except  by  a  narrow  tube  passed  through 
the  opening  c  and  reaching  nearly  to  the  bottom  of  the  bottle,  as 
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shown  by  the  dotted  lines.  The  hydrogen  was  then  replaced  by 
nitrogen,  the  narrow  tube  removed,  c  closed  by  a  glass  plate  through 
which  the  spectrum  was  viewed,  and  the  side  tube  e  connected  by  a 
thick  rubber  tube  with  a  glass  tube  for  collecting  the  gas  driven  out 
by  the  metallic  vapour,  or  with  a  manometer  formed  of  an  inverted 
burette  dipping  into  a  vessel  of  water.  The  sodium,  weighed  in  dry 
carbonic  acid  gas,  was  introduced  in  little  iron  cups  about  the  size 
of  gun  caps  through  the  oblique  side  tube  d,  and  the  orifice  in- 
stantly closed  with  a  rubber  stopper,  for  the  purpose  of  measuring 
the  gas  expelled  as  the  sodium  evaporated.  This  orifice  was  fitted 
with  a  screw  cap,  for  use  when  the  pressure  of  the  gas  in  the  bottle 
was  to  be  varied. 

Attempts  to  measure  the  temperature  of  our  furnace  were  not  very 
successful.  Observations  of  temperature  depending  on  the  electro- 
motive force  of  a  thermo-electric  junction  of  platinum  and  palladium, 
which  had  been  carefully  calibrated  in  boiling  mercury,  boiling  cad- 
mium, and  boiling  zinc,  failed  at  the  temperature  at  which  our  experi- 
ments were  made  from  the  fusion  of  the  palladium.  This  indicates, 
from  VioUe's  experiments,  that  the  temperatare  of  the  furnace  was 
about  1,500°  C. 

The  bottles,  however  carefully  cleaned,  were  never  quite  free  from 
sodium,  so  that  on  observing,  at  first,  the  spectrum  emitted  by  the  hot 
bottom  of  the  bottle,  the  D  absorption  was  seen  as  two  fine  lines. 

On  introducing  a  fragment  of  sodium  ('015  or  '020  g^rm.)  the 
following  phenomena  were  observed  with  the  spectroscope.  First  D 
appeared  as  a  narrow  bright  band,  considerably  brighter  than  the  general 
spectrum  of  the  bottle,  with  the  fine  dark  pair  of  lines  quite  nnex- 
panded  in  its  midst;  this  bright  band  rapidly  expanded,  becoming 
fainter  and  more  diffuse  as  it  expanded,  was  visible  to  a  width  equal 
to  fourteen  or  sixteen  times  the  distance  of  the  D  lines  from  each  other, 
and  then  died  away  entirely,  leaving  the  fine  dark  lines  much  as  they 
were  at  first.  The  addition  of  several  pieces  of  sodium  in  succession 
produced  a  repetition  of  the  same  phenomena,  the  D  absorption  lines 
being  but  very  little  wider  after  the  introduction  of  sodium  enough  to 
fill  the  bottle  with  its  vapour. 

Larger  pieces  of  sodium  produced  an  increased  width  of  expansion 
of  the  bright  band ;  but  from  the  very  difinse  character  of  the  edges 
of  the  band  and  from  its  being  seen  against  a  background  only  a  little 
less  bright,  it  was  not  possible  to  get  any  exact  measures  of  the  widths 
to  which  the  bands  expanded 

On  observing  the  gas  expelled  from  the  bottle,  it  was  found  that 
the  expansion  of  the  bright  band  was  synchronous  with  the  expulsion 
of  gas,  and  ceased  when  gas  ceased  to  come  out ;  that  is  to  say,  it  was 
synchronous  with  the  expansion  of  the  sodium  vapour  within  the 
bottle.     It  was  found,  however,  that  when  the  gas  ceased  to  be  ex- 
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X)elled  from  the  bottle,  it  almost  immediately  began  to  be  sucked  back, 
and  that  nearly,  if  not  qnite,  as  rapidly  as  it  had  been  expelled,  nntil 
not  only  the  whole  gas  expelled  was  drawn  in  again,  but  generally  a 
small  qoantity  of  nitrogen  in  addition.  In  a  few  seconds,  not  only 
had  the  sodium  vapour  ceased  to  have  any  sensible  tension,  but  a 
portion  of  the  nitrogen  (2  to  3  cub.  centims.)  had  been  absorbed. 
There  was  no  absorption  of  nitrogen  before  the  sodium  was  put  in, 
and  when  the  eqailibrium  had  been  attained,  which  was  always  in  less 
than  a  minute,  there  was  no  absorption  afterwards. 

These  phenomena  seemed  to  indicate,  (1),  either  that  the  tempera- 
ture of  the  sodium  vapour  was  higher  than  that  of  the  iron,  or  that 
the  emissive  power  of  sodium  vapour  for  light  of  the  wave-length  of 
D  was  greater  than  that  of  iron  at  the  temperature  of  the  furnace ; 
(2),  that  the  width  of  the  bright  D  line,  or  band,  increased  with  the 
depth  of  the  stratum  of  sodium  when  the  density  was  not  increased, 
inasmuch  as  the  pressure  to  which  the  sodium  vapour  was  subject  was 
always  the  same,  and  the  only,  or  the  principal,  change  during  the 
expansion  of  the  sodium  vapour  in  the  bottle  was  in  the  thickness  of 
the  layer  of  vapour ;  (3),  that  iron  either  has  the  power  of  forming  a 
compound  with  sodium,  which  is  very  stable  at  the  temperature  of  the 
furnace,  or  else  it  has  a  power  of  transmitting  sodium  vapour  analo- 
gous to  that  which  platinum  has  in  regard  to  hydrogen.  This  last 
supposition  seems  to  be  negatived  by  the  fact  that  we  found  that  out 
of  '220  grm.  of  sodium  put  into  the  bottle  in  a  series  of  experiments 
on  one  occasion,  -198  grm.  was  afterwards  extracted  when  the  bottle 
was  cold  by  washing  it  out  with  hydrochloric  acid.  The  effect  was 
not  due  to  the  nitrogen,  since  the  sodium  appeared  to  be  taken  up  in 
the  same  way  when  carbonic  oxide  was  substituted  for  nitrogen. 

This  behaviour  of  iron  towards  sodium  explains  a  phenomenon 
which  had  puzzled  us  when  operating  before  with  iron  tubes,  viz., 
that  it  required  a  very  large  quantity  of  sodium,  many  times  the 
normal  amount,  to  fill  one  of  the  tabes  with  sodium  vapour.  It  also 
seems  to  explain  the  fact  observed  by  Mr.  Lockyer  (Proc.  Roy.  Soc., 
vol.  xxii,  p.  371),  that  sodium  heated  in  a  long  iron  tube  gives  the 
D  absorption  line  ''  no  thicker  than  when  seen  under  similar  con- 
ditions in  a  test  tube." 

We  came,  of  course,  to  the  conclusion  that  it  was  useless  to  pursue 
the  investigation  of  the  quantitative  measure  of  sodium  vapour  by 
experiments  in  iron  vessels  ;  and  we  had  a  stout  platinum  tube  made, 
half  an  inch  in  diameter  and  23  inches  long,  conneeied  by  a  union 
joint  with  an  iron  tube  with  fittings  similar  to  those  of  the  top  of  the 
iron  bottles  before  described;  and  also  a  bottle  similar  to  the  iron 
bottles,  but  entirely  of  platinum.  When  used,  the  tube  was  packed 
with  magnesia  inside  a  wider  porcelain  tube,  and  the  bottle  was 
packed  with  lime  in  blacklead  crucibles. 
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For  conyenience  in  introdnciiig  the  sodium,  a  fine  platinmn  tnbe, 
about  1  millim.  in  diameter,  was  filled  with  sodinm  by  sacking  ap  the 
melted  metal,  and  different  lengths  of  this  tnbe  were  cut  off  as  required^ 
wrapped  at  once  in  thin  platinum  foil,  and  dropped  into  the  heated 
vessel.  Amalgams  containing  various  percentages  of  sodium  were 
also  employed.  In  the  case  of  amalgams  contaming  1  per  cent,  and 
upwards  the  pieces  were  weighed ;  those  containing  less  than  1  per 
cent,  were  measured  by  a  very  fine  pipette.  In  all  cases  the  amalgam 
was  introduced  into  the  hot  vessel  wrapped  in  platinum  foil. 

For  varying  the  pressure  within  the  vessels,  and  so  by  compression 
or  expansion  varying  the  density  and  thickness  of  the  stratum  of 
metallic  vapour  under  observation,  an  ordinary  compressing  and 
exhausting  syringe,  connected  with  a  gauge,  was  used.  With  the 
bottle  we  could  not  venture  to  reduce  the  pressure  below  that  of  the 
atmosphere,  lest  the  softened  platinum  should  collapse ;  but  in  the 
case  of  the  tube  the  pressure  could  be  reduced  to  one-fourth  of  an 
atmosphere.  Into  both  vessels  we  have  pumped  nitrogen  until  the 
pressure  reached  three  atmospheres. 

Whenever  it  was  desired  to  empty  the  vessel  of  sodium,  in  order  to 
begin  a  fresh  series  of  experiments  without  the  necessity  of  cooling  the 
vessel,  the  sodium  (or  sodium  and  mercury)  vapours  were  blown  out 
by  a  current  of  hydrogen  passed  down  to  the  bottom  of  the  vessel  in 
the  mode  already  described,  and  when  the  metallic  vapours  were  suffi- 
ciently expelled,  the  hydrogen  was  replaced  by  nitrogen.  In  ihis 
way,  though  the  last  traces  of  sodium  were  never  expelled,  the  D 
absorption  could  be  reduced  to  two  narrow  lines. 

On  introducing  a  fragment  of  sodinm  into  the  hot  vessel,  when 
free,  or  nearly  so,  from  sodium  to  begin  with,  the  bright  yellow  band 
rapidly  expanding  and  becoming  fainter  and  more  diffuse,  and  finally 
dying  away,  was  seen  as  in  the  iron  bottles ;  but  instead  of  the  D 
absorption  remaining  narrow  as  it  had  been  before,  it  began  to  in- 
crease in  width  as  the  bright  band  died  away,  and  soon  attained 
a  maximum  width,  and  remained  steadily  at  that  width — a  width 
several  times  that  of  the  distance  between  the  D  lines,  but  much  less 
than  that  of  the  bright  band  at  its  widest.  A  second  piece  of  sodium 
thrown  in  produced  a  repetition  of  the  same  phenomena,  except  that 
the  bright  band  was  obscured  by  the  absorption  of  the  layer  of 
sodium  vapour  first  introduced,  and  only  seen  when  it  expanded  beyond 
the  absorption  band.  More  pieces  of  sodium  produced  like  effects ;  the 
absorption  band  gradually  widening  as  more  sodium  was  put  in,  until 
the  channelled  spectrum  began  to  appear. 

The  effects  of  compressing  the  vapour  were  very  remarkable.  As 
the  pressure  increased  the  channelled  spectrum  speedily  disappeared, 
then  the  diffuse  edges  of  the  D  band  contracted,  the  band  itself 
likewise    contracting  until  it    became    a    very    fine  pair   of    lines. 
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or  if  the  amount  of  sodium  present  was  not  too  much,  D  came 
out  bright.  On  letting  off  the  pressure,  the  phenomena  recurred 
in  the  reverse  order,  and  the  whole  could  be  repeated  several 
times.  After  compression  as  long  as  the  pressure  was  sustained  the  D 
Absorption  remained  permanently  narrowed,  but  did  not  continue 
bright.  When  there  was  only  a  very  little  sodium  in  the  platinum 
•tube  and  the  pressure  diminished,  the  D  band  was  seen  to  expand  and  ■ 
become  diffuse,  contracting  again  as  the  pressure  was  restored,  but 
not  generally  contracting  to  quite  its  former  width  or  sharpness. 

We  used  sometimes  amalgams  of  sodium  in  order  to  have  a  very 
dense  gas  to  retard  diffusion,  and  for  the  purpose  of  getting  various 
-quantities  of  sodium  diffused  through  equal  spaces.  With  these 
amalgams  the  general  course  of  the  phenomena  was  much  the  same  as 
with  the  metal  alone,  except  that  we  could  not  by  compression  to 
three  atmospheres  make  the  D  lines  show  out  so  bright  as  with 
fiodium  alone,  although  the  absorption  was  reduced  to  extremely 
narrow  dimensions. 

One  set  of  experiments  was  made  with  a  series  of  amalgams  con- 
taining decreasing  percentages,  all  less  than  1  per  cent.,  of  sodium, 
•equal  quantities  of  each  were  put  into  the  hot  tube  in  succession,  the 
vapour  of  each  being  blown  out  before  the  next  was  put  in.  The 
thickness  of  the  layers  observed  was  thus  very  nearly  constant,  but  the 
density  of  the  sodium  vapour  variable.  It  was  calculated  that  the 
mercury  vapour  would,  at  the  temperature  of  the  tube,  fill  a  height 
of  about  20  centims.  The  D  absorption  was  very  broad,  with 
wide  diffuse  edges,  with  an  amalgam  of  ^  per  cent.,  and  did  not 
sensibly  diminish  in  width  until  the  percentage  of  sodium  was  re- 
duced to  J. 

The  results  of  the  foregoing  experiments  may  have  been  complicated 
Idj  the  sodium  vapour  which  diffused  into  the  cool  part  of  the  vessel. 
We  have  attempted  to  overcome  this  complication  by  passing  down 
into  the  bottle,  when  full,  or  nearly  full,  of  sodium  vapour,  a  platinum 
tube  closed  at  the  top  with  a  glass  plate,  and  filled  with  nitrogen,  and 
observing  the  absorption  through  this  tube.  The  nitrogen  in  the  tube 
prevents  for  a  short  time  the  entry  of  the  sodium  vapour  into  the 
tnbe,  and  so  by  passing  the  tube  to  different  depths,  the  thickness  of 
the  layer  of  sodium  through  which  the  observations  were  made  could 
be  varied.  It  was  found  in  this  way  that  a  layer  of  sodium  vapour, 
About  4  centims.  thick  at  the  atmospheric  pressure  at  the  tem- 
perature of  our  furnace,  gave  the  D  absorption  sharp  and  very  narrow, 
but  as  the  sodium  diffused  into  the  tube  the  absorption  extended  until 
it  produced  a  broad  band  with  diffuse  edges.  Without  a  long  process 
of  washing,  it  is  impossible  to  clear  the  tube  of  sodium,  so  that  the 
repetition  of  observations  in  this  way  is  a  very  tedious  business.  We 
are  looking  for  some  transparent  substance  which  will  stand  the  high 
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temperatnre  and  the  action  of  sodium,  wherewith  to  close  the  lower  end 
of  our  tube  of  inspection.  We  have  tried  a  plate  of  colonrieH 
sapphire,  but  it  very  soon  became  too  opaque  for  ^rther  use.  Perhaps 
fused  alumina  may  do  better. 

A  few  experiments  made  in  a  similar  way  with  thallium  in  iron 
bottles,  showed  od  the  whole  similar  results.  No  bright  g^en  line  was 
seen  on  dropping  in  a  piece  of  thallium,  but  it  was  not  until  after  the 
lapse  of  some  seconds  that  the  absorption  line  was  apparent.  It  was 
faint  at  first,  gradually  deepening,  and  soon  attaining  a  maximum  of 
intensity,  when  it  was  remarkably  stationary  for  a  long  time.  More 
pieces  of  thallium  introduced  successively  produced  a  small  but  per- 
ceptible widening  of  the  absorption  band  and  a  diminution  of  the 
sharpness  of  its  edges. 

The  foregoing  account  gives  the  general  course  of  the  phenomena, 
and  it  seems  useless  at  present  to  describe  further  details,  because  the 
quantitative  results  which  we  hoped  to  give  are  for  the  time  in  abey- 
ance until  we  can  ascertain  more  correctly  the  temperature  of  our 
furnace  and  the  thickness  of  the  layer  of  vapour  observed.  This 
requires  an  accurate  knowledge  of  the  density  of  the  vapour,  which 
could  not  be  satisfactorily  deduced  from  the  experiments  made  with 
iron  bottles,  as  they  did  not  accord  well  and  were  complicated  by  the 
action  of  iron  on  sodium  above  described.  The  platinum  vessels  stand 
but  few  experiments  without  repair,  which  causes  considerable  delay; 
and  the  above-mentioned  results  have  necessitated  the  expensive 
operation  of  the  reconstruction  of  some  five  platinum  bottles. 

The  phenomena  attending  the  compression  of  the  vapours,  as  well  as 
those  of  the  amalgams  of  varying  percentages,  seem  to  indicate  that 
the  width  of  the  D  absorption  is  dependent  on  the  thickness  and  tem- 
perature of  the  absorbent  vapour  rather  than  on  the  whole  quantity  of 
sodium  present  in  it.  Very  minute  quantities  diffused  into  the  cool 
part  of  the  tube  appear  to  give  a  broad  diffuse  absorption,  while  a 
layer  of  denser  vapour  of  small  thickness  in  the  hottest  part  of  the 
vessel  gives  but  a  very  narrow  absorption.  This  may,  however,  be 
due  to  the  variation  of  temperature. 

The  phenomena  of  the  bright  D  band  seen  on  compressing  the 
vapour  is  due  to  the  elevation  of  temperature  consequent  on  com- 
pression. This  elevation,  we  have  calculated,  for  a  sudden  com- 
pression to  half  the  original  volume,  will  amount  in  the  case  of  sodium 
vapour,  if  the  ratio  of  the  specific  heat  at  constant  pressure  to  that  at 
constant  volume  be  taken  as  1*14,  to  about  one- third  of  the  original 
temperature,  whatever  that  temperature  be ;  so  that,  allowing  for  loss 
during  slower  compression,  the  temperature  of  the  vapour  in  our 
bottles  will  have  nearly  reached  2,000°.  In  the  case  of  the  amalgams 
the  main  portion  of  the  gas  being  mercury  vapour,  the  eflTect  of  com- 
pression to  a  like  amount  will  increase  the  temperatm*e  by  nearly  two- 


Digiti 


izedbyCnOOgle 


1879.]  Quantitative  Spectroscopic  Experiments.        '        48& 

thirds,  in  consequence  of  the  ratio  of  the  specific  heat  at  constant  pres- 
sure to  that  at  constant  volume  being  now  1*66.  It  is  not  so  easy  to  explain 
why  the  bright  band  should  appear  while  the  sodium  is  evaporating, 
when  a  depression  of  temperature  should  ensue.  The  depression  of 
temperature  will,  however,  affect  the  hot  bottom  of  the  vessel,  and  so 
it  and  the  lowest  layer  of  sodium  vapour  may  be  relatively  cooler  than 
the  layers  above.  Professor  Stokes  has  suggested  another  cause  which 
may  intensify  the  effect,  depending  on  the  fact  that  the  radiation  from 
tbe  sides  of  the  vessel  is  partly  reflective,  partly  emissive,  while  that 
from  the  sodium  is  almost  wholly  emissive.  The  bottom  of  the  vessel 
will  be  somewhat  diminished  in  brightness  by  the  opening  opposite 
giving  no  radiation  to  be  reflected  by  it,  while  the  temperature  of  the 
sodium  being  well  sustained  by  the  radiation  of  the  sides,  the  want  of 
radiation  from  the  opening  will  not  make  any  sensible  change  in  its 
emission.  Whatever  explanation  be  given  of  the  cause,  the  fact  of  the 
gradual  expansion  of  the  bright  band  as  the  sodium  evaporates  bears 
out  the  supposition  that  an  increased  thickness  of  sodium  vapour, 
with  little  or  no  change  of  density,  produces  a  wider  line. 

The  very  minute  quantity  of  sodium  required  to  produce  a  wide 
absorption  was  shown  in  the  experiments  with  the  amalgams.  In  one 
of  these  '042  grm.  of  an  amalgam  containing  only  ^  per  cent,  of 
sodium  was  introduced  into  the  platinum  tube.  That  quantity  of 
mercury  would  at  1,500°  C,  which  was  about  the  temperature  of  the 
furnace,  fill  about  25  cub.  centims.,  occupying  a  depth  of  about  20 
centims.  of  the  tube.  In  this  volume  there  was  only  about  '00005  grm. 
of  sodium,  yet  the  D  absorption  band  was  at  least  twice  as  wide  as  the 
space  between  the  two  D  lines. 

The  quantity  of  sodium  requisite  to  give  the  cl^annelled  spectrum 
also  appears  to  be  very  small.  Between  4  and  5  mgrms.  put  into  the 
platinum  bottle,  whether  alone  or  as  an  amalgam,  usually  gave  the 
channelled  spectrum ;  sometimes  it  was  seen  with  even  less  than 
4  mgrms.  Now  the  wide  part  of  the  bottle  held  some  200  cub. 
centims.,  so  that  the  quantity  of  sodium  diffused  through  this  space 
and  up  into  the  tube  would  give  a  vapour  of  very  small  density 
indeed.  The  complete  disappearance  of  the  channellings  as  soon  as 
the  vapours  were  a  little  compressed,  so  as  to  be  driven  down  into  the 
hot  part  of  the  bottle,  seems  to  indicate  that  the  channellings  were 
due  to  comparatively  cool  vapour  in  the  upper  part  of  the  vessel. 

The  facility  with  which  very  high  temperatures  can  be  obtained  by 
sudden  compression,  naturally  suggests  a  repetition  of  our  experi- 
ments with  the  electric  arc  in  lime  crucibles,  under  circumstances  in 
which  a  pressure  of  a  few  atmospheres  can  be  suddenly  applied  ;  and 
this  we  hope  to  carry  out. 
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III.  '*  Further  Experiments  on  the  Vapour  Densities  of  Potas- 
sium and  Sodium."  By  Professor  James  Deiwar,  MA, 
F.R.S.,  and  Alexander  Scott,  BjV.  Received  Novembe 
27,  1879. 

In  our  former  communication  **  On  the  Vapour  Densities  of  Potas- 
sium and  Sodium,"  we  pointed  out  the  chief  obstacles  which  lay  in  tbe 
way  of  an  exact  determination  of  these  constants.  Having'  overcome 
the  chief  manipulative  difficulties  in  connexion  with  the  method  we 
described,  there  still  remained  the  problem  for  solution  as  to  how  far 
the  use  of  iron  bottles  in  our  experiments  might  afiFect  the  results. 
If  the  iron  retained  the  metals  or  allowed  their  vapours  to  diffose 
with  rapidity  through  it,  a  considerable  error  might  be  prodaced 
without  its  being  easily  detected.  We  noted  an  action  of  this  kind, 
remarking  that  *'  both  metals  seemed  to  have  a  tendency  to  behave 
in  the  same  manner  as  zinc,  viz.,  to  form  an  alloy  with  the  iron, 
because  the  vapour  evolved  after  a  few  minutes  was  absorbed  com- 
pletely, in  spite  of  all  precautions  to  prevent  oxidation."  The  ten- 
dency of  iron  and  the  alkali  metals  to  form  alloys,  we  thought,  would 
be  diminished,  so  as  not  to  interfere  with  the  value  of  the  results,  "  by 
raising  the  temperature  as  much  as  possible,  so  as  to  induce  rapid 
volatilisation,"  and  the  fair  accordance  of  the  series  of  experimentfl 
formerly  given  led  us  to  suppose  that  this  difficulty  had  been  success- 
fully obviated.  Recent  spectroscopic  observations,  by  Professors 
Li  vein  g  and  Dewar,  on  the  luminous  absorption  of  the  vapours  of 
sodium  under  different  conditions  in  iron  and  platinum  vessels — which 
will  be  presented  shortly  to  the  Society — having  led  to  the  inference 
that  mere  rapidity  of  volatilisation,  of  such  small  weights  of  the  metals 
as  can  be  conveniently  employed  for  the  measurement  of  the  volumes 
of  the  vapours,  in  presence  of  a  relatively  enormous  mass  of  iron,  would 
not  eliminate  the  absorptive  action,  new  experiments  were  made  in  a 
platinum  apparatus  of  similar  shape  and  size  to  the  iron  one,  and  in 
the  same  manner  as  formerly  described.  Magnesia  was  used  instead 
of  sand  to  pack  the  platinum  vessel  in  the  crucibles  employed  as  a 
prctecfion  against  the  diffusion  of  furnace  gases,  and  the  volatilisation 
of  the  alkali  metals  took  place  in  nitrogen.  Elach  set  of  experiments 
was  made  at  different  times,  and  the  results  are  given  in  the  order 
of  observation,  the  bottle  being  freed  from  the  vapours  after  each 
experiment  by  a  strong  current  of  hydrogen.  The  molecular  weights 
are  calculated  for  22  34  cub.  ceutims.  at  0°  C.  and  760  mm.  pressure. 

The  following  tables  contain  the  record  of  the  results  obtained : — 
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Potassiom. 

•046  grm.  gave. . 

. .  241  C.C 

I. 

.at  6° 

and  760  mm. 

Mol. 

wt. . 

.  42-6 

•045 

. .  231 

» 

.  43-5 

•042 

. .  21-2 

>» 

.  44-2 

•045 

. .  22-9 

>» 

.  43-9 

•045 

. .  221 

» 

.  45-5 

•030 

..  251 

>J 

.  44-5 

•047  grm.  gave. . 
•049        „ 


Mean  molecular  weight. .  44*  03 


II. 

. .  26-8  CO.  at  0°  and  760  mm.    Mol.  wt. . .  392 
. .  26^0  „  „  ....  421 


Mean  molecular  weight. .  40'65 


'032  grm.  gave 

•033 

•031        „ 


Sodinm. 
I. 

26-5  C.C.  0°  and  760  mm.     Mol.  wt. 

26-7 

27-9 


.  27-0 

.  276 

..  24-8 


Mean  molecalar  weight. . . .  26°4 


II. 


•032  grm. 

gave 

. . .  25-1  C.C. 

0° 

and  760  mm. 

Mol.  wt. 

. . .  28^5 

•032        ., 

. . . .  26-3 

,, 

. . .  272 

•031 

. . . .  27-9 

i* 

...  24^8 

029        „ 

. . .  26-5 

., 

...  244 

031 

. . .  26-9 

. . .  25-7 

030 

. . .  27-3 

...  246 

030 

. . .  261 

., 

...  25-6 

Mean  molecular  weight. .  . .  25'8 
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HI. 

•027  grm.  gave 24*6  c.c.  at  0°  and  760  mm.  Mol.  wt 24-.j 

•027        „          ....23-2        „                „  „        ....26-0 

•037        317        „                „  „        .  - . .  261 

•030        .,           ....  291         „                „  „        . . . .  230 


Mean  molecnlar  weight. . . .  24*9 

The  new  determinations  of  the  molecular  weights  of  potassimn  and 
sodium  are  just  about  half  the  former  values,  and  would  seem  to 
support  the  inference  that  the  atom  of  each  of  these  metals  resemble:? 
mercury  and  cadmium  in  the  gaseous  state,  as  regards  molecular 
volume.  Such  a  remarkable  result  cannot  be  accepted  without  a  very 
thorough  investigation  of  the  secondary  reactions  which  may  be  in- 
duced at  high  temperatures.  It  is  certain  that  in  the  platinum  vessels 
there  is  much  less  absorption  of  vapour  than  in  the  case  of  iron,  and 
that  the  action  of  the  furnace  gases  is  all  but  eliminated.  The 
following  suggestions  might  be  made  to  explain  the  results.  In  the 
first  place,  the  metals  may  contain  a  large  amount  of  occluded 
hydrogen.  With  reference  to  this  assumption,  we  have  examined 
the  sodium  used  in  our  experiments  and  find,  on  careful  exhaustion 
and  boiling  in  a  Sprengel  vacuum,  that  one  volume  of  sodium  only 
contains  one- third  of  its  volume  of  occluded  hydrogen,  so  that 
this  will  not  account  "  for  the  double  volume  of  the  atom  of  the 
metals."  The  alkali  metals  may  form  volatile  compounds  with 
platinum,  although,  judging  from  analogy,  such  compounds  are 
not  likely  to  exist.  If  so,  the  vapour  blown  out  of  the  bottle  ought 
to  contain  platinum.  The  use  of  platinum  tubes  to  blow  out  the 
vapours  prevented  the  test  being  applied.  The  metals  may  be 
changed  into  oxides  from  occluded  oxygen  in  the  platinum.  If  so,  no 
free  metal  ought  to  remain  in  the  bottle  after  this  rapid  evaporation. 
This  however  is  not  the  case ;  so  that,  unless  some  other  explanation  can 
be  given,  it  will  be  necessary  to  admit  some  anomaly  in  the  behaviour  of 
potassium  and  sodium,  as  regards  their  vapour  densities  at  high  tem- 
peratures. In  future  the  variation  of  the  density  with  the  tempera- 
ture must  be  determined,  but  this  is  very  difficult  at  temperatures 
about  1,500°  C.  The  chief  drawback  to  the  prosecution  of  the 
experiments  is  the  terrible  waste  of  platinum  vessels,  which  never 
stand  the  combined  action  of  potassium,  sodium,  and  hydrogen  at 
high  temperatures,  beyond  two  or  three  operations. 

The  following  determinations  of  the  molecular  weight  of  potassium 
iodide,  made  in  the  iron  apparatus,  are  of  importance  in  connexion 
with  the  previous  results. 
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Potassiam  Iodide. 

•159  grm.  gare. . 

. .  20^75  at  0° 

and  760  mm 

•165 

. .  21-2 

»? 

•170        „        . . 

. .  21-4 

»♦ 

•180        „        .. 

. .  21-6 

« 

•103        „        . . 

..  151 

>> 

•174        „        . . 

. .  24-4 

>» 

Mol.  wt. 


Mean  molecular  weight, 


171 
174 
177 
186 
152 
159 

169-8 


These  numbers  are  fairly  accordant,  and  seem  to  indicate  that 
iodide  of  potassium  is  normal  in  its  behaviour.  The  vapour,  after 
each  experiment,  was  blown  out  with  a  current  of  hydrogen.  A 
crystalline  deposit  was  obtained  in  each  case,  which  was  pure  iodide 
of  potassium,  free  from  any  trace  of  iron.  Taken  in  connexion  with 
the  former  experiments,  this  seems  to  show  that,  if  free  potassium  is 
abnormal,  its  compounds  are  not  altered.  Before  any  final  con- 
clusions can  be  reached,  further  experiments  must  be  made  in  pla- 
tinum or  iridium  vessels,  and  it  will  be  very  important  to  control 
the  results  by  examining  the  densities  of  the  iodides  of  caesium  and 
rubidium. 


IV.  "  On  the  Practical  Solution  of  the  Most  General  Problems 
in  Continuous  Beams."  By  John  Perry  and  W.  E.  Ayrton. 
Communicated  by  Fleeming  Jenkin,  F.R.S.S.  Lond.  and 
£din.,  Professor  of  Civil  Engineering  in  the  University  of 
Edinburgh.     Received  November  27,  1879. 

1.  It  is  not  necessary  to  enter  into  the  question  of  the  advisability 
of  employing  continuous  girders  in  bridges  with  spans  of  less  than 
200  feet,  but  it  is  generally  conceded  that  the  increased  economy  due 
to  the  employment  of  continuous  girders  in  longer  spans  more  than 
counterbalances  the  well-known  practical  objections  to  continuity. 
Hence  the  practical  solution  of  the  general  problem — given  the  con- 
ditions at  the  ends  of  a  continuous  girder,  the  spans,  the  moment  of 
inertia  of  all  crosiS  sections,  and  the  loading,  to  find  the  bending 
moment  and  shearing  stress  in  every  cross- section,  is  not  xinworthy  of 
our  attention. 

2.  Mr.  Heppel  has  published  the  exact  solution  for  cases  in  which  each 
span  may  be  supposed  divided  into  two,  three,  four  or  five  equal  parts,  in 
each  of  which  the  load  and  cross-section  are  supposed  to  be  constant.  As 
is  well  known,  the  difficulty  of  the  general  problem  is  due  to  the 
necessity   of  making  certain  summations  in  each  span.     Now,  Mr. 
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Heppel  found  it  convenient  for  his  special  case  to  make  the  Bnnimation& 
twice  for  the  same  span,  working  forwards  and  backwards  from  every 
point  of  snpport,  bnt  in  the  following  the  snmmations  are  all  effected 
working  in  the  same  direction,  only  one  summation  being  necessary 
for  each  span. 

3.  Suppose  OQ  to  be  one  span  of  a  continuous  beam  which  has 
loads  and  supporting  forces  beyond  0  and  Q.  To  find  the  bending 
moment  at  a  point  P,  it  is  sufficient  to  know  what  is  the  bending 
moment  at  0,  and  the  shearing  force  at  a  very  short  distance  inside 
O,  If  we  suppose  the  bending  moment  to  be  called  positive  when  it 
tends  to  make  the  beam  convex  upwards,  and  the  shearing  force  at  a 
section  positive  when  it  tends  to  elevate  the  part  of  the  beam  to  the 
right  of  the  section,  then  M,  the  bending  moment  at  a  point  P,  is 
equal  to 

Mo-SoXOP4->n, 

where  Mq  and  ^o  are  the  bending  moment  and  shear  at  O,  and  where 
m  is  the  sum  of  all  such  expressions  as — an  element  of  load  at  any 
place  P',  between  0  and  P,  multiplied  by  P'P. 

Again,  if  If  is  the  bending  moment  at  a  section,  E  the  modnlns  of 
elasticity,  I  the  moment  of  inertia  of  the  section  about  its  neutral 
line,  y  the  vertical  displacement  of  a  point  in  the  neutral  axis  of  the 
beam  from  its  horizontal  position,  x  the  horizontal  distance  of  this 
point  from  some  fixed  point  in  the  neutral  axis  as  0,  then  for  all 
beams  and  girders  used  by  engineers — 

"^"eT ^  ^' 

The  only  restriction  that  we  shall  use  is  to  suppose  all  points  of  sup- 
port  in  the  same  straight  line.  But  as  is  well  known,  if  this  case 
is  solved,  the  unrestricted  case  may  also  be  solved,  and  the  case  in 
which  there  is  a  yielding  in  the  supports. 

Let  Mq  Ml  be  the  bending  moments  at  the  points  of  support  O  and 
Q.  Let  8q  be  the  shearing  force  just  inside  0.  When  we  know  the 
nature  of  the  loading — 


Mo 

P 

M, 

A 

A 

0 

Q 

<     .     .     . 

.     I,     .     .     . 

.    .    > 

we  can  find  m  the  moment  at  P  due  to  the  load  between  0  and  P. 
Thus  if  tv  be  the  load  per  unit  length  at  any  place,  and  if  we  know 
how  w  alters,  we  can  find  the  sum — 

fop  Cop 

J     ii;(OP-aj)da;=      wzdz=m (2). 
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And  also,  if  we  know  how  EI  alters,  we  can  find  the  following  snms, 
each  of  which  is  denoted  by  a  symbol : — 


Jo"Er  ^ 


Jo  EI       ' 

['xxdx_f 


(3), 


and  also 


(4). 


It  is  very  easy  to  write  ont  the  values  of  these  summations  in 
certain  simple  cases,  and  the  calculation  in  the  most  general  cases 
can  always  be  made  with  a  very  fair  approximation  to  accuracy,  and 
with  not  much  risk  of  mistakes  being  made,  by  the  graphic  methods 
described  below. 

The  bending  moment  at  any  point  P  is — 

M=Mo-Soaj+m (5),. 

M=Mi, 

Mi=Mo— SoZi+mp 

(6). 


but  at  Q  we  have 

and 

and  hence 

therefore 


S„ ^ 


So  that  expression  (5)  becomes 


(yy 


Substituting  this  value  for  M  in  the  differential  equation  (1),  and 
integrating  once,  remembering  that  when  x  equals  nought,  cZ,  /,  and  g 
vanish,  we  see  that  if  oq  ^  ^^^  inclination  (very  small)  of  the  beam 
downwards  from  the  horizontal  at  0,  and  if  a  is  the  inclination  of  the^ 
beam  at  any  point  P,  then 

^  or  tan  a  or  »=«oH-Mo^Z— So/+^      .     .     . 
dx 
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If  «|  is  the  inclination  at  the  support  Q,  then 

«i=«o+Mo(i-So/+^i (9). 

Integrating  (8)  again  we  see  that  the  deflection  at  any  point  P  is 

2/=aj«o+Mori+F-So2 (10). 

and,  as  the  supports  are  on  the  same  level, 

u=o 

when  aj=Zi, 

so  that  0 = li»Q + MqT^ + Fj  —  So2i, 

and  hence  ^^Sog^-F.-Mpr^ ^^^^ 

h 
Substituting  the  value  of  Sq  from  (6)  we  have  therefore 

^^^(Mo+mt-Mi)gt~liFi~Mo^gi  ^^2), 

^^ 
and  using  this  in  equation  (9)  we  find 

(Mo+n>,-MOg,-Z,F^-Mon,^^^^^g^^^^^^  ^^3^^ 

^^ 

Now,  let  wig,  J<j,  /s,  i/2,  ^h>  !Z2»  ^2»  ^®  *^®  values  of  the  summations 
made  in  the  next  span,  QB^  Q  corresponding  with  0,  and  R  with  Q. 
If  Ifg  is  the  bending  moment  at  the  support  K,  then  equation  (12) 
becomes,  putting  «i  instead  of  a^,  M^  instead  of  Mq,  M^  instead  of  lf|,* 

_  (M^+^-M3)gg~ZaF3-M,ngZg  .^^^ 

^  h^  •     •     •     •     V     / 

Mo Mj P Mg 

A  A         a-  A 

O  Q  R 

<     .    .    .    .    ll X 1.2    .    .    .    ,     > 

Thus  we  have  in  equations  (13)  and  (14)  distinct  values  of  the 
angle  of  inclination  at  Q.     Putting  these  values  equal  to  one  another 

*  If  Hs  the  small  angle  of  discontinuitj  of  the  neutral  line  of  the  beam  at  Q, 
that  is  if  d  is  equal  to 

inclination  downwards  of  the  1  ^  f  inclination  downwards  of  the 

neutral  line  of  QR  at  Q      J       \     neutral  line  of  OQ  at  Q, 

then  we  see  that  o(|  in  (14)  minus  «!  in  (13)  equals  9,  and  hence  we  must  put  —  B 

instead  of  0  on  the  right  hand  side  of  equation  (15).     The  angle  0  is  not  supposed 

to  vary  with  alteration  of  loading. 
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^tnd  simplifying,  vre  find  an  equation  connecting  Mq,  J/^,  and  M^  and 
this  is  our  form  of  the  General  Theorem  of  the  Three  Moments.* 

Z,2        Z/  ^^^       ?!        Zg      /i         '     •     •     •     K     J- 

4.  We  have  in  the  theorem  of  three  moments  a  relation  between  the 
bending  moments  Mq,  Mi,  M^,  at  any  three  consecutive  points  of  sup- 
port ;  therefore  in  a  continuous  girder  of  N  spans  there  are  ^—1  such 
equations,  and  ^—1  unknown  moments,  because  the  moments  at  the 
end  supports  are  each  equal  to  nought.  Hence  the  moments  at  all  the 
supports  are  found  by  the  easy  solution  of  these  simple  simultaneous 
equations. 

We  may  now  suppose  that  the  moments  at  the  supports  0  and  Q  at 
the  two  ends  of  a  span  are  found,  then  the  shearing  force  at  0  can  be 
calculated  by  equation  (6),  the  bending  moment  at  any  point  P  by 
equation  (7),  and  the  deflection  at  any  point  P  by  equation  (10). 
Points  of  maximum  and  minimum  bending  moment  are  obtained  by 
equating  to  nought  the  dilEerential  coefficient  of  M  with  respect  to  X' 
At  a  point  of  inflexion  we  know  that  the  bending  moment  must  be 
equal  to  nought. 

We  can  prove  that,  in  any  span  OQ  of  a  continuous  beam  when  we 
know  the  angles  of  inclination  of  the  girder  at  the  two  points  of 
support,  we  have  sufficient  data  for  making  all  the  necessary  calcula- 
tions.    For 

fr„  at  0-(^+^^-^i)gi~W-^^^ (12), 

«,  at  (j=(Mo+^-MOga~ZiF,^MoU^+Mo(i,--So/,+</^      (13), 
h 

so  that,  knowing  oq  and  a^,  we  can  find  Mq  and  M^ ;  and  then  the 
bending  moment  at  any  point  P,  if  x  equals  OP,  is 

M=Mo+m-.M»-fi+J!b (7), 

so  that  we  can  draw  the  diagram  of  bending  moment.     Also  the  shear 
at  0  is 

g^^Mo-M^+^n, ^g^_ 

h 

*  Although  the  theorem  of  the  three  moments  as  given  in  equation  (15)  inyolves 
more  expressions  than  Mr.  Heppel's  form  as  given  by  Professor  Kankine  ("  Proc.  Roy. 
See.,"  vol.  iviii,  p.  178),  still  it  will  be  observed  that  it  is  really  more  convenient.  In 
any  case  the  summations  d,/,  g  have  to  be  calculated  in  order  to  obtain  n,  g,  and  jP, 
but  with  our  form  of  the  theorem  there  is  this  advantage,  that  when  there  are  more 
thim  two  spans  the  summations  have  only  to  be  made  once  for  any  span. 
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and  the  shear  at  any  point  P  is  eqnal  to  8q  minus  the  load  between  O 
and  Py  therefore  we  can  draw  the  diagram  of  shearing  force.  Also 
the  deflection  at  any  point  P  equals 

As  a  familiar  example,  we  may  consider  a  beam  OQ,  of  which  the 
ends  are  fixed  horizontally  and  at  the  same  level,  here 

«o=0, 
and  ai=0. 

We  can  prove  that,  when  we  know  the  angle  of  the  beam  at  one  end 
of  a  span,  and  the  bending  moment  at  the  other  end,  we  have  sufficient 
data  for  calculation,  having  the  above  summations  m,  &o.  This  applies 
to  the  familiar  case  of  a  beam  fixed  horizontally  at  one  end  and  merely 
supported  at  the  other  end,  the  supports  being  level,  as  before. 

The  following  well-known  examples  illustrate  the  use  of  the  for- 
mulae:— 

In  all  cases  when  the  cross-section  of  the  beam  remains  constant, 
the  summations  d,  /,  n,  and  q  may  easily  be  shown  to  have  the  follow- 
ing values : — 


^     EI' 

'^^     EI' 

'^'-EV 

•'     2EI' 

•^1    2BI' 

"~2EI' 

''^=2Ei' 

'''-2E1' 

*  6Er 

^"CEI' 

SO  that  the  theorem  of  three  moments  becomes — 

In  all  cases  where  the  load  is  spread  uniformly  over  the  span,  being* 
w  per  unit  length,  it  is  easy  to  show  that — 

wx^  _.  w1^    the  section  being  con- 

^"gEl'  ^^"■eEl'     stant  on  the  span. 

24EI'  ^     24EI' 

When  the  spans  are  equal  in  length,  and  all  cross-sections  are  the 
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same,  and  the  loading  over  both  spans  is  nniform  and  equal  to  w  per 
unit  length,  then  the  theorem  becomes — 

it 

When  in  the  two  consecntive  spans,  OQ,  and  Qi?,  there  is  the  same 
<;oinmon  cross-section,  and  when  there  is  a  nniform  load,  m?,  per  unit 
length  over  the  first  span,  and  w^  over  the  second,  we  get  the  theorem 
in  M.  Clapeyron's  form — 

Graphic  Determination  of  the  Summations  of  paragraph  3. 

5.  It  has  hitherto  been  usual  for  engineers  to  assume  that  the  load 
and  section  are  uniform  in  each  span,  because,  as  we  have  seen,  the 
calculations  in  this  case  are  easy,  whereas  those  necessary  when 
attempting  the  general  solution  are  exceedingly  complicated ;  in  fact, 
an  examination  of  Mr.  HeppeFs  solution  of  a  comparatively  simple 
case  is  sufficient  to  deter  engineers  from  such  calculations.  But  by 
the  following  graphic  method  the  solution  of  the  most  general  case 
only  requires  a  very  elementary  mathematical  knowledge,  and  may  be 
completed  in  a  few  hours,  or  in  a  much  shorter  time  if  a  Thomson's 
integrating  machine,  or  even  a  good  planimeter  bo  available. 

We  employ  a  link  polygon  method  for  the  calculation  of  m,  and  it 
may  be  expedient  to  draw  the  deflected  beam  by  Mohr*s  method.  To 
employ,  however,  a  link  polygon  method  throughout  the  whole  of  the 
investigation  would  lead  to  much  waste  of  time,  however  interesting  it 
might  be  from  a  mathematical  point  of  view  ;  and  as  in  many  other 
engineering  problems,  for  instance,  the  finding  of  centres  of  gravity 
and  moments  of  inertia,  so  in  this  we  see  that  the  use  of  a  little  arith- 
metic, and  the  actual  measurement  of  lines  gives  quicker  and  more 
accurate  integrations. 

Our  stn  dents  in  Japan  made  the  necessary  summations  for  spans  of 
300  and  200  feet  respectively.  Their  drawings  were  exhibited  at  the 
meeting,  and  one  of  them  is  shown  on  a  reduced  scale  in  fig.  6.  It  is 
advisable  to  use  some  well-known  scale  for  the  measurement  of  the 
lines ;  for  example,  a  scale  of  centimetres.  The  distance  AB,  fig.  6, 
represents  the  span  of  200  feet  to  the  scale — one  centimetre  stands  for 
3|  feet.     The  ordinate  of  the  diagram  AEEEf  &c.,  shows  the  value 

of  -_  at  every  point  of  the  span,  and  in  all  cases,  except  where  there 

is  a  sadden  change  of  inclination  of  the  beam  over  a  pier  (see  the  end 

of  §  3),  any  unit  of  measurement  whatever  may  be  employed  for  =- . 

6.  To  find  the  cwrve  for  m  and  the  value  of  m. — In  fig.  1,  AB  is  the 
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Bpctn,  and  the  ordinate  of  the  figure  ALLLBy  shows  at  any  point  to 
SL  g'iiren  scale  the  intensity  of  the  load ;  that  is,  the  amount  of  load  per 
foot  of  the  beam  at  that  place.  Divide  the  space  ALLLB  into  any 
convenient  number  of  spaces  by  vertical  lines,  and  assume  that  the  load 
on  SFy  for  instance,  is  not  a  distributed  load,  but  a  single  one,  acting 
throTiffh  the  centre  of  gravity  of  the  area  EL'L'*Fy  and  numerically 
eqnal   to  the  total  load  on  EF,  and  similarly  with  the  other  parts,  so 


that  now  the  span  has  concentrated  loads  1,  2,  3,  4,  5.  Draw  OK 
representing  the  loads  to  a  given  scale,  and  join  the  points  S  with  any 
point  O,  as  shown  in  the  figure.  We  shall  call  GK  our  force  polygon, 
as  usual,  and  we  now  proceed  to  draw  our  link  polygon,  drawing  A!bB" 
parallel  to  OK,  5'4'  parallel  to  OS,  &c.  Then  A'5'4'3'21'B'  is  our 
link  polygon  for  concentrated  loads,  and  for  the  real  loading  we  must 
draw  a  curve  through  A' L^LJj^LJi' .     Producing  ^'5'  we  shall  find 
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it  quite  easy  to  prove  that  any  ordinate,  as  NK  for  instance,  repre- 
sents the  value  of  m  for  the  point  K\  and  B"B*  is  Wj* 

In  fig.  6  the  diagram  for  m  has  been  altered  in  shape  by  the  student, 
but  this  extra  labour  was  not  necessary.  , 

7.  Any  ordinate  to  the  curve  AEEEB,  fig.  2,  represents  the  value 

at  that  place  of  — -,  where  E  is  the  modulus  of  elasticity  of  the  sub- 
£il 

stance  of  which  the  beam  is  composed,  and  I  is  the  moment  of  inertia 

of  the  section  about  its  neutral  line,  any  unit  of  measurement  being 

employed. 

The  value  of  d  at  any  point  P  is  shown  by  the  ordinate  PP"  to  the 

curve  AP'B',  and  BB'  equals  c^,  the  curve  AP'B'  being  obtained  bj 

raising  at  a  number  of  points,  such  as  P,  the  ordinate  PP,  measured 

to  any  convenient  scale,  and  representing  the  area  AEE'P.      It  is 

evident  that  rii  is  the  total  area  of  the  figure  AP'B' By  the  scale  of 

measurement  being  computed  in  the  manner  described  below. 

8.  To  find  i,—A  E^  E^  E^  P,  fig.  8,  shows  the  value  of  --  at  eveiy 

point.  Take  A  T  any  convenient  distance,  and  raise  the  perpendicular 
TT ;  make  T3  equal  to  BE^,  T2  equal  to  the  ordinate  at  E^  and  T\ 
equal  to  the  ordinate  at  E^.  Join  A  with  the  points,  1,  2,  3,  <fec.,  and 
produce  if  necessary.   Now  it  is  quite  evident  that  any  ordinate  of  the 

figure  AAiAc^A^A^B'' B   represents  J^"    ^^  *  known   scale ;    thus,  for 

£1 

example,  PA'  represents  PA  divided  by  EI  at  the  point  P.     (This 

diagram  might,  of  course,  have   been  easily  obtained  numerically.) 

Now  at  any  point  make  the  ordinate  PP'  represent  to  any  suitable 

scale  the  area  AA^A^A'Py  and  it  is  evident  that  any  ordinate  of  the 

curve  through  all  such  points  as  P',  say  AP'B\  is/  to  a  known  scale. 

It  is  also  evident  that  g^  is  the  total  area  of  the-figure  AP'B'B.f 

9.  To  find  g. — ^At  any  point  P  we  now  know  (see  fig.  1)  the  value 

of  m ;  we  also  know  the  value  of  -  -  ;  we  can,  therefore,  compute  the 

El 

*  For  we  know  that  the  ordinate  jKX"  represents  the  bending  moment  at  the 
point  JC'  if  the  beam  is  merely  supported  at  the  ends.  Also  NK''  represents  the 
bending  moment  about  K'  due  to  the  proper  supporting  force  at  Ay  and  therefore 
NK,  the  difference,  is  m  the  bending  moment  at  K'  due  to  the  loading  merely 
between  A  and  K'. 

t  Generally  as  to  scale  : — When  at  the  point  P,  fig.  4,  we  raise  a  perpendicular  PP'' 
which  represents,  according  to  any  scale,  by  its  length  the  area  of  PA  P',  then  if  the 
ordinate  PP*  was  to  such  a  scale  that  one  centimetre  represents  a  units,  and  if  AB 
is  the  span  to  such  a  scale  that  one  centimetre  represents  b  feet,  if  the  area  AP'P  it 
c  square  centimetres,  and  if  it  is  represented  by  a  line  PP"  whose  length  is  e  centi- 
metres, it  is  evident  that  the  ordinates  of  our  new  curve  AP"B"B  have  a  scale  such 

that  one  centimetre  represents  —  unit*. 
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value  of  ^  by  actual  measurement  of  lines  and  numerical  work ;  and 

erect  the  perpendicular  PF\  fig.  4,  representing  ==  to  any  suitable 

scale.  Now  make  P  P"  represent  to  a  suitable  scale  the  area  PAP'j 
then  the  curve  passing  through  all  such  points  as  P"  has  for  its  ordi- 
nates  the  values  of  g.  It  is  also  evident  that  F^  is  the  total  area  of  the 
figure  AP^'F'B, 

Examvple, 

10.  As  an  example  we  may  take  the  following,  worked  out  by 
Messrs.  Terauchi  and  Saiki,  two  of  our  students  : — 

Design  a  lattice-girder-bridge  with  two  main  girders,  the  girders 
being  of  a  constant  depth ;  to  carry  a  double  line  of  railway,  and  to 
consist  of  three  spans,  respectively  200,  300,  and  200  feet  long. 

Consulting  Baker,  they  assumed  the  total  weight  of  cross-beams, 
permanent  way,  &c.,  to  equal  0'55  ton  per  foot  of  the  middle  span, 
and  0'5  ton  per  foot  in  the  end  spans :  the  weight  of  main  girders  to 
be  1*35  and  0*7  ton  per  foot  in  the  middle  and  end  spans  respectively, 
and  the  rolling  load  2  tons  per  foot. 

Fi/rst  Galculatuyfis, — Assume  that  the  girders  have  everywhere  the 
same  cross-section,  then  we  have  merely  to  employ  the  following 
equation,  §  4,  for  any  two  consecutive  spans  : — 

Mo^  +  2M,(?,  +  Z3)+M,23-2^-i^=0. 

1.  As  regards  the  Weight  of  the  Bridge  itself, 

1^^=1*2,  Wg=l-9,  ^3=1*2. 

We  find  Mi=M,=11711-5  ton  feet, 

Mo=M3=0. 

At  any  point  in  the  first  span 

M=0-6a?»-61-4425». 

At  any  point  in  the  second  span 

M=11711-5-0-95aj2-285aj. 

The  curve  OAA'A"A"'  (fig.  6)  has  been  plotted  to  show  this  diagram 
of  bending  moments  for  half  the  bridge,  the  other  half  being  exactly 
similar.    O  and  Q  are  two  supports,  and  H  is  the  middle  of  the  bridge. 

2.  The  Balling  Load  covering  the  whole  Bridge, 
We  find  that  Mi=M3=25173  ton  feet, 

Mo=M3=0. 
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At  any  point  in  the  first  span 

M=l-6a!2-194135aj. 
At  any  point  in  the  second  span 

M=25173+l-96««-685aj, 
and  the  diagram  for  half  the  bridge  is  OBB'B"B"\ 

3.  The  BoUing  Load  covering  only  the  Middle  Span, 
We  find  that  Mi=Ma=22096  -ton  feet. 

Mo=M8=0. 
At  any  point  of  the  first  span 

M=0-6aj«-7-52aj. 
At  any  point  of  the  second  span 

M=22096-hl-95aj«-585«, 
and  the  diagram  for  half  the  bridge  is  0C(f0"(7". 

4.  The  Boiling  Load  covering  the  ends  Spans  only. 
We  find  that  Mi=M2=14788  ton  feet^ 

At  any  point  in  the  first  span 

M=l-6aj*-24606«. 
At  any  point  in  the  second  span 

M=14788-  0-95aj»-285«. 

and  the  diagram  for  half  the  bridge  is  shown  in  OBI/L^'B"'. 

6.  OFF'F"F^"  is  the  diagram  for  half  the  bridge  when  only  the 
first  span  is  covered  with  the  rolling  load. 

6.  OQO'0"ff'*  is  the  diagram  for  half  the  bridge  when  only  the 
first  two  spans  are  covered  with  the  rolling  load. 

As  the  depth  is  supposed  to  be  constant,  the  moment  of  inertia  of 
each  section  is  now  supposed  to  be  nearly  proporiional  to  the  greatest 
bending  moment  which  is  ever  found  at  that  section  during  any  of  the 
above  distributions  of  load,  and  the  ordinafces  of  the  diagram  ABE, 
kc,^  show  the  values  which  have  been  assumed  for  the  moment  of 
inertia  of  each  section,  these  values  being  either  1,  2,  3,  4,  5,  6,  or  7. 
If  the  girders  had  not  been  of  constant  depth,  so  that  the  moment  of 
inertia  might  have  been  changed  by  altering  the  height  of  the  girder, 
as  well  as  the  areas  of  the  booms,  we  should  have  proceeded  in  a 
slightly  different  way  to  get  the  diagram  of  J.  As  it  was,  our  students 
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fonnd  it  advisable  to  nse  six  thicknesses  of  plates  in  the  booms  at  the 
middle  of  the  centre  span,  and  thej  therefore  made  I  there  equal  to  6. 

It  is  unnecessary  to  enter  fully  into  the  details  of  the  complete 
clrawings  exhibited.  On  each  curve  was  written  the  scale  to  which  it 
was  dmwn.  Employing  the  methods  previously  described,  a  few 
hours  will  be  sufficient  for  making  all  the  necessary  calculations. 

The  results  obtained  for  the  new  distribution  of  I  were  as  follows  : — 


In  1st  and  3rd  span. 

With  rolling  load  Without  rolling  load 

Wi=63999  ton  feet,  77ii=24000  ton  feet, 

^1=21,030,000,  i7i=8,462,223, 

Fi=l,387,000,000  Fi =488,910,000. 

^1=1486, 
»^ =185040, 
/i=107540, 
31=9,191,200. 

In  middle  span. 
With  rolling  load  Without  rolling  load 

mi=175500  ton  feet,  ^1=85500  ton  feet, 

.^1=122,817,000,  5^1=61,975,000, 

Fi=7,672,800,000,  Fi= 3,938,100,000. 

e?i=1988, 
wi=299310, 
/i=310180, 
31=24,048,500. 

Just  in  the  same  way  the  necessary  summations  may  be  made  for 
the  most  general  cases,  the  moment  of  inertia  and  the  load  varying  in 
Any  way  whatever  from  point  to  point  in  a  span. 
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1879.  The  Society. 

Victoria  Institute.     Journal.     Vol.  XIII.  No.  50.     8vo.  London 

1879.  The  Institute. 

Louvain : — University  Catholique.    Annuaire,  1879.   12mo.  Low^ain 

Theses  de  la  Faculty  de  Th6ologie,  445-456.   8vo.  Lovami  1878. 

Theses  de  la  Faculty  de  M^decine,  78.     8vo.    Lovanii  1878. 

Theses  de  la  Faculty   de  Droit,  49-51.     8vo.   Lovcmii  1878. 

Revue  Catholique,  1878.     8vo.  Louvam  1878. 

The  University. 


Digitized  by 


Googk 


508  PreseiUs.  [Dec.  11, 

Transactions  (conHniied). 

Madrid: — Comision  del    Mapa    (leoWgico.     Boletin.      Tomo  VI. 

Cnademo  1**.     8vo.  Madrid  1879.  The  Commission. 

Instituto  GeogdLfico  j  Estadistico.     Memorias.     Tomo  11.     8ro. 

Madrid  1878.  The  Institute. 

Mexico: — Museo  Nacional.  Anales.  Tomo  I.  Entrega  2,  3,  4, 
Roy.  8vo.  MSxico  1877-78.  The  Museum. 

Prague: — Konigl.  Bohmische  Gesellschaft  der  Wissenschaften. 
Abhandlungen  V,  15.  4to.  Prog  1866-75 ;  VI,  9.  4to.  Frag 
1878.  Sitzungsberichte,  1877-78.  8vo.  Prag  1878-79.  Jahres- 
bericht,  1877,  1878.     8vo.  Prag  1877-78.  The  Society. 


Reports,  Observations,  <fec. 

Batavia: — Observatory.  Magnetical  and  Meteorological  Observa- 
tions.    Vols.  II,  III.    4to.  Batavia  1878.        The  Observatory. 

Lisbon : — Observatorio  do  Infante  D.  Luiz.  Annaes.  1877.  Folio. 
Lishoa  1878.  Postos  Meteorologicos,  1876.  2*^  semestre.  Folio. 
Lisboa  1878.  Pression  Atmosph^rique  a  Lisbonne,  1856-75. 
Determination  de  la  Temperature  de  I'Air.  R^um6  Meteoro- 
logique  du  Portugal.  La  Pluie  k  Lisbonne.  Roy.  8vo.  Lisbonne 
1879.  The  Observatory. 

Paris : — Dep6t  des  Cartes  et  Plans  de  la  Marine.  Recherches  Hy- 
drographiques  sur  le  Regime  des  Cdtes.    9®  Cahier.    4to.  Pari* 

1878.  Atlas.     Folio.  Paris  1878.     Instructions  Nautiques  sur 
les  C6tes  ouest  du  Centre- Am6rique  et  du  Mexique.   8vo.  Pctris 

1879.  Annuaire  des  Mar^s  des  C6tes  de  France,  1880.    12mo. 
Paml879.     And  39  Charts.    Pam  1878-79.  The  D^p6t. 

Stockholm: — Bureau  G^ologique  de  la  Suede.  Livraisons.  Ser. 
Aa.  No.  63-69,  71,  72.  Ser.  Ab.  Nos.  4,  5.  Ser.  C.  Nos.  26, 
28,  29,  31-35.  Stockholm  1878-79.  Malmfyndigheter  i  Norr- 
bottens  Lan.  4to.  Stockholm  1877.  Om  Faunan  i  Lagren  med 
Paradoxides  olandicus  af  G.  Linnarsson.  8vo.  Stockholm  1877. 
Om  Floran  i  Sk&nes  Eolf orande  bildningar.  I  af  A.  G.  Nathorst. 
4to.  Stockholm  1878.  Halle-  och  Hunnebergs  trapp,  af  E, 
Svedmark.     8vo.  Stockholm  1878.     Cartes  Nos.  63-69,  71,  72. 

The  Bureau. 


Brown  (J.  T.)  Diagrams  of  Apparatus  Past  and  Present.  Sheet  L 
Vapour  Densities.  The  Author, 

Oassell's  Natural  History.  Vol.  III.  Edited  by  P.  M.  Duncan,  F,R.S, 
4to.  London,  The  Publishers. 
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Ficalho  (Gonde  de).    Apontamentos  para  o  estndo  da  Flora  Porta- 
geza.    Jom.  de  Sci.  Mat.  Phys.  e  Nat.  XX,  XXI.     8vo. 

The  Author. 

Fran9ois  de  Chaumont  (F.  S.  B.),  F.R.S.     The  Habitation  in  relation 

to  Health.     8vo.  London  1879.  The  Author. 

Frederick  the  GtreAt,   Politische  Correspondenz  Friedrich's  des  Ghrossen. 

Bd.  II.    4to.  Berlin  1S79. 

Kon.  Preuss.  Akad.  der  Wissenschaften. 
Hemsley  (W.  B.).     Diagnoses  Plantamm  Novamm  vel  Minus  Cogni- 
tarum  Mexicanarum  et  Centrali-Americanamm.     Pars  II.     8vo. 
London  1879.  The  Author- 

Henry  (James)     .^Eneidea,   or  Critical,  Exegetical,  and  Esthetics! 
Remarks  on  the  -/Sneis.     Vol.  TL  (continued).    8vo.  Ihihlin  1879. 

The  Trustees  of  the  late  James  Henry. 
Modem  Meteorology.     A  Series  of  Six  Lectures.     8vo.  London  1879. 

R.  H.  Scott,  F.R.S. 
Palmer  (Captain  Francis  Ingram),  R.N.     Descriptive  Account  pf  an 
Horizontal-Acting  and  Disconnecting  Spur-Torpedo-Ram.    Also 
A  Dome-Shaped,  Double-Roller,  One-Ghin  Turret.    4to.  1873. 

The  Author. 

Salmon  (Rev.  Gteorge),  F.R.S.  A  Treatise  on  the  Higher  Plane  Curves. 

Third  Edition.     8vo.  Dublin  1879.  The  Author. 
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ABEL  (F.  A.)  and  Captain  Noble,  re- 
searoheB  on  explosives:  II.  (£Hred 
gunpowder),  123. 

Abnej,  Oapt.,  on  the  production  of  co- 
loured spectra  by  lignt,  190. 

Acetylene,  liquid,  the  physical  proper- 
ties of  (AnsdeU),  209. 

Agricultural,  botanical,  and  chemical 
results  of  experiments  on  the  mixed 
herbage  of  permanent  meadow  (Lawea 
and  aUbert),  230. 

Anderson  (J.),  elected,  160. 

Animal  life,  about  some  general  laws  of 
(Wagner),  273. 

Anniversary  Meeting,  406. 

Annoal  Meeting  for  the  election  of 
Fellows,  150. 

AnsdeU  (0-.),  the  physical  properties  of 
acetylene,  209. 

Arctic  Expedition,  1875-76,  results  of 
niagnetical  observations  (Creak),  29. 

Atomic  weights  and  certain  physical 
properties  of  elements  and  compounds, 
relations  between  the  (Camelley),  190. 

Audiometer,  researches  with  the  (Ei- 
chardson),  66. 

Auditors,  elected,  281. 

report  of,  406. 

Ayrton  (W.  E.)  and  J.  Perry,  on  the 
practical  solution  of  the  most  general 
problems  in  continuous  beams,  493. 

Basic  lines  common  to  spots  and  promi- 
nences, report  on  the  (Lockyer),  247. 

Berkeley  (Rev.  M.  J.),  elected,  160. 

Bessemer  (Sir  H.),  elected,  160;  ad- 
mitted, 150. 

Blakiston  (Dr  P.),  obituary  notice  of, 
i. 

Blankenhom  (B.)  and  A.  Gumgee  on 
the  existence  of  Liebreich's  protagon 
in  the  brain,  151. 

Blunt  (T.  P.)  and  A.  Downes,  note  upon 
the  behaviour  of  oxalic  acid  and  the 
oxalates  of  the  alkalies,  and  of  potas- 
sium iodide  in  sunlight,  219. 

Body  under  strain,  measurement  of  the 
ratio  of  lateral  contraction  to  longitu- 
dinal extension  in  a  (Mallock),  167. 


Bottomley  (J.  T.),  preliminary  experi- 
ments on  the  effects  of  long-continued 
stress  on  the  elasticity  of  metals,  221. 

Brown  (A.  Crum),  elected,  160;  ad- 
mitted, 160. 

Buller  (W.  L.),  elected,  160. 

Candidates  for  election,  list  of,  1. 
Capillary  phenomena  of  jets  (Bayleigh), 

Camelley  (T.),  relations  between  the 
atomic  weights  and  certain  physical 
properties  (melting  and  boiling  points 
and  heats  of  formation)  of  elements 
and  compounds,  190. 

Cayley  (A),  a  memoir  on  the  single  and 
double  theta-f  unctions,  397. 

Chambers  (P.),  note  by,  376. 

Chemical  equivalence,  researclies  in : 
Part  3.  Nickelous  and  cobaltous  sul- 
phates (Mills  and  Smith),  181. 

Chloride  of  silver  battery,  experimental 
researches  on  the  electric  discharge 
with  the  (De  La  Eue  and  Miiller),  281. 

Chloroform  and  ether,  effects  of,  on  the 
radial  tracing  (Jones),  197. 

Colloids,  experiments  on  the  influence  of, 
upon  crystalline  forms  (Ord),  238. 

Coloured  spectra,  on  the  production  of, 
by  light  (Abney),190. 

Conduction  of  heat  in  eUipsoids  of 
revolution  (Niven),  98. 

Ck)ntinuous  beams,  on  the  practical 
solution  of  the  most  general  problems 
in  (Perry  and  Ayrton),  493. 

Comu  (A.),  sur  la  limite  ultraviolette  du 
spectre  solaire,  47. 

Cortex  cerebri,  on  the  comparative 
structure  of  the  (Lewis),  234. 

Council  and  Officers,  election  of,  431. 

Creak  (E.  W.)  on  the  results  of  the 
magnetical  observations  made  by  the 
officers  of  the  Arctic  Expedition,  1876- 
76,29. 

Crystalline  form,  experiments  on  the  in- 
fluence of  colloids  upon  (Ord),  238. 

Darwin  (Gt.  H.),  elected,  160;  admitted, 
160. 
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Darwin  (Q-.  H.),  the  determinatioii  of 
the  secular  effects  of  tidal  hiction  by 
a  graphical  method,  168. 

Do  La  Bue  (W.)  and  H.  W.  Miiller, 
experimental  researches  on  the  electric 
discharge  with  the  chloride  of  silyer 
battery,  281. 

Definite  integrals,  certain,  occurring  in 
spherical  harmonic  analysis  (Niven),  2. 

Definite  integrals  inyolving  elliptic  func- 
tions (Glaisher),  831. 

Definite  integrals,  on  certain :  No.  5 
(Russell),  361. 

Dewar  (J.)  and  Q-.  D.  Liveing,  note  on 
spectroscopic  papers,  166. 

on  the  formation  of  hydro- 
cyanic acid  in  the  electric  arc,  188. 

and  A.  Scott  on  the  vapoar  densi- 
ties of  potassium  and  sodium,  206. 

further  experiments,  400. 

and  G.  D.  Liveing,  on  the  spectra 

of  sodiimi  and  potassium,  398. 

on  the  reversal  of  the  lines  of 

metaUic  vapours :  No.  VII,  402. 

Diurnal  range  of  magnetic  declination 
and  horizontal  force,  and  the  period  of 
solar  spot  frequency,  relation  between 
(Ellis),  43. 

Dodgson  (W.)  and  B.  Stewart,  prelimi- 
nary report  to  the  Committee  on  Solar 
Physics  on  a  method  of  detecting  the 
unknown  inequalities  of  a  series  of 
observations,  106. 

preliminary    report    to  the 

Committee  on  Solar  Physics  on  the 
evidence  in  favour  of  the  existence  of 
certain  short  periods  common  to  solar 
and  terrestrial  phenomena,  303. 

Donation  Fund,  account  of  grants  from 
the,  in  1878-79,  440. 

Double  refraction  and  dispersion  in  Ice- 
land spar  (Olazebrook),  202. 

Downes  (A.)  and  T.  P.  Blunt,  note  upon 
the  behaviour  of  oxalic  add  and  the 
oxalates  of  the  alkalies  and  of  potas- 
sium iodide  in  sunlight,  219. 

Elasticity  of  metals,  preliminary  experi- 
ments on  the  effects  of  long-continued 
stress  on  the  (Bottomley),  221. 

Election  of  Council  and  Officers,  431. 

Election  of  Fellows,  annual  meeting  for, 
150. 

Electric  arc,  on  the  formation  of  hydro- 
cyanic acid  in  the  (Dewar),  188. 

Electric  discharge  with  the  chloride  of 
silver  battery,  experimental  researches 
on  the  (De  La  Bue  and  Miiller),  281. 

Electrical  discharges  through  rarefied 
gases,  sensitive  state  of  (Spottiswoode 
and  Moulton),  21. 

Ellipsoid  and  ellipse,  expansion  in  series 
of  the  potentials  of  (Niven),  2. 


Ellis  (W.),  on  the  relation  between  the 
diurnal  rangp  of  magnetic  decUoatioD 
and  horizontal  force,  as  observed  at  the 
Boyal  Observatory,  Greenwich,  darmg 
the  years  1841  to  1877,  and  the  period 
of  solar  spot  frequencv,  43. 

Elphinstone  (Lord)  and  C.  W.  Vincent, 
preliminary  note  on  magnetic  circuits 
in  dynamo-  and  magneto-electric 
machines,  292. 

Essential  oils,  action  of,  on  the  ultra- 
violet rays  of  the  spectrum  (Hartley 
and  Huntington),  290. 

Ettingshausen  (Baron),  report  on 
phyto-palieontologioal  investigalions 
on  the  fossil  flora  of  Sheppey,  388. 

Everett  (J.  D.),  elected,  150. 

Expansion  in  series  of  the  potentials  of 
the  ellipsoid,  and  of  the  ellipse 
(Niven),  2. 

Explosives,  researches  on :  No.  II. 
Fired  gunpowder  (Noble  and  Abel), 
123. 

Fellows  deceased,  406. 

Fellows  elected,  407. 

Financial  statement,  433. 

Fired  gunpowder,  reseaches  on  explo- 
sives :  No.  II  (Noble  and  Abel),  123. 

Fortieth  parallel  in  North  Ainericar 
magnetic  survey  of  (Thorpe),  1. 

Fossil  flora  of  Sheppey,  report  on  i^yto- 
paleeontological  investigations  on  the, 
(Ettingshausen),  388. 

Fran9oi8  de  Chaumont  (F.  8.  B.), 
elected,  150 ;  admitted,  150. 

Froude,  William,  obituary  notice  of,  it 

Fund,  Donation,  account  of  grants 
from  the,  in  1878-79,  440. 

Fund,  Oovemment,  account  of  appro- 
priations from  the,  442. 

Ghklton  (F.),  the  geometric  mean  in 
vital  and  social  statistics,  365. 

Ghimgee  (A.),  and  E.  Blankenhom  on 
the  existence  of  Liebreich's  protagon 
in  the  brain,  151. 

Geometric  mean,  the,  in  vital  and  social 
statistics  (Galton),  365. 

the  law  of  the  (McAIister), 

367. 

Gilbert  (J.  H.)  and  J.  B.  Lawes,  agri- 
cultural, botanical,  and  chemical 
results  of  experiments  on  the  mixed 
herbaee  of  permanent  meadow,  oon- 
ductea  for  more  than  twenty  years  in 
succession  on  the  same  land,  230. 

Glacial  period,  bearing  of  the  parallel 
roads  of  Loohabar  on  other  pheno- 
mena of  (Prestwich),  6. 

Glaisher  (J.  W.  L.),  separate  enumera- 
tions of  primes  of  the  form  4»  + 1  and 
of  the  form  4fi-f  8, 192. 
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Olaisher  (J.  W.  L.),  on  definite  integrBls 
inyolving  elliptic  functionB,  381. 

Tallies  of  the  theta  and  zeta  funo- 

tionB  for  certain  ralues  of  the  argu- 
ment, 851. 

Olazebrook  (R.  T.),  double  refraction 
and  dispersion  in  Iceland  spar.  An 
experimental  investigation  with  a 
comparison  with  Huyghens*  construc- 
tion for  the  extraordinary  wave,  202. 

Gore  (G.),  thermo-electric  behaviour  of 
aqueous  solutions  with  mercurial 
electrodes,  472. 

6k>vemment  Fund  of  £4,000,  account  of 
appropriations  from  the,  442. 

(Government  Grant,  account  of  the  ap- 
propriation of,  440. 

Ghrants  from  the  Donation  Fund  in  1878- 
79,  account  of,  440. 

Hannaj  (J.  B.)  and  J.  Hogarth  on  the 
solubility  of  solids  in  gases,  324. 

Hartley  (W.  N.)  and  A.  K.  Huntington, 
researches  on  the  action  of  organic 
substances  on  the  ultra-violet  rays  of 
the  spectrum  :  Part  III.  On  exami- 
nation of  essential  oils,  290. 

Heat,  conduction  of,  in  ellipsoids  of 
revolution  (Niven),  98. 

Heath,  Baron  John  Benjamin,  obituary 
notice  of,  vi. 

Hennessey  (J.  B.  N.),  further  particu- 
lars of  the  transit  of  Venus  across  the 
sun,  December  9th,  1874 ;  observed  on 
the  Himalaya  Mountains,  Mussoorie, 
at  Mary-Villa  Station,  Lat.  30°  28'  N., 
Long.  78°  3'  E.,  height  above  sea, 
6,766  feet,  with  the  Royal  Society's 
5-inch  equatoreal :  Note  III,  297. 

Hicks  (W.  M.),  the  motion  of  two 
spheres  in  a  fluid,  162. 

High  power  definition,  microscopical 
researches  iu  (Royston-Piggott),  164. 

Hogarth  (J.)  and  J.  B.  Hannay  on  the 
solubility  of  solids  in  gases,  324. 

Hughes  (D.  £.)  on  an  induction- 
currents  balance,  and  experimental 
researches  made  therewith,  56. 

new  instrument  for  the  mea- 
surement of  hearing,  researches  with 
(Richardson),  65 

Huntington  (A.  K.)  and  W.  N.  Hartley, 
researches  on  the  action  of  organic 
substances  on  the  ultra-violet  rays  of 
the  spectrum  :  Part  III.  On  examina- 
tion of  essential  oils,  290. 

Hydrocyanic  acid,  on  the  formation  of, 
in  the  electric  arc  (Dewar),  188. 

Iceland  spar,  double  refraction  and  dis- 
persion in  (G-lazebrook),  202.  I 
Induotioii-currents  balance,  and  experi-  [ 


mental   researches    made    therewith 
(Hughes),  56. 

Jets,  capillary  phenomena  of  (Rayleigh) 
71. 

Jones  (C.  H.)  on  the  effects  of  chloro- 
form and  ether  on  the  radial  tracing, 
197. 

Kelland  (Rev.  P.),  obituary  notice  of, 

vii. 
Kew  Committee,  report  of  the,  445. 
King     (W.)   and   T.    H.    Rowney    on 

the  origin  of  the  mineral,  structural, 

and  chemical  characters  of  ophites  and 

related  rooks,  214. 


Langley  (J.  N.)  on  the  structure  of 
serous  glands  in  rest  and  activity,  377. 

and  H.  Sewall  on  the  changes  in 

pepsin-forming  glands  during  secre- 
tion, 383. 

Lareom,  Sir  Thomas,  obituary  notice  of, 

X. 

Law  of  the  geometric  mean,  the 
(McAUster),  367. 

Lawes  (J.  B.)  and  J.  H.  GUbert,  agri- 
cultural, botanical,  and  chemical  re- 
sults of  experiments  on  the  mixed 
herbage  of  permanent  meadow,  con- 
ducted for  more  than  twenty  years  in 
succession  on  the  same  land,  230. 

Lewis  (B.)  on  the  compcurative  structure 
of  the  cortex  cerebri,  234. 

Liebreich's  protagon  iu  the  brain,  on  the 
existence  of  (Gamgee  and  Blanken- 
hom),  151. 

Limite  ultraviolette  du  spectre  solaire 
(Comu),  47. 

Lines  of  metallic  vapours,  on  the  re- 
versal of  the :  No.  VII  (Liveing  and 
Dewar),  402. 

Liquid  acetylene,  the  physical  properties 
of  (Ansdell),  209. 

Liveing  (G.  D.),  elected,  150;  admitted, 
150. 

and  Dewar   (Messrs.),   note  on  a 

recent  communication  by  (Lockyer), 
45. 

(G.  D.)  and  J.  Dewar,  note   on 

spectroscopic  papers,  166. 

on  the  reversal  of  the  lines  of 

metallic  vapours  :  No.  VII,  402. 

on  the  spectra  of  sodium  and 

potassium,  398. 

quantitative        spectroscopic 

experiments,  482. 

Loohaber,  origin  of  the  parallel  roads  of 
(Prestwioh),  6. 

Lockyer  (J.  N.),  note  on  a  recent  com- 
munication by  Messrs.  Liveing  and 
Dewar,  46. 
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Lookyer  (J.  N.),  note  on  ihe  speetnun 

of  sodium,  140. 
—  on    a  new    method    of    studying 

metallio  vapours,  266. 
report  to  the  Oommittee  on  Solar 

Physics  on  the  hasic  lines  common  to 

spots  and  prominences,  247. 

McAlister  (ID.),  the  law  of  the  geo- 
metric mean,  867. 

Maclear  (Sir  Thomas),  ohituary  notice  of, 
xviii. 

Magnetic  circuits  in  dynamo-  and  mag- 
neto-electric machines,  preliminary 
note  on  (Elphinstone  and  Vincent), 
292. 

Magnetic  lines  of  force  in  magnets,  new 
method  of  investigating  the  (Shettle), 
102. 

Magnetic  survey  of  the  fortieth  parallel 
in  North  America  (Thorpe),  1. 

Magnetical  observations  made  by  the 
officers  of  the  Arctic  expedition,  1875- 
76,  results  of  (Creak),  29. ' 

Mallock  (A.),  the  measurement  of  the 
ratio  of  lateral  contraction  to  longi- 
tudinal extension  in  a  body  imder 
strain,  157. 

Marcet  (W.),  note  on  the  paper  (read 
April  24)  "  A  summaiy  of  an  inquiry 
into  the  function  of  respiration  at 
various  altitudes  on  the  Island  and 
Peak  of  Teneriffe,"  226. 

Maskelyne  (A.  M.  R.  Story),  obituary 
notice  of,  xx. 

Matheson  (Sir  James),  obituary  notice 
of,  xxi. 

Matthey  (a.),  elected,  150;  admitted, 
281. 

Medals,  presentation  of,  407. 

Metallic  vapours,  on  a  new  method  of 
studying  (Lookyer),  266. 

on  the  reversal  of  the  lines  of : 

No.  VII  (Liveing  and  Dewar),  402. 

Method  of  detecting  the  unknown  in- 
equalities of  a  series  of  observations, 
C'lminary  report  on  a  (Stewart  and 
gson),  106. 

Microscopical  researches  in  high  power 
definition  (Royston-Pigott),  164. 

Miers  (John),  obituary  notice  of,  xxii. 

Milk-curdling  ferment  in  the  pancreas, 
note  on  the  existence  of  (Roberts), 
157. 

Mills  (E.  J.)  and  J.  J.  Smith,  re- 
searches in  chemical  equivalence : 
Part  III.  Nickelous  and  cobaltous 
sulphates,  181. 

Mineral,  structural,  and  chemical 
characters  of  ophites  and  related 
rocks,  on  the  origin 'of  the  (King  and 
Rowney),  214. 

Mixed  herbage  of  permanent  meadow, 


results  of  experiments  on  the  (Laves 

and  Gilbert),  230. 
Mixtures  of  colloids  with  crvstalloids,  on 

movements  observed  in  (Ord),  238. 
Motion  of  two  spheres  in  a  fluid  (Hids), 

162. 
Moulton    (S.  F.)  and  W.  Spottiswoode 

on  the  sensitive  state    of    elec^ieal 

discharges  through  rarefied  gaaea,  2L 
Mountings  of  the    telescopes    at   Birr 

Castle,  on  some  recent  improTemenU 

made  in  the  (Rosse),  157. 
Miiller  (H.  W.)  and  W.  De  La  Boe,  »- 

Serimental  researches  on  the  eiectrie 
ischfurge  with  the  chloride  of  nlTer 
battery,  281. 
Murchison     (C),    obituary    notice    of. 


Nickelous  and  cobaltous  sulphates.  Be- 
searches  in  chemical  equivalence  :  HI 
(Mills  and  Smith),  181. 

Niven  (C.)%  on  the  conduction  of  heat 
in  ellipsoids  of  revolution,  98. 

(W.  D.),  on  certain  definite  in- 
tegrals occurring  in  spherical  har- 
monic analysis,  and  on  the  expansion 
in  series  of  the  potentials  of  the  ellip- 
soid and  of  the  elUpse,  2. 

Noble  (Capt.)  and  F.  A.  AbeL  Re- 
searches on  explosives  :  No.  IL  (Fired 
gunpowder),  123. 

Normal  paraffins :  Part  III.  (Scliofr- 
lemmer),  864. 

Nuclei,  on  the  action  of,  in  producing 
the  sudden  solidification  of  super- 
saturated solutions  of  Glauber's  salts 
(Tomlinson),  326. 

on  the  action  of  solid  (Tomlin- 
son), 24. 

Obituary  notices  of  Fellows  deceased : — 

Blakiston  (Dr.  P.),  i. 

Froude  (W.),  iL 

Heath  (Baron  J.  B.),  vi. 

Kelland  (Professor),  viL 

Larcom  (Sir  T.),  x. 

Lefevre  (Sir  J.  Q-.  Shaw-),  xv. 

Maclear  (Sir  T.),  xviii. 

Maskelyne  (A.  M.  B.  Story-),  xx. 

Matheson  (Sir  J.) ,  xxi 

Miers  (J.),  xxii. 

Murchison  (C),  xxiii. 

Tweeddale,  Marquis  of,  xxv. 

Waterhouse  (J.),  xxvii. 

Weber  (E.  H.),xxviii. 

Woodcroft  (B.),  xxxii. 
Obliquity  of  the  equator  and  axis  of  bar 

ma^ets,  on  a  new  method  of  investi- 
gating the  magnetic  lines  of  force  in 

magnets,  demonstrating  the,  102. 
Ophites  and  related  rocks,  on  the  oiigiii 

of  the  mineral,  structural,  and  chemi- 
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cal  characters  of  (King  and  Bownej), 
214. 

Ord  (W.  M.),  an  account  of  experi- 
ments on  the  influence  of  colloids 
upon  crystalline  form,  and  on  moye- 
ments  observed  in  mixtures  of,  col- 
loids with  crystalloids,  238. 

Organic  substances,  researches  on  the 
action  of,  on  the  ultra-yiolet  rays  of 
the  spectrum.  III.  Essential  oils 
(Hartley  and  Huntington),  290. 

Oxalic  acid  and  the  oxalates  of  the  alka- 
lies, and  potassium  iodide,  note  upon 
the  behariour  of,  in  sunlight  (Downes 
and  Blunt),  219. 

Pancreas,  note  on  the  existence  of  a 
milk-curdling  ferment  in  the  (Ro- 
berts), 157. 

Parallel  roads  of  Lochaber  origin  of 
(Prestwich),  6. 

Pavy  (F.*W.),  supplementary  note  on 
the  volumetric  estimation  of  sugar  by 
anammoniated  cuprio  test  giving  in- 
duction without  precipitation,  272. 

Pepsin-forming  glands,  on  the  changes 
in,  during  secretion  (Langley  and 
Sewall),  383. 

Period  of  solar  spot  frequency,  relation 
between  the  diurnal  range  of  magnetic 
declination  and  horizontal  force  (1841 
to  1877),  and  the  (ElHs),  43. 

Perry  (J.)  and  W.  E.  Ayrton,  on  the 
practical  solution  of  the  most  general 
problems  in  continuous  beams,  493. 

Phyto-paleeontological  investigations  on 
the  fossil  flora  of  Sheppey,  report  on 
(Ettinghausen),  888. 

Potassium  and  sodium,  vapour  densities 
of  (Dewar  and  Scott),  206. 

,     further     experiments     on 

vapour  densities  of  (Bewar  and 
Scott).  490. 

iodide,  note  upon  the  behaviour  of, 

in  sunlight  (Downee  and  Blunt),  219. 

Potentials  of  the  ellipsoid  and  of  the 
ellipse,  expansion  in  series  of 
(Niven),  2. 

Presents,  lists  of,  141,  274,  465,  506. 

President's  Address,  407. 

Prestwich  (J.),  on  the  origin  of  the 
parallel  roads  of  Lochaber,  and  their 
bearing  on  other  phenomena  of  the 
fflacial  period,  6. 

Pnmes  of  the  form  4m +  1  and  of  the 
form  4»  +  3,  separate  enumerations  of 
(GHaisher),  192. 

Pulse,  note  on  the  invention  of  a  method 
for  making  the  movements  of,  audible 
by  the  telephone  (Richardson),  70. 

Quantitative  spectroscopic  experiments 
(Liveing  and  Dewar),  482. 


Badial  tracing,  efPeots  of  chloroform  and 
ether  on  the  (Jones),  197. 

Ratio  of  lateral  contraction  to  longi- 
tudinal extension  in  a  body  under 
strain,  measurement  of  (MaUock), 
157. 

Rayleigh  (Lord)  on  the  capillary  phe- 
nomena of  jets,  71. 

Respiration  at  various  altitudes  on  the 
Island  and  Peak  of  Tenerifle,  note  on 
the  paper  read  April  24  (Marcet), 
226. 

Reversal  of  the  lines  of  metallic  vapours : 
No.  VII  (Liveing  and  Dewar),  402. 

Richardson  (B.  W.),  note  on  the  inven- 
tion of  a  method  for  making  the 
movements  of  the  pulse  audible  by 
the  telephone:  the  sphygmophone, 
70. 

,  some  researches  with  Pro- 
fessor Hughes'  new  instrument  for  the 
measurement  of  hearing :  the  audio- 
meter, 65. 

Roberts  (E.),  preliminary  note  on  a  new 
tide-predicter,  198. 

(W.),  note  on  the  existence  of  a 

milk-curdling  ferment  in  the  pancreas, 
157. 

Romanes  (Q-.  J.),  elected,  150 ;  admitted, 
150. 

Rosse  (Earl  of)  on  some  recent  improve- 
ments made  in  the  mountings  of  the 
telescopes  at  Birr  Castle,  157. 

Rowney  (T.  H.)  and  W.  King  on  the 
origin  of  the  mineral,  structural,  and 
chemical  characters  of  ophites  and 
related  rocks,  214. 

Royston-Pigott  (G-.  W.),  microscopi(>al 
researches  in  high  power  definition, 
164. 

Russell  (W.  H.  L.)  on  certain  definite 
integrals  :  No.  Y,  361. 


Schorlemmer  (C.)  on  the  normal  paraffins: 

Part  III,  364. 
Schuster  (A.),  elected,  150;   admitted, 

150. 
Soott  (A.)  and  J.  Dewar  on  the  vapour 

densities  of  potassium  and   sodium, 

206. 

further  experiments,  490. 

Secular  effects  of  tidal  friction,  deter- 
mination of,  by  a  graphical  method 

(Darwin),  168. 
Seeley  (H.  a.),  elected,  150 ;  admitted, 

150. 
Sensitive  state  of    electrical  discharges 

through  rarefied  gases   (Spottiswoode 
'and  Moulton),  21. 
Separate  enumerations  of  primes  of  the 

form  4»-»-l,  and  of  the  form  4n-»-3 

(Glaisher),  192. 
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SefTOUB  glands,  on  the  siruoture  of,  in  rest 

and  actiyity  (Langley),  377. 
Sewall  (H.)  and  J.  N.  Lan^ley  on  the 

changes    in     pepsin-forming     glands 

during  secretion,  383. 
Shaw-Lefeyre  (Sir  J.  G-.),  obituary  notice 

of,  XV. 

Shettle  (R.  C.)  on  a  new  method  of 
inyestigating  the  magnetic  lines  of 
force  in  magnets,  demonstrating  the 
obliquity  of  the  equator  and  axis  of 
bar  magnets,  102. 

Short  periods  common  to  solar  and 
terrestrial  phenomena,  preliminary  re- 
port on  the  evidence  in  favour  of  the 
existence  of  (Stewart  and  Dodgson), 
303. 

Single  and  double  theta-functions,  a  me- 
moir on  the  (Cayley),  397. 

Smith  (J.  J.)  and  £.  J.  Mills,  researches 
in  chemical  equivalence:  Fart  III. 
Nickelous  and  oabaltous  sulphates, 
181. 

Solid  nuclei,  action  of  (Tomlinson),  24. 

Solidification,  sudden,  of  supersaturated 
solutions  of  Glauber's  salts,  on  the 
action  of  nuclei  in  producing  (Tom- 
linson), 826. 

Solubility  of  solids  in  gases  (Hannay 
and  Hogarth),  324. 

Spectra,  coloured,  on  the  production  of 
(Abney),  190. 

Spectra  of  sodium  and  potassium,  on 
the  (Liveing  and  Dewar),  398. 

Spectre  solaire,  limite  ultraviolette  du 
(Cornu),  47. 

Spectroscopic  experiments,  quantitative 
(Liveing  and  Dewar),  482. 

Spectroscopic  papers,  note  on  (Liveing 
and  Dewar),  166. 

Spectrum,  action  of  organic  substances 
on  the  ultra-violet  rays  of :  III.  Essen- 
tial oils  (Hartley  and  Himtington), 
290. 

Spectrum  of  sodium,  note  on  (Lockyer), 
140. 

Sphygmophone,  the  (Richardson),  70. 

Spots  and  prominences,  report  on  the 
basic  lines  common  to  (Lockyer), 
247. 

Spottiswoode  (W.)  and  S.  F.  Moulton 
on  the  sensitive  state  of  electrical 
discharges  through  rarefied  gases,  21. 

Stewart  (B.)  and  W.  Dodgson,  prelim- 
inary report  to  the  Committee  on 
Solar  Physics  on  a  method  of  detecting 
the  unknown  inequalities  of  a  series 
of  observations,  1()6. 

,   preliminary    report    to  the 

Committee  on  Solar  Physics  on  the 
evidence  in  favour  of  the  existence  of 
certain  short  periods  common  to  solar 
and  terrestrial  phenomena,  308. 


Sugar,  volumetric  estimatioQ  of,  by  an 
ammoniated  cupric  test  (Pary),  272. 

Survey,  magnetic,  of  the  fortieth  paralld 
in  North  America  (Thorpe),  1. 

Telephone,  note  on  the  invention  of  a 
method  for  making  the  moremerats  of 
the  pulsd  audible  by  the  (Richardson), 
70. 

Telescopes  at  Birr  Castle,  on  some  recent 
improvements  made  in  the  mountings 
of  (Rosse),  157. 

Thermo-electric  behaviour  of  aqueous 
solutions  with  mercurial  electrodes 
{Otore),  472. 

Theta  fiinction,  value  of  (Glaisher), 
351. 

Thorpe  (T.  £.),  a  magnetic  survey  at 
the  fortieth  parallel  in  North  Amnica 
between  the  Atlantic  Ocean  and  the 
Qretit  Salt  Lake,  Utah,  1. 

Tidal  friction,  determination  of  tiie  seen- 
lar  effects  of,  by  a  graphical  method 
(Darwin),  168. 

Tide-predicter,  preliminary  note  on  a 
new  (Roberts),  198. 

Tomlinson  (C.)  on  the  action  of  solid 
nuclei,  24. 

on   the  action  of  nuclei  in 

producing  the  sudden  solidification  ci 
supersaturated  solutions  of  Glaubei's 
salts,  326. 

Transit  of  Venus  across  the  sun,  obserred 
on  the  Himalaya  Mountains,  Mussoorie, 
further  particulars  of :  Note  III  (Hen- 
nessey), 297. 

Trust  funds,  436. 

Tweeddale  (Marquis  of),  obituary  notice. 


Ultra-violet  rays  of  the  spectrum,  re- 
searches on  the  action  of  organic  sub- 
stances on  the:  Part  III.  Essential 
oils  (Hartley  and  Huntington),  290. 

Unknown  inequalities  of  a  series  of 
observations,  preliminary  report  to  the 
Committee  on  Solar  Physics  on  a 
method  of  detecting  the  (Stewart  and 
Dodgson),  106. 

Values  of  the  theta  and  zeta  functions 
for  certain  values  of  the  argument 
(Glaisher),  351. 

Vapour  densities  of  potassium  and 
sodium  (Dewar  and  Scott),  206. 

,  further  experiments  on    (Dewar 

and  Scott),  490. 

Vice-Presidents  appointed,  472. 

Vincent  (C.  W.)  and  Lord  Elphinstone, 
preliminary  note  on  magnetic  circuits 
in  dynamo-  and  magneto-okcbic  ma- 
chines, 292. 
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Vital  and  social  statiBtios,  the  geometric 
mean  in  (Ghdton),  365. 

Yolumetrio  estimation  of  sugar  by  an 
ammoniated  cuprio  teat  giving  redac- 
tion without  precipitation ;  supple- 
mentary note  (Payy),  272. 

Wagner  (K.),  about  some  ^neral  laws 

of  animal  life,  273. 
Waterhouse   (J.),    obituary    notice    of, 

xxvii. 


Weber    (E.    H.),    obituary    notice   of, 

xxyiii. 
Williamson  (B.),  elected,  150 ;  admitted, 

150. 
Woodcroft  (Bennet),  obituaiy  notice  of, 

xxxiL 
Wright   (T.),  elected,   150;    admitted, 

150. 

Zeta  function,  value  of  (Glaisher),  351. 
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